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PREFACE 


The present volume represents the continuation of a series on Molecular Spectra 
and Molecular Structure which 1 starter! a number of years ago with a volume on 
Diatomic Molecules. It was originally intended to cover in the present book Infrared 
and Hainan as well as visible and ultraviolet spectra of polyatomic molecules. How- 
ever, when a first draft had been completed, it appeared that a division into two 
volumes was necessary. The first of these on Infrared and Hainan Spectra is 
presented herewith. A final volume of the series on Electronic Spectra and Electronic 
Structure of Polyatomic Molecules is in prepara ton. 

In writing this book I have constantly kept in mind the needs of both the beginner 
in the field and the more advanced student and research worker. For the benefit of 
the former I have spared no pains to make the explanations elementary and clear. 
Although a limited knowledge of elementary wave mechanics is assumed, difficult 
mathematical developments have been avoided wherever possible. When they were 
unavoidable they have been given in as straightforward and elementary a manner as 
possible and without too much regard for mathematical elegance. In particular no 
knowledge of group theory has been assumed. But, even though a knowledge of 
group theory is not assumed, many terms such as characters, representations, and 
so on, which occur frequently in the literature arc explained and used wherever 
necessary. 

Throughout it has been one of my main concerns to make the reader visualize 
clearly the significance and meaning of results of the theory. To assist in this purpose 
a large number of illustrations has been included, some of which have not before 
appeared in the literature. 

In order to make the book comprehensive and useful for the more advanced 
student and the research worker, discussions of many special points have been added 
in small type. This material is not necessary for an understanding of the subsequent 
text in so far as it is printed in ordinary type. In addition, for the benefit of those 
carrying out research work in the field of Infrared and Haman spectra or related fields, 
a large number of tables has been included in wdiich theoretical results are summarized 
or observed data are collected. These tables are as nearly up to date as possible 
under present conditions. All assignments and analyses have been critically reviewed 
and if necessary changed. All data are based on a uniform system of fundamental 
constants (see the Appendix) and wherever necessary have been recalculated to fit 
this uniform system. In numerous footnotes to these tables inconsistencies in the 
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literature have been pointed out or differing data and interpretations have been 
indicated. 

Unfortunately no internationally accepted nomenclature exists for the spectra of 
polyatomic molecules, as it docs for diatomic molecules. I have used a nomenclature 
as closely similar to that for diatomic molecules as possible. 

The very detailed subject index at the end of the book includes also all symbols 
and quantum numbers, as well as all chemical compounds discussed in the book. 

G. IIekzbeug 

Saskatoon, Sask. 

November, 1944 
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INTRODUCTION 


General remarks. The study of the spectra of diatomic molecules leads to pre- 
cise information about their rotational, vibrational, and electronic energy levels, and 
from these energy levels the internuclear distances, the vibrational frequencies and 
force constants, the energies of dissociation, and other data concerning the structure 
of diatomic molecules may be determined accurately. (See the writer's Molecular 
Spectra and Molecular Structure I. Diatomic Molecules. 1 ) Similar information 
about the structure of polyatomic molecules may be obtained from their spectra. 
The present volume deals with the information obtainable from the infrared and 
Raman spectra. A further volume is planned to deal with the information obtain- 
able from visible and ultraviolet (electronic) band spectra. In the case of polyatomic 
molecules the situation is often greatly complicated by the fact that there are several 
internuclear distances, several force constants, several dissociation energies, and so 
on, which usually have to be determined simultaneously. To this complication of 
the structure corresponds in general a much greater complexity of the spectra of 
polyatomic as compared to diatomic molecules. Therefore it will not be practical 
to start, as can be done in the case of diatomic molecules, from the empirical regulari- 
ties; instead we have first to develop the theory and then use it as a guide in inter- 
preting the observed spectra. As in Molecular Spectra I we shall restrict our con- 
siderations mainly to the spectra of gases and vapors. 

While one of the ultimate aims is to determine accurately all internuclear distances 
in polyatomic molecules, an important step forward in a specific case is made if it 
is possible to determine qualitatively the shape of the molecule , that is, the arrange- 
ment of the atoms (whether or not the molecule is linear, and so on). Frequently, 
qualitative features of the spectrum are sufficient to allow one to draw such conclu- 
sions, particularly if the molecule has some symmetry. Quite generally, molecules 
of different symmetry have qualitatively different spectra. This is of much greater 
importance for polyatomic molecules than for diatomic molecules since for the former 
many more different types of symmetry (point groups) are possible than for the 
latter, which display only the homonuclear and hctcronuclear varieties. It is there- 
fore imperative, before we begin our discussion of the spectra, to study the symmetry 
properties of polyatomic molecules. 

Symmetry elements and symmetry operations. By symmetry of a molecule we 
mean the symmetry of the configuration of its nuclei or, in other words, of the nuclear 
frame. The position and the type of the nuclei determine this symmetry. 

A molecule, just as any other geometrical figure or object, may have one or several 
symmetry elements , such as a plane of symmetry, a center of symmetry, an axis of 
symmetry. To each symmetry clement corresponds a symmetry operation — that is, 
a coordinate transformation (reflection or rotation) that will produce a configuration 
of the nuclei indistinguishable from the original one. Let us consider the various 
possible sy mmetry elements in more detail: 

1 In the future this book [see reference (9) of the bibliography] will be referred to as Molecular 
Spectra 1. 
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(1) A plane of symmetry , usually designated by a. By carrying out the corre- 
sponding symmetry operation (also called <r), reflection at the plane , the molecule, if 
it has a plane of symmetry, is transformed into one that is indistinguishable from 
the original one since only equal atoms are exchanged. In brief: by the reflection 
the molecule is transformed into itself (or goes over into itself). In such a molecule 
having a plane of symmetry all atoms except those on the plane occur in pairs — to 
every atom on one side of the plane there is an equal atom at the other side in a 
corresponding position. As an example consider the (non-linear) molecule XY 2 in 
which the two X — Y distances are equal (Fig. la). The plane perpendicular to the 
plane of the molecule and bisecting the angle YXY is a plane of symmetry; but also 
the plane YXY is a plane of symmetry. The molecule II 2 0 is an example (see 
p. 280). A molecule XY 3 may have three planes of symmetry perpendicular to the 
plane formed by Y 3 (see Fig. lb) and if it is a plane molecule the plane of the mole- 
cule is also a plane of symmetry. The BF 3 molecule is such a case (see p. 298). 

(2) A center of symmetry , usually designated by i. By carrying out the corre- 
sponding symmetry operation (also called i), reflection at the center {inversion), a 
molecule having such a center is transformed into itself. In other words, if a line 
is drawn from one atom through the center and continued it will meet an equal atom 
at the same distance from the center but on the opposite side (if x, y , and z are the 
coordinates of the one atom with respect to the center as origin, — x , — y , —z are 
the coordinates of the other equal atom). Examples are the molecules X 2 Y 4 , X 2 Y 2 Z 2 , 
XY 2 Z 2 if they have the structures indicated in Fig. lc, d, and e. A molecule can 
have only one center of symmetry. There may or may not be an atom at the center 
of symmetry (see the examples XY 2 Z 2 and X 2 Y 2 Z 2 ). All other atoms occur in pairs. 

(3) A p-fold axis of symmetry , usually designated by C p , where p = 1, 2, 3, • • • 
(C stands for cyclic). By carrying out the corresponding symmetry operation, 
rotation by an angle 360 °/p about the axis , a configuration indistinguishable from the 
original one is obtained. The same applies, of course, if this operation is carried 
out twice, three times, and so on in succession — that is, if the system is rotated by 
n(360/p) degrees where n = 1, 2, 3, • • • p - 1. These operations are called C v , ( C p f , 
( C v ) z , • • •, respectively. If n — p the original configuration is obtained. Therefore 
it follows that to every atom not on the axis there are p — 1 other equal atoms at 
the same distance from the axis, in the same plane and equally spaced about the 
axis. A one-fold axis , of course, means no symmetry at all. If a two-fold axis , (7 2 , 
is present, a rotation of 180° about the axis will transform t*he molecule into itself. 
In the molecule XY 2 (Fig. la) the line bisecting the YXY angle is a two-fold axis. In 
the molecule X 2 Y 4 (Fig. lc) there are three mutually perpendicular two-fold axes. 
In the molecule XY 3 , if it is plane (Fig. lb), there are three two-fold axes going 
through each one of the lines XY. The molecules X 2 Y 2 Z 2 (Fig. Id) and XY 2 Z 2 
(Fig. le) each have a two-fold axis perpendicular to the plane of the molecule and 
XY 2 Z 2 has in addition two two-fold axes in the plane. In the case of a three-fold 
axis , C 3 , a rotation by 120° transforms the molecule into itself. There must be at least 
one set of three equivalent atoms. An example is the molecule XY 3 (Fig. lb), even 
if X is not in the plane Y 3 . Nils represents such a case (see p. 294). The three-fold 
axis is of course perpendicular to the plane formed by the three Y atoms and goes 
through X. A molecule X 2 Y 6 is a further example (see Fig. If) if the six Y atoms 
are arranged in two groups that are symmetrical about the X — X axis (ethane, C 2 Il6, 
see p. 342). Examples of molecules with four-, five-, and six-fold axes of symmetry 
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are given in Fig. lg, h, i. The axes are perpendicular to the plane of the paper. 
A rotation by 90°, 72°, and G0°, respectively, transforms the configurations shown 
into themselves. The OeHe molecule (see p. 363) represents an actual case of a 



0 ) 

Fio. 1 . Illustrations of symmetry elements in polyatomic molecules. — Planes of symmetry 
are indicated by broken lines (long dashes), axes of symmetry by dot-dash lines. 

molecule having the structure shown in Fig. li. In principle, any higher-fold axis 
is possible; but in practice such axes are not of great importance except for the - fold 
axes (Coo), also called infinite axes of symmetry. In a molecule with an oo-fold axis 
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a rotation of 360°/ oo, that is, of an infinitely small angle, and therefore also of any 
angle, will transform the molecular configuration into an indistinguishable one. Such 
molecules are the linear molecules in which all atoms lie on one straight line, namely 
the oo -fold axis. Fig. Ik gives an example. HCN is an actual case (see p. 279). 
All diatomic molecules have such an oo -fold axis. 

( 4 ) A p-fold rotation-reflection axis , usually designated by S p . In a molecule 
having such an axis a rotation by 360°/p about the axis followed by a reflection at a 
plane perpendicular to the axis will transform the molecule into itself. For example, 
the molecule X 2 Y 2 Z 2 (Fig. Id) has a two-fold rotation-reflection axis (& 2 ) in the line 
X — X and another one perpendicular to this line in the plane of the molecule. While 
a rotation by 180° about one of these axes does not transform the molecule into 
itself, a rotation followed by reflection at a plane perpendicular to the axis does. It 
is seen, however, that a two-fold rotation-reflection axis is always identical with a 
center of symmetry (S 2 = i) since the same pairs of atoms are exchanged in the two 
operations. Any molecule that has a p-fold axis (C p ) as well as a plane of symmetry 
i r h perpendicular to this axis has of course also a p-fold rotation-reflection axis S Jt . 
But only when p is odd does the existence of S p necessarily imply the existence of 
C p as well as or*. For example, the plane molecule XY 3 in Fig. lb has the symmetry 
element S z as well as C3 and <r h - Similarly the plane molecules XY 4 , X 5 Y 10 , and X 6 Y 6 
in Fig. lg, h, and i have the symmetry elements & 4 , C 4 , a fl ; S 3 , Cs, ah, and Se, C&, on, re- 
spectively. But if in XY 4 and X 6 Y 6 the Y atoms are alternately above and below 
the plane of the paper they would still have a four- and six-fold rotation-reflection 
axis, /S » 4 and £ 6 , respectively, but no longer C 4 , Co and ah, since neither rotation by 
360°/4 = 90° and 360°/6 = 60° respectively nor reflection in the plane of the paper 
transforms the molecules into themselves. 

( 5 ) The identity , here designated by I? This is a trivial symmetry clement which 
all molecules have no matter how un symmetrical they are. The corresponding 
symmetry operation is to leave the molecule unchanged . Naturally, then, the “new” 
configuration cannot be distinguished from the original one. The reason for the 
introduction of this symmetry element is a mathematical one. If it is included one 
can say quite generally that if two symmetry operations are carried out in succession 
the result is the same as that of one other possible symmetry operation of the mole- 
cule. For example, if in the molecule XY3 of Fig. lb we label the Y atoms by Y( a ), 
Y ( 6 >, and Y( C >, and carry out first a reflection at the plane a (&) and subsequently 
a clockwise rotation about C3 the same result is obtained as if we had carried out 
only a reflection at o». If we carry out two reflections at a^ a ) in succession we obtain 
the original configuration: that is, two reflections at the same plane are equivalent 
to the identity 7. Similarly two successive clockwise rotations about C3 are equiva- 
lent to one counter-clockwise rotation, while three successive rotations are equivalent 
to the identity. These examples may also be written in the form of equations: 

<7(6) X C3 = < 7 ( 0 , (<7(a )) 2 = 7, (C Z ? = (C.)" 1 , (C 3 ) 3 = 

Mathematically a number of elements (of any kind) such that the product of any 
two is again one of them is called a group . 

All tho above symmetry operations leave at least one point unchanged. In crystals, the opera- 
tions of translation and screw motion, which leave no point unchanged, have also to bo considered. 

2 In the literature it is usually designated by E. However, since E is used to indicate a degenerate 
species (see p. 108) and since both the symbols for identity and for a degenerate species frequently 
occur in one and the same table (see p. 11 0f.) t we prefer to use 1 for identity. 
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Point groups. In general a molecule has several of the above symmetry elements 
(sec the examples of Fig. 1). By combining more and more symmetry elements 
systems of higher and higher symmetry are obtained. However not all combinations 
of symmetry elements arc possible, but only certain ones; for example, a molecule 
cannot have a three-fold axis and a four-fold axis in the same direction. On the 
other hand, the presence of certain symmetry elements frequently implies the 
presence of certain others; if a molecule has two planes of symmetry at right angles 
to each other (XY 2 , Fig. la) it has necessarily a two-fold axis, the line of intersection 
of the two planes. If a molecule has a two-fold axis (C 2 ) and a plane of symmetry 
perpendicular to this axis, it necessarily has a center of symmetry also (see the mole- 
cule X 2 Y 2 Z 2 in Fig. Id). The reason is that the rotation by 180° about say the 
25 -axis (C 2 ) changes x into —x and y into — y, and the subsequent reflection changes z 
into —z so that as a result x , y, and z have been changed into —x, —y 9 — z , which 
is the inversion. 

A possible combination of symmetry operations that leaves at least one point un- 
changed is called a point group . It is characterized by the above mentioned property 
that the “ product ” of any two symmetry operations is equivalent to one that be- 
longs also to the same combination: that is, a point group is a group in the mathe- 
matical sense. Mathematical group theory shows that only a limited number of such 
point groups exist . Any molecule must belong to one of these point groups. In the 
following paragraphs we shall discuss briefly most of the possible point groups. The 
nomenclature used for the point groups in the theory of molecular structure is the 
same as that introduced by Schoenflies in the theory of crystal structure. 

The point groups C v . If a molecule has only a p-fold axis of symmetry C v and 
no other element of symmetry, apart from the identity, it is said to belong to the 
point group C p (the same symbol, but in heavy type, being used as for the symmetry 
element, p-fold axis). Ci is a point group without symmetry. The only “sym- 
metry” element is the identity I. A molecule with four different atoms not lying 
in one plane would be an example of C\. A probable example of a molecule of point 
group C 2 , that is, one with a two-fold axis only, is H 2 O 2 (see p. 301), if one assumes 
the non-pianar structure indicated in Fig. 2a. Another example of C 2 is H 2 C==CCl 2 
in a twisted configuration as in Fig. 2b (but not in the plane configuration, where it 
has higher symmetry; see below). Similarly, twisted II 3 C — CCI3 is an example of 
C 3 (see Fig. 2c). 

The point groups S v . If a molecule has only a p-fold rotation-reflection axis it 
belongs to the point group S p . Point groups S p are defined only for even p, however, 
since for odd p the element S p is equivalent to C p plus a plane of symmetry per- 
pendicular to the axis (see above), for which combination another symbol is used. 

The symmetry clement S 2 is equivalent to i (see above) and therefore the point 
group S 2 is sometimes also called C». The trans form of CIBrHC — CHBrCl is an 
example of S 2 (sec Fig. 2d). The symmetry element Sa always implies a C 2 . A 
molecule (XY )4 would be an example of the point group Si if it had the non-planar 
form indicated in Fig. 2e. The element S 6 always implies C 3 as well as i. A puckered 
benzene ring with hydrogens in a partly rotated hexagon as in Fig. 2f would be an 
example of point group S6. 

The point groups C pv . If a molecule has a p-fold axis C p , and p planes of symmetry 
<r v through the axis it belongs to the point group C pv . In considering the symmetry 
of a molecule it is always assumed that an axis of symmetry (if only one is present) 
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is set up vertically. In the present case therefore the planes through the axis are 
“vertical” planes. That is why they are called <r v . It can easily be seen that a 
system with a p-fold axis cannot have just one “vertical” plane of symmetry if 
p > 1. The p planes are symmetrically arranged at angles 360°/2p. The point 
group Ci v is usually written C 8 and has one plane of symmetry as the only element 
of symmetry (apart from 7). An example is the non-linear molecule NOC1. There 
are many molecules belonging to C 2u , that is, having a two-fold axis and two planes 
going through that axis and at right angles to each other; some examples are H 2 O 
(see Fig. la), H 2 CO, NO 2 , and CH 2 CI 2 (see Fig. 2g). As mentioned above two planes 
of symmetry at right angles to each other necessarily imply that the line of inter- 
section is a two-fold axis. There are also many of the simpler polyatomic molecules 
belonging to point group C 3v . Molecules like NH 3 , CH 3 C1 (see Fig. 2h), and others 
have a three-fold axis and three planes of symmetry through it at mutual angles 
of 120°. A plane molecule XY 3 (see Fig. lb) would not, however, be an example of 
this group, since it has higher symmetry (see below). An example of Ca v would be 
PtClr if it were a square pyramid with the Pt nucleus at the apex. An example of 
the point group C& v would be the molecule X5Y10 if its structure were as shown in 
Fig. lh except that the Y atoms were in a plane different from but parallel to the 
plane of the X atoms. Similarly, an example of the point group Ce v is a benzene 
molecule (Fig. li) in which the planes of the H and C atoms are shifted parallel to 
each other. The point group Caov has an 00 -fold axis and an infinite number of 
planes through the axis. This is the case for a linear molecule such as HCN (see 
Fig. lh) and also for all heteronuclear diatomic molecules. 

The point groups D p ( dihedral groups ). If a molecule has a p-fold axis C p and p 
two-fold axes C 2 perpendicular to the C v at equal angles to one another 3 it belongs 
to the point group D p . D\ is of course identical with C 2 . It is not considered as 
belonging to the groups D p . Z) 2 is frequently called V (from the German “ Vierer- 
gruppo”). It has three two-fold axes mutually perpendicular to one another (and 
no other symmetry elements). An example would be C2H4 if the two CH 2 groups 
were rotated with respect to each other by an angle which is not 90° (Fig. 2i). In 
the point group D 3 we have one three-fold axis and three two-fold axes perpendicular 
to it. An example would be C 2 H6 in which the two CH 3 groups were rotated against 
each other, as in Fig. 2j, by an angle which is not 60° or 120° (otherwise the symmetry 
would be higher; see below). 

Examples of tho point groups Da, D&, and D 6 would bo the molecules cyelobutane (CmHs), eyclo- 
pentano (CaHio), and cyclohexane ((VI 12 ) if the C nuclei were at the corners of a square, a regular 
plane pentagon, and a regular plane hexagon respectively, and if the CH 2 planes were to go through 
the center of the polygons and were all to subtend tho same angle (different from 0° and 90°) with 
the plane of the polygon. 

The point groups C p h. If a molecule has a p-fold axis ( C p ) and a {horizontal) 
plane <Th perpendicular to it, it belongs to the point group C P n . C\h is obviously 
identical with C 8 (see above) ; that is, there is only one plane of symmetry. In tho 
point group C 2 / t we have a two-fold axis and a plane of symmetry perpendicular to it. 
Examples are plane trans C 2 II2C1 2 (see Fig. Id) and plane trans C 6 lI 2 Cl 2 Br 2 (see 
Fig. 2k). The two-fold axes are here perpendicular to the plane of the molecule. 
The presence of C 2 and an implies a center of symmetry (see p. 5), as is verified by 

8 A molecule that has one C% perpendicular to a Cp necessarily has p — 1 other C 2 s. 
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the two examples given. An example of point group Cm is probably the guanidinium 
ion C + (NII 2 )3 (Fig. 21). An example of point group Cm would be tctraclilorocyclo- 
butane (C4H4CI4), if all atoms were symmetrically arranged in one plane in squares. 
For Cm, Cm, • • • as for Cm, there is a center of symmetry i. 

The point groups D P d . If a molecule has a p-fold axis and p two-fold axes perpen- 
dicular to the C p as in the point groups D v and in addition p (1 vertical ) planes of 
symmetry o d bisecting the angles between two successive two-fold axes and going 
through the p-fold axis, it belongs to the point group D vd ( d stands for diagonal). 
Du does not exist since there would be no angle to bisect. D 2d is usually called Va • 
This point group has three mutually perpendicular two-fold axes, as has the point 
group V 3 jD 2 . In addition there are two planes of symmetry bisecting the angles 
between two of the C 2 s. As a consequence the third C 2 is at the same time a four- 
fold rotation-reflection axis (Si). An example is the allene molecule (Il20==O===CH2), 
in which the planes of the two CH 2 groups arc at right angles to each other (Fig. 2m). 
The perpendicular (but unstable) form of C2H4 is also an example. It is easily seen 
that these two molecules have all the symmetry elements mentioned. For the point 
group Du we have one three-fold axis (C3), three two-fold axes perpendicular to it, 
and three bisecting planes going through GV As a consequence there is a six-fold 
rotation-reflection axis (Se) coinciding with the C3 and also a center of symmetry (i). 
An example is the so-called staggered form of ethane, C 2 H6 (Fig. 2n), in which the 
two CH 3 groups are rotated with respect to each other by 60°. 

Examples of Did, Dm, * • • would be molecules X2Y8, X2Y10, if these consisted of two sym- 
metrical groups rotated by 45 °, 36 °, • respectively against each other. The sulfur molecule S 8 is 
probably an actual case of a molecule of point group Did • On account of the presence of a 2 />-fold 
rotation-reflection axis some authors uso the designation S2 P v in place of D P d. 

The point groups D ph . If a molecule has a p-fold axis of symmetry (C v ) and p 
(vertical) planes of symmetry (cr v ) through it at angles 3(>0°/2p to one another, as in the 
point group C pv , and in addition has a (horizontal) plane of symmetry (<r h ) perpendicu- 
lar to C p , it belongs to the point group D ph . As a consequence of the presence of 
these symmetry elements the molecule also has necessarily p two-fold axes (C 2 ) : the 
lines of intersection of the <r v ’s and cr/ t (see p. 5). For even p a center of symmetry 
(i) and a p-fold rotation-reflection axis also follow. Dm is identical with C 2v and is 
therefore not considered as belonging to the groups D P h. The point group Dm is 
usually called Vh . It has three mutually perpendicular two-fold axes, three mutually 
perpendicular planes of symmetry each going through two of the axes, and as a 
consequence a center of symmetry. Each of the C 2 s is also an S 2 . An example is 
ordinary plane ethylene, C2II4 (sec Fig. lc). The molecule O4, if it forms (as is 
probable) a rectangle, also belongs to this point group. The point group Dm has a 
three-fold axis, three C 2 ’& at right angles to the former and three planes (0 „) through 
it and each C 2f as well as one plane (<Th) perpendicular to C3, but no center of sym- 
metry. Examples are all plane and symmetrical molecules XY3 (sec Fig. lb), such 
as BF3 (see p. 298). Other examples are the so-called opposed (eclipsed) form of 
C 2 II(j (Fig. 2o), 1 ,3,5-trichlorobenzcne, C6H3CI3 (Fig. 2p), and similar molecules. 
The point group Dm (with one Ca, four C 2j <tk and four o v ) again has a center of sym- 
metry and as a consequence a four-fold rotation-reflection axis. Any plane sym- 
metric molecule XY4 would be an example (sec Fig. lg). An example of Dm would 
be cyclopentane, if the C atoms were to form a regular pentagon and if the CH 2 
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planes were symmetrically arranged at right angles to the plane of the pentagon. The 
X5Y10 molecule in Fig. lh is another example. The most important example of point 
group Dm is the benzene molecule, CeHe (see Fig. li). The reader should verify that 
it has all the symmetry elements given above. The point group D^h has an 00 -fold 
axis (C«,), an infinite number of C 2 s perpendicular to the Coo, an infinite number of 
planes through the Coo, and a plane of symmetry perpendicular to the Coo, which 
im lilies a center of symmetry (i). This is the case for symmetrical linear polyatomic 
molecules such as CO 2 (see p. 272), C 2 H 2 (sec p. 288), and all homonuclear diatomic 
molecules. 

All the point groups discussed so far have not more than one (if any) three-fold 
or higher-fold axis. They are also called axial point groups . The following point 
groups of higher symmetry have more than one three-fold or four-fold axis. They 
arc also called cubic point groups since they form the basis of the cubic crystal system. 

The point group T (1 tetrahedral group). If a molecule has three mutually perpen- 
dicular two-fold axes (as has the point group D 2 ss V ), and in addition four three-fold 
axes it belongs to the point group T. The two-fold axes bisect the angles between 
the three-fold axes as in a regular tetrahedron. But the symmetry is less than that 
of a tetrahedron. An example would be a molecule like neopentanc, C(CH 3 )4, if the 
four C atoms of the CH3 groups occupied the corners of a regular tetrahedron whose 
center is occupied by the fifth C atom, and if the equilateral triangles formed by the 
three H atoms of each CH 3 groups were not in their most symmetrical positions 
(see Fig. 3a). 

The point group T<i. If a molecule in addition to three mutually perpendicular 
two-fold axes and four tlircc-fold axes (point group T) has a plane of symmetry aa 
through each pair of three-fold axes (that is, two mutually perpendicular planes through 
each two-fold axis), in all, six planes of symmetry, 4 it belongs to the point group Ta . 
The presence of these planes implies that the two-fold axes are at the same time four- 
fold rotation-reflection axes. Since the regular tetrahedron has this symmetry, all 
tetrahedral molecules are examples of this point group: CH 4 (see Fig. 3b), CCI 4 , P 4 , 
and others. The molecule neopentane C(CH 3 )4 is also an example if the CII 3 groups 
in addition to being arranged on a regular tetrahedron have a symmetrical position 
(that is, if the angle in Fig. 3a is 0° or 60°). 

The point orouj) Tj„ If a molecule, in addition to the symmetry properties of point group T, 
has a center of symmetry it belongs to the point group Th . As a consequence there arc also three planes 
of symmetry through the three (mutually perpendicular) two-fold axes. No actual molecule, even 
with appropriate distortions, has this point group. But if one could add four CH3 groups to the 
C (OH 3)1 of Fig. 3 a in positions symmetrical to those already there, such that the central C atom 
becomes a center of symmetry, one would havo an example of the point group 2V 

l 1 * * 4 he point group O (< octahedral group). If a molecule has three mutually perpendicu- 
lar four-fold axes and four three-fold axes which have the same orientation with respect 

to one another as the two-fold and three-fold axes of point group T } it belongs to the 

octahedral point group O. As a consequence of the axes given, the molecule has also 
six two-fold axes (apart from the three two-fold axes that coincide with the four-fold 
axes). The regular octahedron and the cube (see Fig. 3d and e) have just these axes 
of symmetry. But they have in addition a number of planes of symmetry which a 
molecule of point group O does not have. An example would be a molecule X(YZ 4 )e 

4 The presence of one such plane of symmetry has as a necessary consequence the presence of 
the five others. 
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in which symmetrical YZ 4 groups were placed at the corners of a regular octahedron 
in such a way that the squares formed by the four Z atoms of each group were not 
in their most symmetrical position but were all rotated about the XY axis by the 
same amount (see Fig. 3c). 

The point group Oh- If a molecule has in addition to three mutually perpendicular 
four-fold axes C 4 and four three-fold axes Cz (point group O) a center of symmetry (i) 
it belongs to the point group Oh- As a consequence it also has six two-fold axes (apart 
from the three two-fold axes that coincide with the four-fold axes) and nine planes 
of symmetry. Also, the four-fold axes are at the same time four-fold rotation- 
reflection axes. The regular octahedron and the cube have this symmetry, as the 
reader can easily verify from Figs 3d. and e. The molecule SF« is very probably an 
example of point group 0/„ the F atoms being arranged at the corners of a regular 
octahedron with the S atom in the center (sec p. 330). The molecule Ss would be 
another example if the atoms were at the corners of a cube, which, however, is 
probably not the case. 

Tho only point groups that havo several higher than four-fold axes are the icosahodral groups / 
and Ih- The former has six five-fold, ten three-fold and fifteen two-fold axes while the latter in ad- 


Ta«LE 1. SYMMETRY ELEMENTS A NO EXAMPLES OF THE MORE IMPORTANT POINT GROUPS 6 


Point group 

Symmetry elements 6 

Examples 6 7 

Ci 

No symmetry 

OHFCIBr, N2II4 

Ci 

One (\ 

Non-planar H 2 (>2 (Fig. 2 a), [partly ro- 
tated 1120=0012 (Fig. 2 b)], 
H 01 C=C=CH 01 

C 3 

One <7a 

[Partly rotated II 3 C — CC 1 3 (Fig. 2 c)] 

C t (=S 2 ) 

i (==»Si) 

Trans form of OlBrHC — CHBrCl 
(Fig. 2 d) 

Se 

One & 6 , one (coincident with *S 6 ), i 

[Puckered C«H 6 ring with partly rotated 
1 I« (Fig. 2 f)] 

C s C - =Ci »— -~C\ h) 

One <r 

Non-linear NOC 1 , plane N 3 H 

Ci„ 

One C2, two <r v 

II2O, H 2 CO, CH2CI2 (Fig. 2 g), plane 

h 2 o=cci 2 

Czv 

One C3, three a v 

NII3, CHjCl (Fig. 2 h), sjGnmetric 
H3O— (XJ 1 3 

C 4 V 

One C 4 , one O2 (coincident with C 4 ), 
four <r„ 

Non-planar (PtCli)" 

Cev 

One Cg, one C 3| one C2 (l>oth coincident 

[OoHfl with Ce and He in different 


with C Y c), six <r v 

planes] 

C,r 3V 

One ( 7 oo, any C P , infinite number of <r„ 

ON, HON, COS, HOeeeOOI 

DiznV 

Three 62 (mutually perpendicular) 

[Partly rotated C 2 H 4 (Fig. 2i)] 

D a 

One C3, three C2 (_L to C 3) 

[Partly rotated O2H6 (Fig. 2j)] 

C2h 

One C2, one ah, i=>S 2 

Plane trans C2II2OI2 (Fig. Id), trans 
C 6 H 2 Cl 2 Br2 (Fig. 2k) 

Cm 

One (? 3 , one an, one (coincident 

with O3) 

C + (NH 2 ) 3 (Fig. 21) 


6 For other point groups see the text. 

6 The element I (identity), which is contained in every point group, has l>een omitted. C p = p- 
fold axis, S p = p-fold rotation-reflection axis, i = center of symmetry, a v = vertical plane (see p. 7 ), 
<Th = horizontal plane, a a = diagonal plane. 

7 Examples that probably do not correspond to the actual structure of the ground stato of the 
particular molecules are put in square brackets. 
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Table 1 — Continued 


Point group 

Symmetry elements 8 

Examples 7 

Ihd^Va 

Three C 2 (mutually _L), one S\ (coinci- 

JI 2 C— C— CII2 (Fig. 2 m) [perpendicular 


dent with one C 2 ), two ad (through S\) 

(non-planar) C2II4] 

DzdC^Sev) 

One C2, three C2 (JL to C 3 ), *S’ fl (coinci- 

Staggered form of 0 2 1 I 6 (Fig. 2 n), 

dent with C3), i , throe <r d 

(•ell 12 (cyclohexane) 

DidC^Snv) 

One Ci, four C 2 (_L to C 4 ), S& (coinci- 
dent with Ci), C 2 (coincident with C 4 ), 
four <r d 

Puckered octagon form of S s (sulfur) 

D 2 ^V h 

Three C 2 (mutually _L), three <r (mu- 

Plano C2II4 (Fig. lc), plane 0 4 , piano 


tually _L), i 

N2O4 (Fig. lc) 

D$h 

One C3, three C2 (-L to C3), three a v , 

U( 11 j (Fig. lb) eclipsed form of C 2 H 6 

one an 

(Fig. 2 o), 1 , 3 , 5 C0H3CI3 (Fig. 2 p) 

D ih 

One Ci, four C 2 (-L to Ci), four a v , one 
ah, one C 2 , one St (both coincident 
with C 4 ), i 

C mIIs (cyclobutane) [Plane (PtCU)”] 

Dhh 

One C5, five C 2 (JL to C5), five a v , one ah 

[Mane symmetrical cyclopentano] 

Dth 

One C«, six C 2 (JL to Ca), six a 0 , one ah, 
one C 2 , C3, Sq (each coincident with 
Ca), i 

Plano symmetrical C<jHe, Cede 

Deo h 

Coo, infinite number of C 2 (± to C, 0 ) and 
of a v , one ah, and C p and S p (coincident 
with Coo), t 

() 2 , C 0 2 , C 2 II 2 , C3O2 

T 

Three C 2 (mutually _L), four C 3 

[Partly rotated C(CH 3 ) 4 (Fig. 3 a)] 

T d 

I'hrco Co (mutually J_), four C 3 , six a , 

CH 1 (Fig. 3 b), CCI4, P4, symmetrical 


three S4 (coincident with the Co’s) 

C(CH a )« 

o h 

Three Ci (mutually _L), four C 3> i, three 
Si and C 2 (coincident with C 4 ), six C 2 , 
nine a, four *S’a (coincident with Cj) 

SFc, (PtCle)“ 


dition has a confer of symmetry which causes numerous planes of symmetry and rotation-reflection 
axes. The regular icosahedron and the regular pentagon dodecahedron belong to point group Ih- It 
is not likely that molecules of such a symmetry will ever be found. 

Although in principle molecules belonging to any one of the mathematically possiblo point groups 
may occur, it may be noted that in crystals only point groups with one-, two-, three-, four-, and six- 
fold symmetry axes are possiblo; hence crystals may have only 32 point groups, which givo riso to 
tho 32 crystal classes. 

In Table 1 the preceding discussion of point groups is summarized. Only those 
point groups are included that are likely to be of importance in the study of molecular 
structure. 


CHAPTER I 


Rotation and rotation spectra 

As in the case of diatomic molecules, we may in a certain approximation resolve 
the total energy of a polyatomic molecule into the sum of rotational, vibrational, 
and electronic energy. However, for polyatomic molecules this approximation is 
frequently much Jess accurate than for diatomic molecules, since it often happens 
that vibrational frequencies are of the same order of magnitude as rotational fre- 
quencies, and electronic frequencies of the same order as vibrational frequencies. 
Consequently the mutual interactions of the three types of motion may be much 
stronger than for diatomic molecules. 

In this chapter we shall consider the pure rotation of polyatomic molecules ne- 
glecting the interaction with the vibration and with the electronic motion. In other 
words, we consider the rotations of a non-vibrating molecule in a. fixed (symmetrical) 
electronic state . 

The moment of inertia of a rigid body about an axis is defined by 

1 = Si*!*. 1 , 

where p* is the perpendicular distance of the mass element m* from the axis. When 
we determine for a given body this moment of inertia about various axes going through 
one and the same point, usually the center of mass, we find according to a simple 
theorem of mechanics that there are three mutually perpendicular directions for 
which the moment of inertia is a maximum or a minimum. These directions are 
called the 'principal axes and the corresponding moments of inertia the principal 
moments of inertia. If 1/V7 is plotted along the respective axes an ellipsoid is ob- 
tained which is called the momental ellipsoid. The axes of this ellipsoid arc the princi- 
pal axes. If the body (molecule) has symmetry^ the direction of one or more of the 
principal axes going through the center of mass can easily be found since axes of 
symmetry are always principal axes and since a plane of symmetry is always perpendicu- 
lar to a principal axis. 

If for a molecule the three principal moments of inertia are different, it is called 
(with respect to its rotations) an asymmetric top (or asymmetric rotator). If two of 
the principal moments of inertia arc equal it is called a symmetric top (symmetric 
rotator). In this case the momental ellipsoid is a rotational ellipsoid. If ail three 
principal moments of inertia are equal it is called a spherical top: the momental 
ellipsoid is a sphere. In addition we have the special case of a symmetric top in 
which one of the principal moments of inertia is zero, or extremely small, while the 
other two are equal. The momental ellipsoid is a circular cylinder. Such is the 
case for all linear polyatomic molecules . In the following we consider separately the 
four cases mentioned. 

1. Linear Molecules 

Linear molecules belong to the point groups D^h or C xv , depending on whether 
or not they have a plane of symmetry perpendicular to the internuclear axis. 

13 
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ROTATION AND ROTATION SPECTRA 


1,1 


Energy levels. If the angular momentum of the electrons about the internucloar 
axis is zero, as is the case for the ground states of all known linear polyatomic mole- 
cules, the problem can be treated as if the moment of inertia about the internuclear 
axis were exactly equal to zero, that is, as if we had the simple rotator , rigid or non- 
rigid. (See Molecular Spectra I, p. 122f.). The energy levels are given by the same 
formula as for diatomic molecules: 


^ = F(J ) = BJ(J + 1) - DJ\J + l) 2 + • • • 
he 


(i, i) 


where E r is tl 3 rotational energy (in ergs), F(J ) is the rotational term value (in cm 1 ) 
and J is the rotational quantum number . For the rotational constant B we have 1 


h _ 27.994 X IQ" 40 

8tt 2 cIb Ir 


(I, 2) 


As for diatomic molecules 1b is the moment of inertia about an axis perpendicular to 
the internuclear axis and going through the center of mass. But while for diatomic 
molecules we have the simple formula I b = pr 2 where p is the reduced mass, for 
linear polyatomic molecules the general formula 

In = 2m t r t * (I, 3) 


has to be used, where r t - is the distance of the ith nucleus of mass nii from the center 
of mass, f For a symmetrical molecule Y — X — Y, for example, I B is 2 m Y ry 2 . 

Strictly speaking, in (I, 3) the summation should be over the electrons as well as 
the nuclei. In view of the smallness of the electron mass this can be taken into 
account by using for the ra* the masses of the neutral atoms rather than the bare 
nuclei. The error introduced in this way is much smaller than the present error in 
the spectroscopic determinations of moments of inertia. 

The term D<P(J + l) 2 in (I, 1), as for diatomic molecules, comes in because of 
the non-rigidity of the molecule. This term is always exceedingly small compared to 
the term BJ{J + 1). lit represents the influence of the centrifugal force which results 
in a very slight increase in the internuclear distances when the molecule is rotating. 
In diatomic molecules the constant D is related to B and the vibrational frequency 
a) (assuming the harmonic oscillator approximation) by the simple formula 



(I, 4) 


This formula applies also to linear symmetric XY 2 molecules when o> is the frequency 
of the one totally symmetric vibration (vi in Fig. 25 p. 66). For XYZ and X 2 Y 2 
molecules with two totally symmetric vibrations of frequencies «i and co 2 , the con- 
stant D is given by 

D-W^'i + M (1,4.) 

\ Q)l Z 0)2 1 ) 

where and 8 2 are constants whose values for X 2 Y 2 have been given by Shaffer 
and Nielsen (779), for XYZ by Nielsen (654a). 2 In most cases of linear polyatomic 

1 For the values of the fundamental constants used in this book see the appendix p. 538. 

2 The numbers in brackets refer to the bibliography p. 539-558. 
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molecules thus far studied experimentally the term D<P(J + l) 2 in (I, 1) has been 
neglected. [See, however, Ilerzberg and Spinks (441) (442)]. 

Fig. 4 gives a diagram of the rotational energy levels of a linear polyatomic 
molecule. The spacing of the levels is the larger the smaller the moment of inertia. 

As for diatomic molecules the quantum number J cor- 
responds to the angular momentum of the molecule, which 
has the magnitude 

<nj + 1 ) £ <'. 5 > 

We shall write J for the angular momentum vector. 

Symmetry properties. The rotational eigenfunctions \p r 
of linear polyatomic molecules are (like those of diatomic 
molecules) the surface harmonics represented in Fig. 39 of 
Molecular Spectra I (p. 74). The total eigenfunction in zero 
approximation is a product of the electronic, vibrational, 
and rotational eigenfunctions: 

yf/ = \p e \l/ v \f/ r . (I, 6) 

As in the case of diatomic molecules a rotational level of a linear polyatomic mole- 
cule is called positive or negative depending on whether the total eigenfunction x// remains 
unaltered or changes its sign by reflection of all the particles (electrons and nuclei) at 
the origin (inversion). If the electronic and vibrational eigenfunctions \[/ e and 
are unchanged by all symmetry operations of the molecule (which is the case for the 
vibrationlcss ground states of all known linear molecules), the symmetry character 
positive-negative depends on that of only and, as for diatomic molecules, the even 
rotational levels are positive, the odd ones negative. This dependence is indicated 
in Fig. 4. 

If the linear molecule has the point group D^h, that is, if it has a center of sym- 
metry (as has C 2 II 2 , for example) we have in addition to the symmetry property 
positive-negative, the property symmetric or antisymmetric with respect to an exchange 
of the identical nuclei . The total eigenfunction \J/ of the system (apart from the 
nuclear spin function) remains unchanged or changes sign when all nuclei on one 
side of the center are simultaneously exchanged with the corresponding ones on the 
other side. We call the corresponding rotational levels symmetric or antisymmetric 
in the nuclei. It will be shown below that, just as for homonuclear diatomic mole- 
cules, either the positive rotational levels are symmetric and the negative anti- 
symmetric or the negative levels are symmetric and the positive antisymmetric. 
The former alternative applies to the vibrationless state of symmetric electronic 
states (2 tf + states). This is indicated in brackets in Fig. 4. 

If an> polyatomic molecule has identical nuclei the total eigenfunction (exclusive of nuclear spin) 
of a (non-degenerate) rotational level must remain unchanged or can only change sign for an exchange 
of two identical nuclei. I11 the case of symmetrical linear molecules of point group D^h (such as 
C2H2), a simultaneous exchange of all nuclei on one side of the center with those on the other side 
can be brought about by reflection of all particles at the origin followed by a reflection at the origin 
of the electrons only. The first operation leaves the total eigenfunction unchanged or only changes 
its sign for the positive and negative rotational levels respectively, while the second operation leaves 


2 - 

h: 


- («) 


+ (*) 


- H 
+ (*) 
W 13 


Fig. 4. Rotational en- 
ergy levels of a linear 
molecule. 
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the total eigenfunction unchanged (or changes its sign) if the electronic eigenfunction remains un- 
changed (or changes its sign). Thus in the vibrationless ground state (assuming it to be a elec- 
tronic state) the even rotational levels are symmetric and the odd ones antisymmetric with respect 
to a simultaneous exchange of all nuclei on one side with those on the other. 

In a linear molecule that has two identical nuclei but does not belong to point group D m h, such 

as X — Y — Y (for which N 2 O is an actual example, see p. 277) or unsymmetrioal Y — X Y, an 

inversion at the center of mass does not exchange tho identical nuclei and therefore one does not 
obtain the simple result that alternate rotational levels aro symmetric and antisymmetric in the 
nuclei. Rather, each (rotational) level of such a molecule is doubly degenerate since there are two 

equivalent configurations X— Y<b— Y< 2 > and X — Y (2) — Y (1) or Y (1) — X Y< 2 > and Y (2) — X Y<« 

respectively which are separated by a potential hill and which cannot bo transformed into each other 
by a simple rotation of the whole molecule (see also Chapter II, section 5d). One of the eigen- 
functions belonging to this degenerate level is symmetric!, tho other antisymmetric; in the nuclei. If, 
on account of passage through the potential barrier, a splitting of the degeneracy occurs, then wo 
obtain one symmetric and one antisymmetric level for each originally degenerate level. 

Statistical weights and influence of nuclear spin and statistics. For a linear 
molecule of point group C MV (no center of symmetry, for example HCN) the sta- 
tistical weight of a rotational level in a totally symmetric electronic state (*2+) is 
given by the number of possible orientations of 7 in a magnetic field, that is by 2 J + 1. 

Strictly speaking 2 J -f- 1 has to be multiplied by tho total number of possible orientations of tho 
nuclear spins h, I 2 , • • • in tho magnetic field, that is by (2/i -f l)(2/2 + 1) • • *. But since this factor 
is the same for all levels of a molecule of point group C mV t it can usually be omitted. 

If the molecule belongs to point group D^ hf that is, if it has a center of symmetry, 
alternate rotational levels have different statistical weights , as in the case of homonuclear 
diatomic molecules. If the spins of all the nuclei are zero, with the possible exception 
of the one at the center of symmetry, the antisymmetric rotational levels are missing 
entirely, that is, for 2^+ electronic states the odd rotational levels are absent. 3 Such 
is the case for CO 2 and C 3 O 2 since they are linear and symmetrical (point group />«>*). 
If one or more pairs of nuclei outside the center have a nuclear spin 0 all rota- 
tional levels arc present but the even and odd levels have different statistical weights. 
If only one pair of identical nuclei has 7 ^ 0 (which is the only case thus far studied 
experimentally), it is easily seen from the same reasons as for diatomic molecules 
(Molecular Spectra I, p. 141f.) that the ratio of the statistical weights of the symmetric 
and antisymmetric rotational levels is (7 + l)/7 or 7/(7 + 1), depending on whether 
the nuclei follow Bose or Fermi statistics. One may also say that the statistical weights 
vary in the same way as in a diatomic molecule containing the same two nuclei with 
7^0. Thus for ordinary acetylene (C 2 II 2 ), which is linear and symmetrical (see 
p. 288) since 7(0) = 0, 7(H) = -J-, the antisymmetric (odd) rotational levels have 
three times the statistical weight of the symmetric (even) levels, just as for H 2 (see 
Molecular Spectra I, p. 141). For C 2 D 2 and similarly for C 2 N 2 the symmetric (even) 
rotational levels have twice the weight of the antisymmetric (odd) levels, just as 
for Da and N 2 . 

To the same extremely good approximation as for diatomic molecules inter- 
combinations between the symmetric and antisymmetric rotational levels are pro- 
hibited for any type of radiation and even for collisions, that is 4 

symmetric <+> antisymmetric (I, 7) 

8 This statement holds if wo assume Bose statistics for the nuclei of spin zero. No nuclei of spin 
zero that follow Fermi statistics are known. 

4 Here and later «+* stands for “ does not combine with,” while <-> will be used for ‘‘combines with.” 
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Thus we have ortho and para modifications also for linear symmetric polyatomic 
molecules (point group />«,*) . 

Naturally, if in a linear molecule of point group D^h one atom is replaced by an 
isotopic atom, the distinction between symmetric and antisymmetric rotational levels 
no longer exists and therefore there is in this case no difference in the statistical 
weights of the even and odd rotational levels; there are no ortho and para modifica- 
tions. For example, O 16 — C — O 18 has no missing rotational levels, H — G==C — D 
has no alternation of the weights of successive rotational levels. 

Furthermore, in a molecule such as X — Y — Y (for example N 2 O; see p. 277), 
which has two identical nuclei but not the symmetry Z) w a, no difference in the sta- 
tistical weights of the even and odd levels occurs, except of course for the difference 
in 2 J + 1. 

This conclusion follows immediately from what has been said above (p. 1(>) about such mole- 
cules. It should be noted that in this case the absolute statistical weight is not twice (2 J -f 1) 
X (2/x + I) (2/y + l) 2 as might at first appear from the double degeneracy of the rotational levels 
(/x = nuclear spin of atom X, Iy = nuclear spin of Y). In the case /y = 0 only the symmetric 
component, of each degenerate level appears and its absolute weight is (2 J -J- l)(2/x + 1)- In the 
case Ty 9 ^ 0 the resultant spin due to Iy is 2/y. or 2/y — 1, or 2/y — 2 f •••, of which the first, 
third, • • • values belong to the symmetric (or antisymmetric), the second, fourth, • • • to the antisym- 
metric (or symmetric) levels (see Molecular Spectra I, p. 140). This introduces the additional weight 

factors [2(2 Iy) -f l] + [2(2/y - 2) -f 1] H and [2(2/y - 1) + l] + [2(2/y - 3) -f l] H 

respectively for the symmetric and antisymmetric levels (or the antisymmetric and symmetric ones). 
The sum of these additional weight factors for a pair of levels of given J is easily seen to bo (2/y + l) 2 . 
Thus the total statistical weight is (2./ + l)(2f x + l)(2/y + l) 2 , which includes the case Iy = 0. 
It is the same as would be obtained without considering the identity of the two Y nuclei. The reader 
may specialize the above proof for N:>0 where / X — 0, /y =1. 

Ill the case of symmetric linear molecules (point group D^h) with several pairs of 
identical nuclei with 1 9 * 0 the statistical weight factors of the symmetric and anti- 
symmetric rotational levels can be obtained by an extension of the method used for 
diatomic molecules as was first done by Flaczek and Teller (701). 

Assuming the molcculo to bo brought into a magnetic field that is strong enough to uncouple all 
nuclear spins from one another it is clear that in a molecule W(XYZ* • O 2 of point group D^h the 
number of spin configurations of the nuclei on one side of the center (W) is (2/x + l)(2/y + 1) 
X (2/z + 1) • • • and therefore the total number of spin configurations is the square of this quantity 
(disregarding the contribution of the central atom W if such is present). There are (2/ X + 1) 
X (2/y + l)(2/z + 1)’ • • configurations for which reflection at the center will leave the configura- 
tion unchanged. These correspond to spin functions that are symmetric with respect to a simul- 
taneous exchange of all pairs of identical nuclei. All the other spin configurations occur in pairs 
(such as -1, -f£, 0, +1, + 2 . +1 and +1. + 2 . +1, 0, +|, -1) which correspond each to a sym- 
metric and an antisymmetric spin function. Therefore there are 

i[(2/x + l) 2 (2/y + l) 2 (2/z + 1) 2 (2/x + 1) (2/y + 1)(2/ Z + D ■ • •] (I, 8) 

antisymmetric spin functions and 

i[(2/ X + l) 2 (2/y + 1)2(2 I Z + l) 2 ... + (2/x + l)(2/y + l)(2/z + «•••] (I. 0) 

symmetric spin functions. The total eigenfunction inclusive of nuclear spin can only be symmetric 
with respect to a simultaneous exchange of all pairs of identical nuclei for all rotational levels or only 
antisymmetric; and therefore the ratio of (I, 9) to (I, 8) gives the ratio of the statistical weights of 
the symmetric to the antisymmetric levels or conversely. Which case applies depends on whether 
the “ resultant ” statistics of the group of nuclei XYZ • • • is Bose or Fermi. The “resultant” statistics 
is Bose statistics if there is an even number of nuclei following Fermi statistics in the group, it is 
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Fermi statistics if there is an odd number of nuclei following Fermi statistics. 6 The resultant sta- 
tistics has to bo used since a reflet-lion at the origin exchanges all pairs of identical nuclei simultaneously . 

As a result, in the case of vibrationless electronic states the even rotational levels 
have the weight factor (I, 9 ), the odd have the weight factor (I, 8 ) for a resultant Bose 
statistics while the converse is true for a resultant Fermi statistics. 

It is easily seen that this more elaborate rule gives the same results derived pre- 
viously in a more elementary way for CO2, C2H2, C2D2* C2N2. As an illustration of 
the above considerations and for future use, Table 2 gives the statistical weight 


Table 2. statistical weight factors of symmetric and antisymmetric (even and odd) 

ROTATIONAL LEVELS OF SOME LINEAR MOLECULES . 6 


Molecule 

Resultant 

statistics 

Statistical weight factors 

Symmetric 
(even) levels 

Antisymmetric 
(odd) levels 

C“0 2 “ C 13 Oa w , C u O-2 18 

Bose 

1 

06a 

CVW 

Fermi 

1 

3 

Cj u iv 

Bose 

6 

3 

CYW 

Bose 

10 

6 

cyw 

Fermi 

15 

21 

C 2 “N 2 M 

Bose 

0 

3 

<yw 5 

Fermi 

1 

3 

tVW, c»“o 2 “ 

Bose 

1 

0 

C“C 2 ' s 0 2 “, (VW* 

Fermi 

1 

36a 

<y»u 2 i 

Fermi 

1 

3 

CV’IL 1 

Fermi 

28 

36 

cyny 

Bose 

6 

3 

cy 2 <y 3 H 2 ' 

Bose 

10 

6 

c,»iV 

Bose 

78 

66 

r“(N M H‘) a 

Fermi 

15 

21 

C’ 12 (N i4 D 2 ) 2 

Bose 

45 

36 

C“(N 14 H') 2 

Boso 

10 

6 


factors for a number of polyatomic molecules that are known to be linear or are 
probably linear, as well as for some of their isotopes. These factors give at the 
same time the equilibrium ratios of the ortho and para modifications of these molecules 
(the ortho modification corresponding to the larger weight factor). It may be Tooted 
that on account of the different resultant statistics, for C2 l 3 Ho 1 unlike ordinary CV 2 !^ 1 
the even levels would have the greater statistical weight (ortho modification). 

Thermal distribution of rotational levels. The population Nj of the various 
rotational levels is given by the general formula 

Nj ~ { ,je-W J ) h cl kT >, (I, 10 ) 

5 This may easily bo verified if it is remembered that an exchange of two nuclei following Fermi 
statistics changes the sign of the total eigenfunction whereas an exchange of two nuclei following 
Bose statistics does not. 

8 The following values for the nuclear spins have been assumed : I (C 13 ) =* I (N 16 ) = J, / (O 18 ) — 0 , 
/(N 14 ) = 1, J( C*) = 0, /( m = i, /(D) =1. r - 

If C 18 instead of C ia is at the center the statistical weights have to bo multiplied by 2 [assuming 

J( C“) = J]. 
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whore gj is the statistical weight, k the Boltzmann constant and T the absolute 
temperature. For non-symmctrical linear molecules Qj = 2J + 1 (see above), 
whereas for symmetrical linear molecules the alternation of the statistical weights 
has to be taken into account. A graphical representation of the distribution func- 
tion (I, 10) which is the same as for diatomic molecules may be found in Molecular 
Spectra I, p. 13?. |2.q 

Infrared rotation spectrum. The selection rules for transitions from one rota- 
tional level to another due to dipole radiation (without change of electronic or vibra- 
tional energy: pure rotation spectrum) are exactly the same as for diatomic molecules: 
A transition can only take place if the molecule has a permanent dipole moment — that 
is, if it has the symmetry Cm and not /)«&. Furthermore, we have the rule that 
positive levels combine only with negative ones, that is 

+ , — 4+> (I, 11) 

and the rule 

A J = db 1. (I, 12) 

That molecules of symmetry D^h which have no dipole moment do not exhibit a 
(dipole) rotation spectrum in the infrared may also be considered as due to the fact 
that the rules + <-* — and symmetric antisymmetric cannot be fulfilled at the 
same time (sec Fig. 4). 

The formula for the rotation spectrum is obtained by substituting J' = J" + 1 
= J + 1 into 

„ = F(J') - F(J"), (I, 13) 

taking F(J ) from (I, 1). Here as usual J' is the J value of the upper state, «/" = J 
that of the lower. One obtains as for diatomic molecules 

i/ = 2 B(J + 1) - 4 D(J + l) 3 . (I, 14) 

Since D<£B, this formula represents a series of very nearly equidistant lines. The 
transitions are indicated in Fig. 4. 


TABLE 3. PREDICTED WAVE NUMBERS ANI) WAVE LENGTHS OK THE 
INFRARED ROTATION SPECTRUM OF IICN. 


J 

v (cm 

X(M) 

0 

2.00 

3381 

1 

5.02 

1690 

2 

8.87 

1127 

3 

11.83 

845 

. . . 

. . . 

. . . 

20 

G1.08 

161.3 

21 

04.92 

154.0 

22 

G7.85 

147.4 

23 7 

70.70 

141.3 


Up to the present time no infrared rotation spectrum of a linear molecule has 
been observed, since all of them lie very far in the infrared. For HCN, for example, 

7 Last J value observed in the rotation-vibration spectrum. 
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which has the smallest moment of inertia of all known linear polyatomic molecules, 
one predicts [with B = 1.4789, D = 3.63 *10“ 6 cm"" 1 as obtained by Herzberg and 
Spinks (442) from the rotation-vibration spectrum] the wave numbers and wave 
lengths given in Table 3. 

Rotational Raman spectrum. As has been shown in Molecular Spectra I, p. 93, 
the occurrence of a Raman spectrum depends on whether the polarizability in a fixed 
direction changes during the motion . For a linear molecule the polarizability in the 
direction oi the internuclear axis is always different from that in a direction per- 
pendicular to it (that is, the polarizability ellipsoid is not a sphere) and therefore 
the polarizability in a fixed direction changes during a rotation of the molecule about 
an axis perpendicular to the internuclear axis. Thus a linear polyatomic molecule 
of point grrup C^v or D^h always has a rotational Raman spectrum. 

Assumi ig a electronic ground state (which applies to all actual cases) the 
selection rules for Raman transitions are, just as for diatomic molecules with A = 0 

AJ = 0, db 2 (I, 15) 

and 

+ <->+, +<-^>— . (I, 16) 

For molecules of symmetry D x h the additional rule symmetric <+> antisymmetric here, 
other than in the* case of the infrared spectrum, does not contradict the positive- 
negative rule (I, 16) so that these molecules, too, exhibit a rotational Raman spectrum. 

Substituting J' — J" + 2 = / + 2 and (I, 1) into 

|A,| = F(J') - F(J"), 

wc obtain for the wave-number shifts 

\Av\ = (4 B - 6 D)(J + 1) - 8D(J + l) 3 , (1, 17) 

or, since always D<K B, in very good approximation, 

\Av\ = 4 B{J + §). (I, 18) 

As for diatomic molecules, we have a series of equidistant lines (called S branch since 
AJ = + 2) on either side of the exciting line. From the separations of successive 
lines (4 B) the rotational constant B and thus the moment of inertia of the molecule 
may be evaluated. It should be noted that, according to (I, 18), the separation jf 
the first Raman line from the exciting line is § times the separation of successive 
Raman lines. 

For molecules of symmetry corresponding to the alternation of statistical 
weights for the odd and even rotational levels (see p. 17f.), an alternation of intensities 
is to be expected. If in such a case the spins of all nuclei with the possible exception 
of that at the center arc zero, alternate lines will be missing. (For a schematic 
representation see Molecular Spectra I, Fig. 44, p. 95, and Fig. 60, p. 140), 

Up to the present time the rotational Raman spectra of only two linear poly- 
atomic molecules, CO 2 and C 2 II 2 , have been resolved. The Raman shifts observed 
for CO 2 by Houston and Lewis (458) (mean values of Stokes and anti-Stokes lines) 
are given in Table 4. Since the distance of the first line from the exciting line is not 
§ but f of the separation of successive lines (see Molecular Spectra I, p. 140), the 
observed shifts can be represented by (1, 18) only if it is assumed that the lines with 
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odd J are missing. 8 This is exactly what is to be expected if CO 2 is linear and sym- 
metrical (point group D^h)- Conversely we may conclude from the observed rota- 
tional Raman spectrum that the CO 2 molecule is linear and symmetrical , a conclusion 
that is corroborated by a great deal of other evidence (see p. 272 and p. 384). The 
value of the rotational constant B in (I, 18) that best represents all the observed 
shifts (that is, essentially J of the average separation of successive lines) is found to 
be B = 0.3937 cm" 1 . The values of the Raman shifts calculated with this B value 
are given in the last column of Table 4. It is seen that the agreement is within the 

TAJ1LE 4. ROTATIONAL RAMAN SHIFTS FOR CO2 AFTER HOUSTON AND LEWIS (458). 


J 

Observed shift (in cm -1 ), 
mean of Stokes and 
anti-Stokes lines 

Calculated shift, with 

B = 0.393t cm' 1 

0 


2.36 

2 


5.51 

4 

8.93 

8.66 

6 

11.63 

11.81 

8 

14.84 

14.96 

10 

18.14 

18.11 

12 

21.53 

21.26 

14 

24.60 

24.41 

16 

27.58 

27.56 

18 

30.70 

30.71 

20 

33.60 

33.86 

22 

37.03 

37.01 

24 

40.22 

40.16 

26 

43.39 

43.31 

28 

46.49 

46.46 

30 

49.67 

49.61 

32 

52.96 

52.76 

34 

55.54 

55.91 


error of measurement. From the rotational constant B , according to (I, 2), one 
obtains for the moment of inertia /( CO 2 ) = 71.1 X 10 -40 gm cm 2 . Since here 
I = 2m 0 r% 0 it follows that the C — O distance in CO 2 is rco = 1.157 X 10"" 8 cm (see, 
however, p. 398 for a more accurate value). 

For C 2 H 2 Lewis and Houston (576) have found a similar rotational Raman spec- 
trum. However, here alternate lines are not missing but weak, and it is the even 
lines that are weak in agreement with expectation for a linear and symmetric C 2 H 2 
(see p. 16). Conversely it follows from the observed Raman spectrum that the 
C 2 H 2 molecule is symmetric and linear (see also Chapter IV). The B value obtained 
is B = 1.176 cm"" 1 , from which it follows that the moment of inertia /(C 2 II 2 ) = 23.80 
X 10“ 40 gm cm 2 . The internuclear distances cannot be determined from this one 
figure (sec, however, Chapter IV). 

The B and I values obtained from rotational Raman spectra are not as accurate 
as those obtained from infrared rotation- vibration spectra which will be discussed in 
Chapter IV. Also the values obtained do not refer to the equilibrium position but 
to the lowest vibrational state in which the zero point vibrations take place. 

8 This is the opposite to what is observed for O2 since for O2 the electronic ground state is *2 
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2. Symmetric Top Molecules 


As mentioned above, if a molecule has an axis of symmetry this axis coincides 
with one principal axis of inertia. If a molecule has a three-fold axis (for example a 
molecule like CH3CI), the moments of inertia about any three directions at angles 
of 120° in a plane perpendicular to the axis of symmetry (for example aa, bb , cc in 
Fig. fi) are obviously equal. Since the cross section of the momental ellipsoid (sec 
p. 13) with this plane is an ellipse, and since an ellipse has no three equal diameters 

at angles of 120° except if it degenerates into 
7 a circle, it follows that the momental ellipsoid 

is a rotational ellipsoid, that is, that a mole- 
cule with a three-fold axis is a symmetric top . 
In a plane perpendicular to the symmetry axis 
as in Fig. 5 the moment of inertia about the 
axis dd (and in fact any other axis in the 
plane) is exactly the same as that about the 
axis aa. Similar conclusions apply to mole- 
cules with four-fold or higher axes but in 
general not to molecules with two-fold axes 
only. 

In addition to molecules with more than 
two-fold axes which arc symmetric tops be- 
cause of their symmetry there may be mole- 
cules of lower symmetry, or even of no sym- 
metry at all, for which two of the principal 
moments of inertia happen to have the same 
value. Such molecules are of course also 
symmetric tops; but those that are symmetric 
tops on account of symmetry are more important. In cither case we designate the 
two equal moments of inertia In and the third moment of inertia /^. The axis of 
this third moment of inertia is usually called the figure axis of the symmetric top 
irrespective of whether it is an axis of symmetry or not. 



Fig. 5. The CH 3 C1 molecule as a sym- 
metric top. — The molecule is projected oil 
11 plane perpendicular to the axis of sym- 
metry and through the centre of mass. 



Fig. 6. Vector diagram for a symmetric top molecule. 


Classical motion (vector diagram). While in the case of a. linear molecule in a 
IS electronic state the total angular momentum vector P (also called J in the quantum 
theoretical treatment) is always perpendicular to the internuclear axis, in the case 
of a symmetric top P need no longer be perpendicular to the figure axis even if the 
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electronic angular momentum is equal to zero, but has in general a constant component 
P z in the direction of the, figure axis . Fig. 6 gives the vector diagram for the angular 
momenta of a symmetric top. ) It is essentially the same as for the case of a diatomic 
molecule in which the rotation of the electrons about the intcrnuclcar axis is con- 
sidered. The only difference is that here P z is produced by the motion of heavy 
nuclei and is called K , while in diatomic molecules it is produced by the motion of 
electrons and called A. The figure axis (that is P z ) rotates (nutates) about the 
direction of P which is constant in space. This nutation has the frequency \P\I2wIb, 
which is the same as the frequency of rotation of a diatomic molecule of moment of 
inertia In and angular momentum P = J (see Molecular Spectra I, p. 70f.). At the 
same time the molecule rotates about the figure axis with a frequency 



not simply P z /2tIa [for a proof of this sec, for example, Teller (830)]. 

It must be emphasized that the superposition of the two motions, nutation of the 
figure axis (P*) about P and rotation of the molecule about P Zf is of course not simply 
a rotation of the molecule about the axis of P. P is not fixed in the molecule . The 



Fig. 7. Motion of the instantaneous axis of rotation and of the figure axis for a symmetric top. 

molecule rotates about an instantaneous axis whose position in the molecule changes 
continuously in the following way: Imagine a cone fixed in space with P as axis 
(Fig. 7) and the center of mass of the molecule as vertex, and with an angle 2(6 — ^) 
where 6 is the angle between P and P z and ^ is determined by tan ^ = ( Ia/Ib ) tan 6 . 
Another cone with the figure axis as axis and angle 2^ may be fixed to the molecule. 
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If this cone rolls without slipping on the first one with uniform speed it will represent 
the motion of the molecule. 9 The line of contact is the instantaneous axis of rota- 
tion. This axis rotates about the axis of P as does the figure axis and with the 
same angular velocity. It is seen from Fig. 7 that both this instantaneous axis of 
rotation and the axis of P (which is fixed in space) continuously change their position 
with respect to the molecule. 


Energy levels. The same formula holds for the quantum theoretical energy levels 
of a symmetric top as in the case of a diatomic molecule (Molecular Spectra I, p. 125) 
except that the quantum number A has to be replaced by the quantum number K 
of the component of the angular momentum about the figure axis. 10 Thus we have, 
for the term values, 

F(J, K) = 7*7(7 + 1) + (A - B)K 2 i (I, 20) 

where 


h h 

B ~ Sircl/i ’ A ~ 8 tPcIa ’ 


(I, 21) 


We assume here that there is no electronic angular momentum about the figure axis. 
Unlike the case of diatomic molecules, A is now of the same order of magnitude as B 
since both I a and Ib are moments of inertia produced by heavy nuclei. Further- 
more, in a given electronic state, here, the second term in (I, 20) is not constant but 
can assume various values corresponding to different values of K . However, since 
P z = K is the component of P = 7, the quantum number K cannot be greater than 7, 
or in other words, 

7 = K, K + 1, K + 2, •••. (1,22) 

K, like A, is usually taken as the magnitude (in units h/2ir) of the component of 7. 
The value of the component itself, which may be positive or negative, is designated 
k [see Mul liken (045)]. For a given 7, 

h = J, 7- 1 , 7-2, -7. (1,23) 


According to (I, 20), states whose only difference is the sign of k have the same 
energy. They correspond to the two opposite directions of rotation about the figure 
axis. Thus all states with K > 0 are doubly degenerate . The vector diagram for — k 
is indicated by broken lines in Fig. 6. 

In Fig. 8a the energy-level diagram of a symmetric top is represented for the case 
I a < Ib, that is A > B ( prolate symmetric top), in Fig. 8b for the case I a > Ib, 
that is A < B (oblate symmetric top). The former would apply to a molecule such 
as CII3CI, the latter to a molecule such as BCI3 if it is plane and symmetrical. For 
every value of K there is a scries of energy levels with varying 7. For a given 7 
the energy increases in the first, decreases in the second case with increasing K (see 
the sloping broken lines). 

Tho formula (I, 20) for the energy levels nmy easily be derived in a semiclassical way [for a more 
rigorous derivation see Dennison (279) and references quoted there]. In classical mechanics tho 
(kinetic) energy of rotation of a rigid body is 

E = iW + JW + IW - + §! + ’ (I - 24) 

9 If I a > Ib the anglo ^ is greater than $ and the moving cone embraces tho fixed one. 

10 This K should not be confused with the K used in diatomic molecules as the quantum number 
of the angular momentum apart from spin. 
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Fig. S. Energy level diagram for symmetric top molecules (schematic) ; (a) prolate (b) oblate symmetric 
top. — In the case of non-planar molecules the signs + and — give the behavior with respect to inversion of 
only the upper one of each pair of nearly coinciding levels. 
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where x, y, and z are the directions of the principal axes, and where I x , i*x, P x are moment of inertia, 
angular velocity, and angular momentum respectively about the x axis and similarly for the other 
axes. In the present case, P z = K 2 , P 2 + Py 2 = N 2 — J 2 — K 2 , (see Fig. G) 7* = I a, I y — l x = 7a. 
Therefore 


J 2 K 2 K 2 

21b 21 b 21 a 


(I. 25) 


In quantum theory the magnitude of the total angular momentum is V.7(.7 + l)(/i/2ir), that of its 
component in a certain direction (here the figure .axis) is A’(/i/2ir). Therefore, on substituting in 
(I, 25), we i btain 


J(J + l )^ 2 / h 2 

21 + V27.i4tt 2 


21 B±* 2 ) 


K 2 , 


which goes over into (I, 20) on transforming to term values (wave-number units). 


The jiijenf unctions of the symmetric top arc given by [sec Dennison (279) find 


Mullikoti (645)] 


ypr = 


(I, 2«) 


Here (p , and x are the so-called Eulerinn angles: assuming a coordinate system x/ t 
y/ f Zf fixed in space and a coordinate system x , y, z fixed in the molecule such that z 
is the figure axis, # is the angle between z f and z , ip and x are the angles between the 
line of intersection of the x s y f and xy planes and the x axis and x f axis respectively, 
that is, ip is essentially the angle of rotation about the figure axis and x is the angle 
of rotation about the fixed z f axis. M is the magnetic quantum number correspond- 
ing to the various possible orientations of J in space ( M = J, J — 1, • • • — J) and 
O jkmW is a somewhat complicated function of which for K — 0 goes over into 
the simple rotator eigenfunctions (see Molecular Spectra I, p. 74). 

In the above considerations we have assumed a rigid symmetric top. For a 
non-rigid symmetric top correction terms similar to those for linear molecules (rota- 
tional constant D) have to be added. According to Slawsky and Dennison (795) 
the energy levels of the non-rigid symmetric top are given by 


F(J, K) = BJ(J + 1) f (A - B)K 2 

- DjJ\J + l) 2 - D jk J(J + 1 )K 2 - D k K 4 (I, 27) 


where the D arc exceedingly small compared to A and B . The term DjkJ ( J + l)/v 2 
has the effect that the different sets of energy levels with different K (Fig. 8) will no 
longer coincide exactly when shifted by an appropriate amount. Except in case* of 
extremely accurate measurements the influence of non-rigidity can be neglected. 

Symmetry properties and statistical weights. As in the case of diatomic and 
linear polyatomic molecules, the rotational levels of the symmetric top are either 
tl positive” or “ negative ” depending on whether the total eigenfunction remains un- 
changed or changes sign for a reflection of all particles at the origin. However, in 
the present case this distinction is much less important as shown by the following 
considerations. In a non-planar molecule reflection of the nuclei at the origin (center 
of mass) produces a configuration that cannot also be obtained by rotation of the 
molecule. Therefore there are always two modifications, a left and a right form (as 
in the case of optical isomers), which can be transformed into each other only by 
passing through a (usually high) potential hill. Each form of the molecule has the 
same rotational energy levels, since the moments of inertia of the two forms are, of 
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course, the same. Thus each one of the energy levels of the symmetric top, if the 
molecule is lion-planar, is really doubly degenerate. If the potential hill is not 
infinitely high a slight splitting occurs into two levels whose eigenfunctions contain 
equal contributions of both the left and the right configuration. One of these levels 
can be shown to be positive, the other negative. We call this doubling “inversion 
doubling.” 11 Because of the fact that wherever there is a positive level there is, almost 
coinciding (and usually not resolved), also a negative level of the same quantum numbers , 
the distinction of positive and negative levels is not very important unless the 
splitting itself is considered (see Chapter II, section 5d and Chapter IV, section 2a). 
In Fig. 8 the property + or — for the upper one of the two almost coinciding levels 
is indicated. The lower one has the opposite symmetry. It should be noted that 
this property has a different dependence on J and K for the prolate and oblate case. 
In the former it goes over into that of a diatomic molecule when K is replaced by A; 
but then only the one component set of levels shown occurs. It should also be noted 
that for AVO there are four sublevels (not drawn separately) for each J value on 
account of the K degeneracy and the inversion doubling. The two signs given refer 
to the upper inversion doubling component of each of the two sublevels produced 
by the K degeneracy. 

In the case of a plane symmetric top molecule (for example BC1 3 ) the inversion 
doubling does not occur, since an inversion of the nuclei can be replaced by a suitable 
rotation. In this ease, which always corresponds to an oblate symmetric top, only 
one set of energy levels appears with the symmetry properties indicated in Fig. 8b, 
and here this symmetry property is of greater importance than in the noil-planar case. 

As long as the symmetric top molecule has no symmetry, that is, if two of the prin- 
cipal moments of inertia are only accidentally equal, the nuclear spin increases the 
statistical weight by the factor (2 1\ + l)(2/ 2 + l)(2/3 + 1)* • which is the same 
for all levels. Apart from this constant factor and apart from the inversion doubl- 
ing, the statistical weight is 2 J + 1 for levels with K = 0, and 2(2/ + 1) for levels 
with K > 0. 

If the figure axis of the symmetric top is a p-fold axis of symmetry, a rotation by 
300°//; will exchange identical nuclei and therefore further symmetry properties of the 
eigenfunctions arise analogous to the property symmetric or antisymmetric in the 
nuclei in the case of diatomic and linear polyatomic molecules. This causes differ- 
ences in the statistical weights of certain levels depending on the spin of the identical 
nuclei. A more detailed discussion of these relations will be given in Chapter IV. 
Here we only summarize the results for molecules with a three-fold axis, in so far as 
they are of importance for the discussion of rotation spectra. Also we shall neglect 
here the inversion doubling. 

For molecules with a three-fold axis (point groups C3, Cz v , Cs*, £3, D*d, Dzh), in a 
totally symmetric electronic and vibrational state (ground state) the levels with 
K *= 0, 3, 6, 9 — have a larger statistical weight than those with K = 1, 2, 4, 5, 
7, 8 • • •, that is, we have an alternation of the type: strong, weak, weak , strong , weak, 
weak, strong, • • •. This is indicated in Fig. 9, where the “strong” levels arc desig- 
nated by A, the “weak ” levels by E (the analogue of a and s for linear molecules). If 
the spin of the identical nuclei I = 0, the levels K = 1, 2, 4, 5, 7, 8 • • • are entirely 
missing. For molecules of point group C&, if only three identical atoms are present 

11 This name is not used in the literature but appears descriptive and useful. 
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and if the nuclear spin I = \ (for example, NII3, CH3CI) the ratio of the statistical 
weights of the A and E levels is 2 : 1; if I = 1 (for example ND3, CD3CI) the ratio 
is 11 : 8. This alternation does not depend on the statistics of the nuclei. 


For the general rase in which the spin of the three identical nuclei is I, Dennison (279) has shown 
that the weight factors due to the spin are: 


For K divisible by 3 (including zero) : 

1(2/ +1)(4J 2 +47 +3) 

For K not divisible by 3 : 

1(2/ + 1)(4 / 2 + 41) 


(I, 28) 


For molecules of point groups Z> 3 , Dm, and Du there is in addition a difference of 
the statistical weights of the levels with even and odd J for K = 0. This alternation 
docs depend on the statistics of the nuclei. For Bose statistics of the identical nuclei, 



Fig. 9. — Alternation of statistical weights of the rotational levels for 
molecules with a three-fold axis. 


the even levels, called Ai levels (see Fig. 118, p. 408) have a larger statistical weight 
than the odd levels, called A 2 levels, and the opposite holds for Fermi statistics. If 
there arc only three identical nuclei (for example C 03 “, BC1 3 ), and if / = 0 or 1 = J, 
alternate levels are entirely missing; if / = 1 the ratio of the statistical weights is 
10 : 1; if I = § the ratio is 5 : 1; for I = f (as for Cl) it is 14 : 5. 

In tho general case of a molecule of point group with three identical nuclei of spin J, the 
weight factors duo to the nuclear spin for the levels with K 5 * 0 are exactly the same as those given 
in (I, 28) for C 3l) . For K ® 0 the even rotational levels (Ai levels) have the weight factor 

1(2/ +1) (2/ +3) (I +1), 

tho odd levels (A 2 levels) 

5(2/ + 1)(2/ - 1)/. 

if tho nuclei follow Bose statistics; tho converse holds for Fermi statistics [see Placzek and Teller 
(701)]. For K divisible by 3 there is for every J value an A 1 and an A 2 level whose weight factors 
are also given by tho preceding expressions. It will be noticod that tho sum of these does indeed give 
the expression for K divisible by 3 in (I, 28). 
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As in the case of diatomic and linear polyatomic molecules with identical nuclei, 
here also levels with different symmetry in the nuclei do not combine with one another; 
for example, for C 3l> we have A <+» E. As before, this rule holds very strictly even 
for collisions. Thus there are two modifications of a gas consisting of molecules of 
point groups C 3 , C 3w , Cm, and three modifications (Ai, A 2 , and E) for molecules of 
point groups Z) 3 , Dm, and Du- In no case, however, have they as yet been separated. 

The statistical weights for several more complicated cases of symmetric top 
molecules have been given by Placzck and Teller (701), Wilson (933) (938) and 
Schafer (768) (see also Chapter IV, section 2a). 

Thermal distribution of rotational levels. Since the statistical weight and the 
energy depend now on J and K , the population of the various levels in thermal 
equilibrium, 

Nj, K ~gj,Ke-W J ’ K » kT \ (1,29) 

cannot be represented as simply as for diatomic or linear polyatomic molecules. 
For every value of K we have a curve similar to that for diatomic molecules, but 
because of the increase in energy with increasing K the ordinates are reduced, corre- 
sponding to the factor e~ l u-B)K 2 hc/kT] anc j j n addition the levels with J < K are 
missing. This situation is represented in the lower half of Fig. 10a for B = 2, 
A = 10 cm"" 1 , T — 300° K., taking account of the factor 2 in the statistical weight 
for K 0 and assuming a very large spin of the nuclei or a molecule which is a 
symmetric top accidentally and not because of its geometrical symmetry. The 
curve in the upper half represents (on a different scale) the sum of all curves with 
different K , that is, it gives the number of molecules with a certain J independent 
of K. Its maximum is shifted relative to the maximum of the curve for K = 0. 
Figs. 10b and c give similar curves for two actual molecules (NH 3 , B = 9.96, A = 6.29 
cm” 1 , and CH 3 C1, B = 0.48, A = 5.10 cm” 1 ) but taking account of the difference in 
statistical weights produced by the spins of the II nuclei (see Fig. 9). 

Infrared spectrum. As in the case of linear molecules, an infrared rotation spec- 
trum can appear (as dipole radiation) only if the molecule has a permanent dipole 
moment . If the figure axis of the symmetric top molecule is an axis of symmetry, 
which is the usual case, the permanent dipole moment of the molecule lies of necessity 
in this axis. In this case the selection rides for K and J are found to be (see below) : 

A K = 0, AJ = 0, ± 1. (I, 30) 

That no change of K occurs is, according to the correspondence principle, due to the 
fact that in the present case the rotation about the figure axis does not change any 
component of the dipole moment in a fixed direction. In addition, we have the 
symmetry selection rules 

+ <->—, +<+*+, — <+>— (1,31) 

and, for point group C 3u , 

A<+*E, E^E. (1,32) 

Selection rules similar to (I, 32) hold for other point groups (see also Chapter IV). 




Fig. 10. Thermal distribution of rotational levels for symmetric top molecules, (a) for B = 2 , A = 10 cm -1 , T = 300° K without alterna- 
tion of statistical weights, (b) for NH 3 : B = 9.96, A = 6.29 cm -1 , T = 300° K. (c) for CH3CI: B = 0.48, A = 5.10 cm" 1 , T = 300° K. — The 
numbers written on the curves are the K values. The scale of the sum curves above is different from that* of the individual curves below. 
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The rule (I, 31) run always be fulfilled for non-planar molecules since a + and — 
level always occur together (inversion doubling; see above). 12 

Since, in the pure rotation spectrum, AJ = 0 means no transition and AJ = J f 
— J" = — 1 does not apply if, as is usual, ./' refers to the upper and J" to the lower 
state, only AJ = + 1 is of importance; that is, only neighbor- 


ing levels with the same K may combine with one another . In 
Fig. 8 these transitions are indicated. By using (I, 20) (that 
is, neglecting centrifugal stretching) we obtain for the posi- 
tions of the lines in the rotation spectrum, with 1C — K” and 
J' = J" + 1 eh J + 1, 

y = F(J', 1C) - F(J ", K") = 2 B(J + 1). (I, 33) 

This is the same formula as for linear molecules, representing 
a simple series of equidistant lines. The quantum number K 
drops out entirely. The spectrum is the same as would be 
obtained for one value of K only; that is, the various sets of 
levels vertically above one another in Fig. 8 supply the same 
spectrum. Unlike the case of linear molecules, every lino is 
now obtained in a number of different ways corresponding to 
the various values of K f the line numbered ./ in J +1 dif- 
ferent ways. Fig. 11a gives a schematic representation of 
the spectrum. The separation of successive lines is 2 B. If 
this is measured the moment of inertia In about an axis per- 
pendicular to the symmetry axis is immediately obtained 
from (I, 21). 

If centrifugal stretching is taken into account, that is, if 
(I, 27) is used instead of (I, 20), the formula for the spectrum 
becomes, instead of (I, 33) : 

p = 2 /!(./ + 1) - 2 D K jK*(J + 1) 

-4Dj(J + \)\ (I, 34) 

According to this formula the rotation lines arc no longer 
exactly equidistant and also the components with different K 
of each “line” (Fig. 11a) no longer coincide exactly. This 
splitting is shown in Fig. 111). However, the splitting would 
be expected to be exceedingly small and is greatly exagger- 
ated in the figure. If it is not resolved the center of the re- 
sultant “line” will show a shift given approximately by 
g{J + l) 3 where g is not simply 4 Dj. In other words, the 
unresolved lines of a symmetric top follow the same formula 
as the rotation lines of linear molecules. 

The theoretical intensity distribution in the rotation 



spectrum is different from that for linear molecules since here £ 5 ©5 


every “line” consists of a number (/ + 1) of components 


12 In tho case of plane molecules this rule leads immediately to the result that no transitions with 
A K = 0 are possible. Since according to (I, 3(1) these would be tho only ones possible if the figure 
axis is a symmetry axis, it follows that no rotation spectrum for a plane symmetric top molecule 
occurs, in agreement with the fact that it cannot have any permanent dipole moment. 
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which increases with increasing J. This intensity distribution is essentially given 
by the upper curves in Fig. 10; the intensity ratio of lines of high J value to lines 
of low J value is greater than for linear molecules (for which K = 0). For low 
J values the curves have a point of inflexion. There is no intensity alternation 
in the unresolved series of lines even if there arc identical nuclei but the components 
of each line have the intensity alternation strong, weak, weak, strong, • • • in the 
case of molecules with three-fold axes. 

If the permanent dipole moment does not lie in the direction of the figure axis 
(which is only possible for accidentally symmetric tops), in addition to A K = 0 also 
A K =s ± 1 is possible, the former corresponding to the component of the dipole 
moment parallel, the latter to that perpendicular to the figure axis. This gives rise, 
of course, to a rather more complicated spectrum. We shall not discuss it since no 
such case has as yet been observed. 

In order to derive the selection rules for J and K one has to determine the matrix elements of the 
electric dipolo moment M referred to a fixed coordinate system .r/, ///, zj (see Molecular Spectra I, 
p. 1 G) 

72,/ = fM x/ W'*dT, 

R yf - fM vf W'*dT , (I, 35) 

Rtf = / M t/W'*dr, 

where the * indicate the conjugate complex eigenfunctions. The components of the dipole moment 
with respect to a coordinate system fixed in space are related to those with respect to a coordinate 
system x, y . z fixed in the molecule ( z axis = figure axis of the top) by 

M r / — M x ros ct x + M y cos a y + M z cos a z , 

M y f = M x cos fl x + M y cos fl y + M z cos fl z (I, 3(5) 

M z f = M x cos 7 , + M v cos y v -f M z cos 7 * 

where the a x , fl x , 7 , are the angles of the moving x-axis with tho three fixed axes and similarly 
a y , f$ y , y y , ag, flz, 7 *■ 

In the case of non-vibrating symmetric top molecules with a permanent dipole moment, tho 
components M x , M u , M z are constant and the eigenfunctions \J/ are the symmetric top eigenfunctions 
\f/ r of (I, 26). Therefore tho matrix elements are 

R x f = Mx J " cos a x 4'r'l / r'*dTr + My / cos a u \f/ r ''l'r"*dTr + Mx /cos agf/fr^dTr, (I, 37) 

and similarly for 72„/ and 72,/ with fl x , fly, fl t , and y x , y y , y t , respectively. Rather involved calculations 
[see Dennison (278) and Reicho and Rademaker (734) ] show that tho integrals f cos a^ r ^r"*(lr rf 
/ cos a y \J//'l'r ,f *dT r and similarly those with fl x , fl y , y x , y u are different from zero only for AK — ± 1 
and AJ = 0 , =fc 1, while tho integral / cos and similarly those with fl z and 7 , are 

different from zero only for AK = 0 and AJ = 0 ,± 1. In all prat; tic ally important cases (dipole 
moment in figure axis) M x — 0 and M y — 0 and therefore the matrix elements (I, 37) are different 
from zero (that is, a transition is possible), only when AK = 0 and AJ — 0, db 1. 

Tho proof of tho symmetry selection rules is similar to tho corresponding one for diatomic mole- 
cules given in Molecular Spectra I (see also Chapter IV). 

For tho transitions AJ = + 1, AK = 0 the squares of tho matrix elements of the transition 
moment (Mx /) 2 + (M v /) 2 + (M,/) a summed over all possible orientations of J are found to be 
proportional to 

(./ + 1) 2 - K* ^ 

(J + 1)(2 J + 1) ’ 

The intensity of the rotation lines in ahsorjdion is correspondingly given by 

KJ, K)~Cy MV.® (I, 38) 

(J + 1 + I) 

where qjk is the statistical weight of the lower state. Tho factor C depends on tho permanent dipolo 
moment of tho molecule which may thus bo determined if the absolute intensity of the absorption 
lines has been measured [see Foley and Randall (324) ]. 
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Of the few observed cases of far infrared absorption spectra , the molecules NH* 
[Badger and Cartwright (74), Wright and Randall (956), and Barnes (115)], 
ND 3 [Barnes (115)], and PH 3 [Wright and Randall (956)] have indeed been found 
to exhibit each a simple series of very nearly equidistant “lines.” Fig. 12 shows parts 
of the spectra of NH 3 and P1I 3 under fairly high dispersion. 



m PIT * 


Fiu. 12. Far infra-red absorption spectra of (a) NH 3 and (b) PH 3 [after Wright and Randall 
(956) ]. — The absorbing path was 1 cm., tho pressure for 14 lino” 4 of (a) was 8 cm., for “lino” 5 it 
was G.5 and 10 cm. and for “line” G it was 7.3 cm., in (b) the gas pressure was 30 cm. throughout. 

In Table 5 the observed wave numbers are given for the case of PH 3 . In the 
case of NH 3 , Fig. 12a shows that each line is double. This is due to reasons to be 
discussed in section 5d of the next chapter. The observation of such simple spectra 
for NH 3 , ND 3 , and PII 3 proves unambiguously that these three molecules are symmetric 
tops with the dipole moment in the figure axis, that is, that they have a three-fold 
axis. 13 The series of lines can be represented by the formulae 

NII 3 : p = 19.890(JT + 1) - 0.00178(J + l) 3 , (I, 39) 1 * 

ND 3 : v - 10.26(/ + 1) - 0.00045 (/ + l) 3 , (1, 40) 

PH 3 : y = 8.892 (J + 1) - 0.000348(/ + l) 3 . (I, 41) 


TaHLB 5. OBSERVED ROTATION SPECTRUM OF PII 3| AFTER WRIOHT AND RANDALL (95G). 


J 16 

v (cm” 1 ), 
observed 

v (cm l ), 

calculated from (I, 41) 

10 

97.355 

97.35 

11 

106.10 

106.10 

12 

114.84 

114.83 

13 

123.53 

123.53 


13 To be sure, a linear configuration would also give such a simple rotation spectrum. But if 
such a structure were not already excluded for other reasons, a study of tho Raman spectrum and 
the rotation-vibration spectrum would exclude it. 

14 This is the formula given by Dennison (280). Wright and Randall (956) gave a very slightly 
different formula. 

15 Wright and Randall’s J is that of the upper state, while here, as throughout the book, J refers 
to the lower state. 
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The last column of Table 5 gives the values calculated from the formula for PII 3 . 
The coefficient of the linear term, which is very nearly the average distance of suc- 
cessive lines, is 2B. From the coefficients given in (I, 39-41) it follows according to 
(I, 21 ) that the moments of inertia about axes perpendicular to the symmetry axis are 
/n(N II 3 ) =2.815 X10 -10 , /y,(ND 3 ) = 5.457 XIO- 40 , //*(P1I 3 ) =0.290 X10" 40 gin cm 2 . 

Recently Foley and Randall (324) have been able to resolve some of the rotation 
“lines” of NII 3 with high J into the component lines with different K (see Fig. lib). 

If a molecule has a more than two-fold axis and a plane of symmetry perpendicular 
to it (point groups C p j t , D p ;,) or if it has two-fold axes perpendicular to the p-fold 
axis (point groups D p and D p a), it can obviously not have a permanent dipole mo- 
ment, that is, such molecules will not exhibit any pure rotation spectrum in the 
infrared. Conversely, therefore, we can conclude from the observation of a rotation 
spectrum of NII 3 , ND 3 , and PII 3 that these molecules are not plane but have a 
pyramidal structure . 

Rotational Raman spectrum. If a molecule is accidentally a symmetric top, the 
axes of the polarizability ellipsoid of the molecule (see Chapter III, lb and Molecular 
Spectra I, p. 89) do in general not coincide with the principal axes of inertia; that is, 
the dipole moment induced by an external field varies during the rotation of the 
molecule about the figure axis as well as during the nutation about J. Therefore, 
in a light-scattering process (Raman effect) both J and K may change. The selection 
rules derived by Placzek and Teller (701) are 

AJ = 0, 1, ± 2; A K = 0, ± I, =fc 2 (I, 42) 

and 

+ <>+, + *>-. (1,43) 

The resulting rotational Raman spectrum is rather complicated and will not be 
discussed here. No actual case of this type is known. 

As for the 1110 mental ellipsoid (see p. 13), so also for the polarizability ellipsoid 
the rule holds that an axis of symmetry coincides with one of its axes. Therefore, 
if the fact that a molecule is a symmetric top is due to its symmetry, one axis of 
the polarizability ellipsoid coincides with the figure axis, the other two axes being 
equivalent so that the polarizability ellipsoid is a rotational ellipsoid as is the mo- 
mental ellipsoid. In this case, therefore, a rotation about the figure axis, classically, 
is not connected with a change of the induced dipole moment and therefore, quantum- 
thcoretically, a change of K cannot be produced by light scattering. Then we 
have, instead of (I, 42), the selection rule 

AJ = 0, db 1, ± 2 , A K = 0, (I, 44) 

with the restriction that AJ — ± 1 does not occur for K = 0. Of course, (I, 43) 
remains unchanged. I 11 the pure rotation spectrum AJ = 0 of course corresponds 
to the undisplaced line and AJ = J' — J" = — 1, — 2 does not apply (see p. 31). 
Thus for every value of K we have two series of equidistant lines: AJ = + 1 (R 
branch) and AJ = +2 (S branch) on either side of the undisplaced line, with the 
exception of K — - 0 for which the R branch cannot occur . 16 However, since for the 
rigid symmetric, top the rotational levels for various values of K have exactly the 

16 This corresponds to the results for diatomic molecules with A 5 ^ 0 anti A — 0; sec Molecular 
Spectra 1, p. 127). 
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same spacing (see Fig. 8), corresponding lines of the branches for different values of 
K coincide. Thus only two branches, S and R, arc to be expected on either side of 
the undisplaced line. From (I, 20) we obtain for the displacements: 

S branches — 

| | = F(J + 2, K) - F(J, K) = 4 BJ + 6 B, J = 0, 1, • • ■ (I, 45) 

R branches — 

|Ay| = F(J + 1, K) - F(J, K) = 2 BJ + 2 B, J = 1, 2, • ■ •. (I, 46) 

In Fig. 13 the branches are represented schematically. In this figure the Stokes 
R and S branches have been labeled P R and °S branches, since they extend to longer 
wave lengths and thus have the form of F and 0 branches respectively (see Molecular 


Stok.CS 


anti-Stokes 


J-fi 

■S—L 


6 4 


.if I f i f i 1 i t i ? 


'•« J llllllu Ti i nil 1 1 i i 1 1 1 1 1 1 1 1 1 Tn i iTi 1 1 * 


Fid. IS. Rotational Raman spectrum of a rigid symmetric top (schematic). — The bottom 
strip gives the Itanmu spectrum, the two top stups the identifications of the lines. 


Spectra I, p. 273); the anti-Stokes R and 8 branches have been labeled R R and S S 
branches, since they have the form of R and S branches. 17 It is seen from Fig. 13 
as well as by comparing equations (I, 45) and (I, 46) that the lines of the R branches 
with even J coincide with the lines of the S branches. Consequently, there will be 
an apparent intensity alternation which, of course, has nothing to do with the nuclear 
spin and which is not by any means constant, since the lines of the S branches extend 
to larger |Ay| values than do those of the R branches (see below). 

The only example of a rotational Raman spectrum of a symmetric top molecule 
thus far investigated in detail is that of NII 3 [Dickinson, Dillon and Rasetti (287), 
Amaldi and Placzek (42), and Lewis and Houston (576)]. Fig. 14a is a photometer 
curve of the Raman spectrum obtained by Lewis and Houston. It shows clearly the 
strong S branches as well as the weaker R branches (as far as they are not overlapped 
by the S branches). Table 6 gives the wave numbers of the observed Raman 
displacements. 

If the centrifugal stretching is taken into account, that is, if (I, 27) is used instead of (I, 20), 
then instead of (I, 45-46) one obtains for the Raman spectrum: 

S branches — 

1 AH - (4 B - + f) - ADjkKKJ + 3) - 8 J)j(J + ?) 3 (I, 47) 

R branches — 

|AH - 2 B(J -{- 1) - 2 DjkKHJ + 1) - 4 Dj(J + 1)* (I, 48) 

17 The Stokes blanches are called P and O branches by many authors. However, this does not 
appear to be consistent with the intei national nomenclature as adopted for diatomic molecular 
spectra (see Molecular Spectra I, p. 1)6). 
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The terms with DjkK 2 produce a very slight splitting of each “lino” into component lines with 
different K. However, such a splitting has not as yet been resolved. Averaging of the terms with 
Djk and with Dj produces a slight systematic change of the separations of successive lines and also 
causes the even R linos no longer to coincide exactly with the S lines. While this also does not lead 
to an observable splitting, it makes itself felt by the fact that the odd R lines are not exactly half way 
between adjacent S lines. This can bo seen from Table 6, which also shows clearly the systematic 



(a) 



exciting 

Anti-Stokes lino Stokes 

(b) 

Fio. 14. Rotational Raman spectrum of gaseous NH 3 [after Lewis and Houston (576)]. (a) 

Photometer curve; (b) Intensity distribution. — The Raman spectrum was excited by the mercury 
line 2537A which itself is reduced in intensity on the spectrogram because of absorption by Hg 
vapor. The circles in (b) represent the observed intensities, the curves represent the calculated 
values. 

change of the separations. Taking account of the correction terms, Lewis and Houston (576) ob- 
tained from the observed Raman shifts of Table 6 the value R = 9.02 cm -1 , which agrees very satis- 
factorily with the value 13 = 9.945 cm -1 obtained from the infrared rotation spectrum (see p. 33). 
This quantitative agreement as well as the qualitative structure of the spectrum (in particular that 
only lines with AK = 0 occur) shows definitely that NHj is a symmetric top whose figure axis coincides 
with an axis of symmetry (three-fold axis). 
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Placzek and Teller (701) have calculated in detail the intensity distribution in the rotational 
Hainan spectrum of a symmetric top molecule on tho basis of wave mechanics. According to these 
calculations, tho intensity of the lines of the S branches is given by 


W, K) 


Cv * [ a + i)\- ^][( y+2 )^g] 

(. J + 1 )(J + 2)(2 / + 1)(2/ + 3) " 


(I. 49) 


the intensity of tho lines of the R branches is given by 


Ir(J, K) 


Cv 4 


2 /?[(/ + l) 2 - K?j 

g. e EJkT. 


J(J 4- 1)(J + 2)(2J -f 1) 


(I, 50) 


In these equations C is a constant which depends on the difference in polarizability in tho direction 
parallel and perpendicular to the figure axis, v is the frequency of the particular Raman lino, J and K 
are the quantum numbers of tho lower state, g% and Ei are tho statistical weight and the energy ro- 


TahLK G. OBSERVED ROTATIONAL RAMAN SHIFTS OF GASEOUS NH 3 (AVERAGE OF STOKES 
AND ANTI-STOKES LINES) AFTER LEWIS AND HOUSTON (576). 
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1 

2 

99.17 

138.62 

39.45 

39.G3 

39.67 
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20.15 

19.6G 

3 

178.25 

39.25 

79.48 

19.69 

4 

217.50 

39.42 

(99.17) 

20.08 

5 

256.92 

38.98 

119.25 

19.37 

G 

295.9 

38.6 

(138.62) 

19.76 

7 

334.5 

38.0 

158.38 

19.87 

8 

372.5 19 

39.4 

(178.25) 

19.13 

9 

411.9 

38.0 

197.38 

20.12 

10 

449.9 

3G.3 

(217.50) 

19.0 

11 

48G.2 


236.5 



spectively of the initial state. Since all lines with different K coincide in the observed Raman spec- 
trum, for a comparison with experiment one has to sum over all values of K for a given J. In doing 
so one has to take account of the difference in statistical weight introduced by nuclear Bpin (sco 
p. 27f.). Lewis and Houston (576) have carried out such a comparison. Fig. 14b gives tho theoretical 
curves and the experimental points. In order to evaluato tho theoretical intensity distribution, an 
assumption had to bo made about tho moment of inertia I a which can bo obtained from other data 
(see p. 437). However, the intensity distribution is not very sensitive to its exact value. It is scon 
from Fig. 14b that the intensity distribution reflects in a general way tho thermal distribution of tho 
rotational levels (see top curve in the previous Fig. 10b). It should be noted that the R branches 
fade out at a much smaller distance from tho exciting lino than the S branches, although of course 
at about tho samo J values. 


3. Spherical Top Molecules 

If a molecule has two or more three-fold or higher-fold axes there are two or 
more different planes each of which intersects the momental ellipsoid in a circle 
(see p. 22). Obviously this can only be true if the momental ellipsoid is degenerated 
into a sphere. Therefore the momenta of inertia about all axes going through the center 

18 Tho values in brackets refer to R lines that coincide with S lines. 

19 Overlapped by mercury line. 
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of mass are exactly equal. The molecule is a spherical top. This is the case for all 
molecules belonging to the cubic point groups, for example CITi, GCb, if they have 
tetrahedral structure (point group Tf), or S F 6 , if it has octahedral structure (point 
group Oh ). Of course a molecule may accidentally have all three principal moments 
of inertia equal, that is, be a spherical top, even when it has lower than cubic sym- 
metry. For example, the Nil;* molecule would be a spherical top, although it 
has only one three-fold axis ( C 3,,), if the angle between the Nil bond and the axis 
were 52 °3'. 

Classical motion. For a spherical top, unlike a symmetric top, the instantaneous 
axis of rotation coincides always with the total angular momentum P, 20 Or, in other 
words, we have a simple rotation of the molecule about an axis fixed in space which 
may have any orientation with respect to the molecule. Any axis fixed in the 
molecule may be considered as figure axis and describes a simple rotation about P, 
The component of P along any axis fixed in the molecule is a constant. The fre- 
quency of rotation about such a “ figure axis” is zero according to (I, 19). The 
cone fixed in space mentioned in discussing the motion of the symmetric top (Fig. 7) 
shrinks into a line. 

Energy levels. The energy levels of the spherical top arc obtained from those of 
the symmetrical top [equation (I, 20)] by putting I a = In, that is, A = B, We 
obtain 

F{J) - BJ(J + 1). (1,51) 

The energy depends on .7 only and in exactly the same way as for the simple rotator 
(linear molecule with A = 0; see Fig. 4). All values of .7 from 0 up are possible. 

The above holds for a rigid spherical top. For a non-rigid spherical to]), in the 
vibrational ground state, we have to add to (1,51) a small term — DJ 2 {J + l) 2 
similar to that for linear molecules (see also Chapter IV, section 3a). 

Statistical weights and symmetry properties. Since the spherical top may be 
considered as a symmetrical top with A = B } that is, one in which all levels with the 
same J but different K (see Fig. 8) coincide, it is (dear that, in view of the possible 
values of K and the double degeneracy for K 9^ 0 (sec above), for the spherical top 
every level of a given J has a (2,7 + l)-fold degeneracy in addition to the ordinary 
(2/ + l)-fold space degeneracy. The first degeneracy corresponds to the fact thac 
J may have 2 J + 1 orientations with respect to a fixed direction in the molccidc; 
the second degeneracy corresponds to the fact that J may have 2.7 + 1 orientations 
with respect to a direction fixed in space. Thus the statistical weight of a level with 
a given J is (2 J + l) 2 , which is quite different from the case of linear molecules. 

The factor (2 J + l) 2 gives, apart from a constant factor corresponding to the 
nuclear spin (see p. 27), the complete statistical weight only for a molecule that is 
accidentally a spherical top or one in which the spins of the identical nuclei are very 
large. If the molecule is a spherical top by virtue of its symmetry, and if the spins 
of the identical nuclei are small, the additional factor by which the space degeneracy 
2 J + 1 has to be multiplied in order to obtain the total statistical weight is not 
simply 2.7 + 1 times the nuclear spin factor. As will be shown in more detail in 

20 This is because P x = J x «x. Py — IyO) y < P z = IzO> t (see p. 21), and ht»re I x = ly = 1 2 . There- 
fore the vectors P and G) have the same direction. 
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Chapter IV, there are, in the case of tetrahedral molecules (point group TJ) such as 
CH 4 , CD 4 , CC1 4 , P 4 , three types (i species ) of rotational levels called A, E, and F which 
are analogous to the a and s levels of linear symmetric molecules and the A and E 
levels of molecules with a three-fold axis. It turns out that except for the lowest 
rotational levels all three species occur for a given J . 21 The number of component 
levels of each type varies in a rather complicated way which can be calculated from 
group theory, as has been done by Wilson (93.3) and Maue (605) (see Chapter IV 
section 3a). Table 7 gives for the first fifteen rotational levels the statistical weights 
for the cases in which there is only one set of four identical nuclei (as in C1I 4 , • • •) 
and the spin of these nuclei is I = 0 or I = J or I — 1 or I — § • the case 


Table 7. statistical weights of tiie rotational levels of tetrahedral molecules with 

ONE SET OF FOUR IDENTICAL ATOMS OF SPIN I. 

The statistical weights are given as products whose second factor is (2 J -f 1). 


J 

0 

A 

Total 

A 

Nuclear 

quintet 

/ - 

U 

Nuclear 

singlet 

■ 2 

F 

Nuclear 

triplet 

Total 

I = 1 
Total 

1 = § 

Total 

0 

1 X 1 

5 X 1 

0 x 1 

0 X 1 

5 X 1 

15 X 1 

36 X 1 

1 

0 X 3 

0 X 3 

0X3 

3X3 

3 X 3 

18 X 3 

60 X 3 

2 

0X5 

0X5 

2X5 

3X5 

5X5 

30 X 5 

160 X 5 

3 

1X7 

5X7 

0X7 

0X7 

11 X 7 

51 X 7 

156 X 7 

4 

I X 9 

5 X 9 

2X9 

0X9 

13 X 9 

03 X 9 

190 X 9 

5 

0 X 11 

0 x 11 

2X11 

9 X 11 

11 X 11 

60 X 11 

220 X 11 

0 

2 X 13 

10 X 13 

2 X 13 

9 X 13 

21 X 13 

90 X 13 

292 X 13 

7 

1 X 15 

5 X 15 

2 X 15 

12 X 15 

19 X 15 

99 X 15 

310 X 15 

8 

1 X 17 

5 X 17 

4 X 17 

12 X 17 

21 X 17 

111 X 17 

350 X 17 

9 

2 X 19 

10 X 19 

2 X 19 

15 X 19 

27 X 19 

132 X 19 

412 X 19 

10 

2 X 21 

10 X 21 

4 X 21 

15 X 21 

29 X 21 

144 X 21 

452 X 21 

11 

1 X 23 

5 X 23 

4 X 23 

18 X 23 

27 X 23 

147 X 23 

476 X 23 

12 

3 X 25 

15 X 25 

4 X 25 

IS X 25 

37 X 25 

177 X 25 

548 X 25 

13 

2 X 27 

10 X 27 

4 X 27 

21 X 27 

35 X 27 

180 X 27 

572 X 27 

14 

2 X 29 

10 X 29 

0 X 29 

21 X 29 

37 X 29 

192 X 29 

612 X 29 

15 

3 X 31 

15 X 31 

4 X 31 

24 X 31 

43 X 31 

213 X 31 

668 X 31 


7 = 0 only one species (.4) of the rotational levels actually occurs (analogous to the 
case of linear molecules). For I = \ the three species of rotational levels may be 
described as nuclear quintet , singlet , and triplet respectively; that is, one species corre- 
sponds to a resultant nuclear spin T = 2 (all spins parallel), the second to T = 0 
and the third to 7 = 1. In Table 7 the statistical weights in this case are given 
separately for the three species. It should be noted that only the levels J = 0 and 
J = 1 have but one species of component levels. It can be seen from Table 7 that 
for large J the total statistical weights become approximately proportional to 
( 2 / + 1 ) 2 . 

Just as for linear and symmetric top molecules with identical nuclei, here levels 
with different symmetry in the nuclei do not combine witli one another to any sig- 

21 This is analogous to the fact that for linear molecules with A ^0 (II, A • * • states) a symmetric 
and an antisymmetric level occur for every 7, 
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nificant extent; that is, 

A ^ E y A ^ F f E *+* F, (I, 52) 

Therefore there are three modifications of tetrahedral molecules with I > 0 analogous 
to ortho and para modifications of diatomic molecules. They arc referred to as the 
A, Ey and F modifications , or in the case 7 = J as the nuclear quintety singlet f and triplet 
modifications , 22 The abundance ratios of these three modifications for high rotational 
levels approach the values 5:2:9 for I — 15 : 12 : 54 for 7 = 1, and 3G : 40 : 180 

for I = § . These are independent of the statistics of the nuclei as are also all the 
individual weights in Table 7. 

Thermal distribution of rotational levels. Only for a molecule that is accidentally 
a spherical top is the population of the rotational levels in thermal equilibrium given 
by a smooth curve as a function of J : 

Nj ~ (2/ + i y e -vuv+mcikn t (I, 53) 

Such a curve is given in Fig. 15a for B — 5.25 enr 1 and T — 300° K. It should be 
noted that unlike the case of diatomic and linear polyatomic molecules the distribu- 



Fio. 15. Thermal distribution of rotational levels for spherical top molecules (a) accidentally 
spherical top: B = 5.25 cm." 1 , T = 300° K; (b) CH 4 : B = 5.25 cmr 1 , T = 300° K; (c) CD 4 : B = 2.65 
cm.” 1 , T = 300° K. — In (b) and (c) the light curves give the contributions of the throe modifications 
A , E and F of CII 4 and CD 4 separately, the heavy curve gives their sum. The ordinate scale is the 
same in (a), (b) and (c), the total number of molecules being assumed to be the same. 

tion function does not rise linearly for small J but quadratically, similar to the distri- 
bution function for symmetric top molecules (see upper curves in Fig. 10). 

If the molecule is a spherical top on account of its symmetry the statistical weights 
in Table 7 or similar ones in other cases have to be used in order to obtain the thermal 
distribution. This does not result in a smooth variation. In Fig. 15b the heavy 
solid u curve” gives the population of the rotational levels for CIT4 (7 = £), assuming 
B — 5.25 cm" 1 , T = 300°. The light curves give the contributions of the three 

22 Mauo (605) has introduced the names meta-, para-, and ortho-modifications which, however, 
leads to confusion for 7 = f . 
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modifications. Fig. 15c gives the corresponding curves for CD 4 (/ = 1, B = 2.65 
cm -1 ). For large J values, and therefore always for sufficiently high temperatures, 
the distribution is very well approximated by (I, 53) (Fig. 15a). Most spherical 
top molecules other than CII 4 , CD 4 , SiH 4 , SiD 4 and so on, have very small B values, 
and therefore, at all temperatures at which they are in the gaseous state, essentially 
only high J values matter, that is, (I, 53) can be used. 

If the temperature of CH4 gas is lowered sufficiently, at first all molecules of modification A go 
into the lowest A state, which is J = 0; all molecules of modification F go into the lowest F state, 
which is J = 1 ; and all molecules of the modification E go into the lowest E state, which is J =2. 
Because of the extremely small transition probability between the three types of states [rule (I, 52)], 
thermal equilibrium, in which practically all molecules are in the state J = 0, is established only 
after a very long time. Once it has been established all molecules belong to tho A modification. If 
now tho temperature were raised again, at first the molecules would go only to tho higher A states 
and one would thus have obtained tho A modification separately (similar to tho production of para- 
hydrogen). In the A modification (see Table 7) tho rotational levels J = 1,2, and 5 do not occur. 
Up to the present time not even a partial separation of the CII 4 modifications has been obtained 
experimentally. 

Infrared spectrum. As always, a pure rotation spectrum can occur only if the 
molecule has a permanent dipole moment. If a molecule has an axis of symmetry 
the permanent dipole moment must necessarily lie in this axis. Therefore, if a 
molexule has two or more ( non-coinciding ) axes of symmetry its permanent dipole moment 
must be equal to zero . This is the case for all molecules that are spherical tops on 
account of their symmetry, that is, molecules that belong to any of the cubic point 
groups, such as CH 4 , SFg, and others. 23 Therefore they do not exhibit any infrared 
rotation spectrum. Only if a spherical top molecule is accidentally a spherical top 
can it have a non-zero dipole moment and therefore an infrared rotation spectrum . 
The selection rule for J in this case is simply AJ = 0, =fc 1 of which only AJ = + 1 
is of importance. One obtains a series of equidistant lines as for the symmetric top. 
The separation of successive lines is 2 B. Actual examples of this case are not known. 
NH 3 would be such a case if the angle of N — II with the symmetry axis were 52°3' 
(which it actually is not). 

It should be noted that the structure of the far infrared rotation spectrum alone does not allow 
a differentiation between a symmetric top molecule and one that is accidentally a spherical top since 
the position of the rotation lines of the symmetric top does not depend on the moment of inertia 
about tho figure axis. However, in principle a decision between the two alternatives from the rota- 
tion spectrum alone would be possible by accurate intensity measurements. A slight difference of 
intensity distribution in the case of a symmetric top and a spherical top with the same B value arises 
since for tho latter all levels with different K coincide and thus have the same Boltzmann factor, 
whereas they do not coincide and have different Boltzmann factors for tho former. 

Rotational Raman spectrum. As mentioned before, an axis of symmetry is 
always an axis of the polarizability ellipsoid. A three-fold axis of symmetry causes 
the polarizability ellipsoid to be a rotational ellipsoid and therefore two or more 
three-fold (or higher-fold) axes cause it to be a sphere . This is the case for all mole- 
cules that are spherical tops on account of their symmetry (and for no others); 
that is, for molecules like CH 4 , SF 6 if they have cubic symmetry. For any rotation 
of such a molecule the dipole moment induced by an external field remains unchanged 
and therefore no rotational Raman spectrum appears. Actually a number of authors 

23 They are, of course, not the only molecules with zero dipole moment. 
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[for example, Bhagavantam (147) and Lewis and Houston (570)] have tried to find 
the rotational Raman spectrum of CII4, but without success, as was to be expected 
from the above consideration. Conversely, the absence of a rotational Raman spec- 
trum proves that CH4 has tetrahedral symmetry (point group Td ). 

Again, if cho molerulo is accidentally a spherical top the polarizability ellipsoid is in general not 
a sphere :»nd a rotational ltaman spectrum may occur. The selection rule for J is AJ =•= 0, ±1, ±2 
and one obtains an It and an S branch of spacing 2/1 and AH respectively on either side of the exciting 
line, just ns for the symmetric; top. However, the intensity distribution is slightly different, as in tho 
ease of the infrared rotation spectrum (see above). Lewis and Houston (570) in their investigation 
of tho rotational Raman spectrum of NH 3 by careful measurement of the intensities have indeed 
been able to rule out definitely tho possibility that NH 3 is accidentally a spherical top, in agreement 
with other evidence (see Chapters II and IV). 


4. Asymmetric Top Molecules 

If a molecule has no three-fold or higher-fold axis, all three principal moments of 
inertia are in general different and the molecule is an asymmetric top. This is the 
case for the great majority of polyatomic molecules. For example, the molecules 
II 2 0, C 2 H 4 , II 2 C0 are asymmetric tops. 

Classical motion. As always, the total angular momentum P of the system re- 
mains constant in magnitude and direction during the rotational motion. However 
there is no longer (as for the symmetric top) a direction in the molecule along which 
P has a constant component. In other words, there is in general no axis fixed to the 
molecule that carries out a simple rotation about P (as does the figure axis of the sym- 
metric top). The actual (classical) motion can be illustrated in the following way 
[sec Schuler (772)]: By multiplying each radius vector in the momenta! ellipsoid by 
V 2 T where T is the (constant) kinetic energy of rotation, one obtains the so-called 
energy ellipsoid , which is exactly similar to the momenta! ellipsoid, and like the hitter 
is fixed to the molecule. If this energy ellipsoid, with its center (the center of mass 
of the molecule) fixed in space, rolls without slipping on a fixed plane perpendicular to 
the total angular momentum P, the resultant motion of the molecule (fixed to the 
ellipsoid) will be one of the possible motions for the particular value of the kinetic 
energy and the particular direction of P, This is illustrated in Fig. 16a in which a 
is the curve of the successive points of contact on the ellipsoid and b the curve formed 
by these contact points on the plane. The plane is called the invariable plane , since 
for the free motion of the top it remains unchanged. Which of the infinite number 
of possible positions the plane has for a given kinetic energy depends on the initial 
conditions (direction and magnitude of the initial angular velocity). 

It is important to realize, as should be clear from Fig. 16a, that tho direction of 
any one axis of the ellipsoid does not simply describe a circular cone about P but a 
more complicated conical surface which is not closed. This same nutation applies 
to any (two-fold) symmetry axis the molecule might have since such an axis coincides 
with one of the principal axes. The intersection of the conical surface of nutation, 
whose vertex is at the center of mass, with the invariable plane is shown in Fig. 
16b, c, and d for three different positions of the latter. Only when the ellipsoid is 
a rotational ellipsoid, that is, when the molecule is a symmetric top, will the axes 
describe simple circular cones for any position of the invariable plane. 



1,4 


ASYMMETRIC TOP MOLECULES 


43 


The instantaneous axis of rotation is the line (marked in Fig. IGa) 21 connecting 
the point of contact of the energy ellipsoid and the invariable plane with the center. 
It is seen that in the general case it, too, describes a more complicated conical surface 
both with respect to a fixed coordinate system and one fixed in the molecule. 25 






(•) ( ,i) 

Fkj. 10. Classical motion of the asymmetric top [after Sc huler (772)]. (a) Energy ellipsoid 

and invariable plane, (b) Nutation of axis of smallest moment of inertia, (c) Nutation of axis of 
largest moment of inertia, (d) Nutation of axis of intermediate moment of inertia. — The three 
curves (b), (c) and (d) correspond to different positions of the invariable plane such that d is slightly 
smaller than the particular axis of the energy ellipsoid. 

If the distance d of the invariable plane from the center equals the length of any 
one of the semiaxes of the energy ellipsoid (and only then) we obtain a simple rotation 
about that principal axis as a special case of the rotational motion of the asymmetric 
top. If the distance d is somewhat smaller than the largest axis or somewhat larger 
than the smallest axis of the energy ellipsoid, the motion is somewhat similar to that 
of the symmetric top: The nutation of the axes takes place between two circular cones 
of not very different radii as in Fig. 16b and c. But if d is near the length of the 
intermediate axis the nutation is quite different: the nutation takes place between 
two opposite circular cones; the point of intersection of each principal axis with the 
invariable plane moves out in a spiral as in Fig. 16d and periodically comes back; the 
molecule turns over almost completely during one such “period.” 

24 Thu length of this line is equal to the magnitude of the instantaneous angular velocity which 
varies in the course of time both in direction and magnitude, whereas for the symmetric top it is 
constant in magnitude. 

25 This conical surface and the one dcscril>od by a principal axis, incidentally, in the case of the 
symmetric top go over into the two circular cones shown in Fig. 7. Or conversely, we may also 
consider the motion of the asymmetric top as the rolling of a conical surface fixed to the molecule 
on one fixed in space. 
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Energy levels. The energy levels of the asymmetric top, according to quantum 
mechanics, cannot be represented by an explicit formula analogous to that for the 
symmetric top (I, 20). Therefore let us first try to get a qualitative picture of the 
energy-level diagram. The total angular momentum 7 in a given energy level, as 
always, is constant in direction and magnitude. It is quantized, that is, its magni- 
tude has the values Vt(7 + l)(h/2ir), where 7 = 0, 1, 2 • • Every level of the 
asymmetric top is characterized by a certain value of the quantum number 7. For 
a symmetric top there are 7 + 1 sublevels of different energy for each value of 
7 namely those with K = 0, 1, 2 • • • 7, of which all but one ( K = 0) are doubly 
degenerate. In passing from the symmetric to the asymmetric top this degeneracy 
is removed, since there is no longer a preferred direction which carries out a simple 
rotation about 7. Thus for each value of 7, there are 27 + 1 different energy levels. 

For a slight deviation from the symmetrical top the splitting of the “originally ” 
degenerate levels is slight and we obtain the energy-level diagram to the right or 
left in Fig. 17. The splitting is quite analogous to the A-type doubling of diatomic 
molecules and may be called K-type doubling . It increases with increasing 7 but 
decreases with increasing K (corresponding to A for diatomic molecules). For slight 
deviations from the symmetric top the quantum number K is still approximately 
defined but for larger deviations it has no longer any definite meaning. In fact there 
is no quantum number having a definite physical meaning that distinguishes the 
27 + 1 different levels with equal 7. Therefore it is general usage to distinguish 
them simply by a subscript r added to 7 such that r takes the values 

r = - 7, - 7 + 1, - 7 + 2, • - ■ + 7, (I, 54) 

assigning the lowest t = — 7 to the lowest level in the group, the next lowest 
r = — 7 + 1 to the next lowest level, and so on. This is also indicated in Fig. 17 
for 7 = 0, 1, 2, 3, and 4. 

Classically, motions with the same total angular momentum are obtained from that described 
by Fig. 16a if the invariable plane is shifted and the size of the energy ellipsoid changed simultaneously 
in such a way that 2 T/d = |P| remains constant. According to quantum theory, of the infinite 
number of such motions only 2 J -f~ 1 occur, corresponding to 2 J -\ 1 positions of the invariable plane 
and 2/ -j- 1 associated sizes of the energy ellipsoid. For the lowest position of the plane (largest d) 
and the highest energy (largest 2 T), the energy ellipsoid has its largest axis perpendicular to the plane, 
that is, we have a simple rotation about the axis of smallest moment of inertia. Kvcn though the 
highest quantum-theoretical level r = + 7 does not have exactly the highest classical energy, wo 
can conclude that it corresponds approximately to a rotation about the axitt of least moment of inertia 
(for the limiting symmetric top that has this axis as figure axis it is the level K — J, at the right in 
Fig. 17). Similarly it can bo seen that the lowest level r = - / corresponds approximately to a 
simple rotation about the axis of largest moment of inertia ( K = J for the limiting symmetric top with 
this axis as figure axis, at the left in Fig. 17). 


Let us call the three principal moments of inertia of an asymmetric top, in order 
of increasing magnitude, I a, Ib, and Ic, and let us introduce, similar to the nomen- 
clature for the symmetric top, 26 the quantities 


A 


_ h_ 

8w 2 cIa ’ 


8ir 2 cln 1 


C = 


h 

8 ? r 2 cl c 


(I, 55) 


28 In reading the literature on tho subject it should l>e noted that some authors uso A, B t and C 
for the moments of inertia, which however is not consistent with the international nomenclature for 
diatomic molecules. 
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We may then compare the energy levels of this asymmetric top with two limiting 
cases, one in which Is — Ic (prolate symmetric top) and the other in which In = I a 
(oblate symmetric top). By letting In decrease gradually from In — Ic to In — I a 
we can expect to find a continuous change of the energy levels. In the first limiting 
case (Ib = Ic) the energy levels are, according to (I, 20), given by 

F(J } K) = BJ(J + 1) + (A - B)K 2 . (I, 56) 

These levels are indicated to the extreme right in Fig. 17 but, unlike Fig. 8a, levels 
with different K are not plotted in separate vertical columns. In the second limiting 
case (Ib = I a), replacing A by < 7 , we obtain 

F(J , K) = BJ(J + 1) + (<7 - B)K 2 . (I, 57) 

These levels are plotted to the extreme left in Fig. 17. This part of Fig. 17 corre- 
sponds to Fig. 8b. It should be noted that while at the right for a given J the energy 
increases with increasing K } at the left it decreases with increasing K since C < B < A, 


J K 



Fig. 17. Energy levels of the asymmetric top; correlation to those of symmetric tops. 


A little toward the inside from the extreme right and left in Fig. 17 are plotted 
the energy levels of the respective slightly asymmetric tops for which the levels with 
K ^ 0 are split into two components. In a very rough approximation the energy 
levels in any intermediate case are obtained simply by connecting by smooth curves the 
levels of a given J on the right , without intersection , with the levels of the same J on the 
left side . This is accomplished by connecting the lowest level of a given J on the 
right with the lowest one of the same J on the left giving the J~j level, the next 
lowest on the right with the next lowest on the left, giving the 1 level, and so on. 
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It is seen from Fig. 17 that the arrangement of the levels in an intermediate case 
(obtained as the points of intersection of the connecting lines with a vertical line) 
is rather irregular. 

It should be noted that with increasing J the groups of levels with given J (even 
in the limiting cases) overlap one another. In fact, in many cases they do so even 
for very low J values. That they do not overlap in the figure is due only to the fact 
that A — C has been chosen smaller than cither A or C. It can be seen qualitatively 
from the figure that if B is half-way between A and C [that is, B = .J-(A + G Y )], the 
energy levels for a given J are symmetrically situated with respect to the central 
level Jiu This is confirmed by actual calculations. 

Fairly elaborate calculations are necessary in order to obtain a representation of 
the energy levels of the asymmetric top by quantitative formulae. Such calculations 
have been carried out by Witmcr (940), Wang (912), Kramers and Ittmann (539) 
(540), Klein (515), Ray (725), and others. The energy formulae may be written in 
different forms. Two of these have been used in numerical calculations. The first 
of these energy formulae, due to Wang (912), is 

F(Jr) = l(B + C)J(J + 1) + [A - i(B + C)]W r ; (I, 58) 

the second formula, due to Ray (725) as corrected by King, Hainer, and Cross 
(504) is 

F(J r ) = |(A + C)J{J + 1) + HA - C)E t . (I, 59) 

In those equations W T and E T arc closely related quantities that depend in a compli- 
cated manner on A, B, C y and J, and for a given J assume 2J + 1 different values 
corresponding to the 2J + 1 sublevels mentioned above. The 2J + 1 values of IF, 
or E t for a given J arc the roots of a secular determinant of degree 2J + 1. However, 
fortunately, this determinant can be factored into a number (four for J > 2) of 
determinants of smaller degree leading to a number of algebraic equations in each 
case. Even so, the degree of these algebraic equations increases linearly with /, so 
that it is exceedingly laborious to determine the energy levels when the moments of 
inertia are known. 

The algebraic equations for \V T for J = 0 to / = G are, according to Nielsen (660) 
[as corrected by Randall, Dennison, Ginsburg, and Weber (712)]: 

J = 0: 

Wo = 0 

J = 1: 

W T = 0 

W T 2 - 2 W T + (1 - b 2 ) = 0 

J = 2: : (I, 60) 

Wr - 1 + 36 = 0 
Wr - 1 - 36 = 0 
Wr -4 = 0 
Wr 2 - 41V r - 12W = 0 
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J = 3: 


J = 4: 


Wr -4 = 0 
W 2 -4 \V T - m 2 = 0 
Wr 2 - (10 - 66)JF T + (9 - 546 - 15b 2 ) = 0 

W 2 - (10 + 66) IV T + (9 + 546 - 156 2 ) = 0 

W 2 - 10(1 - 6) W T + (9 - 906 - G36 2 ) = 0 

W 2 - 10(1 + b)W T + (9 + 906 - 63 6 2 ) = 0 

W 2 - 20 W T + (64 - 286 2 ) = 0 
W T 2 - 20 W 2 + (64 - 2086 2 ) W T + 2880 6 s = 0 


(I, 60 continued) 


J = 5: 


Wr 2 - 20 W T + 64 - 1086 2 = 0 
W 3 - 201F r 2 + (64 - 5286 2 ) W T + 67206 2 = 0 

W T 3 - W 2 (35 - 156) + 1F T (259 - 5106 - 2136 2 ) 

- (225 - 33756 - 42456 s + 6756*) = 0 

TF r 3 - 1K t 2 (35 + 156) + 1F T (259 + 5106 - 2136 2 ) 

- (225 + 33756 - 42456 s - 6756 3 ) = 0 

J = () f; 

Wr 3 - TF r 2 (35 - 216) + 1K t (259 - 7146 - 5256 2 ) 

- 225 + 47256 + 91656 2 - 34056 3 = 0 

W r 3 - TF r 2 (35 + 216) + TF r (259 + 7146 - 5256 2 ) 

- 225 - 47256 + 91656 2 + 34056 3 = 0 

lK r 3 - 56 W T 2 + 1F T (784 - 3366 2 ) - 2304 + 99846 2 = 0 

WS - 56TF t 3 + !F r 2 (784 - 11766 2 ) - JK r (2304 - 53,6646 2 ) 

- 483,8406 2 + 55,4406 4 = 0 


In tliosc equations the parameter 6 is an abbreviation for 

7 C ~ B 

2 [A - J(* + CO j 


(I, 61) 


In order to find, for example, the energy values for J = 5, one would have to solve 
the quadratic equation and the three cubic equations given under J = 5 in (I, 60) 
and substitute the eleven different W r values into (I, 58). The lowest value of W r 
obtained from the set of equations for a given J is IK-/, the next lowest W-j+ 1 , 
and so on. Nielsen (660) has given the equations up to J = 10 and Randall, 
Dennison, Ginsburg, and Weber (712) have given the equations for J = 11 as well 
as a list of typographical errors in Nielsen’s equations. Further equations for larger 
J values have not been worked out but could be derived comparatively easily from 
Wang’s (912) general equations. 

The equations for E r in (I, 59) are obtained from (I, 60) by substituting E t /k for 
W r and 1/k for b where 

2[R - UA + Ol 
A - C 


K 


(I, 62) 
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As B is allowed to vary from C to A, as in Fig. 17 — that is, in going from the prolate 
to the oblate symmetric top — k goes from —1 to +1 whereas b goes from 0 to — 1. 
In the most asymmetric top (for fixed C and A), when B is half-way between A and C , 
the parameter k = 0 while b — — If one wants to calculate the energy levels for 
a series of asymmetric tops between the two limiting cases, it is preferable to use 
equation (I, 59), since Ray (725) has shown that, for any given J, 

E t (k) = E- T (- k). (1,63) 

Thus it is only necessary to calculate the energy values on one side of the most 
asymmetric case (#c = 0). Those on the other side are then immediately given by 
(I, 63) and (I, 59). Recently King, Ilaincr, and Cross (504) have given an exceed- 
ingly useful table of the E t (k) values for J = 0 up to J = 11 and for k = 0, — 0.1, 
— 0.2, • • • — 1.0. Fairly accurate energy values for intermediate k values may be 
obtained from this table by interpolation. 

For a few levels, by combining (I, 58) (I, 60) (I, 61) simple formulae for the 
energies are obtained: 

F( 0 0 ) = 0; 

F(l_i) = B + C 9 F( 1 0 ) = A + C, F( l+i) = A + B; 

F( 2_0 = A + B + 4(7, F(2 0 ) = A + 4tf + C, F(2 +1 ) =4 A + B + C; (I, 64) 

F(3 0 ) =4 (A + B + C ). 

In the limiting case of the prolate symmetric top (B = C, b = 0, k = — 1), as 
can be verified immediately from the equations (I, 60), W T assumes the values, 0, 
l 2 , 2 2 f 32 . . . j 2 , as should since W T is then equivalent to K 2 in (I, 56) for the sym- 
metric top [J (B + C) is then equal to R]. A comparison of (I, 59) and (I, 56) shows 
that E r in this case assumes the values 2 K 2 — J(J + 1) with K = 0, 1, 2, •••«/. 
In the limiting case of the oblate symmetric top (B = A, 6 = — 1, k ~ + 1), 
(I, 58) and (I, 59) must go over into (I, 57) ; that is, W T and E r become equal to 
J{J + 1) — 2 K 2 as can be verified easily for the lowest J values from equations (I, 60). 

From Fig. 17 as well as from equations (I, 60) it is seen that for the asymmetric 
top there are no simple scries of rotational levels as there are for the symmetric top. 
However, to a certain approximation, particularly for slightly asymmetric tops , simpler 
formulae giving such series of levels may be developed and used to advantage, even 
though they are not sufficient for an accurate representation [sec Mecke (612) (614)]. 
Since W T in the prolate limiting case (B = C) is equivalent to A 2 , it is to be expected 
from (I, 58) that for a slightly asymmetric top near this case, 

FproiatcG/, K) = l(B + C)J{J + 1) + [A - \{B + C)]K 2 , (I, 65) 

with integral K < J, will give a fair representation of the energy levels. Similarly, 
near the oblate limiting case, we would have 

F O biato(«/ y K) = l(A + B)J(J + 1) + [C - K A + B)W. (I, 66) 

In the first case the two highest levels J+j and for each J (for which K = J; 

see Fig. 17) are given by 

HF{J W ) + F(./ + ,-!)] = AJ 2 + i(B + C)J; (I, 67) 

in the second case, the two lowest levels ( K = J) are given by 

-£[F(/_j) + F(./_ J+1 )] = CJ 2 + l(A + B)J, 


(I, 68) 
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By taking account of the difference between K 2 and W Tf Mecke (612) obtained, instead of (I, 67) 
and (I, 68), 

JOV+j) + /'’(•/+ J-.)] -AJ* + \{B + C)J - \{B - C)J=~j 6 ( 1 + .f) 1 (I - 69) 


2 j 1 / fy*z \ 

i [W-j) + = CJ 2 + i (A + B)J - l( A - B)J — - b* f 1 + — J , (I, 70) 

where b is given by (I, 61) and 


6 * = - — 


B - A 


2[C’ - i U + *)] 


(I. 71) 


The equations (I, 69) and (I, 70) hold to a fairly good approximation even for strongly asymmetric 
tops and may then both be applied to the same top. 

Wang (912) [see also Mecke (014)] has given formulae for the splitting of the 
levels that are degenerate in the limiting symmetric tops. Instead of reproducing 
these formulae we give in Fig. 18 a graphical representation of the variation of the 
energy of the levels with K = 0 to 4 as a 
function of J [after l(B + C)J(J + 1) has 
been subtracted] for the case of a very slight- 
ly asymmetric (nearly prolate symmetric) 
top. It is seen that the splitting (A-type 
doubling) increases with increasing J but 
much less rapidly for the higher K values. 

Also it is seen that the average of the levels 
of the same K deviates from a horizontal, that 
is, does not follow exactly \{B + C)J(J + 1). 

As is easily verified from equations (I, 60) 

(without solving them), the average of all levels 
with a certain J follows accurately the form- 
ula for the simple rotator with an average 
rotational constant [see Mecke (612)]: 


Sr F(JJ 
2J+ 1 


= i(A+B + C)J(J + 1). (1,72) 



Fig. 18. Rotational energy of a slightly 
asymmetric top ( b about 0.01) as a func- 
tion of J [after Dieke and Kistiakowsky 
(288) ]. — The term \{B + C)J(J + 1) is 
subtracted from the energy, that is, tho 
deviations of tho curves from horizontal 
lines represent the deviations from tho 
levels of the symmetric top. 


This relation is useful in checking calculated 
levels and the correct assignment of observed 
levels. Furthermore, by a more careful anal- 
ysis of the equations (I, 60) Mecke (G12) has 
derived certain sum rules , that is, simple 
formulae for the sum of certain sublevels of 
a given J. These sum rules are given in 

Table 8 for values of J up to J — 6. 27 They are exceedingly useful in determining 
the rotational constants from the observed energy levels. The sum rules hold rig- 
orously, just as do equations (I, 60), as long as the asymmetric top is rigid. 

Influence of non-rigidity. The actual asymmetric top molecules are not strictly rigid. There- 
fore, in consequence of the centrifugal forces acting on tho nuclei, tho molecule is increasingly dis- 
torted in tho higher rotational levels and this leads to (usually slight) changes of tho energy as 

27 They are obtained by applying the rule about the sum of the roots of an algebraic equation 
to each one of the equations (I, 60). 
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TaKLK S. K!TM HULKS l-’OK TI1B ASYMMKTUH' TOP AFTKK MKCKE (012). 


Designation of levels 


mi 

n 2_.>) + na+i) 

F(3 o) 

F<4_ 4 ) + F(4 0 ) + F(4 , 4 ) 
f(5_ a ) + ns+a) 

F(G_«) + F(6_ 2 ) + F(6+a) + F(«+6) 

F(lo) 

F(2 0 ) 

F(»-2> + F(3 f2 ) 

F(4_,) + F(4+2) 

F(5_4) +F(5 0 ) +F(5 m ) 
W_ 4 ) +F(Oo) +F(0h) 

F(Di) 

F(2_,) 

f(»_i) + m +i ) 

F(l-i) + F(4 +1 ) 

F(5.i) +WM +F(5 4# ) 
F(IU) + F(tt-i) + F(« f 3) 

F(l-i) 

F(2,.) 

F(»-i) |-F(3u) 

F{ l-,) +F(-1 m ) 

F(5_ ft ) + F(5_,) + F(5 +1 ) 

F(0 _:») + F(0+0 -h F(fl+*) 


com puree l with the values given by (I, 5«S) or (1,59). Sinnlaily to the ease of the symmetiie top, 
the magnitude of the energy shifts in consequence of the cnitrifufjal distortion depends oil J and t as 
well as on the force constants in the molecule. The exact form of the dependence is quite compli- 
cated. It has been discussed in detail by Wilson (930) (937), by Crawford and (boss (212), who have 
applied Wilson’s method to H »S and have given valuable tables, by Shaffer and Nielsen (780) and by 
Nielsen (005). Randall, Dennison, Ginsburg, and Weber (712) have given an approximate formula 
for the deviations, M\J+j) and 5 F(J -j) of the highest and lowest level of each set with given J from 
the rigid top levels in the case of a non-linear molecule XY a (such as H a O). They found 

5 F = - DJ\ J, 73) 

where the constant 1) is different for the highest and lowest level and depends on A and C respec- 
tively as well as on the force constants in the molecule. 

For HoO the correction for J = 11 is as high as 280 cm -1 (8.7 per cent of the term value) in the 
highest level, hut is only 4.3 cm -1 in the lowest. The large correction for the highest level, in which 
there is essentially a rotation about the smallest moment of inertia axis (parallel to II H in HzO), 
corresponds to a change of the II — O — H angle from its equilibrium value of 1()1°27' to 98°52' and 
of the O — IT distance from 0.958 to 0.9G4 A. The changes introduced by centrifugal distortion aro 
thus quite considerable for the higher rotational levels in light molecules such as HaO. They arc, 
however, very small for heavier molecules with smaller speeds of rotation. 

Symmetry properties and statistical weights. Just as for linear molecules and 
symmetric top molecules, the total eigenfunction must remain unchanged or can 
only change sign for an inversion, that is, the rotational levels are positive or negative . 
For non-planar asymmetric top molecules, just as for symmetric top molecules, each 


Sum 


0 


4(4 + li + <') 

4(A + li + O 

20(4 + 13 + (') 

20(4 -|- li -ft") 

50(4 + li 4- C) 

(a + n 

4 B + (4 +C) 
4 li + 10(4 + (') 
20 li -f 10(4 4- O 
20 li 4 - 35(4 4- n 
mii 4 - 35(4 4 - ( ') 

(4 4 - H) 
4 C 4- (4 4- li) 
\C 4- 10(4 4- H) 
20 (7 4- 10(4 4- H) 
20 C + 35(4 -1- li) 
50 C 4- 35(4 4- H) 

{li 4- O 
44 4- {11 h O 
4 A 4- 10(/i 4- <*) 
20 A 4- 10(« 4- O 
20 A 4- 35 {li 4* O 
504 4- 35 {li 4- O 


Type uf level 
(see p. 52) 


4 - 4 - 


4 -- 


- 4 - 
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single level of the asymmetric top is really double on account of the possibility of 
inversion ( inversion doubling) and always one component is positive, the other nega- 


tive. For planar asymmetric top molecules (H 2 O, 
H 2 CO, C 2 H 4 •••) there is no such doubling. It 
can be shown (see Chapter IV, section 4a) that 
for them in a totally symmetric vibrational and 
electronic state the highest level J+j of each set 
of a given J is +, the two next highest are — , the 
two next +, and so on (see the first column of 
signs in Fig. 19). 

The above classification according to the sym- 
metry properties of the total eigenfunctions 
[ over-all species classification according to Mul- 
liken (645)] is not as frequently used as a clas- 
sification according to the symmetry properties of 
the rotational eigenfunction only [see Dennison 
(279)]. For the sake of brevity let us call the 
three principal axes about which the moments of 
inertia are I a , In, I c respectively the a, b , c axes. 
The rotational eigenfunction \//r is a function of 
the orientation of this system of axes with respect 
to a fixed coordinate system. |^ r | 2 gives the 
probability of finding the various orientations of 
the axes. Because of the symmetry of the mo- 
mcntal ellipsoid, an orientation that differs from 
a given one by a rotation through 180° about 
one of the axes must have the same probability. 
Therefore yp r must remain unchanged or only 
change sign for such a rotation. We call these 
rotations C 2 a , C 2 b , and C 2 c (the axes are two-fold 
axes of symmetry of the momental ellipsoid). 
Thus the rotational levels of an asymmetric lop may 
be distinguished by their behavior (+ or — ) with 
respect to the three opcrations } C 2 a , C 2 h , C 2 c . Since 
one of these operations is equivalent to the other 
two carried out in succession, it is sufficient to 
determine the behavior with respect to two of 
them; usually C 2 C and C 2 a are chosen. There are 
thus four different types ( species ) of levels , briefly 

described by ++, H — , — b, and , where the 

first sign refers to the behavior with respect to C 2 C , 



.1 = 2 1 8 2 0 <+)« 


the second to the behavior with respect to C 2 a » 


/ = 1 / ? 1+ 1 - 

Fio. 19. Symmetry properties of the rotational levels "r n \ a T., "" "iH? 

of asymmetric top molecules for J — 0 to 5. — The desig- J u s 0 o ■ + +(+).? 

nation + +, 4 — , applies to any case, the properties 

s (symmetric) and a (antisymmetric) given at the right refer to the case that the C 2 lies in the o 
axis (II 2 CO f • • •), those at the left to the case that the C f 2 lies in the b axis (H 2 0, • • •)• For the sake 
of clarity the different sets of levels with a given J have been drawn separated. The spacing of the 
levels within each set corresponds approximately to the most asymmetric case (see p. 48). 
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The behavior with respect to C-i h is simply the product of the two signs. The four 
types are also designated A, B c , B a , Bb respectively QMulliken (045)]. Table 9 sum- 
marizes the designation and the behavior of the four types of levels. 


Table 9. classification of the eneiioy levels of the asymmetric top. 


Designation 


Behavior 


Dennison 

Mulliken 

CV 

cv 

cv 

+ + 

A 

+ 

+ 

+ 

+ - 

Be 

+ 

- 

— 

~ + 

B a 

- 

- 

+ 

— 

B b 

— 

+ 

— 


It has been shown by Dennison (279) from a closer consideration of the eigen- 
functions that the highest level J+j for each set of a given J is + with respect to 
CV , the two next highest are — , the two next arc +, and so on. Furthermore, the 
lowest level J-j of each set is + with respect to (72®, the two next higher are — , the 
two next +, and so on. Thus the type of each level can be obtained. Fig. 19 shows 
the result for J = 0 to J = 5. The behavior with respect to CV is indicated in 
brackets. 

It can be shown that each one of the algebraic equations (I, 60) gives levels of 
one species only. That is why in the sum rules of Table 8 only states of the same 
type occur. These types are indicated in the table. 

As is easily seen by comparison with Fig. 17, the levels that are + with respect to CV are derived 
from the levels with even K in the corresponding oblate symmetric top (to the left in Fig. 17), whilo 
those that are — with respect to CV are derived from the levels with odd K. Similarly the levels 
that are + or — with respect to CV* are derived from the levels with even or odd K respectively in 
tho corresponding prolate symmetric top (to the right in Fig. 17). On this basis King, Hairier, and 

Cross (504) have introduced the designation cc, oc, co, oo for the species ++, H — , — h and 

respectively, where the first letter indicates even or odd A'proUU*, the second even or odd K obi !V ti- 
lt appears that tho reverse order would have been preferable, since then + and e, — and o would 
bo equivalent. 

If an asymmetric top molecule has identical nuclei the total eigenfunction must 
be symmetric or antisymmetric with respect to an exchange of any two identical 
nuclei. However, this leads to a further significant classification only in cases of 
symmetric molecules in which an exchange of the nuclei can be brought about by a 
rotation about one of the principal axes, that is, in cases of molecules that have 
two-fold axes. 

We consider first the case of molecules with one pair of identical nuclei only , such 
as 1120, H 2 CO, CI 2 CO and similar molecules of point group C 2 ». For these molecules, 
for a totally symmetric vibrational and electronic state (ground state), those rota- 
tional levels are symmetric in the nuclei that are positive with respect to rotation by 
180° about the two-fold axis, and those levels arc antisymmetric that are negative with 
respect to the same rotation. For the molecules considered, the two-fold axis of 
the molecule coincides either with the a or the b axis (least or intermediate moment 
of inertia). In the first case the levels that are + with respect to CV are symmetric, 
that is, the ++ and — h levels, and the levels that are — with respect to C 2 0 are 
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antisymmetric, that is, the H — and levels. This is indicated at the right in 

Fig. 19. This first case applies, for example, to the molecule II 2 CO or to a molecule 
XY 2 in which the Y — X— Y angle is small (not II 2 0). In the second case (two-fold 
axis coincides with 5-axis) the levels that are + or — with respect to C 2 6 are sym- 
metric or antisymmetric respectively, that is, the ++, , and H — , — |- levels 

respectively. This is shown at the left in Fig. 19 and applies, for example, to II 2 0, 
N0 2 and other similar molecules with a fairly large angle. It may be noted that in 
this case, unlike the first, in a set with a given J the levels are alternately a and s, 
and the lowest (and highest) level is s or a depending on whether J is even or odd. 

If the two identical nuclei have zero spin , only those levels occur whose total 
eigenfunction is symmetrical with respect to an exchange of the two nuclei; that is, 
for a totally symmetric electronic and vibrational state the antisymmetric rotational 
levels (see Fig. 19) are missing just as for diatomic molecules. If the nuclei have 
non-zero spin , both the symmetric and antisymmetric levels arc present but with 
different statistical weights , which again are the same as for the corresponding diatomic 
molecules and depend on the statistics in the same way. For example, for II 2 0, 
II 2 CO the antisymmetric levels have 3 times the statistical weight of the symmetric, 
for D 2 0, D 2 CO the statistical weights of the a and s levels are in the ratio 1 : 2. This 
is, of course, apart from the usual factor 2J + 1 (which is the same for all 2J + 1 
levels of a given J value). Molecules like IIDO, IIDCO, of course, do not exhibit 
any such difference. 


TABLE 10. STATISTICAL. WEIGHTS OF SYMMETRIC AND A NTISYMM ETItIO ROTATIONAL LEVELS 
IN TIIE ELECTRONIC AND VI H RATIONAL GROUND STATE OF SOME ASYMMETRIC 
TOl* MOLECULES OF SYMMETRY C 2 , C 2v , AND C 2 h- 


Statistical weight factors 28 


Molecule 


11 , 0 , 11,00 

d,o, n 2 oo 

cis-, trans-IIDC 12 — C 12 IID 
cis-, truns-11 1 )C 13 — C 13 HI) 
J) 2 C 12 =C ,2 1I 2 , I),G 13 — o ,3 ii 2 , OII 2 D 2 
cis-, trans-IIFO 12 - -G 12 FH, OTT,F 2 
cis-, trans-1 1 01 36 0 12 =C ,2 ( ’l 35 ! I, 0FI 2 01 2 35 
cis-, trans-I)01 35 C ,2 =0 ,2 01 36 D, OD 2 Gl 2 3B 

no 2 16 , o 2 16 n— no 2 18 

Q1G()18^11_N11()18Q16 


Symmetric! Antisymmetric 
levels (A) levels ( B ) 


3 

3 

21 


1 

6 

15 

78 

15 

10 

78 

153 

1 

G 


G6 

21 

G 

G6 

171 

0 

3 


As for diatomic molecules, in consequence of the smallness of the nuclear magnetic 
moments symmetric and antisymmetric levels do not combine with one another to any 
significant extent even by collision, and we have again two modifications of the gases 
H 2 0, II 2 C0, and others that may appropriately be called ortho-II 2 0, para-II 2 0, 
and so on. 

28 The following values for the nuclear spins have been assumed: /(H) = i, /(D) — 1, 1(0 1# ) *= 0, 
/( O 18 ) = 0, /( C 12 ) - 0, /( C 13 ) = i, /( F 19 ) = J, /(Cl 36 ) - 4, /( N 14 ) = 1. 
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Since the symmetry of the eigenfunctions is not changed by changing the momenta of inertia, 
the above considerations also supply the symmetry properties s and a of the levels of a symmetric 
top having two identical nuclei, that is, one that is accidentally symmetric [for example XY 2 with 
a certain angle; see Mulliken (645)]. 

For asymmetric top molecules of point groups C 2 , C 2v , and C 2 h with more than one pair of identical 
nvclei that are exchanged by a rotation about the two-fold axis, the same symmetry properties s 
and a as in Fig. 19 apply when the C 2 coincides with the smallest or intermediate moment of inertia 
axis. If it coincides with the largest moment of inertia axis (which is possible in this case but rarely 
occurs) it is easily seen that the + and + — levels are symmetric, the - + and levels anti- 

symmetric. Which levels have the greater statistical weight depends on the resultant statistics of 
the set of nuclei that are exchanged by the two-fold rotation (similar to the case of linear molecules 
with several pairs of identical nuclei) and the magnitudes of the statistical weight factors due to nuclear 
spin are given by the previous expressions (1, 8 ) and (1, 9). Table 10 gives the results for a few such 
molecules. Since in Chapter IV the symmetric and antisymmetric levels of the present case will 
bo called A and B levels respectively these designations are added in the table. 

If a molecule has three mutually perpendicular two-fold axes (point groups V and Vh) there must 
bo at least four identical atoms , and a rotation by 180° about any one of tho axes (which coincide with 
tho principal axes of inertia) exchanges at least two pairs of identical nuclei. Since the total eigen- 
function can only be symmetric or antisymmetric with respect to such an exchange and since the 
rotational eigenfunction is positive or negative with respect to tho same rotations, we obtain four 
types of symmetries with respect to the exchanges of nuclei which might bo called ss, sa, as, aa , 29 
where the first letter gives tho symmetry with respect to an exchange of nuclei produced by tho 
operation GY, the second with respect to GY. For a totally symmetric electronic and vibrational 

state it is clear that the -f- + levels are ss, the -f levels are sa, tho h levels are as, and tho 

levels are aa. Wilson (933) calls the ss, sa, as, aa levels, A, B\, B 3 , B 2 respectively (sec Chapter 

IV, section 4a). 

If the spins of tho identical nuclei are zero (as for example in O 4 if it forms a rectangle, or in tho 
C 2 0r“ ion if it has an ethylcne-liko structure), the total eigenfunction must be symmetric with respect 
to an exchange of any two identical nuclei and therefore only the ss (A) rotational levels occur: that 
is, the number of rotational levels is reduced very considerably (see the + + levels in Fig. 19). 


TaBLK 11. STATISTICAL WEIGHT FACTO US 30 OF THE KOTATIONAL LEVELS IN THE 
KLECTItONIC AND VIHIiATIONAL GHOUNP STATES OF SOME 
MOLECULES OF SYMMETRY V /,. 


Rotational level 

(V 2 h 4 

cY 2 d 4 

IV*II4 

Ns ,4 O t “ 

Ns ,# Oi 18 

N 3 '<0 4 l,Sl 

b b(A) 

7 

27 

16 

6 

1 

51 

+ -(R 0 

3 

18 

12 

0 

0 

27 

-+(/?3) 

3 

18 

24 

3 

3 

39 

- -(B 2 ) 

3 

18 

12 

0 

0 

27 


If the spins of four identical nuclei are different from zero while all other nuclei have zero spin, 
as in C 2 II 4 , C 2 01 4 , and similar molecules, the other rotational levels (sa, as, aa) may also occur but 
with different statistical weights. A group theoretical investigation [Wilson (933) ; see also Chapter 
IV] shows that for I = £ (for example C 2 II 4 ) the weight factors are 7, 3, 3, 3 respectively; for / = l 
(for example C 2 D 4 ) they are 27, 18, 18, 18 respectively, independent of tho statistics of the nuclei. 

If the only identical nuclei with I ^ 0 are on one of the symmetry axes, as, for example, in 
N 2 14 0 4 16 if it has symmetry Vh, in addition to the ss levels only those levels occur that are antisym- 
metric with respect to those axes on which tho nuclei with I 0 do not lie. Thus, if the nuclei with 
I 5 ^ 0 lie on the a-axis (least moment of inertia) only the ss and as levels (that is, + + and in 
the ground state) occur with weight factors as in the corresponding diatomic molecules. If the spins 
of tho nuclei on as well as those off the axes are different from zero, all four types of levels occur but 

29 These symbols are not used in the literature. 

To obtain the complete statistical weight the factors given must be multiplied by ( 2 J -f* 1)« 

81 Assuming I( O 17 ) = }. 
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the weight factors of the sa, as, aa levels are no longer equal. The results for two such eases are 
given in Table 11 which also contains the previously discussed examples. 

Of course, there is again a very strict prohibition of intercombinations between levels of different 
symmetry in the nuclei.. It holds even for collisions, and therefore, similar to ortho- and para- 112 , 
there are four modifications of C 2 H 4 and C2D4, and two modifications of N 2 04 1# . 

Infrared rotation spectrum. As in the other cases discussed before, an infrared 
rotation spectrum can occur only if the molecule has a permanent dipole moment. 
Therefore molecules of symmetry Vh (such as C 2 H 4 , N 2 O 4 ) do not exhibit an infrared 
rotation spectrum but only molecules of symmetry C 2v) C 2 such as H 2 O, H 2 CO, H 2 O 2 
or molecules of still lower symmetry. If a permanent dipole moment is present we 
have, as always for dipole radiation, the selection rule for «/, 

AJ = 0, ± 1, (I, 74) 

and the selection rule for the over-all species ( + and — ), 

+ <->-, + <*->+, -*+>-. (1,75) 

As for symmetric top molecules, the rule (I, 75) is only of importance when the in- 
version doubling is not negligible. In addition, wc have certain symmetry selection 
rules which depend on the orientation of the permanent dipole moment with respect 
to the principal axes of inertia: 

If the molecule has no symmetry the permanent dipole moment will in general not 
coincide with or be perpendicular to any one of the principal axes. In this case the 
only restriction is that levels of the same symmetry do not combine with one another: 

+ +<+>++, H — — b, *+* • (1,76) 

If the molecule has an axis of symmetry , the dipole moment lies necessarily in this 
axis which coincides with one of the principal axes. In this case only those rotational 
levels can combine with one another whose eigenfunctions have the same symmetry 
with respect to a rotation by 180° about this axis and opposite symmetry with respect 
to similar rotations about the other two axes. Therefore, remembering that the 
symmetry with respect to C 2 b is determined by those for C 2 e and C 2 0 , we see that 
if the dipole moment lies in the axis of least moment of inertia ( a axis), only the transitions 

-j- -J- > — + and + — — — (I, 77) 

can take place. If the dipole moment lies in the axis of intermediate moment of inertia 
(6 axis), only the transitions 

+ + *-> and H — <-» — b (I, 78) 

can take place. If the dipole moment lies in the axis of largest moment of inertia ( c 
axis), only the transitions 

+ + ~b — and — ~b ^ — (1, 79) 

can take place. The prohibition of intercombinations of levels of different sym- 
metry in the nuclei (see above) does not introduce any further restriction of the 
possible transitions. This can easily be verified if it is noted that the direction of 
the dipole moment necessarily coincides with that axis about which a rotation 
exchanges the identical nuclei. 
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In Fig. 20, for the three orientations of the dipole moment the possible transitions 
between the rotational levels J = 3 and J — 4 are indicated. It should be noticed 
that in addition to transitions between levels belonging to different sets of J values 
(A J = ± 1) also transitions within one set of given J (A J = 0) are possible. It will 
be seen that in each case the resultant spectrum is quite complicated, particularly 
since other J values occur at the same time. 

In the case of a completely unsymmetrical molecule [selection rule (I, 7G)], all 
three sets of transitions given in Fig. 20 can take place. If the molecule has a plane 
of symmetry (point group C s ) the dipole moment lies in this plane. In this case only 
two of the three sets of transitions occur, namely those corresponding to the dipole 
moment in the two principal axes lying in the plane of symmetry. 

The proof of tho above symmetry selection rules is comparatively simple. The matrix elements 
R x f , Ryf, Ref of the dipole moment are given by the general formula (I, 37) (p. 32) 

R x f = M x / COS et x Wtr"*dTr + My J * COS Oty^r^r^dTr 4* M z J* COS a z \p r '^r"*dT r 

and similarly for R u / and R z /. The moving axes x, y, z may hero be taken as the a, b , and c axes 
respectively. Let us consider the case in which the dipole moment lies in the u-axis (M x ^ 0, 
M v = M t = 0). Then 

Rxf = M x J* COS Otxf/tr"*(lT r , 

Ryf = Mx fc OS &*rVr"*dr r , (I, 80) 

Rzf = M x ,/Vos yN/i/'*dT n 

where a x , fix, y x are tho angles of the a-axis with the fixed coordinate axes Xf, yf, Zf. In order that 
the transition probability (that is R) be different from zero, at least one of the three integrands in 
(I, 80) must remain unchanged for all transformations of coordinates that transform tho system into 
an indistinguishable one, that is for the three rotations fV\ (V\ and Cf. For the operation CV* tho 
angles ct z , fix, y z remain unchanged. Therefore, in order that the integrands remain unchanged for 
this operation \p r ' and ^ r " must be both + or both — . For the operations C 2 h and C 2 C the n-axis 
changes its direction into the opposite one and therefore cos ac Xt cos fi x and cos y e change sign. In 
order that the integrands remain unchanged for the operations Cj* anil C 2 c the functions \f// and if//' 
must therefore have unlike symmetry with respect to these operations. Thus only for transitions 

-f — [- and H — <-> can R x f, R„f, Rzf and therefore R be different from zero. Only tlieso 

transitions have a non-zero transition probability. In a similar manner tho selection rules for the 
other cases given above are obtained. 

Rigorous intensity formulae, similar to those for linear and symmetric top molecules have been 
derived for asymmetric top molecules for J values up to J =3 but not published by Dennison 
[quoted in (712)]. They become exceedingly complicated for larger J values. The usual way [seo 
Dennison (279) (712)] is to use the formulae for tho “nearest” symmetric top, that is, in cn-^e of a 
strongly asymmetric top, for tho levels of high r tho prolate, for those of low r the oblate sym- 
metric top. This approximation is good for all those levels for which the K doubling is fairly small. 
As a general rule it may be said that large changes of r are less probable than small changes sinco 
in the limiting cases the former would correspond to changes in K of more than one unit which 
are forbidden. 

Very recently Cross, Ilainer, and King (249a) have published extensive tables of line strengths 
based on tho rigorous formulae and extended up to / = 12. From these tables it appears that tho 
approximations referred to abovo must be used with caution. 

The only asymmetric top molecules whose infrared rotation spectra have been 
investigated in any detail up to the present time arc II 2 0 and D 2 0. Randall, 
Dennison, Ginsburg, and Weber (712) and Fuson, Randall, and Dennison (343) have 
measured these spectra with great accuracy and very good resolution. Fig. 21 gives 
part of the observed H 2 0 spectrum. It is seen that there are no obvious regularities. 
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On closer examination, however, several series of lines with regularly changing separa- 
tions can be found. Two of these which split into doublets at long wave lengths are 
indicated by O and X in Fig. 21. 

In the case of II 2 O the rotational constants A , B , and C in the ground state were 
known from the rotation-vibration spectrum (sec Chapter IV), in the case of D 2 0 
they could be calculated from the former on the basis of the known masses and the 
assumption that the internuclear distances are the same as in II 2 0 [see Fuson, 



Fkj. 21. Part of the rotation spectrum of H 2 0 vapor [after Randall, Dennison Ginsburg and 
Weber (712)]. — The continuous euive represents the infra-red absorption, the small triangles above, 
the theoretical spectrum. The great intensity of absorption is indicated by the fact that it is entirely 
due to the small amount of H 2 0 left in the spectroscope after thorough drying with P 2 <)&. 

Randall, and Dennison (343)]. Therefore in both cases the spectrum could be pre- 
dicted on the basis of the energy formulae and the selection rules given above. Since 
it is also known from the rotation-vibration spectrum that the two-fold axis, which 
coincides with the direction of the permanent dipole moment, is the intermediate 
moment of inertia axis (6-axis), the selection rule (I, 78) applies (see Fig. 20b). 
Comparing the spectrum predicted in this way with the observed, Randall, Dennison, 
Ginsburg, and Weber (712) were able to assign a great portion of the observed lines 
to specific rotational transitions. By slight adjustments of the position of the energy 
levels, that is, essentially, by taking account of centrifugal distortion, the agreement 
between calculated and observed lines could be made practically perfect and at the 
same time most of the residual lines assigned. In Fig. 21, above the observed spec- 
trum, the theoretical spectrum derived from the finally adopted energy levels is also 
shown, where the intensities, indicated by the area of the triangles, are also theoretical 
(see above). It is seen that the agreement is exceedingly good. 
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A further very exacting test for the correctness of the assignments is supplied by 
certain combination relations . It can be seen from Fig. 20b that, for example, 

y(4+4 — 4_2 ) — K4-m “ 4 +2) = K4+2 ~ 3o) — K4_2 “ 3o) 

= F( 4 +2 ) - F( 4-2). 

Similar relations hold for other pairs of levels of the same symmetry. The following 
is a numerical example from the II 2 O spectrum: 

p(7_ 3 - 6 - 5 ) = 335.34 f(8- 3 - 7_ 7 ) = 420.10 

i/( 7_7 - 6_ b ) = 139.09 K8_3 - 7-s) = 223.82 

F( 7_ 3 ) - F( 7_ 7 ) = 196.25 F( 7_ 3 ) - F(7_ 7 ) = 196.28 

Such an excellent agreement has been found for a large number of other pairs of 
levels, proving the correctness of the analysis. At the same time, by simply adding 
up the proper differences of energy levels the energy levels themselves can be determined . 

Of course, an analysis of the II 2 O and D 2 O rotation spectra would in principle also have been 
possible if the rotational constants had not been known. One could, for example, have started out 
from the two series of lines marked in Fig. 21. We have seen above that the two highest and two 
lowest energy levels of each J follow approximately the foimulae (I, 67) and (I, 68) respectively [or 
more accurately (I, 66) and (I, 70)], and that the doublet separation decreases rapidly with increasing 
J. Therefore, for the corresponding transitions / + 1 ■«— J (for example, 4 f 4 — 3+2, 4+3 — 3+3 and 
4_3 — 3_3, 4_4 — 3_2 in Fig. 20b) wo have the approximate formulae 

i{ y [(7 + l)+j+i - J+/.i] + .[(/ + 1) + / - /+/]) = A +i(7? + C) +2AJ + ...» (1,81) 

i { + l)-j-i - /-j+i] + 1 'UJ + 1)-/ - J-j1 1 = C + J(A + B) + 2CV + • • • ; (I, 82) 

that is, we have two series of doublets, one with an approximately constant spacing 2A f the other 
with a spacing 20. The doublet splitting should decrease rapidly toward higher frequencies. This 
is exactly the characteristic of the two series marked in the spectrum Fig. 21. The separations of 
the two longest wave-length doublets in the two scries are 54.0 and 18.8 cm -1 respectively. From 
these one would obtain the approximate A and C values 27.0 and 9.4 cm -1 respectively. They agree, 
within the approximation of the formulae (I, 81) and (I, 82), with the accurate values 27.81 and 9.28 
respectively known from the rotation-vibration spectrum. If the latter had not been known one 
could have used the former values as an initial approximation for calculating the energy levels. 
The rotational constant B would in that case have been obtained from the relation Iq = 1b + 1 a, 
which holds for every plane molecule (see, however, p. 461). 

According to the previous discussion, for H 2 O the -f" + and levels (which have even r) 

are symmetric, the H — and — f* levels (which have odd r) are antisymmetric in the nuclei; that is, 
their statistical weights arc in the ratio 1 : 3. Therefore in the two series of doublets discussed here 
(sec Fig. 19) alternately the high- and the low-frequency component should have three times the intensity 
of the other component. As far as the doublets are resolved it can be seen from Fig. 21 that this 
intensity relation is strikingly fulfilled. 

The best way to derive the final values of the rotational constants A, B, C from the observed 
spectrum would appear to bo by means of Mecke’s sum rules (Table 8), after these have been cor- 
rected for the influence of centrifugal stretching terms. It is not necessary to know all the energy 
levels; but it is easily possible on the basis of the sum rules to express certain sums of combination 
differences in terms of the rotational constants. However, such a re-evaluation of the rotational 
constants from the far infrared spectrum has not as yet been carried out. 

Raman spectrum. Even for an asymmetric top molecule of the highest symmetry 
(Vh) f and a fortiori for one of lower symmetry, the polarizability ellipsoid is in general 
not a sphere, and therefore in general an asymmetric top molecule has a rotational 
Raman spectrum . The selection rule for / is [see Placzek and Teller (701)] 

AJ = 0, ± 1, ± 2. 


(I, 83) 
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If the molecule has no symmetry, and consequently the axes of the polarizability 
ellipsoid do not coincide with those of the momental ellipsoid, transitions between 

levels of any of the symmetry types (++, H — , — H, ) may occur. However, 

if the molecule has the symmetry C 2w , Z) 2 , or Vh , the axes of the two ellipsoids do 
coincide and only levels of the same symmetry can combine with each other 

+ +«->+ + , H — <~H — , — b*~ > — hi • (I, 84) 

Even in this case the rotational Raman spectrum would be very complicated and such 
a case has not yet been analyzed or even resolved. The only case of an asymmetric 
top rotational Raman spectrum that has been studied in any detail is that of ethylene 
(C 2 H 4 ), which is almost a symmetric top [Lewis and Houston (576)]. Here the 
quantum number K is approximately defined, the selection rule A K = 0 holds ap- 
proximately, and corresponding lines with different K fall nearly together. This 
explains why an apparently simple S branch is observed on either side of the exciting 
line. R branches are not observed, apparently because of lack of intensity (compare 
the intensity of the R branches in the NII3 Raman spectrum, Fig. 14). An intensity 
alternation does not occur, as can easily be understood from the previous discussion 
(p. 52f.) by going over to the limiting case B « C. The average distance of suc- 
cessive lines in the two branches is found to be 3.68 cm -1 , from which it follows [see 
formulae (I, 45) and (I, 65)] that |(J 5 + C) = 0.92o cm -1 , that is, the average 
moment of inertia about an axis perpendicular to the C — C axis is 30.4 X 10 -40 gm cm 2 
(for a more accurate determination of this quantity, see Chapter IV, section 2b). 



CHAPTER II 


VIBRATIONS, VIBRATIONAL ENERGY LEVELS, 

AND VIBRATIONAL EIGENFUNCTIONS 

In the preceding chapter we have considered the rotational motion of polyatomic 
molecules, assuming that no vibrational motion takes place at the same time, that 
is, that there are no periodic changes of the internuclear distances. In this chapter 
we shall consider the vibrational motion , assuming that no rotation of the whole molecule 
takes place. As before, we assume that the molecule is in a fixed electronic state 
which does not change during the motion. 


1. Nature of Normal Vibrations: Classical Theory 

We discuss first the vibrational motion of a molecule as it would be according to 
classical mechanics. We shall see that in this way, as in the case of diatomic mole- 
cules, we obtain a fair approximation to the wave mechanical treatment. The 
classical treatment has the advantage of being more easily visualized. 


Vibrational degrees of freedom. If we want to describe the motion of the nuclei 
in a polyatomic molecule we may choose the ordinary Cartesian coordinates Xk f yk, Zk 
of each nucleus k referred to a fixed coordinate system. Then, if there are N nuclei 
we need 3 N coordinates to describe their motion: there are 3 N degrees of freedom. 
However, if we want to study the vibrational motion of the system we are not 
interested in the translational motion of the system as a whole, which is described 
completely by the three coordinates of the center of mass (the three translational 
degrees of freedom). Therefore 3 N — 3 coordinates are sufficient to fix the relative 
positions of all N nuclei with respect to the center of mass. (The remaining three 
coordinates may be determined by the condition that the center of mass is at the 
origin, that is, ^m k Xk = 0, = 0, ^m k Zk = 0). The motion relative to 

the center of mass still includes a rotation of the system. The rotation alone, that 
is, the orientation of the system (considered as rigid) in space, may be described in 
general by three coordinates (for example, the two angles with two coordinate axes 
that fix a certain direction in the molecule and the angle of rotation about that 
direction). Thus 3 N — 6 coordinates are left for describing the relative motion of 
the nuclei with fixed orientation of the system as a whole, 1 that is, the vibrational 
motion; or in other words we have 3N — 6 vibrational degrees of freedom. However, 
for linear molecules two coordinates (for example the two angles of the internuclear 
axis with two of the coordinate axes) are sufficient to fix the orientation and there- 
fore we have for linear molecules 3N — 5 vibrational degrees of freedom. 


1 More specifically, a fixed orientation of the system as a whole is given by the condition that 
the angular momentum is zero, that is, 

V / dz k djn\ _ v / dr k dz k \ n v / dy k dx k \ 

=°. -'-Tt) =0> * m,l \ Xk Tt ~ Vk Tl) “°- 
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As a simple example, let us consider a triatomic molecule XYZ. If the molecule 
is not linear the relative position of the nuclei is given by the three intcrnuclear 
distances, XY, YZ, XZ; that is, there are 3( = SN — 6) vibrational degrees of free- 
dom. If the molecule is linear the relative position of the nuclei is given by two 
internu clear distances XY and YZ and two angles, the angle XYZ and the angle of 
the plane formed by XYZ in the displaced position against a fixed plane through the 
(undisplaced) intcrnuclear axis; that is, we have 4(= 3 AT — 5) vibrational coordi- 
nates or degrees of freedom. 

As we shall see, the number of vibrational degrees of freedom gives the number 
of fundamental vibrational frequencies of the molecule, or in other words, the number 
of different “ normal ” modes of vibration. 

Vibrations of a mass suspended by an elastic bar. Imagine a heavy mass m to 
be suspended by a homogeneous clastic bar of rectangular cross section as shown in 
two views in Fig. 22a. If the mass is displaced slightly from its equilibrium position 
in the x direction and then left to itself it will carry out simple harmonic oscillations 
in this direction with a frequency 



where k x is the force constant in the x direction (— k x x = restoring force for dis- 
placement x). If the mass is displaced in the y direction and released it will similarly 
carry out simple harmonic oscillations in the y direction with a frequency 



where k y is the force constant for the y direction. Unless the rectangular cross section 
of the bar degenerates into a square, v £ is different from v y . If, however, the mass is 
displaced in a direction different from x or y, for example to A , it will not carry out 
a simple oscillation in the AOB plane but a very complicated type of motion, a 
so-called Lissajous motion , such as the one given in Fig. 22b. The reason for this is 
that the restoring force F whose components are — k x x and — k y y is not directed 
toward the origin (see Fig. 22a), since k x k v . However, the components x and y 
of the motion are simple harmonic, as before: 

x = xo cos 27rM, y = yo cos 27 rvyt, (II, 1) 

where xq, yo are the coordinates of the initial position at A. The complicated Lissa- 
jous motion (Fig. 22b) is the superposition of two simple harmonic motions (of different 
frequency) at right angles to each other . The simple motions into which the compli- 
cated motion can be resolved arc the so-called normal vibrations or no> mal modes of 
the mass, the x and y coordinates are the normal coordinates . 

If Vx/vy is irrational, there is no time after which the motion repeats itself. Rather, 
in the course of time, (assuming that there is no friction) the path of the mass will 
cover uniformly the whole rectangle whose diagonal is A OB (see Fig. 22b). However, 
if Vx/vy is rational, after a certain time the path will go back into itself and a definite 
curve is obtained, such as the one in Fig. 22c, for v x /v v = 5/3 This curve is then 
retraced over and over again. 



Fig. 22. Vibrations of a mass suspended by an elastic bar. (a) Front and top view of elastic 
bar and suspended mass, (b) Lissajous motion for v x !v y = 2.4461- • (c) Lissajous motion for 

Vx/vy = 5/3. (d) Lissajous motion for v x = v y and phase difference of 30° (see p. 75). 
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The resolution of any complicated Lissajous motion of tho mass into two simple 
harmonic motions is unambiguous. There are only two directions through the equi- 
librium position of such a nature that the restoring force in them is directed toward 
the origin, namely the directions parallel to the sides of the rectangular cross section, 
which also represent the planes of symmetry of the cross section. If the cross section 
is not as symmetrical, for example, if it is a triangle with unequal sides, there are 
still, at least for small amplitudes, two and only two mutually perpendicular directions 
in which the restoring force has the direction toward the origin and in which y therefore , 
simple harmonic motion will take place . Only if the cross section has a higher sym- 
metry than that of a rectangle, for example, if it is a square, a hexagon, or a circle, 
is Vx = p y9 and therefore a simple harmonic motion may take place with the same 
frequency in any direction through the origin. 

If the mass is excited to forced oscillations by a periodic force of frequency v/ t 
resonance will occur, that is, the amplitude of the forced oscillations will be very 
large, when v/ — v x and when v/ = v y . In the first case the oscillation will take place 
only in the ^-direction, in the second case only in the ?/-dircction irrespective of the 
direction of the force. But, of course, the periodic force must have a non-zero 
component in the direction of the normal vibration to be excited. 

Vibrations of the nuclei in a molecular model. Let us now consider the motion 
of a nucleus in a molecular model in which the nuclei are represented by heavy balls 
and the forces acting between them by appropriate springs. For example, consider 



4 


Z 

Fio. 23. Model of an XYZ 2 molecule. 

the plane molecule XYZ 2 (Fig. 23). There are strong restoring forces between X 
and Y and between Z and Y and weaker forces between X and Z and between the 
two Z nuclei indicated by strong and weaker springs respectively. Let us assume 
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for a moment that the group YZ2 is rigidly fixed and that only X can move. Then 
the forces acting on X if it is displaced from its equilibrium are quite similar to those 
acting on the mass suspended by an elastic bar considered before. If X is displaced 
in a direction parallel to Z — Z or in a direction perpendicular to the YZ2 plane, it 



Fig. 24. Normal vibrations of an XYZ 2 molecule and their behavior for a reflection at the plane 
of symmetry through XY perpendicular to the plane of the molecule. — Motions perpendicular to the 
plane of the paper are indicated by + or — signs in the circles representing the particular nuclei. 
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will curry out simple harmonic motions of frequency v x and v y (j£ v x ) respectively. 
In addition we may also displace the nucleus X in the XY direction, obtaining another 
simple harmonic motion of frequency v z ? If X is displaced in any other direction 
a complicated Lissajous motion results which is now in general in space, not in a 
plane, and which can be resolved into three simple harmonic motions ( normal 
vibrations) of appropriate amplitudes and phases in the directions of the three 
coordinate axes. 

However, if we now drop the assumption that YZ 2 is rigid (which would never 
be fulfilled in an actual molecule), then if X is displaced initially it will cause a dis- 
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Fig. 25. Normal vibrations of bent and linear XY 2 (schematic). 

placement of Y which in its turn will cause a displacement of the Z’s. Therefore X 
will not carry out the same Lissajous figure (or possibly the simple harmonic motion) 
it would if YZ 2 were rigid, but a still more complicated motion, and so will Y and 
the Z’s. Yet if all the particles are simultaneously displaced in a certain way and 
then released, much simpler motions, normal vibrations , arise again, which, similar 

2 There is, of course, an analogue also to this vibration in the ease of the elastic bar, but for the 
bar its frequency is very much larger than those of the other normal vibrations and it is usually 
not considered. 
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to the single-particle case, are characterized by the fact that each particle carries out 
a simple harmonic motion and that all particles have the same frequency of oscillation 
and , in general , move in phase . For example, if the four nuclei are displaced to the 
respective end points of the solid arrows in Fig. 24a and then released, each one will 
simply move back and forth about its equilibrium position with the same frequency 
as all the others, in such a way that after each period the same positions are occupied. 
The same applies with different frequencies when the initial displacements arc as 
given in Fig. 24b, c, d, e, and f. IIow these special initial displacements can be 
found will be taken up in detail later. It may be noted that the relative lengths of 
the arrows give also the relative velocities and the amplitudes of the individual nuclei. 
They have to be chosen in such a way that there is no resultant translation or rotation 
of the molecule as a whole. 

It will be shown later that the extremely complicated motion described above, 
which arises if one particle is first given a blow and then the system left to itself, or 
any other motion of the system can be represented as a superposition of a number of 
these normal vibrations . There are always as many different normal vibrations as there 
are vibrational degrees of freedom , that is, 3N — 6 or 3N — 5 respectively. Hence a 
molecule XY Z 2 has six normal vibrations (Fig. 24). Fig. 25a and b represent as a 
further example the normal vibrations of bent and linear XY 2 molecules. The 
second vibration of the latter may occur with equal frequency both in the plane of 
the paper and perpendicular to it. It is doubly degenerate like the normal vibrations 
of an elastic bar with square or circular cross section (see above). 

Mathematical formulation. 3 For any particle i carrying out a simple harmonic 
motion of frequency v the displacement Si is given by 

Si = Si° cos (27 wt + <p ), (II, 2) 

where s l ° is the amplitude, t the time, and (p a phase constant. From (II, 2) follows, 
for the acceleration , 

(p 8 . 

ai = = — 4ir 2 irs? cos (2irvt +<?) = — 47rVsi. (II, 3) 

dr 

Therefore we have, for the restoring force under whose action the simple harmonic 
motion is carried out, 

F l = m t ai = — 47rVm l s,*, (II, 4) 

where is the mass of the particle. Thus the restoring force for any simple har- 
monic motion of frequency v is proportional to miSi at every moment. This holds 
also for the component of the motion in any direction. 

In a system of N particles, such as a molecule, in which every particle acts with 
a certain force on every other one, in equilibrium the resultant of all forces acting 
on a given particle is zero. If the particle, say particle 1, is displaced from its 
equilibrium position by a distance whose components in the direction of the three 
fixed coordinate axes are x\, yi, zi, there will be a restoring force F 1 which depends 
on the components of the displacement. In the most general case the components 
of the force F x l , F y l , F z l can be developed into a power series in x\, y i, Z\. However, 
if the displacement is sufficiently small oidy the linear terms need be considered 

3 We are following here the treatment given by Teller (83(i). 
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and one has 

FA = — k £ xX\ kxvyi kxzZi, 

F y^ == — kyxX\ kyyyi ky Z Z\ 9 (H» 6) 

FA = kzxX 1 kzyl/l kzzZ\ 9 

where the &JJ, • • • are force constants. The negative signs are used since 
FA, Fy 1 , F* 1 for positive Xi, yi, z i are in general directed in the negative x-, ?/-, z- 
direction respectively. 

Equations (II, 5) are valid only if all particles except particle 1 remain in their 
equilibrium positions. If the other particles are displaced as well, the restoring 
force acting oil particle 1 will be changed somewhat. For small displacements 
it will again be a linear function of these other displacements, so that we 
obtain: 


FA “ — k\\x i — kxyiji — k xz z\ k xx X 2 k xy ij 2 k xz Z 2 

FA ~ — ky X X 1 kyyl/l ky z Z\ ky X X 2 kyy1j2 ky Z Z2 

FA ~ — k zx x i — k Z yyi — k zz zi — k zx X2 k Z yy 2 k Z zZ 2 


- k ljV z„ 

/Cj 2 ZN, 

-k\ N zZN, (H,6) 

— k\zZN . 


Similar equations arc obtained for the forces acting on the other particles 

FA — — k 2 x \x\ — kVulJi — kxUi — kllx2 — kxly2 — kHz* — • • • — &xzW, 

Fy“ — — ky X X\ kyyljl ky Z Z\ ky X X 2 kyyP 2 ky Z Z2 —••••*— ky Z Z AT 9 

F * 2 = — k 2X xi — kzyiji — kzzZi — k zx X2 k Z yy2 k zz Z2 * • • k Z zZN 9 


F Z N = ~ A;£7xi — kzAyi — kzzZi — k^Ax 2 — kAyiJz — — 


,JV2. 




Here it must be realized that the X*, ?/;, z t - are not simply the coordinates of particle 
i but the displacement coordinates, or in other words, the coordinates of particle i 
with respect to a coordinate system whose origin is at the equilibrium position of 
particle i and which is therefore different for different particles. The direction of 
the Xi~, Zi-axes is usually but not necessarily the same for all particles i. 
The coefficients kll determine how the x-component of the force on the ith particle 
depends on the y component of the displacement of the ith particle. It can be shown 
(see Teller, loc . cit. } p. 91) that 

kl l y = k l V x (II, 8) 


which holds for any i and l and where x or y may be any one of x, y , or z. 

If we want to find out whether there are any normal vibrations of the type de- 
scribed above in the system under consideration, that is, motions in which all par- 
ticles move with the same frequency according to simple harmonic motion, we have 
to see whether the above condition (II, 4) for simple harmonic motion can be fulfilled 
simultaneously for all particles with the same frequency; that is, we try to put 

F x i = - 47rVw,Xj, FA = - 4r 2 V i m l y it FA = - 4t 2 ]Am t Zi. (II, 9) 
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Substituting this into (II, 6) and (II, 7) we obtain 

4tT 2 v 2 m\Xi — k\\x i + kllyi + k\\zi + k 11 x 2 + • • • + kl^ZN, 

4:Tr 2 v 2 niiyi = k\\x\ + kllyi + k\\z\ + kyix 2 + • • • + klzZx, 

4T 2 v 2 m\Zi = kllx i + kllyi + k\\zi + k\*X 2 + • • • + k\^ZN, 

4 T 2 v 2 nt 2 X 2 = kilx i + kxlyi + k~ x \zi + k xx x 2 + • • • + k x ?Ztf, 

4t 2 v 2 i71nZn = kzxX\ + k^yiji + k 2 zZi + k^ x x 2 + • • • + k^ 2 zn» 

This system of linear and homogeneous equations for xi, y 1 , z 1 , £ 2 , 2 / 2 , Z 2 , • • • Zn 
cannot be solved for arbitrary values of the coefficients occurring therein but, as 
shown by the theory of linear algebraic equations, only if the determinant of the 
coefficients is equal to zero. Since the force constants k\l are fixed for a given system 
the only way to fulfill this condition is by a suitable choice of the frequency v . Thus 
for certain frequencies defined by the condition 

*"-4*Vi»n k" kl l g k l J x ... k™ 

Kl *JJ - 4A 2 m! k\\ k l2 x ... k' y N t 

k\\ k\ l y k\\ — 47tV?mi k\l ... k\*f q. (11,11) 

k 2 A kl\ kl\ *2-4 klf 

k N J c k N J . . . k™ - U Wm N 

a simultaneous simple harmonic motion of all particles is possible . The determinant 
is of the 3Ath degree and therefore has 3 N roots. Thus in principle the frequencies 
of the normal vibrations may be determined. 

The form of any one of the normal vibrations may then be obtained by substituting 
the corresponding value of v into the set of equations (II, 10) and solving for X \ , yi , 
z 1 , X 2 y 2 / 2 , Z 2 , • • • z.v. Of course, since these equations are homogeneous only the 
ratios of the x\, 1 / 1 , Zi, £ 2 , 2 / 2 , Z 2 , * * * can be determined. The ratio x\ : 2/1 21 : 

'• 2/2 Z 2 : • • • : is independent of the time for a given v and gives, therefore, also 
the ratio of the components of the amplitudes of the different particles. It also 
gives the ratio of the velocities at any instant. 

A closer examination of the determinantal equation (II, 11), taking account of 
(II, 8), shows that it has five or six roots that are equal to zero, depending on whether 
the system (in its equilibrium position) is linear or not. They correspond to non - 
genuine normal vibrations in which simply a translation along any one of the three 
coordinate axes takes place, or a rotation about two or three suitable axes. Since 
there is no restoring force for these motions, the 11 vibrational ” frequency is zero. 4 
It can be shown further that all the other 3 N — 5 or 3 N — 6 roots are different from 
zero and real [see Whittaker (25)]. Thus we have 3 N — 5 or 3 N — 6 genuine normal 
vibrations in agreement with the previous discussion of vibrational degrees of 
freedom. 

4 They are therefore also called null-vibrations . The zero “vibrational” frequency has, of 
course, nothing to do with the rotational frequency which does not depend on the restoring forces 
for small displacements. 
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Normal coordinates, orthogonality of normal vibrations. Let us denote by 


Xi (l) , //i (1) , 2i (1) , a- 2 (,) , 

, >J-P, 

22 0) , X 3 (i) , • • • 2 V (1) , 



* 1 ®, ffi®, * 1 ®, x 2 «> : 

, i/2®, 

*»®, XP, ■ ■ ■ 2.V®, 


(II, 12) 

*i< 3W >, 2 /i ( 3A,) , 0i (3JV) , 

X 2 < 3JV > 

, yP N \ zP N \ ■ 

■ ■ zP N \ 



the dispin cement coordinates at a certain moment belonging to the first, second, 
• • • 3 Nth normal vibration of frequency iq, v 2i • • • vw respectively. As mentioned 
above, these displacement coordinates are determined by (II, 10) only apart from 
an arbitrary factor. According to a simple theorem about homogeneous linear equa- 
tions the ratio of the displacement coordinates aq (l) , y i (i) , Zi (l) , x 2 ( ' l \ • • • Zn is equal to 
the ratio of the minors of any one row of the determinant (II, 11) in which Vi has been 



Fig. 26. Arbitrary displacement of an XY 2 molecule in terms of normal coordinates. 

substituted for v . If only one normal vibration, say i, takes place, the displacements 
xi, 2/i, Zi, x 2 , 2/2, 22 , * • * Zn of the particles oscillate in such a way that their ratio 
remains always equal to that of £i (i) , y i ({) , Zi (i) • • • Zv (i) , the factor of proportionality 
changing as a sine or cosine function with frequency 

= fi° cos (2 tt v g t + v? t ). (II, 13) 

The l-i are called normal coordinates. 

If several normal vibrations are taking place at the same time we have 

Xi = £l (l) £l + x i (2) £ 2 + ^i (3) ^3 + • • • + ^i ( 3JV) ?3 v 
2/i = 2/i (1) $i + 2 /i (2) ?2 + 2/i (3) £s + - • • + 2/i ( ' w $3V 
Z\ = Zi (l) £i + Zi (2) $2 + 2i (3) $3 + • • • + zS iN) ^N 

x 2 = £2 0) £i + X 2 (2) £ 2 + + • * * + ®2 (W fsy 


Zy = zy (l) £i + zy (2) { 2 + 2y (3) £3 + • • • + 2y (3Ar) ?3V. 
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Conversely, since these SN equations if solved for £ 1 , £ 2 , £3 * • • £ 3 # have one and only 
one solution, any vibrational displacement of the system may be expressed in terms of 
normal coordinates { 1 , f 2 , £3 • • • £3 n instead of in Cartesian coordinates . For example, 
the displacement of an XY 2 molecule indicated by heavy arrows in Fig. 26 may be 
represented by adding 1.2 times the displacements of vibration v\ in Fig. 25a, 0.4 
times the displacements of v 2 and 0.7 times the displacements of V&, The factors 1.2 
0.4, 0.7 arc here the values of the normal coordinates £ 1 , £ 2 , and £ 3 . 5 If x x , y 1 , z 1 , 
x 2 , 2 / 2 , 2 2 • • • Zn are the initial displacements the subsequent motion is determined 
by (II, 13) and (II, 14), that is, any vibrational motion of the system may be represented 
as a superposition of normal vibrations with suitable amplitudes . 

In the example Fig. 26, if the heavy arrows indicate the initial displacements 
(assuming that the initial velocities are zero), the subsequent Lissajous motion of 
each particle can be obtained by letting each component normal coordinate change 
periodically with its characteristic frequency and with the amplitude given. If the 
initial velocities are not zero, the initial values of the normal coordinates are not the 
maximum values, since the in (II, 13) are then not zero. Their values can be 
obtained from the differentiated equations (II, 13) and (II, 14). 

In the case of the elastic bar the normal vibrations are always perpendicular to 
one another no matter whether the cross section is a rectangle or not. A somewhat 
similar relation holds for the normal vibrations of a polyatomic molecule although 
the displacements of one and the same atom in two different normal vibrations need 
not be perpendicular to each other. (Compare Fig. 24 and 25.) If v k and vi are 
the frequencies of two normal vibrations we have, from (II, 10): 


4Tr 2 vrm x Xi w = + k] l v y^ k) + * * 

47rV//i]//i (A:) = + klly i (k) + * * 

4ir 2 n 2 mi«i ( * ) = Jcllx x (k) + hllyi (k) + • • 

4ir 2 v k 2 m 2 x 2 (k) = k 2 x \x i (A) + JcV v yi (k) + * ■ 


xi 


V 1 
21 


(0 


Xz 


(0 


(II, 15) 


and 


4iT 2 vi 2 MiXi (I) = + JcllyV 0 + • • • 

47rVmi//i (0 = kl\x i (/) + kllyi {l) + * • • 

4w 2 Pi 2 miZi (l) = k\\xi {l) + k\ly^ l) + • • • 

47 T 2 vi 2 m 2 x 2 {l) = kx\x i (/) + kilyi w + * • • 


yi W 

2i<*> 


xi 


(k) 


(II, 16) 


If we multiply the individual equations by the displacements indicated on the right, 
add the resulting equations (II, 15), and subtract from the sum all the resulting 
equations (II, 16), the right-hand sides will cancel and we obtain 

4t T *(v k 2 - jvOCC m v xf k) x % ^ l) + rnpjf k) yf l) + I] m l zf k) zf l) '] = 0. (II, 17) 

i i i 

5 The displacement is one in which no motion of the center of mass and no rotation about it 
takes place. Therefore, normal coordinates corresponding to nun-genuine vibrations need not 
be considered. 
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Therefore, if the two normal vibrations have different frequency we have 

T. m,(z t (i) Xi (l > + = 0, (II, 18) 

i 

where w? have to sum over all particles. (II, 18) is the relation of orthogonality . 
Two normal vibrations of different frequencies are orthogonal to each other. It is easily 
seen that yil, 18) is fulfilled when all displacement vectors of the two normal vibra- 
tions ar j mutually perpendicular to one another. But (II, 18) does not require them 
to be perpendicular. 

By the equations (II, 10), only the ratios of the amplitudes of the individual 
particles for a given normal vibration are defined. It is sometimes convenient to 
choose their actual magnitude in such a way that the expression 

M k = £ m, (*,<*>’ + 2 /,<»' + *,<*>*) (II, 19) 

t 

is the same for ail normal vibrations Vk. The normal vibrations are then said to be 
normalized. Mk is the expression in the bracket in (II, 17) if k = l. It is of course 
not equal to zero. 

If wo apply tho relation of orthogonality (II, 18) to a genuine normal vibration and the non- 
genuino normal vibration consisting of a translation in the ^-direction (xi (f) = — • • • x^ l \ 

2 /i<*> — yf l) = • • • =0, «i (i) = Z 2 (i) = • • • = 0), we obtain 

ari (z> 2 m t x x w = 0, 
i 

and therefore 

2 m i jr/» = 0. (II, 20) 

t 

This equation means that there is no displacement of the center of ?nass in the x direction (and similarly 
in the y and z direction) for any genuine normal vibration, a result that, of course, also follows from 
tho fact that there are no external forces acting on the system. In a similar manner it can be shown 
that in a genuine normal vibration (if it is not degenerate), there is no resultant angular momentum 
of the system. 

Potential energy and kinetic energy. The normal vibrations and normal coordi- 
nates of a molecule can also be introduced by using, instead of Newton’s second law 
(force = mass X acceleration), the law of conservation of energy (total energy 
= kinetic + potential energy). This is the method most frequently used in actual 
calculations. 

Considering that the force is the negative derivative of the potential energy with 
respect to the displacement, the potential energy for a simple harmonic oscillator is 
found from (II, 4) to be 

Vi = 2ir i v l 2 m l s l 2 = \k % s?, (II, 21) 

where 

ki = 4*Vrot (II, 22) 

is the force constant. The potential energy is taken to be zero at the equilibrium 
position Si = 0. The kinetic energy is 

Ti = imiv t 2 = im t Si 2 , (II, 23) 

where 5, as usual stands for dsjdt. The total energy is therefore 

Hi = Vi + Ti = \{k x s 2 + mA 2 ). 


(II, 24) 
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The potential energy of the nuclei in the molecule referred to the equilibrium position 
as V = 0 is given in first approximation, that is, as long as the displacements are 
sufficiently small, by 

V = i 53 (kliXiXj + klly.Uj + kttziZj) + £ (kiix.yj + kiix.Zj + kliyizj). (II, 25 ) 

ij *; 


This can be easily verified by forming ■ 


* , which according 


dv dv dv dv 

1 dxi 9 6x2 9 dyi 9 dij2 9 
to the definition of the potential energy must be equal to — F x l , — F x 2 • • • — F y l , 
— F y 2 • • • respectively ^compare equations (II, G) and (II, 7 )]. In order to facilitate 
writing let us denote the coordinates Xi, y 1, Z \ } x 2) 2/2, 22 • • • by 51, 52, 53, 54, 55, 56 • • • 
in this order. Then the potential energy may be written (with k,j = kj t ) 


V = jE fc * jQiQj — Ihm 2 4* ^22 52 2 + • • * + k\ 2 qiq 2 + k\zq\<lz + • • • . (II, 26) 


This holds, as long as the displacements are small compared to the internuclcar 
distances, even if 51, q 2i 53 • • • are displacement coordinates other than those chosen 
above. I11 the present case 


kn — kxx , k 22 — kyv> * * * ^12 — kxv) * * * 

(II, 27 ) 

The kinetic energy is given by 


T = £ hrn&i 2 + Vi 2 + *i 2 ), 

» 

(II, 28 ) 

or, with the new notation, 

T = £ £ 6 * 75 * 5 /, 

ij 

(II, 29 ) 

where in the present case 



bij = 0 for i j, and bn = 622 = 633 = mi, bu = 655 = &66 = m 2 , • • • (II, 30 ) 

When the 5* are not simply Cartesian coordinates, bij is in general different from zero 
also for i j, but (II, 29 ) still holds. 

Let us now introduce new coordinates 771, 772 ■ • • 53V by means of the linear 
equations: 

Ixi =] 5 i = ^n 5 i + c nV2 + C13773 + • • • 

[ 5 i — I ( l 2 = C21771 + c 22 ri 2 + C2353 + * • * 

[ z \ =]53 = C31771 + C32772 + C3353 + • • • 31 J 

5 » = C,l77i + C l2 rj2 + Ci3773 + • • •. 


The theory of quadratic forms (see ( 25 )) shows that by appropriate choice of the 
coefficients c,* of this linear transformation we can bring simultaneously both V and 
T to a simpler form in terms of the new coordinates, namely, to 

V = 2 (X1771 2 + A252 2 + • * • + X* 5» 2 + • * • + A3.v5.3v), 

T = K51 2 + 52 2 + * • • + 5* 2 + ’ * • + 53 v). 


(II, 32 ) 
(II, 33 ) 
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The X, in (II, 32) can be shown to be the roots of the determinantal equation which 
is also called the secular equation of the problem: 


k\\ — hn \ k 12 — &12X k 13 b 13X ■ • • 

A?21 — &2lX A?22 — 622X A?23 623X • • • 

kai — &31X A^32 — 632X &33 — &33X • • • 


= 0. 


(II, 34) 


where tne kij and b i5 are from (II, 26) and (II, 29) respectively. 

The total energy is now 

// = y + T = ^Xm 2 + 771 2 ) + UW + tf) + • • •, (II, 35) 


that is, it is the sum of 3.V mutually independent terms each of which has the form 
of the total energy of a simple harmonic oscillator (II, 24) of mass 1. That is, the 
motion of the system of N particles may be considered as a superposition of 3 N 
independent simple harmonic motions in the new coordinates 

yji = rjt° cos (2 irvX + vO, (II) 36) 

where the frequencies Vi are, according to (II, 21), (II, 22), and (II, 32), related to 
the constants Xi by 

Xi = 47T-V 2 . (II, 37) 


In the present case if we substitute (II, 27) and (II, 30) into (II, 34) we obtain as 
equation for the X/s: 


= 0. (II, 38) 


k\ l x — miX 

k n 

Kxy 

k 1X 

Kxz 

7 12 

K>xx * * * 

b ™ 

K XZ 

Kyx 

kyy rn\\ 

k U 

KyZ 

k' 2 

KyX 

k' N 

Kyz 

Kzx 

k 11 

K Z y 

k\\ — 

1.12 

kzx • • • 

k'J' 

1c 21 

K>XX 

k 21 

Kxy 

k 21 

A >XZ 

kix — WI2X • • • 

k ls 

K xz 

• • • 

Kzx 

k N1 

K Z y 

• • • ■ 

k Nl 

K Z Z 

k N2 

Kzx 

kzz^ — m.\\ 


It is seen that this equation is identical with (II, 11) if we take account of (II, 37). 
Thus, as was to be expected, both methods lead to the same frequencies for the simple 
harmonic oscillations (normal vibrations) as whose superposition any vibrational 
motion may be considered. 

The form of a given normal vibration , say 17/, is obtained by putting ail other rjJ s 
in (II, 31) equal to zero. One obtains 


Xl ( »> = 

»/i 0) = c^i, 

II 

s 

X2 0) = Ciflj, 

2/2 0) = csfij, 

«2 0) = Ccjl//. 


(II, 39) 


that is, considering (11,36), all displacement coordinates vary with the same fre- 
quency Vj. The ratios of the displacement coordinates Ciy: C2 /. czji • • • (which is all 
that matters) are the same as obtained by the first method (p. 69f.) since it can be 
shown that ciy, c 2 y, c 3 y, • • • are in the ratio of the minors of any one row of the de- 
terminant (II, 34) or (II, 38) with X = Xy just as were the previous displacement 
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coordinates. Thus the normal coordinates rji introduced by (II, 31) are essentially 
the same as the & introduced by (II, 14) except for constant factors. It is easily 
seen by substituting (II, 14) into (11,28), taking account of (II, 18) and (II, 19), 
and comparing with (II, 33) that the £ t - would be identical with the rji if all Mk were 
put equal to 1, that is, the normal coordinates rji are normalized to unity. 

Degenerate vibrations, generalization of the definition of a normal vibration. It 

may happen that two (or more) roots of the determinantal equation (II, 11) [or 
(II, 34) or (II, 38)] coincide, that is, that two (or more) normal vibrations have the 
same frequency. The two (or more) vibrations are then called degenerate with one 
another. There are then two (or more) sets of solutions of (II, 10) for the degenerate 
frequency, say aq (0 , 2/i (t> , Zi (l \ ^2 (0 , £/2 (0 , Z2 (l \ ••• and aq U) , 7 /i U) , Z \ U) , x 2 (k \ 2/2 (0 , 
Z 2 ( ‘ k) , • • •• Because of the homogeneity of the equations (II, 10) any linear combina- 
tion ax i (l) + bx + by^ K \ •• • with any values of the constants a and b is 
also a solution of (II, 10) for the same frequency . The corresponding motion (unlike 
the motion resulting from the composition of two normal vibrations of different fre- 
quencies) is again a simple motion 

since all atoms move with the same /j\ ^ 

frequency, and may also be called ^ A- \ 

a normal vibration. Thus we have \ T J 

really an infinite number of dif- \y 

ferent simple vibrational motions 
for the same frequency which, how- 
ever, can be represented as a super- 
position of two (or more, if the 
degeneracy is higher than two-fold) 
linearly independent vibrations. 

A good example is supplied by 
the clastic bar discussed above if 
its cross section is a square (or a 
circle), since then its two normal vi- 
brations have the same frequency. 

Consequently the mass suspended (/,) | 

by the bar may carry out a simple 
harmonic vibration with the same 
frequency in any direction through 
the equilibrium position. If the Fio. 27 . Non-linear motion in degenerate vibra- 
two “ ‘ original ” simple harmonic tions (vibrational angular momentum), (a) For linear 
. , . , XY 2 (oblique projection), (b) For X 3 assuming an 

motions are superimposed with dit- equilateral triangle as equilibrium configuration. — 
ferent phase, a motion of the mass The heavy arrows indicate the resultant motion of the 

_ r it 4-Ur, nuclei, the light (continuous and broken) arrows the 

on an ellipse (or circle if the pin se component motions which have a phase shift of 90°. 

shift is 90° and the amplitudes of 

the two component motions are the same) will result (see Fig. 22d), and this ellipse 
will be traversed with the frequency of the degenerate vibration. 

Similarly, in the molecule we may superimpose the two components of a degener- 
ate vibration with different phase and obtain again a simple motion of the same fre- 
quency in which, however, not all atoms move in phase and in straight lines although 
they do move with the same frequency. For example, if we superimpose the two 
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perpendicular vibrations vm and of a linear XY2 molecule (Fig. 25b) with a phase 
shift of 90°, each atom will swing around the axis in a circle as indicated in Fig. 27a, 
giving rise to a (constant) vibrational angular momentum about the axis . Conversely, 
by superimposing this motion and the opposite one, v^a or V 2 b or any other linear 
perpendicular vibration can be obtained. As a second example, Fig. 27b gives the 
superposition of two mutually degenerate vibrations of an X3 molecule (forming an 
equilateral triangle) with a phase difference of 90°. Again each nucleus traverses a 
circle in the same sense, giving rise to a vibrational angular momentum; but here the 
interruclear distances do not remain constant during the “vibration.” For phase 
differences other than 90° elliptical motions arc obtained (sec Fig. 22d). 

In order to include such motions under the term “normal vibrations,” it is neces- 
sary in the definition of a normal vibration to drop the condition that all atoms move 
in phase and in straight lines and go through their equilibrium positions at the same 
time. It is sufficient to state that in a normal vibration all atoms move with the same 
frequency in such a way that the Cartesian components of the displacements change 
according to sine curves . 

Examples of the solution of the above equations for specific cases will be given 
in section 4. 


2. Vibrational Energy Levels and Eigenfunctions 


General. The Schrodinger equation of a system of N particles of coordinates x lf 
y lt Zi and masses vii is [sec (I, 13) of Molecular Spectra I] 


1 / d 2 \I/ d 2 \b d 2 \I/ \ 87 r 2 


whore \p is the wave function, E the total energy, and V the potential energy. For 
V we have to substitute the expression (II, 25), in which it is assumed that the 
displacements are small. Here again the solution is greatly simplified if we introduce 
normal coordinates by means of the equations (11,31) (using £1, £2 * * * instead of 
rji, rj 2 • • •)• It may be shown [see Pauling and Wilson (18)] that (II, 40) then goes 

over into 


ay ay 

d£i 2 d£2 2 d£S/v 

o_2 

+ — [ \E — K^i£i 2 + ^2£2 2 + • • • + X3.v£iv)]^ = 0, (II, 41) 


where the A< are the roots of the secular equation (II, 34) or (II, 38). It is now 
possible to separate the variables in equation (II, 41) by means of the substitution 

^ = ^i(£i) *^(£2) ••• ^3.v(^3v). (II) 42) 

If at the same time we divide the whole equation (II, 41) by we obtain 
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This equation may be resolved into a sum of 3 N equations: 


with 


1 JPfr 

t//, dtf 


Q 2 

+ fT (Hi ~ ” 0 , 


E = Ei + E 2 + • • • + ^3.v» 


(II, 44) 
(II, 45) 


The equation (II, 44) is the wave equation of a single simple harmonic oscillator of 
potential energy -J-X^t 2 and mass 1 whose coordinate is the normal coordinate £*■ 
[see equation (III, 28) of Molecular Spectra I]. Thus in wave mechanics as in 
classical mechanics the vibrational motion of the molecule may be considered , in a first 
good approximation, as a superposition of 3iV swiplc harmonic motions in the 3 N 
normal coordinates . 


Energy levels. The eigenvalues of equation (II, 44), that is, the energy values of 
the harmonic oscillator i, are given by 

Ei = hv x (th + J), = 0, 1, 2 • • • (II, 4G) 

where 

= -- C (11,47) 


is the classical oscillation frequency of the normal vibration i, and v x is the vibrational 
quantum number . Therefore, according to equation (II, 45), the total vibrational 
energy of the system can assume only the values 

E(v i, v- 2 , vz, • • •) = hv i(v x + J) + hv 2 (v 2 + 2 ) + hv 3 (v 3 + })+•••» (H, 48) 


or, if we go over to the term val ues. 


G(v 1 , v 2 , v 3f - • • ) = 


Here we have put 


E(v 1 , *> 2 , 1 % • ; • ) 
he 

— 0 )l(vi + i) + ^2(^2 + 2 ) + ^ 3(^3 + 2 ) + ■ * 


V\ v 2 v 3 

Wi = — , W2 = ' , « 3 = T > ‘ * * • 

c c c 


(II, 49) 
(II, 50) 


This designation is in agreement with the nomenclature accepted for diatomic mole- 
cules but is not always followed by writers on polyatomic molecules. The are 
the (classical) vibrational frequencies measured in cm~ l units. It is thus seen that 
by solving the classical vibration problem, that is, determining the classical vibration 
frequencies v x from the secular equation (II, 34) or (II, 38), the quantum theoretical 
energy values are immediately found. 

In (II, 45), (II, 48), and (II, 49), the non-genuine vibrations (translations and 
rotations) are still included. However, since for them v = 0, they do not give a 
contribution to the vibrational energy and we shall therefore in future disregard 
them and consider in (II, 49) the summation over the SN — 6 or 3N — 5 genuine 
normal vibrations only. 

Part of the energy level diagram for the simplest case of three genuine normal 
vibrations (triatomic molecules) is represented in Fig. 28. It consists of a large 
number of (overlapping) series of equidistant levels: one series with spacing «i corre- 
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sponding to various values of vy for v 2 = 0, v 3 = 0, one series with spacing 0)2 
corresponding to various values of v 2 for vy = 0, 03 = 0, one series with spacing £03 
corresponding to various values of v 3 for vy = 0, v 2 = 0; in addition, further vi series 
occur with other (all possible) fixed values of v 2 and v 3 (for example v 2 = l, v 3 = 0), 
further series with other fixed vy and V 3 values, and further v 3 series with other fixed vy 
and ?’2 values. Only some of these different series of levels could be drawn in Fig. 28. 



l — 2 1 0 0— 0 — 0 - 


0 — 

» 1 U >1 * 20 ), V3U3 w 3 +»l«l U> 3 -f»’ 2 U 2 « 2 +ri«I W 2 |l\iU, 2u>j { I’lCOl 2o).rf T 2 W 2 Wl+I’20>a COl4-r 3 u ) 3 W 2 +W 3 { VM 

Fia. 28 . Vibrational energy level diagram of a triatomic molecule. — Rome levels occur in 
several of the series of levels shown. On all but one of these occurrences they are indicated 
by broken lines. 

It is thus seen that the vibrational energy-level diagram even of a triatomic molecule 
and even assuming harmonic oscillations is much more complicated than that of a 
diatomic molecule. In a molecule having more than three atoms there are corre- 
spondingly more series of energy levels. 

According to (II, 48), for vy = 0, v 2 = 0, v 3 = 0, • • • , that is, in the lowest possible 
state, the vibrational energy is not zero but we have a zero-point vibrational energy: 

Of 0, 0, 0 • • •) = fa + fa + fa «... (II, 51) 

For a molecule with several atoms this zero-point energy may have quite a consider- 
able magnitude. Frequently it is convenient to refer the vibrational energy to the 
lowest possible state as zero (as for diatomic molecules). For this we have 

Go(vy, v 2i v 3i • • •) = G(v 1 , v 2 , v h • • •) - G( 0 , 0, 0 , • • •) 

= OOyVy + 0) 2 V 2 + < 03^3 + * * *• (II, 52) 

Eigenfunctions. The eigenfunctions ^(£ t ) of equation (II, 44) are the ordinary 
harmonic oscillator eigenfunctions as pictured by the broken curves in Fig. 29 (which 
is identical with Fig. 41 of Molecular Spectra I) where the abscissa apart from a con- 
stant factor is the normal coordinate The mathematical form of the function is 

Mi) = N Vi e~ ( - a ‘ lt)i ' , H B< ( Va &) , 


(II, 53) 
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where N v . is a normalization constant, ai = 2'irvjh, and II Vt (\a t ^ t ) is a so-called 
Her mite polynomial of the ^ith degree. The full curves in Fig. 29 give [^.(f,)] 2 
which is proportional to the probability of finding the oscillator with coordinate £ t . 


The total vibrational eigenfunction , ac- 
cording to (II, 42), is the product of 3N — 6 
or 3 N — 5 harmonic oscillator functions 
(II, 53). It is not very easy to visualize 
this function. It should be understood 
that it is a function in the 3 N — 6- (or 
3N — 5)-dimcnsional space of the 3N — 6 
(or 3N — 5) normal coordinates, which are 
not simply the displacements of the indi- 
vidual atoms. In order to get in terms 
of the Cartesian coordinates of the dis- 
placements one would have to express the 
in terms of the Cartesian coordinates from 
(II, 14) and substitute into (II, 42) and (II, 
53). Even then the rather more compli- 
cated function obtained is in a 3iV-dimen- 
sional space. 

Let us inquire into the dependence of 
on the displacements of one particular atom 
if only one normal vibration is excited, for 
example v\ in Fig. 24. The eigenfunction is 
then given by 

* = Nll ri ( Vai£i) 

y 6 -(«l/2)a 2 -(«2/2){2 2 -(a3/2)?3 2 - t### (H f 54) 

If, for a moment, we neglect the zero-point 
motion of all the other normal vibrations, 
that is, if we put £2 = 0, £3 = 0, •••, we 
have y// = ^i(£i); and since in this case, 
according to (II, 14), the displacement com- 
ponents of all atoms are proportional to £ 1 , 
the eigenfunction ^ as a function of every 
one of the displacement components has 
the same course as given in Fig. 29 except 
for an appropriate change of scale of the 
abscissa axis. The probability density of a 
particular atom would correspondingly be 
different from zero only along the line of 
classical motion of the atom and would 



-2 


Fig. 29. Eigenfunctions and probability 
distributions of the harmonic oscillator for 
Vi = 0, 1, 2, 3, 4, and 10. — The eigenfunctions 
are represented by the broken line curves, 
the probability distributions by the full lino 
curves. All curves are drawn to the same 
scale. The vibrational frequency has been 
assumed to be 1000 cm -1 . The abscissa is 
proportional to the normal coordinate £. It 
is the actual displacement from the equi- 
librium position in a diatomic molecule of 
reduced mass 10. 


vary in this line according to the full curves of Fig. 29 with an appropriate abscissa 
scale. However, actually we can never neglect the zero-point motion of the other 
vibrations; that is, £2, £3, • • • are different from zero even if v 2 = = • • • =0. In 

this case (II, 54) does not simplify to (II, 53), and (II, 14) does in general not lead 
to such simple expressions for the £*. The general consequence of this is that the 
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probability of finding a particular atom outside the lino corresponding to the classical 
motion is not zero but decreases in any direction perpendicular to this line according 
to a function somewhat like the full curve v = 0 in Fig. 29 (Gauss error function). 
However, it will in general not be cylindrically symmetrical about the line of classical 
motion. Still, especially for higher v\ values, the classical picture (Fig. 24 and 25) 
gives a fairly good approximation to the wave-mechanical probability distribution. 

If several normal vibrations are excited simultaneously, the resulting will be 
still more complicated. However, for most practical purposes it is quite unnecessary 
to know the \j/ and functions in terms of x if y i} z iy • • • , but it is entirely sufficient 
to have them in terms of £;, in which form they are very simple [see (II, 42)]. 

An important property of the vibrational eigenfunctions should be noted. The 
functions ^ t (£*) ore even or odd functions of the & depending on whether Vi is even or odd; 
that is, if £* is replaced by - £ *, the function ^,(£,) remains unchanged or changes sign 
for even or odd Vi respectively. This can easily be verified for the eigenfunctions 
represented in Fig. 29. It is due to the fact that for even vi the function \[/ t (£0 con- 
tains only even powers of £,-, for odd v L only odd powers of £;. Since ^,(£ t ) is a 
factor of the total vibrational eigenfunction this latter function, too, remains 
unchanged or changes sign for even or odd vi respectively if the corresponding £* is 
replaced by — £*. 

Degenerate vibrations. If a molecule has a doubly degenerate vibration, two of 
the w’s in (II, 49) are the same, say co a = «&, and the formula for the term values 
may also be written 

G(v i, v 2 •••!><•••) = <oiO>i + J) + w 2 (y -2 + i) + • • • + + !) + •■•> (H> 55) 

where we have put c o; = w a = co*, and Vi = v a + vi. Naturally each one of a mutually 
degenerate pair of vibrations gives its contribution to the zero-point energy. In 
the corresponding total vibrational eigenfunction we have the factor 

h = W, o ( 'la&)lh b ( '!*&,), (II, 56) 

where at = 2-irvJh = 2 irn/h. If v a = v h = 0, since // 0 (V«£) = constant (polyno- 
mial of degree zero), there is only one function, that is, the zero-point vibration does 
not introduce a degeneracy . If the degenerate vibration is excited by one quantum 
we have cither v a = 1, v b = 0 or v a = 0, v b = 1; that is, there arc two eigenfunctions 
for the state Vi = v a + Vb = 1 of energy G = • • • co»(l + 1) • • •. It is doubly de- 
generate. In this case any linear combination of the two eigenfunctions (II, 50) is 
also an eigenfunction of the same energy level. If two quanta are excited [ >; = 2, 
G = • • • co t (2 + 1) • • • ] we may have v a = 2, Vb = 0 or v a = 0, Vb = 2 or v a = 1, 
v b = 1 ; that is, there is a triple degeneracy. Quite generally the degree of degeneracy 
if V{ quanta of the doubly degenerate vibration are excited is ecpiai to the number of 
different ways in which Vi can be written as a sum of two positive integers (where the 
order of the integers matters), that is, it is Vi + 1. This is indicated for the eight 
lowest vibrational levels in Fig. 30a. However, this high degeneracy exists only as 
long as strictly harmonic vibrations are assumed. As will be shown later the an- 
harmonocity that is always present produces a partial splitting of this degeneracy. 


15y introducing polar normal coordinates by 

£a = Px COS ipi. 


£& = Px sin ip it 


(II, 57 ) 
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and choosing proper linear combinations of (II, 5b), it can be shown [sec Pauling- Wilson (IS)] that 
the eigenfunctions of a doubly degenerate vibration may also be written 

iA, = e <-“./W^;(Va7p0c i,i **\ (11,58) 

where / ( ’[j(Vo.Pi) is a polynomial of degree i H in Pi, where j =+ V — 1, and whero li ean take 
the values 

li = Vi, Vi — 2, — 4, • • • 1 or 0, (II. 59) 

depending on whether r » is odd or even. In Fig. 30a the I t values and degeneracies arc indicated for 
the lower vibrational levels. The polynomials Fjj( Vc*, p,) are related to the associated Laguerre poly- 
nomials [see, for example, Shaffer (77G) ]. For the lowest and I, values they are [see Kemble (12)]: 

Fo° = 1, Ft = - Va.p,-, Ft = 2a lPl 2 , F 2 ° = 1 - a.P. 2 - 

The factor in the eigenfunction (II, 58) indicates that there is in general an angular momentum 

of the vibrational motion. If in the two mutually degenerate vibrations the displacement vectors 
for each atom can bo chosen at right angles to 
each other and therefore the angle <pi is an angle 
in actual space (for example for XY 2 and Xj 
in Fig. 27) the angular momentum would bo 
/,(/j/ 27 t), where U is given by (II, 59) (for other 
cases see Chapter IV, section 2a). 

Classically the transformation (II, 57) cor- 
responds to the superposition of the degenerate 
linear oscillations with a phase difference of 90° 

(see above, p. 75), which, unless £„ and aie 
motions in the same line, results in circular or 
elliptical motions of the nuclei. 

For triply degenerate vibrations three 
of the co’s in (II, 49), say a>&, co c , are 
the same, and we can write 

G(v 1 , V 2 ••• Vk •••) = + l) 

+ 0*2(02 + 2) 

+ • • • c Ok{vk + 2) + * * ’> (H> GO) 

where co& = o) a = W6 = o* c and v k = v a 
+ Vb + v c . The corresponding factor in 
the eigenfunction is similar to (11, 50) 
except that there tire now three terms in 
the exponential and three factors II „. As 
before, for v k = 0 there is only one eigen- 
function, that is, no degeneracy . If the triply degenerate vibration is excited by one 
quantum (v k = 1), there are three eigenfunctions ( v a = 1 or Vb = I or v c = 1); that is, 
this state is triply degenerate. If the triply degenerate vibration is excited by two 
quanta we may have v a = 2, Vb — 0, v c — 0; or v a = 0, 0& = 2, v c = 0; or v a = 0, Vb = 0, 
v c — 2; or p a — 1, 06 — 1, 0 C — 0; or 0 rt = 1, 06 = 0, v c = 1; or v a = 0, 05 = 1, v e == 1 
—that is, we have a six-fold degeneracy. In general, if the triply degenerate vibration 
is excited by v k quanta, we have a \{v k + l)(0jb + 2)-fold degeneracy (again only if 
the anharmonicity is neglected). In Fig. 30b the degrees of degeneracy for the lower 
vibrational levels are indicated. 
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Fin. 30. Vibrational levels of (a) a doubly 
degenerate, (b) a triply degenerate vibration and 
their degrees of degeneracy. —The broken lines 
indicate the zero of energy. It should be noted 
that the lowest vibrational level v = 0 is £co, and 
2 C 0 & above this zero. 
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In the most general case of various degeneracies of the normal vibrations the vibra- 
tional term values may be written conveniently 

G(v i, v 2 ,v 3 • • • ) = 2c o t - + g 1 ) > (II, 61) 

where d L is the degree of degeneracy of the vibration a>; (d»- = 1 for non-degenerate 
vibration). It is seen that this formula includes (II, 40), (II, 55), and (II, GO). 

3. Symmetry of Normal Vibrations and Vibrational Eigenfunctions 

The degree of the secular equation (II, 38) from which the normal vibrations are 
obtained is 3 N where N is the number of atoms in the molecule. Therefore, even 
for a moderate number N , the secular equation is by no means easy to solve. How- 
ever, if a molecule has symmetry, also the normal vibrations and vibrational eigen- 
functions have certain symmetry properties and in consequence considerable simpli- 
fication in the determination of the normal vibrations is brought about. Therefore, in 
this section, we shall consider these symmetry properties of the normal vibrations 
and the vibrational eigenfunctions. 

Considerations of symmetry were first applied to the vibrations of polyatomic 
molecules by Brestcr (178) in 1923. They are of greatest importance not only for 
the determination of the normal vibrations but also for the discussion of the higher 
vibrational levels and the influence of anharmonicity (section 5 of this chapter), 
the selection rules (Chapter III, section 2) and the interaction of rotation and 
vibration (Chapter IV). 

If in a molecule a symmetry operation is carried out that transforms the (non- 
vibrating) molecule into a configuration indistinguishable from the original one, also 
the potential energy and the field of force will be the same as before the symmetry 
operation. Therefore the secular equation and consequently the frequencies of the 
normal vibrations are the same for the transformed as for the non-traiisforuicd 
system. However, in the vibrating molecule the transformed displacements are not 
necessarily the same as the non-transformed ones. With respect to a given symmetry 
operation we have to distinguish three different behaviors of a normal vibration: It may 
remain unchanged , it may change sign , or it may change by more than just the sign. 

Mathematically there are two equivalent ways of carrying out a symmetry oper- 
ation. We may either keep the coordinate system fixed and rotate or reflect the 
molecule, that is, change the position of the nuclei ( position transformation ) , or we 
may keep the molecule fixed and refer it to different, rotated, or reflected coordinate 
systems ( coordinate transformation). In what follows we shall always use the first 
method. 

(a) Effect of symmetry operations on non-degenerate normal vibrations 

For a given non-degenerate normal vibration V{ there is only one possible ratio 
for the displacement coordinates of the various atoms (see p. 69f.). If a symmetry 
operation is carried out this ratio remains unchanged since the frequency Vi substi- 
tuted into the equations (II, 10) is the same. Therefore since the displacements are 
defined apart from a constant factor only (which is defined by the normalization, 
see p. 72), a symmetry operation can at most bring about a simultaneous change of 
sign of all displacement coordinates belonging to a given non-degenerate vibration, 
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that is, a change of sign of the normal coordinate. The only other possibility is that 
it will leave them unchanged. Thus a non-degenerate vibration can only be symmetric 
or antisymmetric with respect to any symmetry operation that is permitted by the symmetry 
of the molecule . 

As an example, consider the normal vibrations of the plane XY Z 2 molecule 
represented in the previous Fig. 24a-f. When these vibrations arc reflected at the 
plane of symmetry of the molecule <r v (xz) which is perpendicular to the plane of the 
molecule, the diagrams in Fig. 24g-l are obtained. It is seen that this reflection leads 
to identical pictures for v\, v*, vs, v 6, whereas for v\ and 1/5 the direction of all displace- 
ment vectors has boon inverted; that is, the corresponding normal coordinates £4 
and £5 have been changed into their negatives — £4 and — & (phase shift by 180°). 
These vibrations are antisymmetric with respect to the plane a v {xz). In a similar 
way it can be seen that all vibrations but vq are symmetric with respect to the plane 
of the molecule, while v 6 is antisymmetric. Finally V4, v g, and vq are antisymmetric 
with respect to a rotation by 180° about the X — Y axis (two-fold axis). 

It is an immediate result of the above rule (and is verified by the example of 
Fig. 24) that a nucleus that has its equilibrium position on a plane of symmetry in 
a non-degenerate vibration can only move in the plane (if the vibration is symmetric 
to the plane) or perpendicular to the plane (if it is antisymmetric). Similarly, a 
nucleus that has its equilibrium position on an axis of symmetry can only move 
along this axis (if the vibration is symmetric with respect to this axis) or perpendicular 
to it (if it is antisymmetric). 

The following restriction to the above rule may be noted. If the molecule has 
a //-fold axis of symmetry and p is odd, a non-degenerate vibration can only be sym- 
metric with respect to a rotation by 2i r/p about this axis since, if it were antisym- 
metric, after p such rotations, that is, a rotation by 2i r, it would not transform into 
itself as it must. However, a non-degenerate vibration may be antisymmetric as 
well as symmetric with respect to an even-fold axis, since then after p such rotations 
it will transform into the original configuration. The non-degenerate vibrations of 
the symmetrical molecules X3, X4, X5, Xg represented in Figs. 32a, 37, 38a, 40 
exemplify this restriction. 

\b) Effect of symmetry operations on degenerate normal vibrations 

Two simple examples. Whereas non-degenerate vibrations can only be sym- 
metric or antisymmetric with respect to any symmetry operation, degenerate normal 
vibrations may also change by more than just the sign. Before we discuss the reason 
for this, let us consider two examples. In Fig. 25b the normal vibrations of a linear 
symmetric triatomic molecule XY2 (for instance C0 2 ) are represented. The two vibra- 
tions v 2a and v 2 b are obviously degenerate with each other. They are antisymmetric 
with respect to an inversion at the center of symmetry as is the vibration 1/3. Another 
symmetry operation is the rotation CS> by an arbitrary angle <p about the internuclear 
axis. This leaves vi and v$ unchanged; they are symmetric with respect to this 
symmetry operation. But both j > 2a and V2b are changed by more than just the sign. 
This is represented in Fig. 31a, in which a side view of the vibrations before and after 
the symmetry operation is given. Before the transformation, v% a takes place in the 
^-direction, nucleus i having an amplitude xf a) . After the transformation the 
amplitude in the ^-direction is xf a) cos <p, and in addition there is now also a com- 
ponent of the motion in the //-direction with amplitude x, (a) sin <p. Both components 
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change periodically in simple harmonic motion whose frequency is obviously the 
same as before the symmetry operation. Similar considerations apply to v 2 i > • 

As a second example, consider the normal vibratioris of a molecule X 3 forming an 
equilateral triangle (three-fold axis of symmetry) in Fig. 32a. The diagrams obtained 




Fio. 31. Effect of the symmetry operation C* on the degenerate vibration of linear XY 2 . 




Fia. 32. Effect of the symmetry operations C 3 and C 3 2 on the normal 
vibrations of an Xs molecule. 



11,3 SYMMETRY OF NORMAL VIBRATIONS 85 

by rotating the molecule with its displacement vectors in a clockwise direction by 
120° and 240° (or — 120°) are shown in Fig. 32b and c. It is seen that while v\ 
remains unchanged by these rotations, that is, is symmetric with respect to the 
three-fold axis, the two other vibrations v 2a and v 2 b, which are degenerate with each 
other (sec below), are neither symmetric nor antisymmetric but change into different 
vibrations which, however, have obviously the same frequency. They differ only in 
that the nucleus N\ at the top, for example, instead of moving up and down in v 2 i, 
after the rotation, in i4a 20) , moves at an angle of 120° to the vertical. Similar changes 
occur for the other two atoms N 2 and W 3 . 

By superposition of v 2 l and v 2 a 0) or v 2 ^ with suitable amplitudes, we can obtain 
a simple harmonic motion of the nucleus Ni in any other direction, and similarly of 
N 2 and 1V3. For instance, we may obtain a motion of Ni in a horizontal direction 
by superimposing on v 2 the vibration *4a t0) with double the amplitude. This is 
shown in Fig. 33a. It is seen that in this way, apart from a constant factor, the 



(«) K*> 

Fig. 33. Degenerate vibration v 2 of X 3 . (a) Superposition of pgj} and ^ 2 a 40) to give y?*!- 

(b) Orthogonal pair different from v 2a and v 2 i in Fig. 32. 

vibration v 2 l is obtained. Thus v 2 i> is a linear combination of v { 2 l and *4 2 a 40) . Since 
vTa and v 2 a 0) have the same frequency, v 2h also has this frequency. That is why v 2a 
and v 2 b are degenerate with each other. Conversely, of course, we may obtain v 2 2 a 0) 
as a linear combination of v 2 l and v 2 l. Any other oscillation of the same frequency 
may be represented as a linear combination of v { 2 \ and v 2 l (for example, also, v 2t ? 0) , 
j' 26 20) , j ; 26 40) ). The vibrations v 2 i and v 2 l arc mutually orthogonal : in v 2 l all nuclei move 
at right angles to the paths they traverse in v^l. However, v 2 } t and v 2 l are not the 
only orthogonal pair by whose superposition all other vibrations of the same fre- 
quency may be represented. There is an infinite number of such pairs. Fig. 33b 
gives another example. v 2 l and v 2 l are distinguished by being symmetric and anti- 
symmetric respectively with respect to the plane of symmetry though N 1 . 

As we have seen before (p. 75), we have a degenerate vibration when two or more 
roots of the secular equation coincide. There are then two or more sets of solutions 
of the equations (II, 10) for the same frequency vi\ 

£i (o) 2/i (a W fl W a) //2 (a) Z2 (tt) • • •, 

xS b hjS b W b W b W h W h} •••, 

That is to say, there are two or more normal coordinates £ ta , £ ib, • • • that differ by more 
than just a constant factor. A symmetry operation which docs not change the field 
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of force may therefore change each of the degenerate normal coordinates into a linear 
combination of these normal coordinates, since such a linear combination is also a 
solution of equations (II, 10) (see p. 75). Thus we have 


$ia * $m — (laa$ia "f“ dab$tb “I" * * *» 
$ib — ► $'ib — (ha$ia + dbh$ib + * * *, 


(II, 62) 


where the —» indicates “goes over, by a symmetry operation, into” and the 
d n b • • • are constant coefficients to be determined below. The • • • should be dropped 
for doubly degenerate vibrations. Since £;«, • • • may be taken to be the dis- 

placement vectors of any nucleus k in the degenerate vibration v,-, it is immediately 
clear that for a doubly degenerate vibration the transformed displacement vectors 
of a given nucleus all lie in the plane determined by the two “original” displacement 
vectors, while for a triply degenerate vibration they are not restricted to a plane. 

For certain symmetry operations it may be that only the diagonal coefficients d«„, 
dbb , • • • in (II, 62) are different from zero and equal to +1 or —1; that is, for certain 
symmetry operations even degenerate vibrations may be symmetric or antis ymmetrie. For 
example, the degenerate vibrations v 2a and i /.,& of linear XY 2 (Fig. 25b) are symmetric 
with respect to a reflection at the plane of symmetry perpendicular to the internuclear 
axis; they are antisymmetric with respect to an inversion at the center of symmetry. 
The degenerate vibrations v 2a and v 2h of X 3 (Fig. 32a) are both symmetric with 
respect to the plane of the molecule and they are symmetric and antisymmetric 
respectively with respect to the perpendicular plane of symmetry through N i. 

However, with respect to a rotation about a three or more than three-fold axis , degener- 
ate vibrations are in general neither symmetric nor antisymmetric but change according to 
(11,62) with non-vanishing d a b , For example, in the case of the linear 

molecule XY 2 (see Fig. 25b), if we take the normal coordinates $ 2a and £>& of the two 
degenerate vibrations orthogonal to each other and normalized, that is, if the dis- 
placement vectors r^ a) and r of each atom k are perpendicular to each other and 
of equal magnitude, we have, for a simultaneous rotation of the two displacement 
vectors by an angle ip (see Fig. 31b), 


and similarly 


ZfcC")' = 77 (,l) cos (a + ip) = Xk (<l) cos ip — sin ip , 
iJk iaY = xif a) sin tp + y k (a) cos tp, 


where the primed coordinates are the ones after the rotation. Since, according to 
Fig. 31b, y^ a) = — Xk w and jr* (a) = //fc (6) , we may also write 


a*jk (u)/ = cos ip + X/f b) sin ip } 
yk {ttY = tfk (a) cos ip + y k (b) sin ip. 

Similarly we obtain 

x k ibY = — ar* (u) sin ip + x k w cos <p , 
tlL {hY = - Uk ia) sin ip + y k w cos ip\ 


(II, 63) 


(II, 64) 


0 This holds as long as only real normal coordinates and coefficients are admitted. For complex 
normal coordinates, see below. 
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or, since (II, 63) and (II, 04) hold for any k , 

%2a = £2 a COS if + £26 sin ip 
£2 b = — £ 2 a sin ip + £26 cos <p; 


(II, 65) 


that is, for a rotation by an angle <p about the symmetry axis (C£>), the coefficients in 
(II, 62) are in the case of a degenerate vibration of a linear (triatomic) molecule: 


daa — 1 dbb — COS tp^ dab — dba — Sin <Pj (II, 66) 

Equation (II, 65) is independent of the angle a, that is, of the orientation of the fixed 
coordinate system, x, y. 

In a similar manner, in the molecule X3, if £ 2 *, and £26 arc the mutually orthogonal 
normal coordinates belonging to the vibrations v 2 a and v 2 b of Fig. 32, and if we assume 
that they have the same amplitude, then we have for a (clockwise) rotation of the 
whole diagram by an angle of 120° (which is a symmetry operation), 

£ 2 a ► £a« = £ 2 ® cos 120° + £26 sin 120°, 

. (II, 67) 

£ 2 b — > £ 2 b — £ 2 a sin 120° + £ 2 b cos 120°; 


that is, again we have a linear transformation of the type (II, 62). More explicitly, 
the equations (II, 67) mean that for every nucleus k , 


x k {a) — > x k {aY = x k {a) cos 120° + Xk ib) sin 120°, 
2 /A < " > — > Vk iay = Vk ia) COS 120° + y k ib) sin 120°, 
x k (b) — > x k iby = — Xk (a) sin 120° + Xk {b) cos 120°, 

y k (b) y k (bV = _ y k (a) 8 | n 120° + y k (b) cos 120°. 


(II, 68) 


Here it is to be remembered (sec p. 82) that the primed coordinates arc referred to 
the same coordinate system as the unprimed and that we number the nuclei according 
to their position (the nucleus at the top in Fig. 32 is always A^i, and so on) and not 
according to what they had been before the transformation. With this in mind, 
the equations (II, 68) can easily be verified by the reader from Fig. 32. They hold 
irrespective of which orthogonal pair is chosen, whether or V 2 a°\ V 2 b l)) or 

V 2 a°\ V 2 S> 40) in Fig. 32, or v 2a and v 2 b in Fig. 33b, or any other orthogonal pair. Always 
the displacement vectors of a nucleus of a given position (for example, the one at the top) 
rotate by 120° in a counter-clockwise direction if the molecule is rotated by 120° in the 
clockwise direction . This rule has here been derived from the assumed form of the 
degenerate normal vibrations. Since we shall see that it is a necessary consequence 
of the theory of normal vibrations, it can conversely be used to determine the form 
of the degenerate vibrations. 

When the symmetry operation is the counter-clockwise rotation by 120°, one has 
to replace 120° by —120° in (II, 67) and (II, 68). The result is obviously the same 
as when the clockwise rotation is carried out twice in succession, that is, when 120° 
is replaced by 240°. 


Plane doubly degenerate vibrations. We shall now discuss the general case of 
doubly degenerate normal vibrations in which the nuclei move in planes perpendicular 
to a p-fold axis of symmetry [see Cabannes (189)]. We shall also show how the 
form of these degenerate vibrations can be determined. In Fig. 34, Nk and N k +i are 
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two identical nuclei that are transformed into each other by rotation about the 7 >-fold 
axis C v (assumed to be perpendicular to the plane of the paper) through the angle 2w Ip. 
The displacements of these nuclei during the two mutually degenerate and orthogonal 
vibrations v ia and v& of normal coordinates £,« and are indicated by the heavy 
arrows rk' a) , r* <6) and 1 , 1 . We assume for the present that all amplitudes r of 



Fig. 34. Doubly degenerate vibrations in a molecule with a £-fold axis. 


the p identical nuclei have the same magnitude. If a clockwise rotation by 2tt jp is 
carried out the vectors r^ a \ r go over into the dotted displacements r^i and 
of Njc+i , making an angle a with r^i and r*+i respectively. Applying (II, 63) and 
(II, 64) to the present case, we have 


a #+ 1 = cos a + 4+i sin a , 
2/*+ i = */m-i cos a + t/A+i sin a , 
z* }'i = — x a ! j. i sin a + *f{.i cos a , 
2/fcH = — Uk + 1 sin « + Z/aTi-i cos a . 


If we were to choose the directions of r& (o) and r^ h) arbitrarily for every k , the 
angle « would be different for different k . But in order to obtain a linear transforma- 
tion as in (II, 62) for the normal coordinates, all displacement components must 
transform in the same way; that is, we have to choose the displacements so that a is 
independent of k . Then we have 

Zia = £,« cos a + U sin a, ^ ^ 

&h = - sin a + £ cos a, 

as f/ic /aw of transformation of the two degenerate ( orthogonal ) normal coordinates for a 
rotation by 2 ir/p. It might at first appear that the angle a can have any fixed value. 
However, after p rotations by 2i r/p we must obviously obtain the original diagram. 
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Therefore, since for each rotation of the molecule a displacement vector turns by a, 
pa must be ±2t or ±2-2tt or db3*27r •••or db (p — 1)2 tt. The value =fcp*27r 
would mean a = ± 2tt, that is, give the same transformation as a = 0, namely 
%'ia = £,«, i-'ib = Sib . The vibration would be symmetric with respect to the rotation 
about the symmetry axis. Obviously the values ± (p + l)27r, =b (p + 2)2?r • • • for 
pa would be equivalent to =t27r, ±2-27r • • •. Thus we have 


a = 



0 <1 <p, 


(II, 71) 


where l is an integral number. 

When a degenerate vibration transforms according to (II, 70) with 0 < \a\ < 2w 
(and a j* tt) for a rotation by 2tt/p about a p-fold axis, we say, for brevity, that it is 
degenerate with respect to this axis . It may or may not be symmetric or antisymmetric 
with respect to other symmetry elements if such are present. It might appear from 
(II, 71) that in a molecule with a p-fold axis there are p — 1 different types of 
vibrations that are degenerate with respect to the p-fold axis, namely those with 
l = 1, l = 2 • • • l = p — 1. However, the types l = 1 and l = p — 1, l = 2 and 

2tt 

l = p — 2, Z = 3 and l = p — 3 • • • , are equivalent, since a = =b (p — j) ~ - is 


2tt 

equivalent to a = T j • — (the difference of the two being 2t). Furthermore, if p 
P 

is even, l = pi 2 is one of the possible l values; that is, a = tt. In this case, according 
to (II, 70), = — £ va and £ 7 l& = — £,6, which means that this type of vibration is 

antisymmetric and not degenerate with respect to the p-fold axis considered. Thus 
if we put p = 2q — 2 if p is even, and if we put p — 2q — 1 if p is odd, there arc q 
different types ( species ) of degenerate vibrations distinguished by the value of l , that is, 
by the angle a by which the displacement vectors rotate for a rotation of the molecule by 
2 t I p. Of course there may be several degenerate vibrations of the same type (see 
section 4a). Degenerate vibrations that differ only by the sign of a are considered 
as of the same type for the following reason: Suppose £; tt and £»& transform according 
2tt 

to (II, 70) with a = — — l , then it is immediately seen that and —£,6 transform 
P 


2ir 

according to (II, 70) with a — + - - 1. 


But the pair £*6 is obviously perfectly 


equivalent to £ m , — £*&. 

For a molecule with a three-fold axis C3 the number l introduced above may have 
the values 1 and 2. But since 2 = p— 1 = 3 — 1 there is only one type (species) of 
degenerate vibrations , namely the one in which the displacement vectors in a plane 
perpendicular to the symmetry axis rotate by ±120° for a clockwise rotation of the 
molecule by 120°. We have already seen (Figs. 32 and 33b) that this is actually 
fulfilled for the degenerate pair V 2 « and v^b of X3, with a = + 120° (counted positive 
in a counter-clockwise direction). Conversely, if we did not know the form of the 
degenerate normal vibration we could determine it from the above condition. This 
is shown in Fig. 35. For example, starting out from a vertical vector at N\ [Fig. 35a 
(1)], we rotate this vector counter-clockwise by 120° (dotted vector), then rotate 
the whole diagram by 120° counter-clockwise. The dotted vector then goes over 
into the heavy vector at N% [Fig. 35a (2)], which represents the actual displacement 
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vector of N 2 when the vertical vector at N 1 is the displacement vector of N i, since 
by clockwise rotation of the whole molecule by 120° the displacement vector of Ni 
would rotate by 120° in the counter-clockwise direction. Similarly rotating the 
displacement vector of N 2 again by 120°, obtaining a dotted vector at N*, and rotat- 
ing the whole diagram by 120°, we obtain the displacement vector of N 3 [Fig. 35a 
(3)]. Thus we have obtained V 2 o of Fig. 32. In the same way, by starting out from 



a horizontal displacement at N\ (Fig. 35b), the vibration V 2 b is obtained, which, as 
shown before, is degenerate with V 2 <*. Fig. 35c shows the same for a displacement 
of N 1 of arbitrary direction, giving a vibration that is a linear combination of 
and V 2 b (see Fig. 33b). If instead of a = + 120° we choose a = — 120° we obtain, 
as shown by Fig. 35d, simply a translation of the whole molecule in the direction of 
the initially assumed displacement vector. Thus the two translations perpendicular 
to the three-fold axis are a non-genuine degenerate vibration of the type l = 1. 



11,3 


SYMMETRY OF NORMAL VIBRATIONS 


91 


As an example of a somewhat more complicated ease of a molecule with a three-fold axis, Fig. 30 
gives the normal vibrations of a plane symmetrical X Y 3 molt rule of point group D.ih. Since here a Y 
nucleus may move either in the same direction as the adjacent X nucleus or in the opposite direction, 
there are now two totally symmetiic vibrations, vi and v >\ there are two vibrations that arc symmetric 
with respect to the (’3, but antisymmetric with respect to the three a„: the rotation about the (’3 
(which is a non-genuine vibration and therefore not shown) and the vibration 1 * 3 ; there are two 



Fio. 36. Normal vibrations of an X3Y3 molecule (point group Dn)< — Motions perpendicular to the 
plane of the paper are indicated by + and — signs in the circles representing the nuclei. 


degenerate vibrations with a = + 12 b, namely and va; and there are two degenerate vibrations 
with n = — 120 , namely the translations perpendicular to C 3 which represent a non-genuine vibra- 
tion (not shown) and the genuine vibration v 7 . This is in addition to the vibrations parallel to the 
three-fold axis, which will be discussed later. It should be noted that the vibrations V 6 «, vi, lt 
and vi b cannot be obtained as linear combinations of v&a and vy,] that is, v% and vi have in general a 
frequency different fiom that of n- 

For a molecule with a four-fold axis of symmetry, l may have the values 1, 2, and 3. 
But 1 = 2 = pi 2 corresponds to vibrations that are antisymmetric with respect to 
the axis and Z = 3 = p — lis equivalent l = 1, so that there is again only one type 
(species) of degenerate vibrations. As an example, Fig. 37 gives the normal vibra- 
tions of a molecule X 4 with a four-fold axis, vi is symmetric, V 2 , vz, and v\ are anti- 
symmetric with respect to a rotation by 27 t/ 4 = 90° about the axis, whereas Vba and 
Vbb are a degenerate pair. Any linear combination of Vba and Vb 6 , for example Vb is 
also a vibration of the same frequency (£ 5 ' = £56 — ? 5 a). It is seen that by a clock- 



92 


VIBRATIONS 


II, 3 



Fio. 37. Normal vibrations of X 4 (point group Dih). 




Fio. 38. Normal vibrations of an X 5 molecule (point group Dbh). (a) Genuine normal vibra- 
tions. (b) A non-genuine degenerate vibration (see p. 96). (c) Alternative degenerate vibrations 

v'*a = Via + Via, v'ib = v 3b + Vi b , v\« = v 3b - v ib , v'ih = v 3a ~ Via.— Vibrations perpendicular to the 
plane of the molecule are shown in oblique projection. 
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wise rotation by 90° of the molecule in these degenerate vibrations every displacement 
vector rotates counter-clockwise by +90°. 

For a molecule with a five-fold axis of symmetry , l may have the values 1, 2, 3, and 4, 
but according to the above l = 1 is equivalent to l = 4 and l = 2 is equivalent to 
l = 3, so that we have two types ( species ) of degenerate vibrations corresponding to 
a = ± 27r/5 and a = =fc 2-27r/5 respectively. Let us derive as an example the form 
of the (plane) normal vibrations of a molecule Xb whose nuclei are arranged at the 
corners of a regular pentagon. The only vibration that is symmetric with respect 
to the axis C b is evidently the pulsation vibration v\ in Fig. 38a. If we want to 

Fiu. 39. Derivation of the vibration v^ a of X 6 . — From one diagram to the next a rotation of 
the moleeulo by 72° is assumed to have taken place. In this rotation a broken line vector goes over 
into the full-line displacement vector of the next nucleus (rotation by 144°). 

determine a vibration of the type l = 1 we have to use a = =h 30075 = ± 72° and 
proceed in the same way as indicated in Fig. 35 for an X 3 molecule. With a = + 72° 
we obtain thus the degenerate pair v 2a and v 2 i, in Fig. 38a; with a = — 72° we obtain 
(similar to Fig. 35d) the two translations perpendicular to the five-fold axis which 
thus represent a non-genuine degenerate vibration with l — 1. If now we want to 
determine a vibration of the type l = 2, that is, a = ± 2 -36075 = db 144°, we have 
to rotate the displacement vectors by 144° for every rotation of the molecule by 72°. 
This is shown for a = + 144° in Fig. 39 and gives the vibration g 3 « of Fig. 38a. v 3b 
is obtained in the same way but using a vertical instead of a horizontal displacement 






Fio. 40. Normal vibrations of an X« molecule (point group D 6 a). — D isplacement vectors at 
right angles to the plane of the paper are indicated by + and — signs. In these vectors have not 
: 11 the same length. 

vector at the top. If a = — 144°, another degenerate pair of genuine normal vibra- 
tions is obtained, v^ a and vm of Fig. 38a. 7 Thus there are in this example two plane 
degenerate vibrations of type l = 2. 

7 The displacement vector of the nucleus at the top in v\ b has l>een chosen opposite to that in 
vzb in order to have the pair vm and v\ b transform according to (II, 70) with a = + 144°, just as 
vza and vzb (see p. 89). 
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For a molecule with a six-fold axis of symmetry , l may have the values 1, 2, 3, 4, 
and 5; but according to the above 1 = 3 = p/2 corresponds to vibrations that are 
antisymmetric with respect to the axis Co, and l = 4 and 5 arc equivalent to l = 2 
and l = 1 respectively so that we have again only two types of degenerate vibrations . 
Fig. 40 gives as an example the normal vibrations of a molecule X$ whose nuclei in 
their equilibrium positions lie at the corners of a regular hexagon. There is again 
only one vibration that is symmetric with respect to a rotation by 60° about the axis, 
but there are three vibrations that are antisymmetric with respect to this rotation. 
The plane degenerate vibrations arc obtained in a manner similar to that used for X 5 
by rotating the displacement vectors by +00°, +120°, and —120° respectively for 
every rotation of the molecule by 60°. This gives the three degenerate pairs v bfl , 
Hb ( l =*- 1), v * «, m (l = 2), v-ja, vib ( l = 2). The value a = - 60° gives, similar to the 
case of X3 and X 5 , the translations perpendicular to the symmetry axis (non-genuine 
vibration). The other vibrations of the X« molecule will be discussed later. 

More general doubly degenerate vibrations. The above discussed behavior of 
the normal coordinates with respect to symmetry operations may also be derived 
from the requirement that the potential energy (II, 32) must be invariant with respect 
to all symmetry operations permitted by the molecule in its equilibrium position. That 
is, if the potential energy is 

V = J(Xi£i 2 + A 2 £ 2 2 + X3?3 2 + • • •)> (H, 72) 

after a symmetry operation has been carried out, it must be 

V = J(Aifi ,a + X2^2 /2 + Xs£V + • • •) (H» 73) 

where the £/ arc the normal coordinates in the transformed molecule. 8 

Invariance of V accordingly exists if £/ = & or £/ = — that is, when the 
normal vibration is symmetric or antisymmetric with respect to the symmetry 
operation. In fact, this is the only way invariance of V can be accomplished if all 
A* (all frequencies) arc different. Therefore non-degenerate vibrations can only be 
symmetric or antisymmetric. However, if two or more X* are equal, that is, if we have 
a degenerate vibration, the corresponding £»' may be a linear combination of the £». 
Taking the case of a double degeneracy , let & tt and be the two degenerate normal 
coordinates, and the part of the potential energy depending on them 

Vi = JX.(& + &). (II, 74) 

The only linear transformation of the form (II, 02) that will leave Vi unchanged is 
an orthogonal transformation, that is, a transformation that transforms one Cartesian 
coordinate system into another with the same origin. Such a transformation, in 
the present case of two dimensions, is performed only cither by 

P + %ih sin P, 

. ( 1 1 1 * 

til, = - sill j8 + f ,6 COS 0 


8 It should l,o noted that it is not sufficient that the numerical value of V for a given set of £» 
values remains the same; it must lemain unchanged for any set of £» values and therefore must havo 
the same functional dependence on the transformed normal coordinates as on the non-transformed. 
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or by 

~ £i « oos (3 “f - t~ t b sin (3y 

, (II, '9) 

£»& = + f,««in 0 + £ t 6cos0. 

The first transformation means a simple rotation of a rectangular coordinate system 
formed by £ ta and £ lft by an angle 0 [compare equation (II, G5) and the accompanying 
discussion]. The second transformation means a rotation plus a reflection at the 
origin. It is easily verified, by forming £{« + from (II, 75) or (II, 76), that 
£{« + = £?« + £?&; that is, that the transformations (II, 75) and (II, 76) leave 

the potential energy Vi in (II, 74) invariant. It is also easily seen, by substituting 
(II, 62) in (II, 74) and requiring that Vi be invariant, that the above two transforma- 
tions are the only ones giving this invariance. 

The transformation (II, 76), if carried out twice in succession, has the property 
of leading to the original normal coordinates for any value of 0, as can immediately be 
verified. It can therefore correspond only to those symmetry operations which if 
applied twice bring the system back to itself, such as a reflection at a plane. Only 
the transformation (II, 75) can represent the change of degenerate normal coordinates 
produced by a rotation about a p-fold axis with p > 2. It is of exactly the same form 
as (II, 70). However, the proof for (II, 75) is more general and we can now drop a 
number of restrictions under which (II, 70) was derived: Equation (II, 70) was 
derived for the x and y components of the displacements only [see (II, 69)], whereas 
(II, 75) holds generally also for the z components (that is, the components in the direc- 
tion of the axis of symmetry). In deriving (II, 69) and (II, 70) we assumed that 
each displacement vector of £ ia was perpendicular to the corresponding displacement 
vector of £,& (sec Fig. 34) and had the same magnitude, whereas now we need only 
to assume that £,« and £*& are orthogonal and normalized in the sense of equations 
(II, 18) and (II, 19). 

The value of p in (II, 75) is not entirely arbitrary but, in the same way as above 
for a , it follows that for a rotation by 2w/p about a p-fold axis, 

p=±'jl, z= 1,2 •••/>- 1. (11,77) 

Thus for those vibrations that fulfill the above-mentioned restrictions the considera- 
tions are exactly the same as before. However, we can now also discuss those de- 
generate normal vibrations that do not fulfill these restrictions. 

Let us consider, as an example, those normal vibrations of an X& molecule (Fig. 38) 
that are perpendicular ( antisymmetric ) to the plane of the molecule. The only one such 
vibration that is symmetric with respect to the axis is the non-genuine vibration 
consisting of a translation in the z direction (not shown). The other vibrations in 
this group arc degenerate with respect to the axis. It is easily seen that a vibration 
parallel to the axis can be degenerate only with a vibration that is also parallel to the 
axis [since otherwise a rotation by 2i r/p could not transform the one into a linear 
combination (II, 75) of the two original ones]. Thus the displacement vectors of 
the individual atoms in the two mutually degenerate vibrations are not perpendicular 
but parallel to each other. In order that they shall be orthogonal we must choose 
them so that [see (II, 18)] 


21 mkZ^ a) Zk {h) = 0 . 


(II, 78) 
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One way ot accomplishing this is to choose the displacements of N\ as 2 i (o) = s, 2 i ( 6) = 0 
(then at least the contribution of N 1 to the sum is zero). The displacements of N» 
arc now obtained by carrying out the transformation (II, 75) and then rotating the 
molecule by 72° (similar to Fig. 39). The latter operation here does not change the 
direction of the displacement vectors. Thus we have 


Similarly we obtain 


,(«) = = s COS P + 0, 

j (6) = = — s sin p + 0. 

(II, 79) 

Z3 (a) = Z 2 (a)/ = $ eos 2 P f 

z z 0>) = z 2 W = _ s 8 j n 2p . 

(II, 80) 


Taking first /? — + (360°/p) • 1 = + 72° we see that the displacements Zk of the 
successive nuclei ATi, N 2 , Nz, • • • in the first vibration arc 

s, s cos 72°, s cos 144°, s cos 216°, $ cos 288°, 

and in the second vibration, which is degenerate with the first, 

0, —s sin 72°, — s sin 144°, —$ sin 216°, —s sin 288°. 

It is easily verified that these two sets of displacements fulfill the relation of orthogo- 
nality (II, 78). They are illustrated in Fig. 38b, from which it can be seen that they 
represent simple rotations about two mutually perpendicular axes in the plane of the 
molecule. These two vibrations are thus non-genuine. 

If we now take P = + (360°/p)- 2 = + 144° we see that the z displacements in 
the two mutually degenerate vibrations are, according to (II, 79) and (II, 80), 

s, s cos 144°, s cos 288°, s cos 72°, s cos 216° 

and 

0, — s sin 144°, — s sin 288°, —s sin 72°, — s sin 216°. 

These displacements arc shown as v& a and w, in Fig. 38a. They represent evidently 
genuine normal vibrations (which are mutually orthogonal). It is immediately seen 
that the values P = — 72° and —144° lead to the same vibrations as P = + 72° 
and +144° respectively. As previously, p = ± 27r/5-3 and 27 t/ 5-4 lead to the 
same vibrations as P = ± 2tt/5-2 and ±27 t/ 5-1 respectively. 

Doubly degenerate vibrations with the same relative amplitudes as for v$ a and 
may also take place in the plane of the molecule, either in such a way that all atoms 
move radially or in such a way that they all move tangentially. These are repre- 
sented in Fig. 38c. It is easily seen that these vibrations fulfill the transformation 
law (II, 75), even though the displacement vectors are not ail the same and arc not 
at right angles to each other in a degenerate pair. The displacement vectors in 
these vibrations can therefore not be obtained by the simple rotation method illus- 
trated by Fig. 39. However, these two degenerate vibrations arc not independent 
of those already given. Their normal coordinates are the linear combinations 
£s« + $4a, £3 b + £46 and {s h — £46, £3a — £4« of the previous v z and p 4 (Fig. 38a). 
There is an infinite number of other pairs of linear combinations (£30 + c&a, £36 + c£ 4 & 
with c an arbitrary number) that would also fulfill the transformation law (II, 75). 
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But only two of these pairs are independent of one another. Which two arc the 
actual vibrations v 3 and jq depends on the forces acting between the atoms (see sec- 
tion 4). Only for certain special force fields would the vibrations be as given for v 3 
and Vi in Fig. 38a, and for certain other special force fields they would be as given in 
Fig. 38c. On the other hand, the other vibrations, vi, v 2 , and v 3 of Xb, are unambigu- 
ously given for any force field since there is only one of each species (see section 4a). 

It should be realized that linear combinations £ 2 + c£z or £ 2 + ^£4 do no ^ fulfill 
the transformation laws (II, 75) and arc therefore not possible normal vibrations, 
since P = + 72° for v 2 but ft = =fc 144° for v 3 and jq. 

For a molecule with a three-fold axis only p = db 120° is possible. In the case 
of a triatomic molecule X 3 this leads (just like P = =fc 72° for Xb) only to a non- 
genuine vibration perpendicular to the plane of the molecule. 

However in tho molecule X 3 Y 3 both a non-genuino and a genuine vibration (p 8 in Fig. 30) result, 
with amplitudes 

s, s cos 120°, s cos 240° and 0, — s sin 120°, — s sin 240°. 

For this molecule, unlike X 3 , also plane degenerate vibrations with the amplitudes given are possible 
in a radial or tangential direction, analogous to those discussed for X 6 (Fig. 38c). However, they are 
again simply certain linear combinations of tho plane degenerate vibrations already given (ve, Pe, 
vi in Fig. 30). 

The vibrations 'perpendicular to the plane of the molecule X® (see Fig. 40) are obtained 
in a way entirely similar to that for X 6 . Again p = ± 27r/p- 1, which here equals 
db60°, gives two noil-genuine vibrations, while P = 2irlp-2 = 120° gives the de- 
generate genuine vibrations v Sa and vm, shown in Fig. 40. P = 2irlp-3 gives the 
non-degenerate vibration that is antisymmetric with respect to the six-fold axis (v 3 
in Fig. 40). Again, the plane vibrations v* and ^ are not unambiguous. The linear 
combinations + &a, £e& + £ 7 6 and — ha, && — £76 would be tangential and 
radial vibrations similar to those of Xb in Fig. 38c. 

Further examples of doubly degenerate vibrations are those of XY3, XY4, X 2 Y 6 , 
XeYe, and XYZ 3 given in Figs. 45, 48, 49, 50, and 91 respectively. 

It remains now to discuss briefly the behavior of doubly degenerate vibrations with 
respect to reflection at a plane } rotation about a two-fold axis , and inversion . It can 
be shown (see below) that two mutually degenerate vibrations are either both 
symmetric or both antisymmetric with respect to a center of symmetry 1 ', a plane of 
symmetry <Th perpendicular to the axis of symmetry, and a two-fold axis coinciding 
with the p-fold axis, with respect to which the vibrations are degenerate, if such 
symmetry elements arc present. Examples of this rule arc supplied by the de- 
generate vibrations in Figs. 25b, 32a, 33, 36, 37, 38, 40. 

With respect to planes through the p-fold axis or to two-fold axes perpendicular to 
it, degenerate vibrations may or may not be symmetric or antisymmetric . For example, 
the vibration v 2a of X 3 (Fig. 32a) is symmetric, v 2 & is antisymmetric with respect to a 
reflection at the plane of symmetry perpendicular to the plane of the molecule 
through Ni, and also with respect to a two-fold rotation about the two-fold axis 
through Ni, whereas they change by more than just the sign for a reflection at the 
planes through N 2 and N 3 as well as for the rotations about the two-fold axes through 
N 2 and N 3 , However, one can always find two linear combinations of the two 
mutually degenerate vibrations that are symmetric and antisymmetric respectively 
with respect to the particular plane or two-fold axis. In the example of X3, a vibra- 
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tion that is antisymmetric with respect to the plane <r 0 through N 2 is i4& 40) of Fig. 32c 
and one that is symmetric is j^ 40 *. However, the vibrations j 4& 40) and v^a 0) are, as 
we have seen before, linear combinations of the original v%* and g 2 &. Similarly, for 
a linear molecule we can always choose two mutually degenerate vibrations so that 
one is in the plane considered and the other perpendicular to it; that is, so that one 
is symmetric and the other antisymmetric with respect to that plane. 

According to the preceding discussion a more-than-two-fold axis in a molecule 
necessarily involves the existence of degenerate vibrations, that is, vibrations that 
change by more than just the sign for a rotation about that axis. On the other hand, 
since normal vibrations can always be so chosen that they remain unchanged or only 
change sign for a reflection at a plane, for a two-fold rotation and for an inversion, 
a molecule with no more-than-two-fold axes need not have any degenerate vibration 
although accidentally two (or more) of its vibrations may be degenerate with one 
another. Only if a molecule has at least one more-than-two-fold axis does it necessarily 
have degenerate vibrations . 

The fact mentioned above, that both vibrations of a degenerate pair behave in the same way 
with respect to an inversion, can bo scon in the following way. If the substitutions ik — ► — J •*, 
Vk — ► — Uk, z*— *- — Zk are made in equations (II, 10 ) the same equations are obtained, since in a 
molecule with a center of symmetry the foreo constants are invariant to inversion. There- 
fore the ratio of the displacements (given by a row of minors of the determinant of the equations) 
remains unchanged; that is, any degenerate normal vibration can only be symmetric or antisymmetric 
with respect to inversion. This holds also for a linear combination of two mutually degenerate vibra- 
tions and therefore both components of a pair must show the same behavior. In a similar though 
somewhat more complicated way it can be shown that they must also show the same behavior with 
respect to a plane <r* perpendicular to C p and for a C* coinciding with C v . In all these cases, then, 
£, (t = £ ia , £,*, = £ l6 or £j rt =* — £ to , ijf b = — £ t 6 , which is a special case of the transformation (II, 75) 
with 0 — 0 and 180° respectively. 

For all other reflections and two-fold rotat ions a degenerate vibration docs not necessaiily remain 
unchanged or only change sign, and therefore the transformation (II, 76) applies, since it also fulfills 
the requirement that two successive reflections or rotations lead back to the original normal coordi- 
nates, which (II, 75) does not except for 0 = 0 and 180°. 9 For two special values of 0, 0 = 0 and 
0 = 180°, the transformation (II, 76) leads to a simple result, namely £' rt — — £ lrt , %' ih = -f £ t6 and 
£j a = + £ lrt , %ib ~ — Zi b respectively, that is, for these values of 0, one component of the degenerate 
pair is symmetric, the other is antisymmetric with respect to reflection or two-fold rotation of the 
type discussed. The important point is now that if two mutually degenerate normal coordinates £, a 
and £ib are not symmetric or antisymmetric with respect to a reflection or two-fold rotation, two 
mutually orthogonal linear combinations of them, £,*„ and £»&, can always be found that are symmetric 
and antisymmetric respectively. This is immediately seen if it is realized that (II, 76) represents a 
rotation by an anglo 0 in tho £; ttf £»b plane plus an inversion. Therefore by applying the opposite 
rotation to £»„ and £»& by means of transfoi mation (II, 75), normal coordinates £»« and £»*, must be 
obtained that are transformed according to (II, 76) with 0 — 0 or 0 = 180°; that is, one of them is 
symmetric, tho other antisymmetric with respect to the operation in question. A good illustration 
is tho caso of of a molecule X 3 reflected at a plane through N 2 (see above and Fig. 32). 

Complex normal coordinates. Sometimes, instead of using two real (orthogonal) mutually 
degenerate normal coordinates £ n , £*,, it is convenient to introduce complex normal coordinates. Since 
any linear combination of £ tt and £& is a solution of equations (II, 10), then 

ria = £« + Vb = £0 — i$b (II. 81) 

9 That (II, 7(5) applies for a reflection at a plane through tho symmetry axis can easily be verified, 
for example, for the case of linear XY 2 (see p. 86 f.). 
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arc formally also solutions (where i = + V— l ). 10 If we now apply transformation (II, 75), we 
obtain 

Va = £«' + = £a cos 0 + & sin 0 -f i(— £a sin 0 + & cos 0), 

77ft' = £ a ' - i&' = £a cos 0 + & sin 0 - i‘(- fa sin 0 + ft cos 0 ); 
or, with cos 0 db i sin 0 = 

»7«' = i7«e“* (II, 82) 

r)b' = 

On the other hand, transformation (II, 76) leads to 

i?«' = £.' + lit' = - (II, 82a) 

1)6' = £.' - *£»' = - 1)a« + ‘ 3 . 

The first transformation, therefore, changes the complex normal coordinates only by a (complex) 
factor while the second changes one into the other with a (complex) factor . 11 The second transforma- 
tion (II, 82a) applies as previously only to planes through, or two-fold axes perpendicular to, the more- 
than-two-fold axes causing the degeneracy. Therefore, if there are no such pianos or axes, only 
(II, 82) applies. In that case, the vibrations are said to be separably degenerate [see Placzek (700)] 
since a pair can be found, namely the complex -q a and 17 & in (II, 81), such that each one of them trans- 
forms into itself, possibly apart from a constant factor, for any symmetry operation permitted by 
the system. In the previous examples, however, the degenerate vibrations are not separable since 
there are planes through the axis of symmetry as well as two-fold axes perpendicular to it for which 
transformation (II, 82a) applies. A system in which there were only separably degenerate vibrations 
would, for instance, be the molecule XjY 3 if the X 3 triangle were rotated with respect to the Y 3 
triangle. 

Triply degenerate vibrations. For triply degenerate vibrations the contribution 
to the potential energy is 

Vi = JX.(& + fa + {?.), (II, 83) 

which must remain unchanged for any symmetry operation. This condition is ful- 
filled by a three-dimensional orthogonal transformation of the form (II, 62). The d a b 
are the direction cosines of the new axes as compared to the old ones. The normal 
coordinates transform in the same way as Cartesian coordinates when one goes over 
from one system of axes to another with the same origin. 

As an illustration, Fig. 41 shows the normal vibrations of a tetrahedral XY 4 molecule . 
The three component vibrations of each of the two triply degenerate vibrations y 3 
and Vi arc shown. By carrying out the symmetry operations (for example, rotation 
about one of the three-fold axes), any one of the vibrations is transformed into a 
vibration that is, in general, a linear combination of all three mutually degenerate 
vibrations. The various transformed displacement vectors of a particular atom 110 
longer lie in a plane. 

We shall not discuss a general method of obtaining the form of the normal vibra- 
tions. But it is easily seen that the vibrations shown in Fig. 41 do fulfill the necessary 
requirements: the three vibrations v Sa , vm, vsc have obviously the same frequency 
and they are orthogonal to one another; that is, they are linearly independent. The 
same holds for vta, v * &, JMc* Since there are in XY 4 two triply degenerate vibrations, 

10 We omit here the subscripts i for £ and 17 in order to avoid confusion with i = + V— 1 . 

11 The factor in this second case can be made equal to 1 (that is 0 =0) if one starts out from the 
proper normal coordinates £ ft and ft that are symmetric and antisymmetric with respect to the plane 
or two-fold axis considered (see above). 
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their actual forms are not uniquely determined by symmetry. They are linear com- 
binations of the two sets given. In a tetrahedral molecule Y 4 (without a central 
atom) only one triply degenerate vibration occurs whose form is uniquely determined 
by symmetry. It is represented by v\ of Fig. 41 if the central atom is omitted. 









Fio. 41. Normal vibrations of a tetrahedral XY 4 molecule. — The throe two-fold axes 
(dot-dash lines) are chosen as x, y, and z axes. 


While in general triply degenerate vibrations (just as doubly degenerate vibra- 
tions) change by more than the sign for a reflection at a plane of symmetry or for a 
rotation about a two-fold axis, it is always possible to find a set of linear combinations 
each of which is either symmetric or antisymmetric with respect to a particular 
plane or two-fold axis. Thus v 3tt and p 3c in Fig. 41 are symmetric, vzb is antisym- 
metric with respect to the xy plane. In the same way as previously for doubly 
degenerate vibrations it can be shown that three mutually degenerate vibrations are 
either all symmetric or all antisymmetric with respect to a center of symmetry. But 
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unlike the case of doubly degenerate vibrations there are no other elements of sym- 
metry with respect to which all three vibrations behave in the same way. 

It can be shown that it is always possible to find one (and only one) linear combination of three 
mutually degenerate vibrations that is symmetric with respect to a particular three-fold (or four-fold) 
axis. (Thus for vz of XY 4 in Fig. 41 the combination vza + vzb + vz r, for v\ the combination 
Via + Vib + Vi c, are seen to be symmetric with respect to one of the three-fold axes.) Two other 
combinations behave, then, in the same way as a doubly degenerate pair with respect to rotation 
about this axis. However, with respect to another three-fold axis the first linear combination is not 
symmetric (compare the above example). Thus it is the presence of more than one three-fold axis 
that leads necessarily to the occurrence of triply degenerate vibrations. 

(c) Effect of symmetry operations on the vibrational eigenfunctions 

Since the vibrational eigenfunction is a function of the normal coordinates, its 
behavior with respect to symmetry operations depends on the behavior of the normal 
coordinates with respect to them. 

Molecules with non-degenerate vibrations only. If a non-degenerate vibration, 
say Vi, is symmetric with respect to a certain symmetry element [for example, the 
vibrations v\, v 2 , v z , vq of XYZ 2 in Fig. 24 with respect to the plane a v (xz)^\, that is, 
if the corresponding normal coordinate £; is 
symmetric, it follows that its contribution 
to the vibrational eigenfunction is 
symmetric (remains unchanged) with respect 
to the particular symmetry operation for all 
values of V{. If a normal vibration, say Vk, 
is antisymmetric with respect to a symmetry 
element [for example, the vibrations v± and 
v§ of XYZ 2 in Fig. 24 with respect to the 
plane a v {xz)~], that is, if the corresponding 
normal coordinate £& is antisymmetric, it 
follows that ^a-(£/c), since it is an odd (even) 
function of £& for odd (even) Vk, changes 
sign — is antisymmetric — for odd Vk but re- 
mains unchanged — is symmetric — for even 
v k if the particular symmetry operation is 
carried out. This behavior is represented 
in Fig 42a and b. It is very important for 
the following considerations. 

The total vibrational eigenfunction p, 
according to (II, 42), is a product of har- 
monic oscillator eigenfunctions ^i(£i),^> (£ 2 ), 

• • • , corresponding to the 3 N — 6 or 3 N — 5 
normal coordinates. Therefore, if there are 
only non-degenerate normal vibrations, 
the total eigenfunction will be symmetric with respect to a given symmetry op- 
eration if there is an even number of component functions ypkdk) that are antisym- 
metric with respect to that same symmetry operation; the total eigenfunction will 
be antisymmetric if there is an odd number of antisymmetric component func- 
tions. Its behavior with respect to the given symmetry operation is independent of 
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Fig. 42. Symmetry of vibrational eigen- 
functions of non-degenerate vibrations, (a) 
Symmetrical (b) antisymmetrical vibration. 
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the number of symmetric component functions. In other words, since, for anti- 
symmetric £*,, the function ^ /,(£*) is antisymmetric for odd Vk , the total vibrational 
eigenfunction is symmetric with respect to a certain symmetry operation if the sum Vk, 
extended over all normal vibrations that are antisymmetric with respect to that symmetry 
operation , is even ; the total eigenfunction is antisymmetric with respect to the same 
symnutry operation if the sum ^ a Vk is odd. 

As an illustration of this rule Fig. 43 gives the symmetry properties of the total 
vibrational eigenfunction in the lower vibrational levels of the IlaCO molecule which 
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Fin. 43. Symmetry of vibrational eigenfunctions for the lowest vibrational levels of H 2 CO. — 
The first letter at the right of each level gives symmetry (a) or antisymmetry (a) with respect to the 
plane of the molecule, the second letter with respect to the other plane of symmetry. The third 
(capital) letter gives the species of the state (see p. 106). Except for the fundamentals (*m» V 2 . * * * ?•» 
see Table 76) all levels are calculated, neglecting the influence of anharmonicity. 

is of the type XYZ 2 (Fig. 24). The symmetry is indicated by two letters, the first 
referring to the symmetry with respect to the plane of the molecule <r v (xy), the second 
with respect to the plane of symmetry <r v (xz) perpendicular to the former. In addi- 
tion, the more systematic symbols for the symmetry to be explained in the next 
subsection are given. For the designation and form of the normal vibrations, see 
Fig. 24. When, for example, two quanta of the oscillation vq, which is antisymmetric 
with respect to (r v (xy) t and three quanta each of the two oscillations v\ and P 5 , which 
are antisymmetric with respect to avixz), are excited, then the total vibrational 
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function is symmetric with respect to both planes of symmetry since vk is even 
for both. 

Molecules with degenerate vibrations. When a molecule has degenerate vibra- 
tions as well as non-degenerate vibrations, the same relations apply as for the pre- 
ceding case if the degenerate vibrations v s are not excited by more than the zero-point 
vibration, that is, if all have vj = 0. This is because for vj = 0 the contribution of 
a doubly degenerate vibration to the total vibrational eigenfunction is, according to 
equation (II, 50), 

which remains unchanged for any symmetry operation just as does the potential 
energy (II, 74). In such a case, therefore, and similarly for higher degeneracies, 
the total vibrational eigenfunction can only be symmetric or antisymmetric with 
respect to any symmetry operation permitted by the molecule (including p-fold 
rotations); it is symmetric when vt formed as above is even, antisymmetric 
when it is odd. The same holds also for the case in which accidentally degenerate 
vibrations arc excited with vj > 0 if the correct linear combinations are used. How- 
ever, it does not hold if necessarily degenerate vibrations which occur in molecules 
with more-than-two-fold axes are excited with Vj > 0. 

If a degenerate vibration is excited with one quantum (i >j — 1), there are two (or 
three) different total eigenfunctions belonging to the same energy value and the total 
eigenfunction will be no longer only symmetric or antisymmetric with respect to all 
symmetry operations but will change into a linear combination of the two (or three) 
degenerate functions. In the case of doubly degenerate vibrations, the eigenfunction 
is, for any vp given by (II, 50). In this equation, for Vj = 1 we have either v n 1, 
Vb = 0, or v„ = 0, Vb = 1. Since the Ilermite polynomial II » is of the eth degree, 
the two eigenfunctions for Vj — 1 are 

= r,y-(«, »«!.*■ i 

and 

i jb = Ce-Mvii, •>*+(**>.& (11,84) 

where C is a constant. The exponential factor, as mentioned previously, remains 
unchanged for any symmetry operation just as docs the potential energy. Iherefore 
\jzja and yf/,b must have the same behavior with respect to all symmetry operations as the 
normal coordinates £j a and respectively. In particular, for those symmetry opeia- 
tions (for example rotation about a C v ) for which and go over into linear com- 
binations [(II, 75) or (II, 76)], \fr ja and ifrjb go over into the corresponding linear 
combinations with the same coefficients. Similar considerations apply also to triply 
degenerate vibrations. 

The symmetry of the total vibrational eigenfunction is, of course, again determined 
by the behavior of its factors with respect to the symmetry operations. For example, 
if in a linear triatomic molecule X Y 2 one quantum each of the three normal vibra- 
tions (Fig. 25b) is excited, the total eigenfunction will be antisymmetric with respect 
to a reflection at a plane through X perpendicular to the internuclear axis, but it 
will be “ degenerate ” with respect to a rotation by an arbitrary angle about the 
internuclear axis. 
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If a degenerate vibration is excited with vj > 1 the degree of degeneracy is 
increased (see p. 80f.). It is immediately clear from (II, 56) since the factor 
II Va {^£ jn )II Vb {<a£ jb ) is no longer simply proportional to one normal coordinate, 
that the transformation properties of the eigenfunctions are rather more complicated 
for Vj > 1 than for vj = 1. But, as for Vj = 1, each one of the degenerate eigenfunctions , 
when a symmetry operation is carried out , goes over into a linear combination of the 
eigenfunctions belonging to the same energy level . As we shall see in more detail in 
subsection 3e, one set of eigenfunctions can be found consisting of independent groups 
which for a symmetry operation transform only among themselves. It may happen 
that one or the other of these groups has one eigenfunction only, which then is sym- 
metric or antisymmetric with respect to the symmetry element that causes the de- 
generacy. Thus, for example (see p. 128), if v = 2 for the degenerate perpendicular 
oscillation of linear XY 2 , we have a triply degenerate state. But it is possible to 
choose the three eigenfunctions in such a way that one is symmetric with respect to 
the 00 -fold axis and the other two form a pair that is “degenerate ” with respect to 
this axis. If the anharmonicity of the vibrations is taken into account, a splitting 
of the triply degenerate level occurs into two levels, a non-degenerate (symmetric) 
and a doubly degenerate level, with just the eigenfunctions mentioned (sec section 5 
of this chapter). 

Generalization. In the preceding discussion we have derived the symmetry 
properties of the vibrational eigenfunctions from those of the normal coordinates. 
Actually the symmetry properties of the eigenfunctions are much more general and 
do not depend on the assumption of harmonic oscillations. The potential energy, 
even if it is not simply a quadratic function of the displacement coordinates [as in 
(II, 25)], must be invariant to all symmetry operations permitted by the point 
group of the molecule. Therefore the Schrodingcr equation (II, 40) is invariant to 
these symmetry operations and consequently the eigenfunction can only be symmetric or 
antisymmetric with respect to these symmetry operations if the state is non-degenerate , 
while it can also transform into a linear combination of mutually degenerate eigenfunc- 
tions for a degenerate state (see also Molecular Spectra I, p. 239). It can be shown 
that in the latter case the transformation is an orthogonal transformation , which for 
double degeneracy is given by (II, 75) or (II, 76). 

The same reasoning shows also that the rotational , electronic and total eigenfunctions 
can only be symmetric , antisymmetric , or degenerate with respect to any of the symmetry 
operations. 

(d) Symmetry types ( species ) of normal vibrations and eigenfunctions 

Thus far we have only considered the behavior of the normal vibrations and 
vibrational eigenfunctions with respect to individual symmetry operations. How- 
ever, since only certain combinations of symmetry elements occur in the various 
point groups (see p. 5 f.), and since some of their symmetry elements are a necessary 
consequence of others, only certain combinations of symmetry properties of the normal 
vibrations and vibrational (and electronic) eigenfunctions are possible , as was first 
shown by Brester (178). We call such combinations of symmetry properties sym- 
metry types or species [following Mulliken (643)]. I 11 group theory they are the so- 

called irreducible representations of the point group considered, a name that some 
authors prefer. On the basis of the discussions in the preceding subsection, the sym- 



II, 3 


SYMMETRY OF NORMAL VIBRATIONS 


105 


metry types can be derived fairly easily without the explicit use of group theory for 
all molecules except those belonging to cubic point groups [see also Placzek (700)] lla 
This will be done in the following pages. For the cubic point groups we shall accept 
the results of group theory without proof. 

In every molecule there are normal vibrations and eigenfunctions that are sym- 
metric with respect to all symmetry operations permitted by the system. These 
are called totally symmetric and this symmetry type is designated by A or A\ or A' 
or by similar symbols (see below). 

Point groups Ci, C 2 , C 8f and C\. In the case of the point group Ci there is no sym- 
metry and consequently there is only one species A for the normal vibrations and 
eigenfunctions which may also be said to be symmetrical with respect to the identical 
symmetry operation 7. 

If there is one element of symmetry only, as in the point groups C 2 (one two-fold 
axis), C 8 (one plane of symmetry), and Ci (center of symmetry only), the vibrations 
and eigenfunctions may be symmetric or antisymmetric with respect to the one 
element of symmetry. Thus there are two species for each point group, the sym- 
metric one being called A , A', and A 0 for C 2 , C a , and Ci respectively, the antisym- 
metric one B , A ", and A u respectively. 12 This is represented in Table 12 where +1 


Tabui 12. symmetry types (species) for the point groups C 2 , C«, C* ss S 2 . 
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and — 1 is used to indicate symmetric and antisymmetric. In the first line is given 
the point group (heavy type) and the symmetry operations including the identity 7. 
Below arc the symmetry types and the behavior of the vibrations or eigenfunctions 
having these symmetry types for the symmetry operations given in the top row. In 
the last column of each subtable are given the non-genuine vibrations, translation in 
the x , y, or z directions ( T Xy T y , T g ), and rotation about the x , y, and z axes ( R Xl R y , R z ) 
that belong to the particular species (see also the next subsection). It is clear, for 
example, that for point group C 2 a translation in the direction of the C 2 and a rotation 
about the C 2 is symmetric with respect to the operation C 2 while the other translations 
and rotations are antisymmetric with respect to it. 

As an example, consider the plane but non-linear N 3 H molecule. It will have, 
according to the above, normal vibrations that are symmetric and normal vibrations 
that are antisymmetric with respect to the plane of the molecule. During the former 
all atoms remain always in the plane, during the latter they move in lines perpen- 
dicular to the plane. It may be noted that in an asymmetric triatomic molecule 
such as NOC1 which belongs also to the point group C, the vibrational motion can 
take place only in the plane; that is, there are no genuine vibrations of type A". 

Ub For a discussion using group theory throughout see Rosenthal and Murphy (750) and Meister, 
Cleveland, and Murray (620a). 

12 Following Placzek (700) the letter A is used for all species that are symmetric, the letter B 
for those that are antisymmetric with respect to an axis of symmetry. As for diatomic molecules, 
species that are symmetric or antisymmetric with respect to a center of symmetry are distinguished 
by the subscript g and u respectively. 
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Point groups C 2v , C 2 j,, and Z>2 = V. If a molecule (point group) has two ticcessary 
elements of symmetry it is obvious that there arc four different possible symmetry types 
(always assuming that there are no more than two-fold axes) which may be charac- 
terized briefly by ++, + — , -+, :a vibration (eigenfunction) may be sym- 

metric or antisymmetric with respect to either element of symmetry. Point groups 
of this type are C 2 „, C 2hy and Z) 2 = V. Each of these has three elements of symmetry 
(see Table 1, p. 11), but one of them is in each case a consequence of the other two; 
that is, by carrying out two of the symmetry operations in succession the same result 
is obtained as by carrying out the third symmetry operation on the original system. 
Therefore the behavior of the vibrations and eigenfunctions with respect to the third 
operation is given by their behavior with respect to the other two. For example, if 
a vibration is antisymmetric with respect to two of the symmetry operations, carrying 
them out in succession will bring the vibration back to the original form; that is, 
the vibraMon is symmetric with respect to the third symmetry operation. Table 13 
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gives the designation of the symmetry types and the behavior of the vibrations 
(eigenfunctions) having these symmetry types for the point groups C 2vf C 2 h, and 
D 2 = V. It should be noted that for these point groups, in consequence of the 
above connection between the symmetry operations, symmetry types in which an 
eigenfunction would be antisymmetric with respect to all three elements of symmetry 
or antisymmetric with respect to one element of symmetry only do not exist. 

As an example, consider the plane Y type molecule XYZ 2 (for instance, II 2 CO), 
whose normal vibrations were given in Fig. 24 and which belongs to point group C 2v . 
It is seen that the three normal vibrations v lf v 2 , p 3 arc totally symmetric, that is, 
belong to species A i, the vibrations va, vs belong to species By (if we call the plane of 
the molecule the xz plane) and p 6 belongs to species B 2 (vibration antisymmetric with 
respect to the plane of the molecule). There is no genuine normal vibration of 
species A 2 . But there may be vibrational (and electronic) eigenfunctions of species 
A 2 ; for example, if a vibration of species By and one of species B 2 are each excited by 
one quantum the resultant eigenfunction will be antisymmetric with respect to both 
planes of symmetry (see p. 102), that is, will be of species A 2 . In more complicated 
molecules belonging to point group C 2f> there may also be normal vibrations belonging 
to species A 2 . It is immediately seen that for ail molecules of point group C 2v the 
translation in the direction of the C 2 is totally symmetric (species Ai) while the 
rotation about this axis is antisymmetric with respect to both planes of symmetry 
(species A 2 ). Similarly the species of the other non-genuine vibrations follow, as 
indicated in the last column of each sub table in Table 13. 

Point group Vh — D 2 If there are three necessary symmetry elements (but no 
more-than-two-fold axis) there may be eight different symmetry types of the normal 
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vibrations and eigenfunctions, that is, just as many as there are possible combina- 
tions of + and — in sets of three: + ++, +H — » H K — H"> H > — I — » 

f-, . The point group Vh — Dih to which the plane molecule C2II4 be- 
longs is the only one with three necessary symmetry elements that are not more-than- 
two-foid axes. As such necessary symmetry elements we may choose any three 
independent ones of the seven elements of symmetry (see Table 1), for example, the 
three mutually perpendicular planes of symmetry <r(xy), a(xz), <r(yz). The possible 
behavior of normal vibrations (eigenfunctions) with respect to these three elements 
is given in columns 3, 4, and 5 of Table 14. All the eight possibilities mentioned 



Fici. 44. Normal vibrations of an X 2 Y 1 molecule of point group Vh • — It is assumed 
that the mass of X is larger than that of Y as in C 2 II 4 or C2D4. 


above are given. The designations of these species (symmetry types) are indicated 
in the first column. 

Since an inversion may be replaced by successive reflections at three mutually 
perpendicular planes, the behavior of the normal vibrations of point group Vh with 
respect to an inversion (column 6) may be obtained simply by multiplying together 
columns 3, 4, and 5 in Table 14. Since a rotation by 180° about a two-fold axis 
may be replaced by an inversion followed by a reflection at a plane perpendicular to 
the two-fold axis (see p. 5), the behavior with respect to the three CV s (columns 
7, 8, and 9) is obtained by multiplying columns 3, 4, and 5 respectively by column 6. 

As an example, in Fig. 44 the normal vibrations of a plane molecule X2Y4 of 
point group Vh (such as ethylene, C2II4, see p. 325) are given. For each vibration 
the species to which it belongs is indicated. The correctness of this assignment can 
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easily be verified by the reader with the help of Table 14. Unfortunately the desig- 
nation in this ease is not unambiguous, since any one of the three CYs may be chosen 
as z axis. In the figures the z axis has been assumed to be perpendicular to the plane 
of the molecule and the x axis in the line X— X. It is seen that there are three 
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totally symmetric vibrations (species A g ) and that there arc one or two of each of 
the other species with the exception of B* g . The reason why there is no vibration of 
this species, and also the determination of the number of vibrations of each of the 
other species, will be explained in the next section. There may, however, be eigen- 
functions of the species B^ (l . 

Degenerate symmetry types. As mentioned before, in a molecule having at least 
one morc-than-two-fold axis we have always degenerate as well as non-degenerate 
normal vibrations (eigenfunctions). In this case, in addition to symmetry types 
similar to the above, we have one or more degenerate symmetry types ( species ) usually 
designated by E if doubly degenerate and by F if triply degenerate. 13 While the 
influence of the various symmetry operations on the non-degenerate vibrations or 
eigenfunctions can be simply characterized by +1 or —1, such cannot be done with 
the degenerate vibrations and eigenfunctions, since in general they go over into a 
linear combination according to the previous equation (II, 62). It can be shown 
that it is sufficient for the characterization of the behavior of a degenerate vibration 
or eigenfunction to give for every symmetry operation the value of the sum 

X = + dbb + • • • 85 ) 

of the coefficients with two equal subscripts in the equations (II, 62). In group 
theory these sums are called characters of the irreducible representation (species) con- 
sidered (see p. 104). In forming these characters it is assumed that the normal 
coordinates or eigenfunctions are mutually orthogonal. The characters are inde- 
pendent of which particular orthogonal pair is chosen (for example, for X 3 the pair 
in Fig. 32a or that in Fig. 33b) and which coordinate system is used. 

For doubly degenerate vibrations the sums in (II, 85) consist of two terms only 
(d aa + dbb ) and can easily be obtained on the basis of our previous discussion (see 
below). For triply degenerate vibrations or eigenfunctions we shall accept without 
proof the characters given by group theory [Wigner (923)]. For non-degenerate 
vibrations the sums (11,85) consist of one term only, which is +1 or —1 since 


13 Some authors use T in place of F . 
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£/ = fa or £/ = — &. The values +1 and —1 given in Tables 12-14 are these 
characters for the point groups C 2 , C 8i C x , C 2v , C 2 h 9 V , and F*. 

For the identical transformation I we have £«/ = ( a , £& 7 = £&, £</ = £ c> if £«, £&, £ c 
are three mutually degenerate vibrations or eigenfunctions. Therefore, for a triply 
degenerate vibration, x (i) = + 3. Similarly, for a doubly degenerate vibration, 
X (/) = + 2 and of course for a non-degenerate vibration, x (/) = + 1. For a rota- 
tion by an angle 27r/p about a p-fold axis the character of a doubly degenerate vibra- 
tion according to (II, 75) and (II, 77) is 2 cos (2ir/p)l. The same character corre- 
sponds to a rotation by an angle — 2w /p, as can immediately be seen from (II, 75). 
The operations rotation by + 2tt / p and rotation by — 2w Ip are said to belong to 
the same class. 14 Similarly the rotations by d= 2 *2t Ip have the same character 
2 cos (2w/p)2l and belong to the same class (which is different from the former class). 
Similarly the characters of a given (degenerate or non-degenerate) species for a 
reflection at any one of the p vertical planes of point group C pv or for a rotation about 
any one of the p two-fold axes of point groups D v and D p h are the same. These 
symmetry operations therefore belong to the same class. 

For non-degenerate symmetry types it is easily seen that different behavior 
(different characters) for two of the planes <r v (or two of the C 2 *s J_ C p ) would lead 
to a contradiction to the fact that the vibration or eigenfunction must be symmetric 
or antisymmetric with respect to the C p . For doubly degenerate symmetry types 
it was shown on p. 98 that the reflections at cr„ or rotations about the C 2 s are 
represented by the transformation (II, 7(3). Therefore for them the character 
X = d aa + dbb = 0, independently of the angle 

As we have seen previously, mutually degenerate vibrations (eigenfunctions) 
always have the same behavior with respect to an inversion. Therefore the character 
of a doubly degenerate species for the inversion is either +2 (when both components 
are symmetric) or —2 (when they are antisymmetric); for a triply degenerate species 
it is either +3 or —3. Similarly for a reflection at a plane cr h perpendicular to C p 
(see p. 97f.), the character of a doubly degenerate vibration is either +2 or —2. 

On the basis of the preceding discussion, we can now proceed to discuss the sym- 
metry types (species) of normal vibrations and eigenfunctions for the more important 
point groups with more-than-two-fold axes. 

Point groups C 3v and Z) 3 . According to our previous discussion (p. 89), a vi- 
bration or eigenfunction can only be symmetric or degenerate with respect to a three- 
fold axis, but not antisymmetric, since p = 3 is odd. Consequently there are for the 
point groups C 3 „ and Z) 3 only two species of non-degenerate vibrations , both symmetric 
with respect to C 3 : one is symmetric with respect to the three planes a v or three C 2 X 
the other is antisymmetric. They arc called A\ and A 2 . There can be no vibrations 
or eigenfunctions that are symmetric with respect to one and antisymmetric with 
respect to another of the planes <r v or the C 2 s (see above). 

For both point groups only one degenerate species occurs, since according to p. 
89 only l = 1 is possible and since there is only one possible behavior with respect 

14 In group theory a class is formed by those elements of a group that are conjugate to ono 
another, that is, can be obtained from one element 8 by forming te* -1 where t may be any element of 
the group fsee van der Waerden (23)]. The number of irreducible representations (our symmetry 
types or species) equals the number of classes of the group (in our case classes of symmetry elements 
of the point group). 
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to the three a v f a or the three GYs represented by the equations (II, 70) and leading 
to the character \ = 0. The character for the operation C 3 , according to the above, is 

27T 

y< c »> = 2 cos 1=2 cos 120° = - 1. 

P 

Altogether we have thus three different types (species) of vibrations or eigen- 
functions in the point groups C 3 „ anil D z . These are summarized together with their 
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characters in Table 15. In this table the numbers 2 and 3 respectively in front of Ca, 


or„, C 2 indicate tho number of operations of the particular class (see above). Wc have 
seen previously (p. 90 and p. 97) that the translations in the x and y direction and 




Fki. 45. Normal vibrations of the ND3 molecule. — Tho vibrations are drawn to scale for ND* 
(see p. 177) in oblique projection. (For NH 3 tho larfte mass ratio of N to II would not have allowed 
the displacement vectors of N to be drawn to the same scale as those of H). Both components of the 
degenerate vibrations are Bhown. The broken-line arrows in vz and n Rive the symmetry coordinates 
of Fig. 5S (see p 155). They are added so that the form of the vibrations can bo more clearly visual- 
ized. In u$h there is a very small displacement (too small to show in tho scale of the diagram) of tho 
loft D nucleus paiallel to the line connecting the two other D nuclei (see also the discussion of Fig. 
60 on p. 171). It should be noted that v$ a and v\ a are symmetric, vn and v\b antisymmetric with 
respect to the plane of symmetry through the left D nucleus, that is, the plane of the paper. 
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the rotations about the x and y axes are degenerate non-genuine vibrations (last 
column of each subtable). 

As an example, in Fig. 45 the normal vibrations of the ND 3 molecule which belongs 
to point group C 3v are represented to scale (see p. 177). There are two totally sym- 
metric vibrations (species A i) and two degenerate 
vibrations (species E). During the former oscilla- 
tions the molecule remains always a symmetric 
pyramid, but it does not during the latter. There 
are no genuine vibrations of species A 2, but the 
rotation about the z axis has this type. Also 
some eigenfunctions of the higher vibrational 
levels of the degenerate vibrations v$ and v\ may 
have this species. Such an eigenfunction is rep- 
resented schematically by Fig. 46. It is antisym- 
metric with respect to all three planes <r v . The 
molecule H 3 C — CC1 3 , if it belongs to point group 
C 3 „ (as is very likely), will have a genuine normal 
vibration of species A 2 — the torsion oscillation 
of the two groups CH 3 and CC1 3 with respect to 

each other about the C— C axis. Fiu. 46. Eigenfunction of syra- 

metry type A 2 in a molecule of point 

Point group C Bt7 . The symmetry typos for group C 3u . 

the point group C Bw are in all respects similar 

to those of C 3v except that now we have two types of degenerate vibrations , namely, 
those with 1 = 1 and those with l = 2 (see p. 93) which are distinguished as E i 
and Ej 2 » The characters are given in Table 16. In this table C B 2 means a ro- 
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tation by ± 2irlp-2 = =fc 144° about the five-fold axis which is a symmetry opera- 
tion distinct from the rotation by ± 2 t /p = 72° (a rotation by ± 27r/p-3, however, 
leads to the same result as one by =F 2irly2 and therefore is not a separate symmetry 
element). The characters of the degenerate species with respect to C B are 2 cos (27r/5)i 
(see p. 109); with respect to C5 2 they are 2 cos (27r/5)2Z, which gives the values 
ii Table 16. 

The same symmetry types and characters as for C Bv apply to the point group 2>s 
if only 5 <r v in Table 16 is replaced by 5C2. The symmetry types and characters for 
point groups C 7v and D 7 would be similar to those for C Bv and D B except that there 
would be three degenerate species (Z = 1, 2, 3) which would be designated Ei f E2, E 3 . 

Point group C<* v . Just as for the point groups C 3v and C Bu , for C MV there can be 
no symmetry types that are antisymmetric with respect to rotation about the axis 
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of symmetry (here by an arbitrary angle <p). Thus there are the same two non- 
degenerate symmetry types. They are, however, here designated 2+ and 2~ in order 
to have agreement with the accepted nomenclature for electronic states of (hetcro- 
nuclear) diatomic molecules which also belong to the point group C xv . According 
to (II, 77) the number l can assume the values 1, 2, 3, ■ • • up to infinity, and there 
are therefore an infinite number of degenerate symmetry types. They are designated 
n, a, • • • as for diatomic molecules. Table 17 gives the characters. 
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As an example, Fig. 47 shows the normal vibrations of a linear XYZ molecule 
(sec also Fig. 61). For any number of atoms the normal vibrations belong to the 
species and II (see section 4 of this chapter), but the eigenfunctions of the higher 

vibrational levels of the perpendic- 

Y Z 




«-o 

l 

o— » 

? 

4—0 


Z + ' 
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Fici. 47. 


Normal vibrations of a linear 
XYZ molecule. 


ular vibrations (p 2 of XYZ in Fig. 47) 
may have species A, <£, • • • (see 
the next subsection). 

That the designations of the species of 
Cc,, u»ed here are really equivalent to those 
used for the electronic states of diatomic trolc- 
culcs is obvious for and since the sym- 
metry properties are the same (see Molecular 
Spectra I, p. 238). It is also easily seen for 
II, A, • • • : The electronic eigenfunctions of a 
diatomic molecule in a II, A, • • • state are 
given by (see Molecular Spectra I, p. 233) 


X c' 


i\<P 


and 


X«r <A *\ (11,86) 


whore x and x 4° n °t contain the azimuthal angle <p. Potation by the angle <p will therefore multi- 
ply the first function by the factor c iA * and the second function by er 1 ^ so that the character is 
_j_ C -*A <P — 2 cos Ay? as for II, A, • • • in Table 17 if A is identified with L 
One may also say that in C 3 „ (and C 4 „; sec below) the typo E corresponds to IT; but there arc no 
analogues of A, <t>, •••. Similarly, for C 5 „ (and C fll ,) the types Ei and E 2 correspond to II and A 
of linear or diatomic molecules. 


Point groups Ci v , Z>4, and Dm = V,i. If a molecule has a p-fold axis ( C p or S p ) 
with even p , an oscillation or eigenfunction may also be antisymmetric with respect 
to this axis (sec p. 83). Therefore there are twice as many non-degenerate sym- 
metry types as for odd p. In the case of C pv the p planes cr v must be divided into 
two classes, p/2 planes called a v and p/2 planes called <rd (the latter being diagonal to 
the former), since the transformation properties (the characters) of these two sets 
are different. It is immediately seen (compare for example Fig. lg and i) that a 
reflection of the molecule at <Td can be replaced by a reflection at cr v and a subsequent 
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rotation by 2 w/p about the C p . Only the C p and the (p/2)a v ’$ are necessary sym- 
metry elements and the four non-degenerate symmetry types correspond to the four 

combinations ++,+—, — +, of behavior with respect to these two operations. 

The behavior with respect to which is not always the same as that with respect 
to <r v , follows by multiplication of the behavior (character) with respect to C p by 
that with respect to a v . 
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The characters for C 4j , that result in this way are given in Table 18. It includes 
also the degenerate species E which is the only one possible, since only l = 1 can occur 
(sec p. 91). The character of this degenerate species with respect to <7 4 is 2 cos /? 
= 2 cos 2ir-4 = 0. The rotation about the two-fold axis C 2 " that is coincident with 
C\ is idcr.rloal with two successive rotations by 27 t/ 4 about C\. Therefore all non- 
degenerate vibrations or eigenfunctions are symmetric with respect to it. But both 




Fio. 48. Normal vibrations of a pyramidal XY 4 molecule (schematic). — Only one component 
of each of the degenerate vibrations is shown. The other is obtained from the one given by rotation 
of the diagram by 90° about the axis of symmetry (compare the similar situation for X 4 in Fig. 
37 p. 92). 


components of a degenerate pair are antisymmetric with respect to this symmetry 
operation, as can immediately be seen from (II, 75). Therefore the character is —2. 
The characters of E for a v and ad are 0 from the same reasons as for the point groups 
Czv and Cb*. In Fig. 48, as an example, are illustrated the normal vibrations of a 
pyramidal XY4 molecule. There are genuine vibrations of every species except A 2 . 
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The point groups D\ and Du = V,i liavc symmetry elements that are entirely 
similar to those of C 4 „ and with respect to which the vibrations and eigenfunctions 
behave in the same way: The (U of Z> 4 and the <S' 4 of Du correspond to the C’ 4 of C 4 „, 
the CVs perpendicular to C’ 4 or St correspond to the <r„’s and cr,/s of C 4 „. Therefore 
the point groups have the same symmetry types and characters as C 4 „. The symmetry 
types are also designated in the same way. Thus it is not necessary to give special 
tables for thpm. Instead, their symmetry elements have been added at the top of 
Table 18. Point groups that have the same number and characters of their syin- 
jn( try types such as C 4 „, Z) 4 , Du, are called isomor phous N' 

Point groups Q lV and Da. The symmetry types and characters of the point 
groups Cu and D e given in Table 19 are similar in all respects to those of C 4 „ and D 4 
except that now there arc two types of degenerate vibrations ( eigenfunctions ) Ei and 
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E 2f corresponding to l = l and l = 2 (see p. 94). The characters of these de- 
generate species are: for C 6 , 2 cos 2 tt/ 0 = + 1 and 2 cos (2 tt/ 0) 2 = - 1 respectively; 
for <V = C 9 , 2 cos (2 tt/(>) 2- 1 = — 1 and 2 cos (2 t t/(>) 2-2 = - 1 respectively; and for 
CV = r Y 2 ", 2 cos (2 tt/ 0) :M = - 2 and 2 cos (2? r/G) 3-2 = + 2 respectively. The 
characters for CJ r imply that degenerate vibrations or eigenfunctions of species Ei 
arc antisymmetric, those of species E 2 are symmetric with respect to C 2 f . 

Point groups Dm (=S 6 „) and Dm (=S*„). Just as the symmetry types and 
characters of Dzai^Va) are the same as those of C 40 (see Table 18), the symmetry 
types and characters of D 3< i are the same as those of C% v ) but since Dm has a center 
of symmetry (t = S 2 ) they are designated in a different way and are therefore given 
separately in Tabic 20. As previously, the subscripts g and u are used to denote 
symmetry and antisymmetry with respect to the center of symmetry. 

In Fig. 49a the normal vibrations of an X 2 Yc molecule are given, assuming that 
it has the staggered form , that is, that it belongs to point group Dm • C 2 II 6 niay be 

15 The previously discussed groups C 21 ,, Dz, C 2 h arc also isoniorphous as are Czv and D 3 although 
for the former the designation of the species is different (see Table 13). 

16tt Some authors [[see for example Sponer and Teller (802)] use E~ and E + for our E\ and Ez 
where the — and -f signs indicate antisymmetry and symmetry with respect to C 2 ". However this 
nomenclature is not applicable to point groups with live and higher than six fold axes (see C & v above) 
and has therefore not been adopted here. The designation Ei t # 2 , ■ • • is due to Tisza (867) [[see also 
Jalm and Teller (471)]. Mullikcn (641) used E*, E**, ••• in place of E u E 2 , ••• but now also 
favors the latter. 




Fig. 49. Normal vibrations of an X 2 Y 6 molecule (schematic), (a) Assuming point group Du • 
(b) Assuming point group Du - — Only ono component of each degenerate vibration is given in side 
and front view. For the other components of vt, v*, v\q, vn see Fig. 45. The other components of 
and Wi are obtained from those given by rotating all vectors by 90°. 
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an example of this. With the exception of A 2g there are vibrations of every sym- 
metry type. There may, of course, be eigenfunctions of species A 2g - 


TAHLE 20. SYMMETRY TYPES (SPECIES) ANI) CHARACTERS FOR THE POINT GROUP Dm (=S«i’)* 


Did 

I 

2 * S #( z ) 

2 > SV — 2Cj 

S5 3 = S 2 = i 

3C 2 

3<Td 


A\„ 

+ 1 

4-1 

4-1 

+1 

4-1 

4-1 



4-1 

-1 

4-1 

-1 

4-1 

-1 


A 2 g 

4-1 

4-1 

4-1 

4-1 

-1 

-1 

Rz 

A.2u 

4-1 

-1 

4-1 

-1 

-1 

4-1 

T z 

E 0 

4-2 

-1 

-1 

4-2 

0 

0 

Rx , Ry 

Eu 

4-2 

4-1 

-1 

—2 

0 

0 

T x , Ty 


The symmetry types and characters of point group Du are given in Table 21. Since there is 
an eight-fold axis of symmetry (*S 8 ) there are three degenerate species. The characters given are 
easily obtained from equation (II, 75). The isomorphous groups C* v and D 8 have the same species 
and characters. 


Taber 21. symmetry types (species ) 16 * 1 and characters for tub point group Du ( = S»,.). 


Du 

I 

2 * Sg ( z ) 

2^=2 C, 

2 S» s 

£» 4 =cy' 

4C 2 

4 <TJ 


A l 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 


A 2 

4-1 

4-1 

4-1 

4-1 

4-1 

-1 

-1 

Rz 

Bi 

4-1 

-1 

4-1 

-1 

4-1 

4-1 

-1 


B 2 

4-1 

-1 

4-1 

-1 

4-1 

-1 

4-1 

T, 

Ex 

4-2 

4 -V 2 

0 

-VS 

-2 

0 

0 

Tx* Ty, 

Ez 

4-2 

0 

-2 

0 

4-2 

0 

0 


Ez 

4-2 

-VS 

0 

4 - VS 

_2 

0 

0 

Rx, Ry 


Point groups D 3 h and Z> b a. Since the necessary symmetry elements of D p h arc 
the same as for D p or C pv , except that for D ph there is in addition a plane of symmetry 
<Th perpendicular to the p-fold axis, we have for every one species of D p or C pv two 
species of D P h , one that is symmetric and another that is antisymmetric with respect 
to or*. For odd p they arc distinguished by 9 and " added to the symbols used for 
the corresponding D p . They are given for Dzh and Dm in Table 22 . The two 
components of a degenerate species are either both symmetric ( E ' ) or both anti- 
symmetric ( E ") with respect to ah (see p. 97f.); therefore the corresponding characters 
are +2 and —2 respectively. The characters for the symmetry operations S 3f S 3 , 
jSg 8 , and a v are immediately obtained from those for the necessary symmetry elements 
if it is realized that these operations are equivalent to C 3 X ah, C& X er* , Cs 2 X ah, 
and C 2 X ah respectively. 

The normal vibrations of X 3 , X 3 Y 3 , and Xg given in Figs. 32a, 36, and 38a are 
examples for the symmetry types of D 3 h and Dm* A more complicated example for 
Dzh is the eclipsed form of X 2 Y 6 , for which the normal vibrations are given in Fig. 49b. 

Point groups Dm and Dm* In the point groups D p h with even p, the necessary 
elements of symmetry imply a center of symmetry i f and therefore the symmetry 
types, which are in the same relation to D p as for odd p, are not distinguished by ' 

166 Jahn and Teller (471) interchange Bi and Bi> 
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and " but by a subscript g or u depending on whether they are symmetric or anti- 
symmetric with respect to the center of symmetry. Table 23 gives the symmetry 
types and characters of D 4 h and D&h as obtained from those of Z) 4 and Z) 6 of Tables 
18 and 19. Again the characters for i , cr Vt <rd, S 4j S 6 , S 3 are obtained in a way anal- 




degenerate vibration is given. For the other components compare Fig. 40 and 38c. 


ogous to the one indicated above for D 3 h and D 5 ^. The normal vibrations of X 4 
and X 6 given in Fig. 37 and Fig. 40 are examples for the symmetry types of D 4h and 
D%u respectively. As a more complicated example, Fig. 50 gives the normal vibra- 
tions of a plane XeY® molecule (see CeHe, Chapter III, p. 362). 

Point group D^h. Linear symmetric molecules belong to point group D^h- The 
symmetry types of D^h are quite analogous to those of D p n with odd p except that 
there are now an infinite number of degenerate species corresponding to Z = 1, 2, 
3 • • • . The designations are chosen the same as for the electronic states of homo- 
nuclear diatomic molecules. They are given together with the characters in Table 24. 
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In linear symmetric molecules (D^h) only normal vibrations of the species 2 0 + , 
2 m + , II 0 , and II M occur (see section 4a). This is illustrated by the normal vibrations 
of linear X 2 Y 2 (for example C 2 II 2 , see p. 288) in Fig. 64 p. 181 (compare also XY 2 in 


Table 24. symmetry types (species) and characters for the point group D m h . 


D m h 

I 

2C £ 

2C% 

2C 3<f> 


* 

00 Ci 

00 (J v 

2S » 

2 S% 

00 

... 

$2 = i 


2/ 

+1 

+ 1 

+ 1 

4-1 


4-1 

4-1 

4-1 

-fl 

4-1 


4-1 


2 U + 

-fl 

+ 1 

+ 1 

4-1 


-1 

-1 

4-1 

-1 

-1 


-1 

T m 

2«- 

+1 

+ 1 

+ 1 

4-1 


4-1 

-1 

-1 

4-1 

4-1 


4-1 

Rz 

2 U ~ 

+1 

+ 1 

+1 

4-1 


-1 

4-1 

-1 

-1 

-1 


-1 


n. 

+2 

2 cos <p 

2 cos 2 ip 

2 cos 3 tp 


-2 

0 

0 

— 2 cos ip 

—2 cos 2 ip 


4-2 

R*,R» 

n u 

+2 

2 cos <p 

2 cos 2 tp 

2 cos 3 tp 


4-2 

0 

0 

4-2 cos <p 

4“ 2 cos 2 ip 


-2 

r x , Ty 

A g 

+2 

2 cos 2 ^ 

2 cos 4 ip 

2 cos 6 ip 


4-2 

0 

0 

4-2 cos 2 tp 

4-2 cos 4 tp 


4-2 


A m 

+2 

2 cos 2 ip 

2 cos 4 ip\ 

2 cos 6 ip 


-2 

0 

0 

— 2 cos 2 ip 

—2 cos 4 ^ 


—2 


<*>» 

+2 

2 cos 3 ip 

2 cos 6 tp 

2 cos 9 ip 


-2 

0 

0 

—2 cos 3 ip 

—2 cos 4 sp 


4-2 


<t>„ 

+2 

2 cos 3 tp 

2 cos G ip 

2 cos 9 ip 


4-2 

0 

0 

4-2 COS 3 ip 

4-2 cos 4 ip 


-2 



Fig. 25b). However the eigenfunctions of the higher vibrational levels and of the 
electronic states may also be of any one of the other species. 

Point groups C p . The symmetry types of the (not very important) point groups 
C p , which have a p-fold axis only (p > 2), are obtained from those of the point groups 
C pv (Tables 15-19) by dropping the symmetry elements a v and ad and therefore by 
dropping the distinction between A\ and A 2 , between B\ and B 2 , and between 2+ 
and 2“. Thus there is only one non-degenerate species (A or 2) for C3, Cg, and Coo, 


Table 25. symmetry types (species) and characters for the point groups C 3 , C«, and 


c 3 

I 

2 C z 



A 

4-1 

+ 1 

T„ R, 


K 

4-2 

2 cos 120° = —1 

T„ Ty, lit, Ry 


c 6 


I 

Cc 

cv=c 3 

CJ=C," 



Se 

I 


£ 

III 

0 


A 

Ag 

4-1 

4-1 

4-1 

4-1 

T t for Cg, R, 

B 

Bu 

4-1 

-1 

4-1 

-1 

T t for S« 

El 

Ein 

4-2 

4-1 

-1 

-2 

Rx, Ry for Cg, T x , Ty 

E 2 

Eig 

+2 

-1 

-1 

4-2 

R x , Ry for S( 


and only two (A and B) for C4 and Cg. The number of degenerate species is the 
same as for C pv . In Table 25 the symmetry types and characters for C3 and Cg are 
given. The reader can easily construct similar tables for Cg, Coo, C4, from the 
corresponding tables for Cg*, C^v, C 4u . 

For some considerations it is necessary to take account of the fact that the degenerate vibrations 
and eigenfunctions of the point groups C p are separably degenerate (see p. 99). The complex 
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normal coordinates or eigenfunctions given by (II, 81) are not mixed by any of the symmetry opera- 
tions. Therefore the characters are frequently given for each component separately. They are 
simply the (complex) factors by which the normal coordinates (or eigenfunctions) are multiplied 
for the respective symmetry operations. These characters arc given in Table 2(i. If the two 


Table 2b. symmetry types and characters for the point croup Cz, 

TAKINC ACCOUNT OF SEPARABILITY. 


C» 

I 

C.i 

Cz 2 


A 

+1 

+ 1 

+ 1 

T„ R z 

w 

l +1 

,,2m/3 

f -2*-,/3 

T x +iT y , R x +iRA 

tii 

\+i 


t a*ii3 

T x -iT u , R x -iR u J 


vibrations of a pair are considered together, the character is the same for Cz and Cz 2 = C 3 ; but for 
each individual one of the separated degenerate normal coordinates they are not the same. For 
one of them the characters are (see p. 9*.)) c 2Ti/3 and e 2 ' 27ri/3 — e~ 27ri/3 for Cz and C 3 2 respectively, and 
for the other they are the conjugate complex of theso values. This is why there are now two columns 
Cz, Cz 2 instead of the one column 2 C 3 in the table of characters. It may be noted that the sums of 
the characters of the pair of separably degenerate vibrations are +2, 2 cos 120°, 2 cos 120°, that is, 
they are the characters given in Table 25. 

For the other point groups C p the characters are similar. In particular, for the operation C v 
they are c 2Tl/ v and c~ 2 * ilp for the two components of JS lt they are c 2 * 2Tl/p and c~ 2 ‘ 2irilp for the two 
components of E%, 


Table 27. symmetry types and characters for the point groups C 3 h, Cah, and Cm- 


Czh 

I 

Cz 

<Th 

<83 


c* 

1 

(\ 

C7=ry' 

OA 

Sa 

Sc 

III | 

1 


A' 

+1 

+1 

+ 1 

+1 

Rz 

Ay 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 

Rz 

A" 

+1 

+ 1 

-1 

-1 

T M 

A u 

+1 

4-1 

4-1 

-1 

-1 

-1 

T t 

W 

+2 

-1 

+2 

-1 

T r , T y 

Ry 

4-1 

-1 

4-1 

4-1 

-1 

4-1 


E" 

+2 

-1 

_2 

+ 1 

Rx, Ry 

Ru 

4-1 

-1 

4-1 

-1 

4-1 1 

-1 








Ry 

4-2 

0 

-2 

—2 

0 I 

4-2 

Rx, Ry 







Eu 

4-2 

0 

-2 

4-2 

0 

—2 

T X , Ty 


Cflfc 

I 

(\ 

CfmC, 

1 

0 h 

*8a 

*83 

*82 = i 


Ag 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 

4-1 

Rz 

A u 

4-1 

4-1 

4-1 

4-1 

-1 

-1 

-1 

-1 

T z 

Ry 

4-1 

-1 

4-1 

-1 

-1 

4-1 

-1 

4-1 


Rn 

4-1 

-1 

4-1 

-1 

4-1 

-1 

4-1 

-1 


Ely 

4-2 

4-1 

-1 

-2 

_2 

-1 

4-1 

4-2 

Rx, Ry 

Eiu 

4-2 

4-1 

-1 

-2 

4-2 

4-1 

-1 

—2 

Tx, Ty 

Ezy 

4-2 

-1 

-1 

4-2 

4-2 

-1 

-1 

4-2 


Eiu 

4-2 

-1 

-1 

4-2 

_2 

4-1 

4-1 

-2 



Point groups S 4 and S®. The point groups S 4 and Se are isomorphous with C 4 and C® respectively. 
The symmetry types and characters of S® have been included in Table 25 for C«. It should be noted 
that on account of the presence of a center of symmetry for S® the designation of the symmetry 
types is different from those of C®. 

Point groups C P h • In the point groups C P h thero is a plane of symmetry <r* 
perpendicular to the axis of symmetry C p . For every one symmetry type of C p 
there are therefore two for C P h, one that is symmetric and one that is antisymmetric 
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with respect to ah. In particular, the two components of a degenerate pair are 
either both symmetric or both antisymmetric with respect to ah. For odd p the 
species that arc symmetric or antisymmetric with respect to ah arc distinguished by 
' and ", while for even p , since there is a center of symmetry i, they are distinguished 
by subscripts ^orw depending on the behavior with respect to i, which is determined 
by that with respect to ah and C*". Table 27 gives the symmetry types and charac- 
ters for Cm, Cth, and Cm. The reader can easily obtain those for Cm from those of 
Cg if required. 

As for the point groups the degenerate species of C P h are separably degenerate and therefore 
it is sometimes convenient to give the characters of the degenerato components separately. For 
Cih they are exactly like those in Table 20 for C3. For C\h and Ce/ i they can easily bo obtained on 
the basis of the above discussion for C 4 and C«. 

Point groups Ta and O. The cubic point group Td (to which molecules like 
CH4 and others belong) has four three-fold axes. The noil-degenerate vibrations or 
eigenfunctions can only be symmetric with respect to these axes (see p. 83), but, 
as for point group C 3 «, they may be symmetric or antisymmetric with respect to the 
six planes of symmetry aa through the C* s, and in consequence of that to the three 
four-fold rotation-reflection axes S4. Thus there are two types (Ai and A 2 ) of non - 
degenerate vibrations or eigenfunctions . A closer examination on the basis of group 
theory [see Wigner (923)] shows that there is just one doubly degenerate species E 
as for C31, and two triply degenerate species F\ and F%. Their characters are given 
without further proof in Table 28. 


Table 28. symmetry types (species) and characters for the point groups Ta and O. 10 


T d 

I 

8C3 

XC'z 

G (T d 

G84 

38 4 2 s 3 Ci 


O 

I 

gc 2 

6G t 4 

3 CV“ 3 (Y' 

Ai 

+1 

+ 1 

4-1 

+ 1 

4-1 


A 2 

+1 

+ 1 

-1 

-1 

+ 1 


K 

+2 

-1 

0 

0 

4-2 


F 1 

+3 

0 

-1 

+1 

-1 

?/» Ty, T z for O, l&Xi By, By 

F 2 

+3 

0 

+1 

-1 

-1 

T X , Ty, 7 z for T d 


As mentioned before, degenerate vibrations can always be chosen in such a way 
that they are symmetric or antisymmetric with respect to planes, two-fold axes, and 
a center of symmetry. In the present case one vibration of a doubly degenerate 
pair can be chosen symmetric, the other antisymmetric, with respect to ad, and 
therefore the corresponding character is 0. All doubly degenerate vibrations are 
symmetric with respect to the two-fold axes C 2 . The two triply degenerate symmetry 
lypes are distinguished by the fact that in one of them two of the mutually degenerate 
vibrations can be made antisymmetric and one symmetric with respect to a ad plane 
while in the other type two vibrations are symmetric and one antisymmetric. That 
is why the corresponding characters (x = d aa + dbb + d cc ) are —1 and +1 respec- 
tively. The behavior of these triply degenerate vibrations is perhaps best visualized 

16 There are four three-fold axes (see p. 9 ) but there are eight symmetry operations C3, namely 
the rotations by ± 2 ir /3 about the four axes. Similarly there are three four-fold rotation-reflection 
axes and therefore six operations 84. 
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if it is noted that the three rotations R X} R y , R z form a non-genuine vibration of species 
F\ t while the three translations T Xf T v , T z form a non-genuine vibration of species F 2 . 
If a <Td plane is the xy plane, the rotations R x , R y are antisymmetric and the rotation 
R z is symmetric with respect to this <r ( i, that is, Xf x = — 1; while the translations 
T Xi T v are symmetric, the translation T z is antisymmetric, that is, Xf 2 = + 1. 

The normal vibrations of a tetrahedral XY 4 molecule given in the previous Fig. 41 
represent examples of the species A\, E t and F 2 . It is easily verified that they do 
have the required symmetry properties. For XY 4 there are no genuine normal 
vibrations of the species A 2 and F 1 , but the eigenfunctions of higher vibrational levels 
may belong to these species. 

There is a one-to-one correspondence between the symmetry elements of point 
groups Td and point group O: they are isomorphous. Consequently the symmetry 
types and characters are the same. Therefore, in order to give the symmetry types 
and characters of O it was only necessary to add at the top of Table 28 the symmetry 
elements of O. For the point group O other than for Ta the three translations T xx 
Ty, T 9 form a non-genuine vibration of species F\ as do the three rotations. 



Fia. 51. Normal vibrations of an octahedral XY 6 molecule (point group Oa). — O nly 
ono component of each degenerate vibration is shown. 


Point group O^. The point group Oh has in addition to the symmetry elements 
of O a center of symmetry i, as well as several other symmetry elements necessitated 
by it. Therefore, in place of each symmetry type of O there are two in Oh, one that 
is symmetric and one that is antisymmetric with respect to i. Thus we obtain the 
species and characters given in Table 29. 16a As an example, in Fig. 51 the normal 

18a It may be noted that the characters in columns 8, 9, 10, and 11 are obtained from those in 
columns 5, 3, 6, and 4 respectively (which are identical with those of point group O) by multiplication 
with these in column 7. 
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vibrations of an octahedral XYe molecule (such as SFe; see p. 330) are illustrated. 
Normal vibrations of the species Ai u , A 2g , A 2u , E Ut F \ Q do not occur (see Table 36). 


Table 29. symmetky types (species) and characters for the point group Oh- 


Oa 

I 

sr 3 

6 Cj 

« r 4 

3fV=3<Y' 

A\g 

+ 1 

+1 

4-1 

4-1 

+ 1 

Aiu 

+ 1 

+1 

+1 

+ 1 

+ 1 

A'ly 

+ 1 

+1 

-1 

-1 

+ 1 

Aiu 

+ 1 

+1 

-1 

-1 

+ 1 

Eg 

f 2 

-1 

0 

o 

+2 

E u 

+2 

-1 

0 

0 

+2 

E\g 

+3 

0 

-1 

+1 

-1 

Fiu 

+3 

0 

-1 

+1 

-1 

E'lg 

+3 

0 

+1 

-1 

-1 

F 2 u 

+3 

0 

+1 

-1 

-1 


S 2 = i 

6»S| 

8 No 

3<ta 

()<7 (j 


+ 1 

4-1 

4-1 

4-1 

4-i 


-1 

-1 

-1 

-1 

-1 


-M 

-1 

4-1 

4-1 

-1 


-1 

4-1 

-1 

-1 

4-1 


4-2 

0 

-1 

4-2 

0 


-2 

0 

4-1 

-2 

0 


4-3 

4-1 

0 

-1 

-1 

W/, Ry, R, 

-3 

-1 

0 

4-1 

4-1 

T x , Ty, T. 

4-3 

-1 

0 

-1 

4-1 


-3 

4-1 

0 

4-1 

-1 



Point group T. Since the point group T has no planes of symmetry <r d , and 
consequently no Si, but otherwise the same symmetry elements as the point group 
Ta (Table 28), the symmetry types arc similar except that the distinction between 
A i and A 2 and between Fi and F 2 has to be dropped. Thus the symmetry types 
and characters in Table 30 are obtained. 


Table 30. symmetry types (species) and characters for the point group T. 


T 

I 

SC 3 

3 C 2 


A 

-H 

4-1 

4-1 


E 

4-2 

-1 

4-2 


F 

4-3 

0 

-1 

T, R 


Siii(*o there arc no planes through the three-fold axes, the doubly degenerate vibrations and eigen- 
functions are separably degenerate (Hoe p. 99). The characters of the separated (complex) normal 
coordinates (11, 81) for the operation C 3 are the same as for point group C 8 (Table 20), for C 2 they 
are +1 for both components. 

Since molecules belonging to the point groups Ta, /, h are not likely to be found we omit a dis- 
cussion of their symmetry types and characters Esec Tisza (867)]. However, it may perhaps be 
mentioned that the point groups I and /a, in addition to triply degenerate species, also have species 
of four-fold and five-fold degeneracy. 

( e ) Symmetry types ( species ) of the higher vibrational levels 

From the considerations at the end of section 3c, it follows that any eigenfunction 
of a polyatomic molecule (whether electronic, vibrational, rotational, or total) must 
belong to one of the symmetry types of the particular point group discussed in the 
preceding subsection. Thus also the vibrational eigenfunctions of states in which 
several normal vibrations of different symmetry types are excited with one or more 
quanta must belong to one of the possible symmetry types. This holds irrespective 
of whether or not the vibrations may be considered as strictly harmonic (see also 
section 5). The question arises, therefore: What is the resultant symmetry type 
(species) of a state in which several vibrations are excited, or in which one or more 
vibrations are excited by more than one quantum? 
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Non-degenerate vibrations. The answer to the above question is very easy to 
find in the case of non-degenerate vibrations on the basis of our previous discussion 
(p. 101f.). Since the total vibrational eigenfunction is symmetric or antisymmetric 
with respect to a certain symmetry element depending on whether « v k (that is, 
the sum of the vibrational quantum numbers of all vibrations that arc antisymmetric 
with respect to this symmetry element) is even or odd, we can immediately obtain 
the behavior of the total vibrational eigenfunction with respect to all symmetry elements 
and thus its symmetry type. It is sufficient to restrict this consideration to the 
necessary symmetry elements. For example, if in C 2 II 4 (assuming that it belongs to 
the point group D 2h = Vh ) the vibration v\ (see Fig. 44) of species A u is doubly 
excited, v% of species B 2g is triply excited, and v l2 of species B Zu is triply excited, then 
it follows from Table 14 (p. 108) and from the above rule that the resultant eigen- 
function is antisymmetric with respect to <r(xy), symmetric with respect to o(xz) and 
symmetric with respect to <r(yz), that is, is of type Bi u . Symbolically we may write 
this result as 

(aj 2 -(y 3 *fe) 3 = B lu , 

where we have used small letters for the species symbols of the individual vibrations and 
a capital letter for that of the resultant state. 11 In a similar manner the resultant species 
in the previous Fig. 43 for II 2 CO have been obtained. 

It is at once evident that the above rule is equivalent to saying that the characters 
of the resultant species are obtained by multiplying for each symmetry element the charac- 
ters of the species of the component normal vibrations taken to the v^th power if Vk is the 
vibrational quantum number of the particular vibration. This simple method is also 
applicable to the non-degenerate vibrations of point groups with morc-than-two-fold 
axes. It is immediately clear from this rule that the vibrational levels in which a 
non-totally symmetric vibration is excited with even Vk are totally symmetric, while 
those with odd Vk have the symmetry of the normal vibration. Tlius in Fig. 42b, 
if the vibration is of type B lu (point group V h ) the levels designated s and a are A\ g 
and Bin respectively. Similarly, if two non-totally symmetric vibrations of the same 
species are each singly excited, the resultant state is totally symmetric; if a totally 
symmetric and non-totally symmetric vibration arc each singly excited, the resultant 
state has the species of the latter. Finally, a rule concerning the behavior with 
respect to a center of symmetry i (if such is present) is very useful, since this behavior 
is indicated in the species symbol by the same subscripts g or u for all point groups: 
If two vibrations with the same behavior with respect to i (that is, both g or both u) are 
each singly excited f the resultant state is symmetric (g) with respect to i; if the two vibra- 
tions have opposite symmetry , the resultant state is antisymmetric (u). This g , u rule 
is, of course, simply a special case of the above rule concerning However, 

it holds quite generally even for degenerate vibrations, since even they can only be 
symmetric or antisymmetric with respect to i (see p. 97f.). The g , u rule is therefore 
valid in all cases in which a center of symmetry is present. 

For the convenience of the reader, Table 31 includes those cases of binary combina- 
tions of non-degenerate vibrations that are not covered by one of the above special 

17 This usage has been suggested by Mulliken (043), but it is not observed by all authors. Sponer 
and Teller (802) have suggested the use of corresponding Greek letters for vibrational species, light- 
facod for the individual vibrations, bold-faced for the resultant state. They reserve the roman 
letters for electronic states. 
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rules. This table, therefore, should make it possible, if necessary by successive appli- 
cation, to find the resultant species without looking up the character tables and multi- 
plying the characters. Thus in the previous example the above rules tell us that 
( (i u ) 2 = Ag , (b 2(/ ) z = B 2a , and (& 3 «*) 3 = #3 h. Furthermore (a u ) 2 (b 2o ) z = A 0 - B 2o = B 2g9 
and from Table 31 and the g, u rule (a u y 2 (b 2g y(b 3u ) z = B 2g -B 3u = Bi u . (The table 
holds, of course, equally for small and capital letters). 

Binary combinations of a non-degenerate and a degenerate vibration. If a non- 

degenerate vibration is singly excited at the same time that a degenerate vibration 
is singly excited (that is, if we have a binary combination of these two), the resultant 
state has, of course, a species of the same degree of degeneracy as the one degenerate 
vibration. However, if for the point group considered there are several degenerate 
species, the species of the resulting state need not be the same as that of the degenerate 
vibration. C?roup theory shows that the species of the resulting state is obtained 
in the same way as for two non-degenerate vibrations by taking the product of the 
characters of the tivo species for each symmetry operation . The numbers obtained in 
this way are the characters of the resulting state. 

For example, if in a molecule of point group C 3y (for instance II 3 C — CC1 3 ) two 
vibrations, one of species A 2 , the other of species E , are singly excited, then the 
characters of the resulting state arc, according to the above rule and Table 15: 
+ lX+2=+2, + 1 X - 1 = —1, and —1X0 = 0. These are the charac- 
ters of species E , which is therefore the species of the resulting state. If in a molecule 
of point group Dm one vibration each of species B lu and E 2a is singly excited, the 
characters of the resulting state are +2, +1, —1, — 2, 0, 0, + 2 • • • (see Table 23); 
that is, it is an E\ u state. Symbolically we write in the two examples: 

a 2 m c = Ej b\u m c 2 (j — Em. 

For the convenience of the reader, Table 31 gives the results for all binary combina- 
tions of a degenerate and a non-degenerate vibration (species) for all important 
point groups. 

Multiple excitation of a single, degenerate vibration. If a degenerate vibration 
is excited to higher vibrational states of quantum number Vj , the resultant species 
are not as easily obtained. They have been derived by Tisza (807) with the aid of 
group theory. We shall describe here only the results. As we have seen previously 
(p. 103), the eigenfunction is totally symmetric if Vj = 0, it has the same (< degenerate ) 
species as the normal vibration if Vj — 1. If vj > 1, the resulting state has a degree 
of degeneracy greater than that of the singly excited vibration as long as the vibra- 
tion is strictly harmonic (sec p. 80f.). However, it can be shown [see Tisza (867)] 
that this more highly degenerate state may be considered as a superposition of a 
number of less highly degenerate and possibly non-degenerate states which belong 
to the various symmetry types of the point group of the molecule, and which are 
accidentally degenerate with one another. In fact, slight perturbations, such as the 
anharmonicity usually present, cause a splitting of the accidental degeneracies but 
leave, of course, the necessary degeneracies of the component states. 

For example, in the case of non-symmetrical linear molecules (point group C* v% 
example HCN), if a vibration of species II (to which all perpendicular vibrations 
belong; see Fig. 47) is excited by three quanta (vy = 3) the resultant vibrational state 
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is four-foldly degenerate (see p. 80), consisting of two substates, one of species II 
and one of species d>. The reason for this is immediately clear if it is remembered 
that a II vibration may be considered as having an angular momentum of one unit 
(i l = 1) about the internuclear axis and that there are just four ways of adding three 


TABLE 31. SYMMETRY TYPES (SPECIES) FOR THOSE LEVELS IN WHICH TWO DIFFERENT VIBRATIONS, 
AT LEAST ONE OF WHICH IS NON-DEOKNERATE, ARE SINGLY EXCITED. 


Point group 

Vibra- 

tions 

excited 

Result- 

ant 

state 

Vibra- 

tions 

excited 

ltesult- 

ant 

state 

Vibra- 

tions 

excited 

Result- 

ant 

state 

Vibra- 

tions 

excited 

Result- 

ant 

state 

C‘iv 

(l-» '?>l 

Ih 

a 2 • b 2 

Bi 

bi-b 2 

A 2 



Cm 

flu' by 

B tt 

a,rb u 

R* 

bg - bu 

A u 



i> 2 =v[z>2*=n] 18 

a * 

B % 

bl -bo 

Bi 

b\ - b 3 

B 2 

b 2 • hi 

Bi 

Italic,.. D 3 , Cu. C,J> | 

a 2 • c' 

A 2 " 

e' 

by 

a 2 '-e” 

Ay 

E” 

E” 

a 2 ' •ay ' 

ay'-c' 

Ai” 

E” 

E” 

ai”-c" 

ay'-c” 

E f 

E' 

r I T D,tl — Cu, f 

C 4 , s 4 ]“ 1 

(if hi 
a 

b 2 

E 

do 'bo 

arc 

Bi 

E 

hi 'b 2 
hi-e 

a 2 

E 

b 2 -c 

E 

D b , Cm, c 6 ] 21 ’ 

«i"-*Y 

m'-ci' 

a 2 ”-ci' 

A 2 " 
AY 

Ei” 
Ei ' 
Ei” 

ay-ay' 
ay cy 

ai” -d” 

a 2 ' -ei” 
aS' -ci" 

Ay 

El” 

Ei' 

Ei” 

Ey 

ay -a 2 ' 

ai'-ii 

a/’-ey 

*y-*y 

a 2 ”’cy 

Ai” 

Ey 

Ey 

Ey 

Eo” 

ai'-a” 
ai”- co” 
a 2 ' - c. 2 ' 
no” -a” 

Ei” 

Ey 

Ei” 

Ey 

Czv, Dz[Deh, Du, Cm, Cz, Se ] 22 j 

(i2‘bi 

are 1 
bi-e 1 

Bi 

Ei 

E‘2 

(l2'bo 

arc 2 
bi • e 2 

Bi 

e 2 

Ex 

bi • h 2 
a 2 • t’i 
b 2 -ci 

A 2 

Ei 

E 2 

a 2 - c 2 

b 2 'C 2 

E 2 

Ei 

D\d, C$r, Ds < 

a r ei 

arc 2 

ai‘C 3 

Bo 

Ei 

E 2 

Ez 

a 2 'b 2 
a 2 * Ci 

no • c 2 

arez 

Bi 

Ei 

Et 

Ez 

b 1 * b 2 
hr ei 
hi • c 2 
bi - cz 

A 2 

E 3 

E 2 

Ei 

b 2 -ci 

b 2 'Ci 

b 2 'Cz 

Ez 

Ei 

Ei 


a + -7r 

II 

cr + -& 

A 

(T~'TC 

II 

<r~-b 

A 

Tj,0[0a,T]« | 

OfC 

a 2 -e 

E 

E 

arfi 

arfx 

Ei 

b\ 

ai'f 2 

a 2 'f 2 

E 2 

Ei 




18 For Dzh the g, u rule has to be taken into account. The subscript i may be 1, 2, or 3 . 

M For Cs» and Z) 3 tho ' and ", for Czh the subscripts 1 and 2, and for C 3 both the ' and " and the 
subscripts 1 and 2 should bo omitted. 

20 For D\h and C\h the a, u rule has to bo taken into account; for Cm, C4, and Sa, the subscripts 
1 and 2 should be omitted. 

21 For Cfiv and D 6 the ' and ", for Cm the subscripts 1 and 2 of A r and for C5 both should be 
omitted. 

22 For Dm, Du, and S« the g , u rule must bo taken into account; for Cm, Cz, and the subscripts 
1 and 2 of A and B should be omitted; for Du, B should be put equal to A and the subscripts 1 
and 2 of K should be omitted. 

28 For Dak the g, u rule must be taken into account. 

24 For Oh the g , u rule must be taken into account; for T the subscripts 1 and 2 should be omitted. 


SYMMETRY OF NORMAL VIBRATIONS 


127 


n,3 


Table 32. symmetry types (spectes) op the higher vibrational 

LEVELS OF DEGENERATE VIBRATIONS. 


The numbers in front of some symbols (for example, 2 A 7 ') indicate how many sublevels of that 
particular species occur if this number is greater than one. 


Point group 

Vibra- 

tional 

level 

Resulting states 

Vibra- 

tional 

level 

Resulting Btatcs 

Z) JA [C 3 „, z>3, c 3h , C,]'» 

(fi’v 

(«')» 

(«o 4 

(«o 6 

(«'>• 

4i'+A v 

AS+AS+E' 

Ai 7 +2A V 

4i'+4 2 '+2A' 

2Al'4-4 2 '+2A 7 ' 

(«")> 

(O 4 

(«"> 6 

4 i' + A 7 ' 

4i"+A 2 "+A 7// 

Ai'+2A 7 ' 

4 1 " + A 2 " +2 A 7// 
2At'+A 2 '+2A' 

D4*CC4|'i Dt, Dtd , 

= V d , C ih , C*4, Si] 26 

(<■»)* 

('V) 3 

(<■»)' 

(e„)‘ 

(«V) 6 

4i{, -f#ly-f#2y 

2 Eg 

2Ai g +^.2y +^ly +#2y 

3 Eg 

2A\g +A 2 y -\-2B\g -\- 2 B 2 g 

(fu) 2 

(O 3 

(f») 4 

(f«)‘ 

(<’ u ) 8 

4i,;+-6ly+^2y 

2E U 

24i fir -f-4 2 y +Rly +#2y 

3A’ U 

24 1 0 -f"4 2 y + 2B\g + 2/? 2 y 

0... A [C tl ., D b , Cik, C„J l 

(eiO* 

(«i0* 

W) 1 
(<V) 2 
(<V) 3 
(<•2 0 4 

Ai'+AY 

AY+AY 

Ai'+AY+fV 

di'+AY 

AY+AY 

4/+AY+AY 

(<’i") 2 

(«i") 3 

(<”i") 4 

(<V') 2 

W) 3 

to") 4 

Ai'+AY 

AY'+AY' 

At'+AY+AY 

Ai'+AY 

AY'+A 2 " 

At'+AY+AY 

Co, Dzd t Cch, C«» 

s»D“ 

(<• l) 2 

(n ) 3 

(<-i) 4 

(<-.) 6 

(c<)“ 

4| +A 2 
/?I + Z? 2 +A’l 
yl 1 +2 A 7 2 

7?i+J? 2 +2A’i 

24 1 +A-2 +2A 7 2 

M 2 

M 3 

to) 4 

to) 5 

(<■*)• 

4i + A 7 2 

Ai +A 2 +A/ 2 

4 1 +2A 7 2 

4 1 +A 2 +2A 2 

24 1 +A 2 +2A 2 

Da,i, Cs v, D& 

(Cl) 2 

(Cl ) 3 

(Cl ) 4 

(cj) 2 

(C 3) 3 

At + A’ 2 

A 7 i+A 3 

At +/fj +Z? 2 +A 2 

4t+A 2 

A 7 i +A 7 3 

(« 2 ) 2 

(< 2 ) 3 

(«t ) 4 

(o) 4 

4i+Z*i+Z* 2 

2A 7 2 

24i + A 2 +R 1 +B 2 

A\ +/?i +/? 2 +A 2 


(*"y) 2 

(*-y) 3 

(^) 4 

(?Ty) 8 

2y + +A, 

Hy+<*>y 

V+^y + Py 

Hy+^y + Hy 

2y + +A (/ + r u + I fif 

(Wm) 2 

(iTw) 3 

(*r u ) 4 

(tt«) 5 

(ir«) 6 

S» + +A„ 

IlaH-fu 

V+a.+r, 

n„+*„+H„ 

V+A e +r„+i f 

T d , o[o„, r] 24 

M 2 

(<■)’ 

(eV 

(A ) 2 

(/ 1) 3 

(/ 1) 4 

(/.)* 

(/.)* 

(A ) 7 

A\-\-E 

A 1 — |— ^4.2 +A 7 

Ai+2E 

At+E+Fi 

A 2 +2A 7 i+A t 2 

2Ai+2A+A 7 i+2F 2 

A 2 ~\~E +4 F 1 +2F 2 

34 1 +A 2 +3 A 7 + 2 F 1 +4A 7 2 
2A 2 +2 E + 6 F 1 +4F 2 

(«)‘ 

«• 

(«) 7 

(A ) 2 

(A) 3 

(A ) 4 

(A) s 

(A)* 

(A ) 7 

4i+4 2 +2A T 

24i +A 2 +2A T 
4i+4 2 +3A 

4i+A 7 +^2 

4i+Fi+2F 2 

24 1 -\-2E 1 +2F 2 

4 1 +■ A 7 +2Fi +4F 2 

34 1 -f-4 2 +3A +2F 1 —J— 4/^ 2 
24i+2A+4Fi+6F 2 


26 For C 4 „, Da, Dm — Vd the subscripts (j and u, for Cah the subscripts 1 and 2, and for C 4 and 
all subscripts should be omitted. 

28 For Coo, the subscripts g and u should bo dropped. The higher levels of ir 0 and tt u only are 
given since tt vibrations are the only vibrations that occur (see section 4a). 
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vectors l = 1 in the internuclcar axis: ^5, and JE, corresponding to the species 
II (resultant l = 1 ) and <t> (resultant l — 3 ). Symbolically we write 

(it ) 3 = II + <I>. 

If the anharmonicity is taken into account these two states have slightly different 
energies but each one remains doubly degenerate. If the r vibration is excited by 
two quanta (vj = 2) a triply degenerate state is obtained which splits into one non- 



degenerate state (2 + ) and one doubly 
degenerate state (A). They correspond 
to and =t. Symbolically we write 

(tt) 2 = 2 + + A. 

In a similar manner, if in a molecule 
of point group Cs v (lor example, NH3 or 
CII3CI) a degenerate vibration of species 
E is doubly excited ( Vj = 2 ), a triply de- 
generate state arises which splits into one 
with l = 0 and one with l ~ 2. But here, 
unlike the linear case, l no longer repre- 
sents the angular momentum and, as we 
have seen previously, l = 2 is equivalent 
to l = 1 ; thus we obtain 

(t *) 2 = Ax + E. 

If the vibration of species E is triply 
excited, two doubly degenerate states 
with l = 1 and 1 = 3 arise as in the linear 
case. But now l = 3 is equivalent to 
l = 0 and therefore the double degen- 
eracy is split into two non-degenerate 
levels with l = 0, which group theory 
shows to be A\ and A 2- Thus we have 



( d ) 00 

Fig. 52. Splitting and species designation 
of higher vibrational levels of ir and e vibra- 
tions of molecules of point groups C mr and Czv 
respectively. 


(e ) 3 = Ai + A 2 + E. 

These and similar data for higher 
vibrational levels are given for all im- 
portant point groups in Table 32 in a 
somewhat condensed form. In Fig. 52 
the species of the higher vibrational levels 
of a 7r vibration of a linear molecule and 


of an e vibration of a molecule of point group C 2 v are indicated in an energy-level 
diagram similar to Fig. 42 for non-degenerate vibrations. The different levels of the 
same Vj arc shown with somewhat different energy corresponding to the splitting 
that actually occurs in consequence of anharmonicity. The resultant l values are 
also indicated. They are identical with the U values given by equation (II, 59 ). 
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Binary combinations of two different degenerate vibrations. Just as in the pre- 
ceding case, several degenerate or non-degenerate species result if two degenerate vibra- 
tions are singly excited. For example, if in a linear molecule two different vibrations 
of species II are singly excited, the three states 2 + , 2”, and A result. They corre- 
spond to the four vector diagrams ±=;, t=, and =t. <27 The last two arc degenerate 
with each other forming the A state, while one linear combination of the first two 
gives and the other (orthogonal) one gives It must be noted that here three 
states arise whereas by double excitation of a single it vibration only the two states 
2 f and A result. This is because in the latter case the diagrams and ^ are in- 
distinguishable and therefore count as one state only. Table 33 gives the similar 
results for all binary combinations of the important point groups. 


TAHLE 33. SYMMETRY TYPES (SPECIE*) OF THOSE LEVELS IN WHICH TWO DIFFERENT 
DEGENERATE VIRRATIONS ARE SINGLY EXCITED. 



Vibra- 


Vibra- 


Point group 

tional 

liesuiting states 

tional 

Resulting states 

configu- 


configu- 



ration 


ration 


Dih[.C&v f Da, C[\h, Cb] 1J | 

c'-c' 

c'-c" 

AS A- AS A- E f 
Ai''+A-/'+K” 

e"-c" 

.W+.W+E’ 

Z>u[C 4 ,., Z> 4 , Du^V.,, C,,„ Ci, S,P | 

e <r ( 'u 

A ia +A« u +rii 0 +B it , 

•» 1 1 « “b 1 2 ii “f~ B\ u -f- Id'iu 

e u.° e u 

Aitf+Aig+Big+B'ia 


l-l'-Ci' 

Ai’+AS+ES 

cS-c-S 

ES+ES 


ci'-ci" 

AS'A~AS‘A-ES' 

C,"-C 2 " 

ES+ES 

Dz, Cm, CzJ 1 

Ci'*C 2 ' 

Ki'+tiS 

eS-eS 

AS Ar AS ArES 


Ci'-c/' 

E" +!■:■" 

C2'*C 2 " 

AS+AS’+bh" 


Cl" -Cl 7 ' 

AS+AS+ES 

c 2 ".c 2 " 

AS+AS+ES 

C 6 , f Du, Cba, C 6, So] 22 j 

Cl • Cl 

C2 * C 2 

A i + .'l 2 A~E 2 
Ai+At+E* 

Cl*C 2 

Ih+lh+Ex 

( 

Cl * Cl 

A i A~A 2 A~E 2 

c 2 • c 2 

Ai A~A 2 -\-B\ ArB 2 

Du, Car, Dh { 

Cl * c 2 

ffi +E 3 

C*2 * Pj 

Ei Arbh 

1 

Ci’Ca 

Ii t +B 2 +E 2 

C»'Cj 

^ti +.l 2 A-E 2 

f 

7T • 7T 

v+_i_v- +A 

5-5 

v<- + v- + r 


7T* 5 

II -Hh 

5* ip 

11 +11 

{ 

7T * (p 

A + r 

<P-*P 

S++S-+I 

( 

e • e 

AiA-a 2 a-e 

fi’fi 

A 1 A-E A- b\ A-E 2 

T,,, 0[0a, TJ 1 

c*/i 

Ei +E-z 

fi-ft 

A 2 A~E A-E1A-E2 

l 

C-A 

Fi +F t 

h'h 

A 1 A~E A-E 1 A-E 2 


The way in which the data of Tabic 33 have boon obtained is similar to the way in which Table 31 
has been derived: The characters of the resulting state are again obtained by multiplication of the 
corresponding characters of the component states. Put now the characters so obtained do not directly 
occur in the species table of the particular point group. However, they can be reduced to a sum 
of characters of species that do occur and these are the component states formed; that is, if C and D 

27 The situation is exactly analogous to the determination of the resultant states of an electron 
configuration irir of a diatomic molecule (see Molecular Spectra I, p. 359, Fig. 140). 
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are the species of the two singly excited vibrations and (/,//••• the resulting species, then we must 
have for every symmetry operation k (as proved by group theory), 

Xc ik) • Xd W = Xo U) + X// w + • ■ • («. 87) 

where xc (A) * • • are the characters for the operation k. From this condition the resulting states are 
uniquely determined. For example, if in a molecule of point group Cs v two different vibrations of 
species K are singly excited the resulting characters are, according to Table 15, +4, +1. 0. It is 
easily seen that this can only be obtained as the sum of corresponding characters of Ai, A 2 , and E. 
These latter species are the species of the resulting states. In group-theory language, A u A 2 , and E 
are the irreducible representations into which the reducible representation with characters +4, +1,0 
can be reduced, or Au + 2 , and E are the irreducible components of the direct product EXE . 

More general cases. If more than two normal vibrations are singly excited, one 
has first to form the resulting states of two of them according to Table 31 or 33, 
then combine every one of these resulting states with the third vibration again ac- 
cording to Table 31 or 33, and so on. For example, if in XY 4 one quantum each of 
the four normal vibrations of species A\, E , F 2j and F% are excited (see Fig. 41), 
we obtain for the symmetry type of the eigenfunctions of the resulting state 

(arc)- (/!■/*) = K-(Ai + E + Fi + F 2 ) 

= B-Ai + E-B + E-Fi + E-F* 

= E + A\ + A 2 + E + F\ + F 2 + F\ + F 2 \ 

that is, the resultant state consists of eight substates, one each of species Ai and A 2 
and two each of species E , Fi, and F 2 . 

If finally several normal vibrations arc multiply excited, one has first to find the 
resultant species for each multiply excited vibration according to Table 32 (or, for 
non-degenerate vibrations, according to the rules given on p. 124), and then to com- 
bine the results by means of Table 31 or Table 33. As an example, let us consider 
an excited vibrational state of C«IIa (see Fig. 50) in which (assuming point group Dm) 
two quanta of v% (a 2f ,), three quanta of vs(b 2fl ), two quanta of vu(ei u ), and three quanta 
of 1 * 19(02 u) arc excited; that is, we consider the configuration 

(a2 0 nKneiu) 2 (e 2u )\ 

From the previous rule (p. 124), we obtain 

(« 2 f/) 2 = Ai (t ; (b 2{J ) z = B 2a \ 

( a 2t/) 2, (J*2gY = A\ g 'B 2u = B 2o \ 


and from Table 32, 

(cii i) 2 = Ai g + E 2 qj (^u ) 3 = Aiu + A 2u + E 2u . 

Multiplying according to Table 31, we obtain 

(a 2 n y(b 2o ne i tt ) 2 = B 2g + E la ; 

and finally, from Tables 31 and 33, 

(a 2o ) 2 (b 2o y(eiu) 2 (e 2u ) 3 = ( B 2g +- E\ g )(A\ u + A 2u + E 2u ) 

= B 2u + Eiu + B\ u + Eiu + E\ u + B\ u + B 2u + Ei u . 

Thus the resulting state has eight substates, two each of symmetry B\ u and B 2u and 
four of symmetry Ei u . Naturally, vibrational states in which several vibrations are 
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multiply excited lie rather high and are therefore not often observed in ordinary 
infrared and Raman spectra; but they may be of importance in photographic infra- 
red and electronic band spectra. 

4. Determination of Normal Modes of Vibration 

As we have seen in section 1, the SN - 6 (or 3 N - 5) normal modes of vibration 
of a polyatomic molecule are unambiguously determined by the secular equation 
(II, 11) if the force constants are known. But even if that be the case, the actual 
calculation of the normal modes is a very tedious and slow process since the secular 
equation is usually of a rather high degree. However, if the molecule has symmetry 
elements we know from the preceding section what types of normal vibrations there 
may be. If there is only one vibration of a given species its form is completely de- 
termined without any detailed solution of the secular equation, and even if there are 
two vibrations of a given type it is in general not difficult to obtain a fair idea of 
what the two vibrations will be like. Therefore, we derive first the number of vibra- 
tions of each species in various molecules. 28 

(a) Number of normal vibrations of a given symmetry type ( species ) 

Sets of equivalent nuclei. The nuclei in a polyatomic molecule may be divided 
into certain sets of identical nuclei that can he transformed into one another by the 
symmetry operations permitted by the molecule (we may call them equivalent nuclei). 
For example, the three II atoms of H 3 C— CC1 3 (whether it belongs to point group C 3 
or C 3v ) form one such set, the three Cl atoms another, since they can be transformed 
into each other by three-fold rotations about the symmetry axis. However, the two 
C atoms do not belong to one set (are not equivalent) but form two sets, since they 
cannot be transformed into one another by symmetry operations. On the other 
hand, in C 2 II 6 (point group D h D u , or D 3h ) the six H atoms belong to one set, the 
two C atoms to another. The position of all nuclei belonging to one set is fixed if the 
position of one nucleus of the set is given. The representative nucleus of the set may 
have a general position (not on any symmetry element), or it may be on one of the 
symmetry elements, or it may lie on two or on more symmetry elements. The 
number of nuclei in a set depends on the position of the representative nucleus. It is 
largest if the representative nucleus has a general position, since then, starting out 
from this nucleus, every one of the necessary symmetry operations of the molecule 
will “ produce ” another nucleus of this set. On the other hand, the number of 
nuclei in a set is smallest, namely equal to one, if the representative nucleus lies on 
all symmetry elements (for example, the C atoms in H 3 C — CC1 3 ). 

Non-degenerate vibrations. In the case of non-degenerate vibrations, for a given 
■symmetry type the displacements of all nuclei of a set are fixed by the displacements 
of one of them. Therefore the nuclei of a set can at most contribute three degrees of 
freedom to each non-degenerate symmetry type. If the representative nucleus does not 
lie on any symmetry element, the set will actually contribute these three degrees 
of freedom, since then there are no restrictions on the motion of the nucleus. But 
if the representative nucleus lies on one or more elements of symmetry it may not 

28 A very clear exposition of this derivation, which we partly follow here, has been given by 
Cabannes (189). 



132 


VIBRATIONS 


11,4 

have all three degrees of freedom if the motion is to be in conformity with the sym- 
metry type. Thus if there are m sets of nuclei not on any symmetry elements there 
will be 3 m degrees of freedom of each non-degenerate symmetry type contributed by 
these sets; if there are h sets of nuclei lying on certain symmetry elements there will 
be 2 h, or h t or 0 degrees of freedom contributed to a given symmetry type depending 
on the symmetry type and on the symmetry elements of the sets (see Table 35 and 
the examples below). In this way the total number of degrees of freedom can be 
determined for each species. If then the number of non-genuine vibrations of this 
species is subtracted one obtains the number of genuine vibrations of this species. 

As an illustration let us consider a molecule of point group C 2v , having a two-fold 
axis C 2 (z) and t wo planes of symmetry ar v (xz) and a v (yz) through it. There are four 
symmetry types Ai, A 2 , B h B 2 (see Table 13, p. 106). A nucleus not in one of the 
planes of symmetry will produce three other nuclei symmetrically placed. According 
to the above, if there are m such sets of four nuclei they will contribute 3 ?n degrees 
of freedom to each symmetry type. If there is a nucleus on the <r v (xz) plane there 
must also be another one obtained by reflecting at the <r v (yz) plane. Such a set of 
two nuclei will not contribute three degrees of freedom but less. If the motion of 
one such nucleus is to be symmetric with respect to both planes of symmetry (species 
Ai), it must necessarily take place in the o v (xz) plane and therefore it contributes 
only two degrees of freedom to Ai; if the motion is to be antisymmetric with respect 
to both planes (species A 2 ) it must necessarily take place in a line perpendicular to 
the 0 v (xz) plane, that is, the set contributes only one degree of freedom to the species 
A 2 . Similarly it contributes only one degree of freedom to B 2 and two degrees of 
freedom to B\. If there are m xz such sets there will thus be the contributions to the 
degrees of freedom of each symmetry type given in the third column of Table 34. 


Table 34. determination of the number of vibrations of each species 

FOR THE POINT UROUP C 2v . 



Degrees of freedom contributed 
by sets of nuclei 

Number of normal vibrations 

Species 

On no 
symmetry 
element 

On 

On 

On 

Non-genuine 

Genuine 


<r v (jrz) 

<Tv{yz) 

C 2 , <r v (xz ), <r v (yz) 

T 

R 

-li 

3 m 

2 m xt 

'2m ut 

lw?o 

1 


3m 4*2 -\- g 2ni yx -\-tno — 1 

Ai 

3m 

1 m IZ 

1 "lyz 

0 


1 

3m 4 m yg — 1 


3m 

2 

1 m ya 

lmo 

1 

1 

3m +2 m xz +m yz +w? 0 —2 

b 2 

3 m 

1 m x< 

2 m uz 

lm 0 

1 

1 

3m -fm x * +2m„* +mo —2 


Similar considerations apply to sets of nuclei in the <r v (yz) plane. The degrees of 
freedom contributed by m yz such sets are given in the fourth column of Table 34. 
Finally, each nucleus on the C 2 axis lies on the two planes of symmetry as well, that is, 
on all symmetry elements, and therefore forms a set of its own. If its motion is to 
be symmetrical with respect to both planes it can move only in the axis of symmetry, 
that is, it contributes one degree of freedom to Ai; it cannot move antisymmetrically 
with respect to both planes of symmetry and therefore does not contribute to A 2 . 
In order to be antisymmetric with respect to <t v (ijz) and symmetric with respect to 
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<r v (xz) it must move perpendicular to cr v (yz), and therefore contributes only one degree 
of freedom to B\\ similarly it is found that it contributes one degree of freedom to B 2 . 
Thus if there arc m nuclei on the axis they give the contributions indicated in the 
fifth column of Table 34. 

Since there are four nuclei in each set of the first type, two in each set of the second 
and third types, and one in each set of the fourth type, the total number of nuclei is 

N = 4 m + 2 m X z + 2%. + Mo. 

It is easily verified from Table 34 that the total number of degrees of freedom is 3 N. 

In order to get the number of genuine normal vibrations we have now to subtract 
the non-genuine vibrations. Their species are given in Table 13. There are one 
each of species A\ and A 2 and two each of species B\ and B 2 . Subtracting these from 
the number of degrees of freedom obtained before for each species, we obtain for the 
four species the number of genuine normal vibrations given in the last column of 
Table 34. 

If we apply the above results to the non-lincar molecule XY 2 we find, since m = 0, 
nixz = 1, m yz = 0, Mo = 1, that there are two vibrations of species A\> no vibrations 
of species A 2 , one vibration of species B h and no vibration of species B 2 . 29 The three 
normal vibrations have been given in the previous Fig. 25a. Since there is only one 
vibration of species Bi which is anti- 
symmetric with respect to the plane of 
symmetry a v (yz) (which is perpendic- 
ular to the plane of the molecule), 
its form is unambiguously determined 
without further calculation: nucleus 
X in this species must necessarily 
move perpendicular to <r v (yz) f say 
with amplitude sx • The antisym- 
metry with respect to c v {yz) and the 
symmetry with respect to a v {xz) fur- 
ther require that the atoms Y move 
in the a v (xz) plane in lines at the 
same angle ($ to the z axis and in op- 
posite phase. Furthermore, the total 
linear momentum must be zero, that 
is, the center of mass must remain at 
rest, and the total moment of mo- 
mentum (angular momentum) about 
any point must remain constant 
(usually zero) during the vibration. 

If the displacements were the broken 
arrows in Fig. 53 which satisfy the 
symmetry requirements, the total moment of momentum about the point c would ob- 
viously not be constant but vary from positive to negative values as the X atom moves 
back and forth. Only if the point c is made to coincide with X, that is, only if the 

29 This result could also have been easily obtained directly by applying the same reasoning as 
above for the general case. 



Fio. 53. Determination of the hi vibration 
of bent XY 2 . 
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displacements of the Y nuclei are in the direction XY, is the condition of constant 
(zero) moment of momentum fulfilled. The magnitude sy of the displacements of 
the Y nuclei is obtained from the condition that the component of the total linear 
momentum perpendicular to the plane <r v (yz) is zero; that is, since the velocities are 
proportional to the amplitudes of the displacements, 2 /wySy sin a = nixsx t where a 
is half the angle at the top of the triangle formed by the molecule, sx is the displace- 
ment of the X nucleus and mx and my are the masses of X and Y. Thus the form 


Table 35. number of vibrations of each species for the point groups 

HAVING NON-DEGENKHATE VIBRATIONS ONLY. 


Point group, 
total number 
of atoms 

Species 

of 

vibra- 

tion 

Ex- 

plained 

in 

Table 

Number of vibrations 30 

C 2 f 

(N =2m4-m 0 ) \ 

A 

B 

12 

3wi+mo— 2 

3m -f-2//i 0 — 4 

C'ZsCxh f 

(iV — 2m+7«o) 1 

A' 

A " 

12 

3 hi +2w?o — 3 

3m-|-mo— 3 

c\=s 2 I 

(JV=2m+m 0 ) \ 

Ag 

A u 

12 

3 m —3 

3m -}-3mo— 3 

Cz v t 

(N =4 m +2 m xz -\-2m yz + m 0 ) 

C « B Q | M M 

1 

13 

3m + 2m xz +2 m ux -f-m 0 -- 1 

Sm+ni/j +m w , — l 

3 m -|-2 m x » +///•,*+ m 0 —2 

3m +mxz +2m, /a -f m 0 -2 

Cih 1 

( N =4 m +2m h +2m 2 +m 0 ) j 

13 

3m+2i»ifc+w 2 — 1 

3m -\-nih -f m 2 +m 0 — 1 

3m+mjk+2m 2 —2 

3m +2?tih +2//12 +2m 0 —2 

D 2 ^V [ 

(iV =4m +2/R2* +2?/?2 u S 

-f2m 2 «+wo) 

A 

Bi 

Bt 

B 3 

13 

3m +?«2x +m2 V -\-tn-2z 

3m -\~2ni2x +2mo v +m*2* +m 0 —2 

3m 4-2/«2 x *4*m 2 y ~\“2m 2z -J-m 0 — 2 

3m -\-m 2 x -\-2nt2y +2m2* +w?o —2 

D 2 h=Vh 

(N —8 m +4m xy -f-4w x * +4 m yg < 
+2m 2x -f-2m 2 j, 4"2m 2 * -f-mo) 

Ag 

A u 

Big 

Biu 

Big 

Bin 

Bz g 

Bz u 

14 

‘Srn +2 m xy -\-2m xt -\-2m yz + 7 / 12 * +M‘>y +mo* 

3m -\-m xy +m** -\-m yz 

3m +2 m xy +m IZ +m ye +m 2 * +m 2y — 1 

3m + m xy -{-2m xz -\-2m yz -\-m 2x +m 2 ,/ -\-rn 2z +>»o — 1 
3m +m xy -f 2//ix* -f m yz +w 2 x +m 2 * — 1 

3m +2m xy +m xg -{-2m yz + m 2x -f m 2 *, +m 2 z +mo — 1 

3 m -\-m xy -\-m xz +2m yz +m 2 y +w? 2 , — 1 

3m +2m xy +2m x * 4-m,,, -fm 2 * +wi 2 * +wi 2 * +mo — 1 


80 m is always tho number of sets of equivalent nuclei not on any element of symmetry; m 0 is 
the number of nuclei lying on all symmetry elements present; m xy , m xg , m yg are the numbers of sets 
of nuclei lying on the xy t xz, yz plane respectively but not on any axes going through these planes; 
m 2 is the number of sets of nuclei on a two-fold axis but not at the point of intersection with another 
element of symmetry; m 2 *, mo,/, m 2 * are the numbers of sets of nuclei lying on the x, y, or z axis if 
they are two-fold axes, but not on all of them; nth is the number of sets of nuclei on a plane <fh but 
not on the axis perpendicular to this plane. 
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of the normal vibration of species B x is completely determined. For the two A x 
vibrations the form is not unambiguously determined from symmetry alone, but one 
can say immediately that the X nucleus must move in the 2 axis for both, and the 
two Y nuclei must move in a symmetrical fashion such that the component of their 
linear momentum in the 2 direction is opposite and equal to that of the X nucleus. 
The direction of motion of the Y nuclei is not fixed by symmetry and the condition 
of zero linear and angular momentum; that is why there are two vibrations of 
species A\, 

if, as a second example, we apply the results of Table 34 to the H 2 CO molecule, 
we find, since now m = 0, m xg = 1, m yz = 0, mo = 2, that there are three vibrations 
of species A Xf no vibrations of species A 2 , two vibrations of species B Xi and one vibra- 
tion of species B 2 . These vibrations are represented in Fig. 24a-f. The one vibra- 
tion of species B 2 is again unambiguously determined by symmetry. 

In a similar way, as indicated above for C 2vi the number of vibrations of each 
species can be derived for the other point groups having non-degenerate species only. 
The results [first derived by Brester (178)] are given in the last column of Table 35. 
In the first column for every point group the total number N of nuclei is expressed 
in terms of the number of sets of nuclei ; that is, the factors in front of the m values 
in this first column indicate the number of nuclei in each set. This can serve as a 
check 011 the correct selection of the sets. 

Degenerate vibrations. For molecules with more than two-fold axes the number 
of vibrations of the lion-degenerate symmetry types can be determined in exactly 
the same way as described above. However, as to the number of degenerate vibra- 
tions some further considerations are necessary. Let us consider as an example the 
point group C 3tf to which molecules like NH 3 , CH 3 C1, H 3 C — CC1 3 belong. A set of 
nuclei lying on the three planes <r v (but not on the axis) will contribute six degrees of 
freedom, that is, three vibrations to the degenerate species E , since to every one displace- 
ment (which may be in any one of the three coordinate directions) of one nucleus of 
the set correspond two different displacements of each of the other nuclei of the set 
(compare the previous discussion of the form of degenerate vibrations, p. 89f.). 
Thus, if there are m v such sets they will contribute 3 m v degenerate vibrations (genuine 
or non-genuinc). 

If there is a set of nuclei in a general position (none of these occur in the examples 
mentioned above) they contribute twelve (rather than six) degrees of freedom of 
type E, that is, six degenerate vibrations. This is because, first, every one displace- 
ment of one nucleus of a set has corresponding to it two different displacements of 
each of those nuclei of the set that are produced from the representative nucleus by 
rotations about (7 3 . This accounts for six degrees of freedom. But the three nuclei 
thus produced comprise only half the set, since for every one of them there is another 
one placed symmetrically to it with respect to <r v . Reflection at the plane a v will in 
general change the vibration into something else, but if suitable linear combinations 
of the degenerate vibrations are chosen one will be symmetric, the other antisymmetric 
with respect to this plane; that is, the number of degrees of freedom contributed is 
doubled. Thus, in all, one such set of nuclei in a general position contributes twelve 
degrees of freedom to the degenerate species or, in other words, six degenerate vibra- 
tions. If there are m such sets of nuclei they will contribute 6 m degenerate vibrations. 
This holds not only for species E of point group C 3 * but also for the doubly degenerate 
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Table 36. number op vibrations op each species for the 

POINT GROUPS WITH DEGENERATE VIBRATIONS. 


Point group, 
total number 


Ex- 


Species of 
vibration 

plained 

in 

Number of vibrations 31 

of atoms 


Table 


c, 1 

A 

25 

3//i 4-Mo— 2 

(N =3m+mo) \ 

E 


3//i 4 - mo— 2 

c, f 

A 


3//1 4-Mo — 2 


B 

E 



(iV — 4 m+m 0 ) | 


3/71 4- 7/70—2 


A 

25 

3/71 4"777o — 2 

C 6 

B 


3771 

(N =fiw+7«o) 

Ei 


3 771 4- Mo— 2 


e 2 


3 in 

s, ( 

(AT =4 m +2 m 2 +//io) 

A 


3m 4-//72 — 1 

B 

E 


3/71 4-7772 4-7770 —1 

3/71 -{-2/7/2 4-7770 —2 


Ag 

25 

3771 4-7773 —1 


B u 


3 771 4” //» 3 4“ 777 0 — 1 

(N =G//i 4-2//13 4~ "*o) 

E 1m 


3771 4-7773 4-7770 —1 


E 2a 


3771 4-77/3 —1 

Z>, I 

Ax 

15 

3/71 4-77/ 2 4-77/3 

(iV=6m 4-3m2 { 

As 


3/77 4-2/772 4 771 J +777 U —2 

4*2/773 4"Mo) ( 

E 


6/71 4-3/772 4-2/773 4"7770 — 2 


Ax 

18 

3 771 4- 77/ 2 4- 77// 4- 777 1 

D, 

a 2 


3/71 4-2/772 4-2/772' 4“ 777 1 4-/770 “2 

(AT =8/71 4-4/772 4-47772' ' 

Bi 


3/71 4-77/2 4-2/712' 

4-2/774 4-m 0 ) 

Bn 

E 


3/71 4-2/712 4-77/ / 

6/71 4*3/772 4-3/772' 4”2777 1 4" 777 0 — 2 


Ax 

19 

3/7/ 4-77/2 4“ M 2 ' 4-77/6 

D 6 

(*V = 12/71 4-6/772 4-6/772' 

A 2 


3/71 4-2/712 4-2/772' 4" 777c +777 0 — 2 

Bi 


3/7/4-77/2 +2/7/2' 

4-27/7 6 4- M 0 ) 

Bn 

Ex 


3/71 +2/712 +M 2 ' 

6/71 +3/7/2 +3/7/2' +2/7/6 +77/0 “2 


En 


6 771 4* 3 77/ 2+3/7/ 2 ' 

c 3 ® j 

Ax 

15 

3 771 +2771,, +77/0 — 1 

(AT =6/71 4-3/77 P 4" Mo) j 

An 


3m +7/7,,— 1 

E 


6/71 +3/77 v +77/0— 2 


Ax 

18 

3/71 +2/77 ,,+2/77,/ +77/0 — 1 

Ci„ 

A 2 


3 771 4* 77/ 1<+ 77/,/ — 1 

(AT «8//i 4-4/77,, « 

B x 


3m +2/7/,. +777 d 

4*4/77^ 4-Wo) 

Bn 

E 


3/71 +771* +2/77 rf 

6/71 +3771® +3/77 ,i 4*77/0 “2 


81 See footnote, p. 139, 
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Table 30. — Continued 


Point group, 
total number 
of atoms 

Species of 
vibration 

Ex- 

plained 

in 

Table 

Number of vibrations 31 

Civ < 

(N =10m -\-5m„+mo) 

a 2 

Hi 

e 2 

16 

3m 4-2m»+wio—l 

3m +//*,,— 1 

Cm 4-3m„ 4-mo —2 

Om-f 3m w 

Civ 

(N=12m+Gm v 

4"0//id +w?o) 

Ai 

<^2 

Hi 

H 2 

Ei 

E 2 

19 

3m -f-2m r 4-2m</ 4-mo — 1 

3m4-m„4-m t i — 1 

3m +2m v -\-md 

3m+m„+2md 

6m 4-3m r 4~3m,i -fmo —2 

6m4-3m„4-3md 

C' OV < 

(N —mo) 

sr 

n 

A, <P • • • 

17 

mo — 1 

0 

m 0 —2 

0 

C’ih 

(iV --Gm+Xtrih ' 

-\-2rn 3 — |— //f o) 

A' 

yl" 

E f 

E" 

27 

3m 4-2m*4-m3— 1 

3m 4-mfc4-m3 4-m 0 — 1 

3m 4-2 /wa -f ms 4-m 0 — 1 

3m4-m A 4-m 3 — 1 

C*h 

(JV=8w+4wa < 

+2w 4 +mu) 

Ag 

A u 

Hg 

B u 

Hg 

Hu 

27 

3m 4-2mfc 4-m 4 —1 

3 m 4- m a 4- m 4 +m 0 — 1 

3m4-2m A 

Sm+mh 

3m4-mA4-m 4 — 1 

3m 4-27 /?a 4-w 4 4-7/jo — 1 

Cih 

(N =12wi+0wa < 

+2//»6 +Wo) 

Ag 

A u 

Hg 

H u 

K\g 

Eiu 

Big 

Eiu 

27 

3m 4-2m* 4-*w« — 1 

3m -fm* 4-w/fl 4-wo — 1 

3m+tnh 

3m4-2m* 

3m4-/wfc4-wie— 1 

3 m 4* 2m a 4- mg 4-m 0 — 1 

3m4-2m* 

3 m 4"mA 

D u =V (I (=Su) 

(N =8m-\-4m,i < 

+4//I2 +2//?4 4" mo) 

Ai 

A 2 

Hi 

Hi 

E 

18 

3m 4-2m,i 4-m 2 4-m 4 

3m 4 ~m,i -|-2 m 2 — 1 

3 m 4~ m<i 4~m 2 

3m 4 _ 2m ( f 4“277i 2 4-m 4 4~mo — 1 

Cm 4-3m<* -f3m 2 4”2m 4 4- mo —2 

Ald( = Siv) 

(X =12m+Gm,i < 

4"6m 2 +2 me 4-mo) 

A\q 

Aiu 

Aig 

Aiu 

Eg 

Eu 

20 

3m 4-27/1 j 4-m 2 -fm# 

3m-\-md+m 2 

3m+md+2m 2 — 1 

3m 4" 2n\d 4-2m 2 4-m® 4~mo — 1 

Cm 4“ 3 mj 4~ 3 m 2 4-m 4 — 1 

6m 4-3 m^ 4“3m 2 4-m 4 4-mo — 1 


81 See footnote, p. 139. 






138 


VIBRATIONS 


n,4 


Taiilk 36. —Conlinuitl 


Point group, 
total number 


Kx- 


Species of 
vibration 

plained 

in 

Number of vibrations 31 

of atoms 


Table 



ill 

21 

3w + 21 / 1 , 1 + 0 * 2 +mg 


-4.2 


3m+m < /+2m 2 — 1 

— Shv) 

Bx 


3m+md+m 2 

(N = 16m +8 vid 

b 2 


3m+2m<i+2m 2 +m8+mo — 1 

+ 8 m 2 + 2 ms + m o) 

Ex 

e 2 


6 m +3md +3m 2 +m 8 +wo — 1 

Gm+3md+3m 2 


A ’ 3 


Gm +3m a +3m 2 +/«» — 1 


ill' 


3m +2//i v +2//tjb +m 2 +m 3 

&3 h 

ill" 

1 

3m+m # +Wfc 

it,' 

■ ■ 

3m +w t , + 2 m; t +m 2 — 1 

(AT = 12 m+ 6 m„+ 6 mfc ' 

il 2 " 

II 

3 m + 2 m „ + m /, + m 2 + m 3 + m 0 — 1 

+ 3 m 2 + 2 m 3 +mo) 

E ' 

H 

Om +3m*+4/w* +2//, 2 +wj +mo — 1 


E" 

1 

Gm +3m»+2mfc fwi 2 +/«j- 1 


ilia 

23 

3m +2m t , +2m,i +2 m* +m 2 +m 2 ' +w *4 


illw 


3m+w»+/n,i+»U 


it 2 0 


3m +m„ +//?rf +2m* +?/,, +m 2 ' —1 

DiH 

it 2 m 


3m +2m„ +2m f £ +m* +w 2 +m 2 ' +m 4 +wo — 1 

(iV = 10 m + 8 m» +« 8 m,i 

B\g 


3m +2m„ +m j +2m* +m 2 +// 12 ' 

+8mfc+4m 2 +4m 2 ' 

Blu 


3 m + m v +2 m«* + m * + 77 / 2 ' 

+2mi 4 +»io) 

B 2 g 


3m+m p +2m,/ +2 wa+w 2 +m 2 ' 


b 2u 


3m +2m fl +Wrf +m* +m 2 


Eg 


Gm +3m„ +3m,/ +2m* +m 2 +m 2 ' +m 4 — 1 


E u 


Gm +3m» +3m,/ +4 ////, +2m, +2m,' +m 4 +mo — 1 


Ax' 

22 

3m +2m„ +2 nih +m 2 +/m& 


it," 


3m+m„+m* 

Z>6A 

(iV = 20m+10m„+10m/ t < 

it,' 


3 m +m r +2//?ft + m 2 — 1 

it 2" 

Ex' 


3m+2/w p +wifc+»i 2 +0i6+0»o— 1 

Gm +3 //i»+4//}a +2//i 2 +«?j + mo —1 

+ 5/W2+2/W6+Wo) 

Ex " 


Gm +3 Wp+2//iA +m 2 +mg — 1 


E 2 ' 


Gm +3//?p+4m/fc +2m. 


AY' 


6 m +3//ip +2 m a + m 2 


it, if 

23 

3m +2m„ +2m,i +2 +m 2 +m 2 ' +me 


it 1 M 


3m +m r»+mt/+7«fc 


il 2 0 


3m +m„+mrf+2mfc + w 2 +m 2 ' — 1 


it 2 u 


3m +2m„ +2m,/ +m* +m 2 +m 2 ' +»*6 +w*o — 1 

Dm 

#10 


3 m + m„ +2wj + hi* +m 2 ' 

(N =24m+12m r +12mrf 

Aiu 


3m +2m* +m,< +2m* +m 2 +m 2 ' 

-f 12/Wfc +0if>2 +6m 2 ' 

B 2 g 


3m +2m„ +m«i +m* +m 2 

+2//i(j +mo) 

b 2u 


3m +m r +2m r / +2 m* +m 2 +w 2 ' 


Elg 


Gm +3m„ +3m f * +2m*+m 2 +m 2 ' +m« — 1 


Ex * 


Gm +3/n v +3mj +4m* +2m 2 +2m 2 ' +m« +/«o — 1 


E 2g 


Gm +3m»+3m,i +4m* +2m 2 +2m>' 


Etu 


Gm +3m P +3m,/ +2m* +w 2 +wi 2 ' 


81 See footnote, p. 139. 
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Table 36. — Continued 


Point group, 
total number 
of atoms 

Species of 
vibration 

Ex- 

plained 

in 

Table 

Number of vibrations 81 


v t- 

24 

m w 




uiuo-j-mo—l 

Daoh 



0 

(AT = 2 m O 0 -\-m 0 ) 

n. 


»?«, — 1 


II u 


1 


* * * 


0 

t r 

A 

30 

3 III + ?/f 2 "fwis 

( AT = 12 m + 6 m j < 

E 


Sm+iNi+mi 

+4wi8+Wlo) [ 

F 


9 m +5 m 2 +3m 3 +w 0 —2 


A i 

28 

3m +2 m d +m 2 +m 3 

T d 

A 2 


3 m+m d 

(iV =24m -\-Y 2 m d < 

K 


6 m +3 m d + w 2 + m 3 

+ 6 m 2 +4m 3 +/«o) 

F x 


Dm +4 m d +2 m 2 +w 3 — 1 


F -2 


9m +5w d +3m 2 +2w 3 -fwio — 1 


A lg 

29 

3m +2m* +2m«/ +m 2 +/h 3 +7714 


A i u 


3m+mA+wij 


A 2 ff 


3m -f2WA+W<ri+WI 2 

Oh 

A 2u 


3 m+m/i +2 w*i+W2 +W 3 

( N =48m +24m* +24rad 



0m + lm/i +3 w ( /+2/W2 +w? 3 +m 4 

+ 12 m 2 +87713 

E u 


6 m + 2 m* +3m,i +m 2 +-?/i 3 

+GW 4 +m 0 ) 

Fig 


9m + 477 ? 7 , +4m,/ +2m 2 +m 3 + 77? 4 — 1 


Flu 


9m -f-5wu + 5 md+ 3 m 2 +27713 +2m 4 +mo — 1 


Fit 


9m +4 nih +5md +2m 2 +2 m% +m 4 


Ftu 


9m +5 wi* +4WJ +2m 2 +m 3 +7714 


species of all point groups with the exception of C p , C p h, and T. For the latter point 
groups, there are no <t v 'h through C p , or C 2 * s perpendicular to C p , and therefore the 
reason for the doubling of the number of degrees of freedom contributed disappears. 
For them, m sets of nuclei in a general position contribute only 3 m doubly degenerate 
vibrations. 

Finally, a nucleus on the axis of symmetry can contribute to the degenerate degrees 
of freedom only if it moves perpendicular to the axis. It will then contribute two 
degrees of freedom, that is, one degenerate vibration. Thus the total number of de- 
generate vibrations (species E) of point group C 3w is 6m + 3 m v + mo including the 
non-genuine vibrations (mo = number of nuclei on the axis). There are two non- 
genuinc degenerate vibrations (see Table 15), and therefore the number of genuine 
degenerate vibrations is 6m + 3 m v + m 0 — 2. For example, for non-planar XY 3 

31 m is the number of sets of nuclei not on any element of symmetry; mo is the number of nuclei 
on all elements of symmetry; m 2 , m, *, wm, • • • arc the numbers of sets of nuclei on a two-fold, three- 
fold, four-fold, — axis but not on any other element of symmetry that does not wholly coincide 
with that axis; is the number of sets of nuclei on a two-fold axis called C 2 ' in the previous character 
tables; m m df w* are the numbers of sets of nuclei on planes <r„, <r dt <ta, respectively but not on any 
other element of symmetry. 
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(NII 3 and others), m = 0, m* = 1, m 0 = 1, and therefore there are two degenerate 
vibrations (sec Fig. 45). 

In a similar way the number of degenerate vibrations for the other axial point 
groups (with one morc-than-two-fold axis) can be obtained. The results, together 
with those for the non-degenerate symmetry types of these point groups are given 
in Table 36. It may be noted that nuclei on an axis of symmetry C p contribute only 
to the degenerate vibrations of the first kind Ei with l = 1 but not to E 2 and higher 
ones if these occur. Therefore since for linear molecules all nuclei are on the axis 
they have no normal vibrations of species A, <h, • • • . It is also easily seen that they 
can have no vibrations of species 2“*. 

In the case of the cubic point groups the same considerations apply to the non- 
degenerate and doubly degenerate vibrations as given above. For the triply de- 
generate vibrations further considerations are necessary. However, we give in 
Table 36 only the results without further proof [see Jahn and Teller (471)]. As an 
example consider the tetrahedral XY4 molecule of point group Ta (CII4 and others). 
Here there are no nuclei in a general position ( m = 0), no nuclei on the planes <r,i 
but on no other clement of symmetry {ma — 0), one set of nuclei on the three-fold 
axes (m 3 = 1), and one set of nuclei on all elements of symmetry (m 0 - 1). There- 
fore, according to Table 36, there is one vibration of species A 1 , one of species E y 
and two of species V 2 . As a somewhat more complicated example consider the 
C(CII 3 ) 4 molecule, assuming point group Td- Here m = 0, ma = 1, = 0, m 3 = 1, 

mo = 1. Therefore we have, according to Table 36, three vibrations of species A 1 , 
one of species A 2 , four of species E , four of species F\ and seven of species F 2 . 

For the rare point groups 7 1 /,, O, /, h not given here wo refer to the paper by Jahn and Teller 
( 471 ). 

( b ) Methods for the general solution of the secular equation 

I 11 order to determine the vibrational frequencies from the force constants and 
at the same time the form of the normal vibrations in cases where it is not determined 
by the symmetry alone, it is necessary to solve the secular equation (II, 11) or (II, 38). 
Actually, of course, the force constants are in general not known, but the frequencies 
of the normal vibrations are observed by means of the spectra. The relations be- 
tween the force constants and the frequencies obtained from the secular equation 
may then be used to obtain the force constants or, in other words, the potential function 
of the molecule in terms of the observed frequencies. In fact, this determination of the 
forces holding the nuclei in a molecule to the equilibrium positions is one of the main 
objects of the study of the vibrational structure of polyatomic molecular spectra. 

One may attempt to solve the secular equation (II, 11) directly in terms of 
Cartesian coordinates or one may try to introduce other coordinates in terms of 
which the secular equation becomes simpler, or finally one may try to solve the 
problem by mechanical models. 

Solution in Cartesian coordinates. The secular determinant in Cartesian coordi- 
nates (II, 11) or (II, 38) has 3 N rows and 3 N columns. The resulting equation is 
therefore of the 3Ath degree in A(= 47 tV); that is, even in the case of a triatomic 
molecule of the ninth degree. We know that the secular equation has six (or, for 
linear molecules, five) zero roots corresponding to the six (or five) non-genuine vibra- 
tions (the translations and rotations of the whole molecule). Therefore the secular 
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equation must have the factor X 6 (or X 5 ). However, this factor cannot immediately 
be separated from the secular determinant (II, 38). 

Wo ill list rate a possible procedure by the example of a non-linear XYZ molecule. If wo assume 
the z-axis to be perpendicular to the plane of the molecule and the .r and y axes as indicated in Fig. 
51, all force constants k XZt k UZt and k tg (with any superscripts) must vanish since no restoring foreo 
is produced by (small) displacements in the z direction. Therefore the secular determinant (II, 38) 


simplifies to 









kH ~X?ni 

fr 11 

K xy 

k 12 

h xx 

k 12 

K xy 

Kl 

k li 

K xy 



k u 

K yx 

kll—Xmi 

k ' 2 

Kyx 

k 12 

K yy 

Kl 

k 13 

Kyy 


—Xhnimomz 

k 21 

hjtX 

k 21 

K yx 

k 21 

K xy 

k 2i 

K UV 

k xx Xni2 

7,22 

h yx 

1.22 

K xy 

kyy —Xttl2 

k-* 

K xx 

A; 23 

Ky X 

k 23 

K xy 

k 23 

Kyy 

=0, (11,88) 


k U 

K xx 

k u 

K xy 

k Z2 

K xx 

A: 32 

K xy 

kll -Xma 

A- 33 

K X y 



k u 

K yx 

k 21 

h vu 

b 32 

K yx 

7,32 

K VV 

,.33 

Kyx 

kH-Xnii 



where the subscripts 1, 2, 3 refer to the X, Y, Z nuclei respectively. Thus in this special case three 
of the zero roots are immediately eliminated. (They correspond to the translation in the z direction 
and the rotations about the x and y axes). 



Fiq. 51. Displacement coordinates in a non-linear triatomic XYZ molecule. 


If it is now considered that for a translation of the whole molecule in the x direction (a*i = a*? — jr .. 
Vi — 2/2 = 2/3 = 0, z\ — Z 2 = «3 = 0) the restoring force is zero, it follows from (II, C) and (II, 7) that 


+ kH + k\\ = 0, 

kH + kH + kH = 0 , 


(II, 89) 


Kl + kl 


Similarly it follows, by using a displacement of the whole molecule in the y direction, that 


+ *]J + kll = 0, 

Kl + kll + kH = O' 


(II, 90) 


k\l + Kl + Kl = o. 


Finally, for a rotation of the whole molecule about any point, for example X in Fig. 54, the restoring 
force must be zero. But for such a rotation the displacement components of X, Y, Z are: 0, 0; 0, c; 
— c{h!h) sin an, c(h/l $) cos ai where c is the arbitrary displacement of Y perpendicular to XY. 
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If wo substitute those displacements into (II, 0) and (II, 7) and consider that for them the restoring 
force is zero, we obtain 


k\l - k\\a + k\]h = 0, 

Kl ~ + O = 0, 


Kl - *”« + k ll h = 


(II. 91) 


where for abbreviation we have put 


h . t h 

a = — sin a i, b — - cos ol\. 

h h 


(II, 92) 


If now the third and fifth column of the determinant (II, 88) are added to the first, the fourth 
and sixth to the second, and if the fifth column multiplied by —a, and the sixth multiplied by 6, 
are added to the fourth column we obtain, considering the equations (II, 89), (II, 90), and (II, 91), 
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™ xy 
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7.33 
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From this equation the factor X 3 corresponding to the three residual zero roots can be taken out. The 
resulting determinant may easily be reduced to one having three rows and columns only. The 
resulting equation is cubic in X and can easily be solved if numerical values for the force constants 
k l x [ and the masses mi, m 2 , m 3 are given. 

Once the frequencies of the three genuine normal vibrations have been thus determined, the 
form of the normal vibrations can also be obtained comparatively easily, since according to p. 70 
any row of first minors of the determinant (II, 88) is proportional to the displacement coordinates 
x\, V l, x 2 , 2 / 2 , x 3 , y 3 . 

Essentially the same method as outlined above for a triatomic molecule could also be applied 
to more complicated cases. 32 However, even in the four-atomic, case this will lead to a rather compli- 
cated determinant of the sixth degree, which, unlike tho original determinant of the twelfth degree, 
is not symmetrical. Since tho relatively easy methods of solving such determinants of high degree 
suggested by James and Coolidge (472) and Badger [quoted by Crawford and Cross (242) ] require 
symmetrical determinants, it may be advantageous to solve directly the original secular determinant 
(II, 38) without eliminating the zero roots first. 


Solution in “ internal ” coordinates. The relative position of the nuclei is fixed 
by 3 N — 6 (or 3 N — 5) coordinates. Instead of following the above procedure, 
one may express the potential energy and the kinetic energy in terms of these 3N — 6 
1 1 internal ” coordinates and thus obtain directly a secular equation of the (3 N — 6)th 
degree which does not contain the zero roots. Various choices of the internal coordi- 
nates are possible [see Wilson and Crawford (943)]. Perhaps the most obvious 
choice in the case of an unsymmetrical molecule is to use 3 N — 6 internuclear 
distances, or rather deviations Q t from 3 N — 6 equilibrium internuclear distances . 
Such coordinates are also called central force coordinates [see for example Shaffer and 
Newton (778)] since they are particularly adapted to the central force system (see 
p. 159). Since for small amplitudes these Qi are linear functions of the rectangular 

82 Bauermcister and Weizel (129) have applied a somewhat similar procedure to linear triatomic 
and four-atomic molecules. 
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displacement coordinates, the potential energy is a quadratic function of the Qi 
(sec p. 73) and may be written 

^ = 2 E a ijQiQjf (II, 94) 

ij 

where a t y = a#. The values of a»y depend on the force constants of (II, 25) or 
k t j of (II, 26). Actually the a,y are more significant than the &,y (see below) : whereas 
there are %(3N)(3N + 1) force constants A,*y which are not independent of one 
another [compare equations (II, 89-91) for the triatomic case], there are only 
£(3AT — 6)(3AT — 5) potential constants a,y which are mutually independent and 
all different from zero as long as the molecule has no symmetry. 33 Because of the 
linear relationship between the Qi and the x», Zi also the kinetic energy remains a 
quadratic function of the 

T = i E hMh (II, 95) 

where b t y = 6yy. However now, unlike previously, the 6 ,-y for i j arc in general not 
zero, that is, the kinetic energy as well as the potential energy contains cross terms. 33 ® 
The secular determinant which determines the normal vibrations is now of the 
form [see equation (II, 34)]. 

&nA — an &12A — ai 2 &13X — ai 3 • • • 

b 2l\ — 021 622A — tt 22 &23A — a 23 • • • 

bai \ — asi 632X — 032 &33A — 033 • • • 


which is of degree 3AT — 6 only. It can immediately be set up if V and T have been 
expressed in terms of Qi and Q it respectively, according to (II, 94) and (II, 95). 
However, it is usually not easy to express the kinetic energy in terms of these new 
coordinates except when the molecule has symmetry, and in that case other methods 
are even more convenient. 

As an example, let us consider again the unsymmetrical non-linear triatomic 
XYZ molecule. For it, 

V = iauQi 2 + \a22Q£ + lazzQz 2 + anQiQi + ^zQzQz + anQiQz, (II, 97) 

where Qi, Q 2j and Qz are the changes of the lengths of the three sides of the triangle 
from the equilibrium values, l\, h, h (Fig. 54). There are in the general case six 
potential constants. 

In order to write the kinetic energy in terms of the (J», we have first to find the 
transformation by which the rectangular coordinates go over into the Qi . From 
Fig. 54 it is easily seen that if xi, y 1 , x 2 , 2 / 2 , £ 3 , 2/3 are, as before, the Cartesian dis- 
placement coordinates of the three atoms, then for small amplitudes, we have 

Qi = ( X2 — Xz) cos <x 2 + (2/3 — 2/2) sin a 2 , 

Q 2 = (xz — xi) cos ai + ( 2/3 — 2 / 1 ) sin «i, (II, 98) 

Qz = ( x 2 - Xi). 

33 If i and j can assume n different values there are n combinations of the form ii and \n(n — 1) 
of the form ij with i j. 

83(1 The b tf - used here are not the same as those used in equations (II, 29) and (II, 30). 


= 0, (II, 96) 
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While these three equations are sufficient to determine the Qi from the a;*, */»• the 
latter are not unambiguously determined by the former. For that purpose we have 
to introduce the condition that the center of mass remains at rest, that is, 


m\X\ + m 2 X 2 + m 3 z 3 = 0, 

n (II, 99) 

myi + m 2 y2 + myz = 0 , 

and the condition that the angular momentum of the molecule vanishes (see p. 
133); that is (since the velocity components are in the ratio of the displacement 
components), 

mzXzh sin oq — mzyzh cos — mzyzh = 0. (II, 100) 


From the six equations (II, 98-100) the x x , yi can now be obtained in terms of the Q t . 
The result is 


Xi 


x 2 


xz 


y 1 


2/2 

2/3 


A u -A 21 

ir Qi+ n (h 
£«■ + £* 
TT 13 ' + A f' 1 ' 


4-—n 
+ D Qz, 


(II, 101) 


where the A a are the first minors of the determinant D formed from the coefficients 
of x\ } x 2 , Xz, 1 / 1 , 1 / 2 , 2/3 of the equations (II, 98-100). It is obvious that the actual 
evaluation of the A t k and of D , although quite elementary, will be rather tedious. 
If it is accomplished the kinetic energy can be expressed in terms of the Qi since 
(II, 101) holds also for the time derivatives. We obtain 

2 T = miJti 2 + m2x 2 2 + m 3 i 3 2 + mu/ 1 2 + m 2 y^ + m 3 ?/ 3 2 

= ^ Mi 2 (miA 2 i + m 2 Al 2 + m 3 A 13 + nixAit + M 2 A 15 + m 3 A 10 ) 

+ (? 2 2 (MiA 21 + ’ • ‘ + M 3 A2fi) + 03 2 (MiA 3 i + • “ • + M 3 A 30 ) 

+ 20i$2(MiAnA2I + • • ■ + M 3 AigA 26) + 2(Jl03(MiAilA 3 i + • • • 

+ m 3 AicA 3 6) + 2Q 2 (iz(miA 2 iAzi + • • • + m 3 A2gA 3 g)]. (II, 102) 


From this the values for the coefficients b t j in (II, 95) are immediately given and the 
secular determinant can be set up. It has now only three rows and three columns 
[just the three rows and columns written out in full in (II, 96)]. This secular 
equation has no zero roots. Its three roots Xi, X 2 , X 3 give the frequencies of the three 
genuine normal vibrations. They depend through the 6 t y on the masses of the nuclei 
and the dimensions of the triangle formed by them, and of course on the potential 
constants a,-/. 
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The form of the normal vibrations is again determined by the ratio of the first 
minors, (7**, in any one row of the determinant (II, 9G) in which for X the specific 
value for the particular normal vibration has been substituted. For example, in 
the present case, for the normal vibration Xi, 

Q? : : Qs* = : C8 : Cff; (II, 103) 

that is, the changes of the lengths of the three sides of the triangle for this normal 
vibration are in the (constant) ratio C\ l i : Cot : C 3 *. If one wants to have the form 
of the normal vibrations in terms of Cartesian coordinates, one has to substitute 
(II, 103) or similar equations for X 2 and X 3 into (II, 101). 

It is apparent that the calculations in this method, at least for the example 
considered, are by no means less cumbersome than in the preceding method (using 
Cartesian coordinates throughout). However, the advantage is that the force con- 
stants, aij, used in the second method are more easily visualized. For example, an, 
« 22 , and (133 are the force constants corresponding to a change of the bond lengths 
Y — Z only, X — Z only, and X — Y only, respectively. The force constants kil in 
(II, 88) can be expressed in terms of the a t j by substituting (II, 98) into (II, 97) and 
comparing the coefficients of Xi 2 , X& 2 , • • • with those in (II, 25). 

Considerable simplification in most of the above formulae arises when tho nuclei X and Y aro 
identical (mi = w 2 ) and the sides h and h of the triangle are equal, that is, when we have a sym- 
metrical bent molecule. In this case the potential energy must remain unchanged for a reflection at 
the plane of symmetry through Z (which exchanges X and Y) . Therefore we have, in equation (1 1, 1)7) , 

an = a 22 , an = a 2 s, (II* 104) 

and in (II, 88) and (II, 93), 


A 11 

K xx 
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(II, 105) 

A 11 

h xu 

A 22 

h Xl!' 

1.13 _ / 2 3 

h xy h xir 

1,13 _ ;.23 

K ux ~ h y*‘ 



While the substitution of these relations into (II, 93) and (II, 90-102) simplifies them greatly, the 
resulting equation for the frequencies is still cubic in X, which is rather awkward if one wants to have 
an analytical expression for the frequencies in terms of the force constants. A further reduction of 
the degree of the secular equation can be obtained in this case if still other coordinates are introduced 
(see below). 

Solution by the use of symmetry coordinates. The best method of determining 
the normal vibrations in the case of symmetrical molecules has proved to bo the 
method of “ symmetry coordinates ” first introduced by Howard and Wilson (462). 
While somewhat different symmetry coordinates have been introduced by Rosenthal 
and Murphy (750) and by Redlich and Tompa (733), we shall discuss here only the 
symmetry coordinates introduced by Howard and Wilson [sec also Wilson and Craw- 
ford (943)], since they seem to be the most useful for actual calculations. 

From our previous considerations we know how many genuine vibrations of each 
symmetry type there are for a given molecule. Suppose there are f\, ft, • • • of the 
first, second, • • • species. Then let us introduce, instead of the 3 N Cartesian dis- 
placement coordinates, 3 N — 6 (or 3 N — 5) new internal coordinates (symmetry 
coordinates), f\ of which have the first symmetry type, f<i the second, and so on. 
That is, to a given value of one of these coordinates correspond displacements of the 
nuclei in agreement with one of the symmetry types. At the same time we choose them 
so that no motion of the center of mass and no rotation of the molecule as a whole takes 
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place (zero angular momentum). These symmetry coordinates are therefore con- 
ceivable normal coordinates which would be the normal coordinates for certain very 
special and usually simple values of the force constants. 34 

For example, in the case of the symmetrical non-linear XY 2 molecule, Fig. 55a 
shows such symmetry coordinates of species Ai and Bi (see Table 13), the only 
species for which genuine normal vibrations occur (see p. 133). While there is only 
one normal vibration of species Bi and therefore only one symmetry coordinate of 




this species, which is identical with the normal coordinate (see Fig. 53), there is an 
infinite number of possible symmetry coordinates of species A\ of which two mutually 
orthogonal ones were selected in Fig. 55a. The actual normal coordinates are 
linear combinations of these two symmetry coordinates. Of course one might just 
as well have selected another pair of symmetry coordinates of this species such as 
those given in Fig. 55b. The latter are valence type symmetry coordinates [see 

84 Conversely, Dennison (279), before the development of this theory, used the choice of 
special “limiting” force fields in order to determine the number and type of the normal vibrations 
of simple molecules. 
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Wilson (942) and p. l()8f.] since the nuclei move as much as possible along the chemi- 
cal bonds or perpendicular to them. 

Since the symmetry coordinates are linearly related to the rectangular coordinates, 
as long as infinitesimal displacements are considered, the potential energy is a 
quadratic function of the symmetry coordinates as well as of the Cartesian coordi- 
nates. That is, if /Si, aS 2 • • • are the symmetry coordinates we obtain, from (II, 25), 

2V = £ cM k , (II, 10G) 

ik 

and similarly for the kinetic energy, from (II, 28), 

27’ = £ d, k & A. (II, 107) 

ik 


However, if Si and Sk belong to different symmetry types (species) there will be at 
least one symmetry operation with respect to which Si and Sk behave differently. 
For example, for non-degenerate symmetry types there will be one operation for 
which say Si — > S t and Sk~ > — Sk (or Si — > — Si and Sk — > + Sk)] that is, there will 
be at least one symmetry operation for which &A (and similarly S t Sk) changes sign. 
Since, however, the potential energy (as well as the kinetic energy) must be invariant 
with respect to all symmetry operations, it follows that the c t k and d ik are zero whenever 
S t and Sk belong to different species. Therefore the secu- 
lar determinant assumes the form indicated in Fig. 50, 
where all elements outside the shaded area are zero since 
they correspond to Si and Sk of different species. Each 
shaded square corresponds to one species. The deter- 
minant can now be written as a product of factors corre- 
sponding to each species. Each of these factors put equal 
to zero gives the normal frequencies of this species. The 
degree of the resulting algebraic equation is equal to the 
number of genuine vibrations of the particular species 
and is thus in general (if the molecule is symmetrical) 
considerably reduced as compared to the degree of the 
secular equation obtained according to the two previous 
methods. 

While the factoring of the secular equation has here only been proved for non- 
degenerate symmetry types, it holds also for the degenerate symmetry types [see, for 
example, Rosenthal and Murphy (750)]. Furthermore it is found that if and 
/Si& are two mutually orthogonal degenerate symmetry coordinates of a certain 
species the potential energy depends in exactly the same way on /S\ 0 as it does on S t b, 
and the product /$>»„$,& does not occur. A corresponding result applies to the kinetic 
energy. Therefore there are two identical factors in the factored secular determinant 
(two identical shaded squares in Fig. 5G) for each doubly degenerate species. 34 ® In 
the case of triply degenerate vibrations there would be three such identical factors, 
the solution of one of which would give the frequencies of the degenerate vibrations 
of that particular species. 



Fin. 50. Form of the sec- 
ular determinant set up in 
terms of symmetry coordi- 
nates. 


340 Here it is assumed that if several vibrations of the degenerate species exist the symmetry 
coordinates are all chosen in such a way that a in the transformation (II, 75) has not only the samo 
magnitude but also the same sign (see p. 89). 
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We can now also give the number of independent potential constants for a molecule . 
If there are fj vibrations (that is, symmetry coordinates) of a given species j , the 
number of coefficients in (TI, 106) contributed by this species is J/y(/y + 1), and 
since there are no cross terms between coordinates of different species the total 
number of independent potential constants is simply 

*£/;(/;+ 1), (11,108) 

where the fj are given by the Tables 35 and 36. 

The fact that the secular determinant factors is independent of whether or not 
the different symmetry coordinates of a given species have been chosen orthogonal 
to one another (see p. 72). But if they are chosen orthogonal to one another it can 
be shown that the kinetic energy contains only diagonal terms d tl S t 2 (see the examples 
below). 


Application to non-linear XY 2 . For a non-linear symmetrical XY 2 molecule which 
has two normal vibrations of species A\ and one of species the potential energy 
expressed in terms of any symmetry coordinates (for example those of Fig. 55a) is, 
according to the above, 

2V = CuSi 2 + 2 cM 2 + c 22 aS > 2 2 + C33S3 2 ; (Hi 109) 

that is, there are four independent potential constants. Similarly, the kinetic energy 
is given by 

2 T ~ du&i* + 2di 2 /SVS t 2 -f- d 22 $ 2 2 + dzyStf*, (II, 110) 


and the secular determinant is, with ci 2 = c 2 i, dyz — d 2 \ [compare equation (II, 34)], 


cn — Xdn 
C 21 — Xd 2 1 
0 


C 12 — \dn 
C22 — Xd 22 
0 


0 

0 

C33 — Xd 33 


= 0 , 


(II, 111) 


which is of the form shown in Fig. 56 and can immediately be factored into the 
two equations 

C33 — Xd 33 = 0 (II, 112) 

and 

(cn — Xdn)(c 22 — Xd 22 ) — (ci 2 — Xdi 2 ) 2 = 0, (II, 113) 


or 


X 2 - 


C22du + Cud 2 2 


dud 2 2 — d\2 


2c\ 2 d\2 C 11 C 22 

- X + — 


dudo2 — d\2 


c \ 2 

T = 0 . 


(II, 114) 


Equation (II, 112) yields directly the frequency of the one antisymmetric normal 
vibration (species B{) : 

X 3 = 47tV = T^ B (II, 115) 


Equation (II, 114) gives the frequencies of the two symmetric normal vibrations: 
X:) c 22 dn -f- cud 22 — 2c\ 2 d\2 

x 2 | 


2{dnd^i — d] 2 ) 

db V(c 22 dn + cnd 22 — 2ci 2 r/i 2 ) 2 


4(cnr 22 — Ci2)(dnd 22 — dy>) 


2(dnd 2 2 — dh) 


(II, 116) 
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We may also write, according to a well-known theorem concerning algebraic equations, 


X x + X 2 = 4 ttVi 2 + v>?) 


X 1 X 2 = 


^ 22^11 + ChC ?22 — 2012^12 

dllC?22 — ^12 
2 

CnC 22 ~~ C 12 
d>nd22 — di2 


(II, 117) 
(II, US) 


We must now express the c l k and d t k in terms of more familiar quantities. In 
order to obtain the d lk we have to express the Cartesian displacement coordinates, 
Xi f yi in terms of the symmetry coordinates Si, S 2 , S 3 , and then substitute in the 
familiar expression (II, 28) for the kinetic energy. If we consider in Fig. 55a Si, S 2 , 
and S 3 more specifically as the displacements of nucleus Ni in the first, second, and 
third symmetry coordinates, respectively, the displacement coordinates of the other 
nuclei for each symmetry coordinate are easily expressed in terms of Si, S 2 , S 3 , 
on the basis of Fig. 55a and using the law of conservation of linear momentum (see 
also p. 134). Considering further that the most general displacement is simply a 
superposition of the three symmetry coordinates, we obtain 


Xl = Si — S 3 sin a, x 2 = — Si — S 3 sin a, 

yi = S 2 — S 3 cos a , 2/2 = S 2 + S 3 cos a, 


2m r . 

X3 = 03 sin a, 

nix 


2/3 = — 


2 m Y 

*’ 2 < 

rax 


(II, 119) 


Substituting into (II, 28) and comparing with (II, 110), we obtain 

dn = 2my, d 2 2 = 2myp, ^33 = 2myr, du = dw = ^23 = 0, 


where for abbreviation 
V 


1 + 


2 ray 

rax ! 


2ra Y 

r = 1 + sin 2 a. 

rax 


(II, 120) 
(II, 121) 


The coefficients d lk with i 7^ k vanish since we have chosen £1 and S 2 orthogonal to 
each other (see p. 148). 

The potential energy is usually expressed in terms of the changes of 3 N — 6 
internuclear distances or of fewer internuclear distances and a number of angles 
( central force and valence force coordinates; see below). In the case of a triatomic 
molecule we may use the changes Qi of the three internuclear distances and the 
corresponding force constants a lk of equation (II, 97). In order to find the relation 
of the symmetry coordinates and the Qi we substitute (II, 119) into (II, 98) and 
obtain, considering that here ai = a 2 = (x/2) — a, 

Q 1 = — sin a Si — p cos a S 2 — rS 3 , 

Q 2 = — sin a Si — p cos a S 2 + rS 3 , (II, 122) 

Qz = - 2Si. 


Substituting this into (II, 97) we obtain, since here ai 3 = a 23 and an = 022 , 
C 11 = 2 (an + 012 ) sin 2 a + 4 a 33 + 8013 sin a, 

C12 = 2p(an + 012 ) sin a cos a + 4ai 3 p cos a, 
c 2 2 = 2p 2 (au + 012 ) cos 2 a, 

C33 = 2^(011 - an), 


(II, 123) 
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and of course, as was to be expected, cu = c 23 = 0. Finally, substituting (II, 120) 
and (II, 123) into (II, 115), (II, 117), and (II, 118), we obtain the frequencies in 
terms of the potential constants a t k , the masses , and the angle a: 

\ 3 = 4 A 3 2 = ( — + — sin 2 a ) ( a n - ai 2 ), (II, 124) 

\ my nix / 

Xi + X* = 4tt 2 (i/i 2 + vi 1 ) 

( 1 2 \ 4flis 

— + ooB-a ) (a n + a 12 ) + + sin a, (II, 125) 

m y mx / my my 

Xi*X 2 = = “ “ 2 ^ — ~cos 2 a[(an + ai 2 )a 33 — 2a? 3 ]. (II, 126) 


In order to obtain Xi and X 2 separately one would have to solve the quadratic equation 
[corresponding to (II, 114)] 

X 2 — (Xi + X 2 )X + Xi*X 2 = 0. (II, 127) 

As before (see p. 145), the normal coordinate belonging to a certain normal fre- 
quency is given by any row of first minors of the secular determinant after substitu- 
tion of the particular value of X. In the present case, substituting X 3 into (II, 111 ) 
and taking the last row of minors, we obtain for the normal coordinate £3 


£1 : £2 : £3 = 0 : 0 : 


£11 ~ X 3 dn 
c 2 i — X 3 d 2 i 


C] 2 — X 3 di2 . 
C 22 — X 3 d 22 


(II, 128) 


In other words, the normal coordinate £3, apart from a constant factor, is identical 
with the symmetry coordinate £3 in agreement with our previous discussion (p. 133). 
Substituting Xi into (II, 111) and taking the first row of minors, we obtain for £ 1 , 

£1 : £ 2 : £3 = (c 22 — Xid 22 ) : — (c 2 i — Xid 2 i) : 0 
= [2p(«n + a i2 ) cos 2 a — 2 Xim y ] : 

— [2(a a + ai 2 ) sin a cos a + 4ai 3 cos a] : 0, (II, 129) 

and the same expression with X 2 for £ 2 . Thus £1 as well as £ 2 is a superposition of £1 
and £2 of Fig. 55a in the ratio given by (II, 129). It is seen at the same time that 
one needs only to take the ratio of the minors of that factor of the secular determinant 
that corresponds to the species considered. 


Application to symmetrical planar X 2 Y 4 . In the ethylene-like molecule X 2 Y 4 of point group V h 
(seo Table 14), if wo choose as previously the z axis perpendicular to the piano of the molecule and 
the x axis in the line X — X, wo have for the number of the various sets of identical nuclei (see Table 
35): m = 0, m xu = 1, m xz = 0, m yz = 0, m** = 1, mi v = 0, mi s = 0, m\ = 0. Therefore there are 
three vibrations of species A„, one of species A u , two of species B\ u , one of species B i,„ one of species 
Big, two of species B 2u , none of species B 3u , and two of species B 3u ; or, symbolically, the resolution 
into the various species is given by 

3 A g -f A u + 2 Big + Biu + B 2g + 2B iu + 2 Zf 3 «. (II, 130) 

A possible set of symmetry coordinates Si, • • *, *Sj 2 is given in Fig. 57. In view of a later applica- 
tion (p. 181)f.), they have been sochosen that wherever possible they are symmetric and antisymmetric 
combinations of the symmetry coordinates of XY 2 (Fig. 55a). Otherwise all symmetry coordinates 
could have been so chosen that the nuclei move only in the x, y, and z directions. Of course an 
infinite number of other possibilities exist for those species for which more than one genuine vibration 
occurs. 
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Tho potential and kirutic cnnyirs in toims of the symmetry coordinates of Fig. 57 are 

2V = 2) r t kSiSk -f c 4 4*^V + 2 c t kStSk + 077 *^ 7 * + Css£ 8 2 

*,*= 1,2,3 »,fc“6,6 

+ 2 CikRiSk + 2 CikS % Sk, (^1* 131) 

*,*-9. 10 t. A: —11, 12 


2 T = 2 dik&t&k- + d4i$i 2 + 2 dtkSt&k + d77$7 2 + dsA 2 

*,*-1,2,3 *. *“B, 6 

+ 2 <u&&+ S (11.132) 

*,*-9,10 *,*=11,12 






Fia. 57. Symmetry coordinates of planar symmetric X 2 Y 4 . — A .‘3 designating the left X nucleus 
was inadvertently omitted from the first diagram. 


where c»* = c*» and d x k — dki. The resulting secular equation resolves (see Fig. 50) into the seven 
equations (II, 133-139): 


fu — Adi i 
c 2 i — Ad;»i 

C 31 — A d.u 


C12 — Adi2 
C'22 — Ad‘22 

C32 — Ac?32 


C13 — Adl 3 
C23 — Ad 2 3 
C33 — Adas 


- 0, 


(II, 133) 


c 44 — Ad 4 4 = 0, 


C55 — Ad &5 C 66 — Ad 68 

css — Adgs c ®8 — A ds« 


0, 


C77 — Af/77 = 0, 


C88 — Ad 8 8 = 0, 

C99 — Ads® C910 — Adflio 

C 109 ~ Adioo C 1010 — Adioio 


0, 


(II, 134) 

(II, 135) 

(II, 136) 
(II, 137) 

(II, 138) 


C1111 — Adim 
0211 — Adi2ii 


cm 2 — Adm2 
C1212 “ Adi2i2 


0. 


(II, 139) 
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None of those equations is of a degree higher than three, whereas without using symmetry coordinates 
we should have had to solve a secular determinant of 12 rows and 12 columns, even after the zero 
roots had been eliminated. 

From equations (II, 133-139) the frequencies of the normal vibrations can immediately be obtained 
in terms of the c x k and d t k. In order to obtain the d t k in terms of the masses of the nuclei and the 
dimensions of the molecule wo have to express the Cartesian displacement coordinates in terms of 
the symmetry coordinates. We see readily from Fig. 57, that 


whero 


xi = — Si + S 3 — /x cot a St + pLU sin a St — fi cot a Sg — /x tan a Sio + Sn, 

yi s* — &2 + n St + 008 a St + ySg “ #*Sio — &12, 

Zi = + Si - /x»S? - n j aS 8 , 

b 

x 2 as — *Si + St + n cot a S 5 — nu sin a Sg + M cot a Sg + u tan a S x o + $n. 

Vi = + jSj + pSt + V u cos a Sq + ftSt — fiSio + *Si2, 

a 

Zi — — St — y.Sj — h • S s , 

3*3 = — <Si S 3 aS j i, 

M M 

2/3 = — S 5 — St — Sg + Sto. 

Z 3 «=* + Si + Sg, (II* 140) 

xt = + <Si H — S 3 Sn, 

2/4 = 4- St + St — Sg + aSio, 

Zi — 4- S 7 — Sg, 

it = + Si — S 3 — y, cot a St 4 n u si n « 4- At cot « *S* 4- /* tan or *Si 0 4* 5ii. 

2/b = — S 2 — ySt — n u cos « aS’a + fiSg — ySio 4 $ 12 * 

— — 5 4 — /XaS>7 4- M 7 *^8. 

0 

Xt = 4“ St — S 3 4" M cot « aS& — /x/x sin nr *S 6 — /x cot or aSa — /x tan or aSio + Sn» 

2/6 = 4- #2 — cos a St + /JiSg — ySio ~ $ 12 , 

a 

Zt = 4- Si — jjlSj 4~ H 7 *^8» 
b 


m x a cos or 

, u = ' ; n “ * 

2 my b — a snr « 


(II, 111) 


and whero the numbering of the nuclei and the dimensions of the molecule are as indicated in Fig. 57. 
Substituting (II, 140) into the expression (II, 28) for the kinetic energy and comparing with (II, 132), 
we obtain, with M = 2 tnx 4- 4my, 


dn = M, da = 4my, 

d 6 6 = /x(M 4- 2 mx cot 2 ex), 
m\ 2 

dn = -- h 2wx» dgg = 

my 

dioio = /x(M 4- 2mx tan 2 a), 


dg 3 = — , di 2 = dis = di 3 = 0, ^44 = 4wiy, 

d 6 e — 4my/x 2 w 2 4- 2 mx, d 6 e = 2m x, 

?7l 

— — — 4- 2mx, dflj = /x(M 4- 2mx cot 2 a), 

my b* 

, M 

dg 10 = — 2 ?nx, ami = — » di 2 i 2 = 4y/iy, rfm 2 


= 0 . 


(II, 142) 


It may be noted that for the two species A 0 and B 3u for which the symmetry coordinates have been 
chosen orthogonal to one another the d%k with i ^ k vanish. 
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It would be fairly simple though somewhat tedious to express the potential constants ca in terms 
of a t k formed in a way similar to that described above for the molecule XY 2. 35 Instead of doing this 
at the present stage wo shall later (p. 183) express the c % k in terms of the potential constants of a 
somewhat more specialized force field. 

While for the vibrations v \ , vi , and vs the normal coordinates are, apart from a factor, identical 
with the symmetry coordinates (Fig. 57), for the throe totally symmetric vibrations v\, v% v% the 
actual form of the vibrations is obtained by superimposing S\, £ 2 , and S 3 in the ratio of one row of 
minors of (II, 133) with X = Xi, X2, or X3, respectively, that is, in the ratio of 


C22 — Xi<I 2 2 

C23 — X t d 2 3 1 

C23 — Xi^23 

C21 — X»d 2 i 


c 2 i — X x d 2 i 

C 2 2 ~ X»d22 

C32 “ \<li 2 

C33 — X t d33 I 

c 33 — X t d33 

C31 ~ X^/31 


C31 — X t dai 

C32 “ X t d 32 


Similar relations hold for the vibrations vs, ve, W, vio, vu, and vi 2 . 


Application to linear symmetrical XY 2 . In a linear symmetric XY 2 molecule of 
point group Daoh (for example C0 2 ) there is only one vibration of each of the species 
2<, + , 2 U + , Ti u (see Table 36). The symmetry coordinates arc identical with the 
normal coordinates given in Fig. 25b. According to the above, the potential and 
kinetic energies expressed in these coordinates are 

2 V = CipSi 2 + C22($2a “ 1 “ + C33S3 2 , (II, 143) 

2 T = + d22($2a + $2&) + d33$3 2 , (II, 144) 

where S 2 a and are the mutually degenerate and orthogonal symmetry coordinates 
of species II U . The secular equation resolves into three linear equations: 

Cn — Xidu = 0, c 22 — X 2 d 22 = 0, C33 — \3d33 = 0. (II, 145) 

From Fig. 25b, the Cartesian displacement coordinates may easily be expressed 
in terms of the symmetry coordinates. Numbering the nuclei 1, 2, 3, from left to 
right and taking the x axis in the direction of the internuclcar axis, we obtain 


Xl= ~ Sl ~ 2 my Sh 

= + £ 3 , 

mx 

X3= +Sl ~ 2 m Y Ss ’ 


mx. <3 

yi= ~2mr S2a ’ 
y 2 = + 82 a, 

mx 

2/3 = “ 2my Sla ’ 


21 ~ "2 my &) 

2 2 = + S 2 b (II, 146) 

mx 


23 =- 


2 my 


aS> 26 , 


where Si is the displacement of the right nucleus Y in v\ while $ 2 «, & 2 &, and S3 arc 
the displacements of the X nucleus in y 2 a, V 2 b , and i/ 3 , respectively. Substituting 
(II, 146) into the expression (II, 28) for the kinetic energy and comparing with 
(II, 144), we obtain 

mx 2 mx 2 

du = 2my, d 2 2 = mx + ^33 = mx + 7£j^ m (H, 147) 


In the present case it is customary to express the potential energy in terms of 
the changes Qi and Q 2 of the two intern uclear distances and the angle of deviation 
from a straight line either in the xy or in the xz plane, which we designate by (p a 

35 This calculation is somewhat simplified if it is noted that the relation between the au of a 
given symmetry type and the a,& can be obtained by putting in (II, 140) thoso Si equal to zero that 
do not belong to that symmetry type. 
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and ipb y respectively. These are valence 
immediately seen that 

force coordinates (see 

below). It is 

1 

II 

<5 

Q 2 = X 3 — x 2y 


1 

1 , 

(II, 148) 

<Pa = J (2/1 + 2/3 — 2y 2 ), 

<Pb = Y \Z\ + 23 — 2 Z 2 ) , 


where l is the equilibrium internuclear distance between X and Y. 

Substituting 

(II, 146) into (II, 148), we have 



Qi = Si + (1 + n)S 3l 

q 2 = Si - (1 + p)Sz, 


2 

2 

(II, 149) 

<Pa ~ J (1 + tl)S 2 a, 

<pb = j (1 + p>)S 2 b y 



where p = mxl2niy. In terms of Qi, Q 2 , <p a , <Pb the potential energy is 

2 V = anQi 2 + 2ai 2 QiQ‘2 + a 22 Q 2 2 + a$z<Pa + au<Pi 2 y (H, 150) 

where no cross terms Qi<p ay Qi<Pb y Q 2 <pa t Q 2 <Pb y <Pa<Pb occur because <p a and <pi are, 
apart from a constant factor, the symmetry coordinates S 2a and S 2 b. Since the po- 
tential energy must remain unchanged for a reflection at the center of symmetry and 
for a rotation by 90° about the axis, we must have 

an = «22 and 033 = «44. 

Substituting (II, 149) into (II, 150) and comparing with (II, 143), we obtain 

4(1 ny 

Cu = 2(an + <*12), C22 — ^33 " » C33 = 2(1 + /i) 2 (an ai.2). (II, 151) 


From this and from equations (II, 145) and (II, 147), the frequencies of the normal 
vibrations follow: 


47T 2 J'i 2 = Xi = 


an + a \ 2 
my 


4tt 2 V2 2 = X2 = 


2( mx + 2 my) 033 
»ix»i y P 9 


(II, 152) 


4ir 2 ^3 2 = X; 


/«x + 2 my 

( ail ___ aj2 ^ 

?n\ my 


Here an is the force constant of the X — Y bond, au is the force constant that gives 
the interaction of the two bonds and a33 is the force constant for the bending of the 
molecule. It is seen that the frequency of the degenerate vibration v 2 of the mole- 
cule depends only on a$z as was to be expected, while the frequencies of the non- 
degenerate vibrations v\ and vz depend only on an and an. 

Application to pyramidal XY3. As a somewhat more complicated example of a 
molecule with degenerate vibrations we consider the pyramidal XY3 molecule of 
point group C 2v . According to Table 3G there are two vibrations each of the species 
A\ and E . Symmetry coordinates S\ y S 2y &3a, £35, $4 a , $4&, as suggested by Howard 
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and Wilson (4G2), arc given in Fig. 58. 36 In terms of these symmetry coordinates 
the potential and kinetic energies are [see (II, 10G) and (II, 107) j 

2V — CuSi 2 + 2ci2$l$2 + C 22 S 2 2 + C33($3a + $3&) 

+ 2C34($3a$4« + S^bS^h) + C 44 OS 40 + $4ft), (II, 153) 

2 T = diA 2 + 2di2$i$2 + d22&2 2 + dzai&la + $3/>) 

+ 2dz4(&z <I $4a + &ZbSib) + ^44040 + $4*). (II, 154) 



= 3 




Fiu. 58. Symmetry coordinates of pyramidal XY 3 . — The displacement vectors of the X nu- 
cleus in *S’i, *S 2 , Sza and are 3(//<yA«x)*Si cos /3, 3 (my A»x ) ^’2 sin |3, H(»/y/w?x)^ sin /3 and 
3(my /mx)Sto sin j3 respectively, where /3 is the angle between an X — Y bond and the axis of symmetry 

Itere account has been taken of the requirement (see p 147) that the dependence 
on each pair of mutually degenerate coordinates must be identical and that cross 
terms between coordinates of different species do not occur. There are six inde- 
pendent potential constants c*&. The secular determinant breaks up into three 

38 Naturally wo could also have chosen symmetry coordinates 8 \, *S 2f and S 3 in which the Y atoms 
move parallel or perpendicular to the axis of symmetry similar to those of XY 2 (Fig. 55a). This 
would simplify the calculation of the d t k but complicate the calculation of the c t *. 
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factors, 

I Hi — Arfn 
I C21 — X^2l 


of which the last two, corresponding to the degenerate vibrations, are identical and 
where, as always, c t k = Cki and d t k = du. From (II, 155) the frequencies of the 
normal vibrations arc immediately obtainable in terms of the c,* and d t k. 

In evaluating the d t k in terms of the masses of the atoms and the dimensions of 
the molecules we may use a different orientation of the coordinate system for each 
nucleus, as indicated in Fig. 58. Taking Si, $2, $3 «, V3aS 3 6, 37 S \ a , Sib as the displace- 
ments of the nucleus 3, we obtain: 

my My 

x x = — 3 — sin P Sza , 2 /i = 3 — sin /5 aS 3 6, 

nix Mx 

Vly My 

Zi = 3 — cos 3 S i — 3 — sin P a8 2 ; 
mx nix 

X2 = /S>2 + cos/3 Si a , 2/2 = *8 4 &, Z 2 = *81 — 2Sz tl + sin ft Si tl ] (II, 156) 

Xz = $ 2 — 2- COS P Sia — \ V3 COS P Sib , 2/3 = J “ 2*846, 

23 = *81 + *8 3rt + yfUSzi, — J sin iSia — V3 sin P Sib] 

Xi = S 2 — 2 COS /J aS 4 <i + 2 ^3 COS /3 S46, 2/4 “ — 2^*840, — ‘2*845, 

24 = *81 + S 3 « — V3S3& — 2 sin p Sia -h J V3 sin p a8 46 . 

P is the angle between the line X — Y and the axis of the molecule. Substituting 
in (II, 28) and comparing with (II, 154), we obtain 

dn = 3/wyp, du — — 3tfiys, ^22 = 3my(2r — 1), (II, 157) 

dzz = 6my r, d 34 = — 3my sin /3, d 4 4 = 3my, 

where for abbreviation 

my 3 my my 

v = 3 - - cos 2 /3 + 1, r = - — sin 2 P + 1, s = 3 — sin P cos p. (II, 158) 
mx 2 mx mx 

As should be the case, the same values for d 33 , dz 4, and d 44 are obtained from the 
coefficients of <8 3a , A§ 3a A§ 4a , and aS^i as from the coefficients of a§ 3 &, a*? 3 6$4&, and a 8 4 &. 
Therefore in working out the d % k in this and other cases, it is only necessary to con- 
sider one of each degenerate pair of symmetry coordinates; that is, in (II, 156) Szb 
and Sib could have been put equal to zero. It may be noted that here di 2 and d 34 
arc not equal to zero since aSi has not been chosen orthogonal to aS 2| and Sz not 
orthogonal to aS 4 . 

At this stage we shall not attempt to express the potential constants c,* in terms 
of more conventional quantities. This will be done later (p. 162 and p 175) in 
terms of the constants of more specialized force fields. 

87 The factor V3 is introduced in order to have the same normalization for 836 as for 83®. 


Ci 2 — Xdi2 
C22 — Xd 2 2 
C33 — Xd 33 
c 43 — Xd 43 


= 0, 


C33 — Xd 33 
C 43 — Xr/43 

Czi — \dzi 
Ca — Xc/44 


C31 — Xd 34 
c 4 i — Xd 44 


= 0, 


(II, 155) 


= 0, 
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In a manner similar to the previous cases (XY2, X2Y4), the actual form of the 
normal vibrations is again obtained by superimposing the symn etry coordinates in 
the ratio of the minors of the secular determinant, as below. 

For v\ : 

S\ : $2 — (^22 — Xi efe) • — (C21 — Xid 2 i), 


For V 2 : 
For y 3 : 


/Si : S ‘2 = (C22 “ X2fi22) • — (C21 ““ X2d2l), 

S3 : Si = (C44 — x 3 d 44 ) : — (C43 — X 3 d 43 ), 


(II, 159) 


For v\\ 


S3 : /S4 = (C44 — Xdd 4 4) : — (c 43 — X 4 d 43 ). 


All the above examples were molecules with comparatively few atoms and of 
rather high symmetry. For molecules with more atoms or less symmetry, the secular 
equations frequently cannot be resolved into factors of an easily manageable degree 
even by using symmetry coordinates. More elaborate methods of dealing with such 
cases have been worked out, particularly by Wilson (940) (942), who has also de- 
veloped a method to obtain directly the expanded secular equation (in algebraic 
rather than determinantal form). 


Solution by the use of mechanical models. In view of the complexity of the 
mathematical calculations in many cases, Kettering, Shutts, and Andrews (501) first 
introduced the experimental study of the vibrations of molecular models. Steel balls 
representing the nuclei are connected by springs representing the forces between 
them; these models, suspended by rubber bands, are set into vibration by means of 
an eccentric disk driven by a variable-speed motor. At certain speeds of the motor 
resonance occurs, whereas otherwise the model remains quiet. The resonance fre- 
quencies are the 7 wrmal frequencies of the model. At the same time, by a stroboscopic 
method or photographically [Andrews and Murray (53)], the type of motion be- 
longing to each particular normal frequency can be determined. If the ratios of the 
linear dimensions, the masses and the force constants are the same in the model as 
in the actual molecule, the frequencies of the model are in a constant ratio to those 
of the actual molecule. Thus, if the force constants and the geometrical structure of 
a molecule are known th o fundamental frequencies can be predicted from those of the 
model rather than by calculation; or, conversely, by using a number of different 
models and comparing the model frequencies with the observed frequencies of the 
molecule one may obtain coiiclusions about the geometrical structure as well as the 
ratio of the force constants. 

The method has been successfully applied to CCI4, CHC1 3 , C 2 II 6 , C 2 H 4 , C 2 H 2 , 
CH 3 OH, C 2 II 5 OII by Kettering, Shutts, and Andrews (501); to a number of metal 
carbonyls and allyls by Duncan and Murray (293); to Celle, C 6 H 5 CH 3 , and the 
I henyl halides by Teets and Andrews (833) ; and to the various chlorobenzenes, 
Celled to CeCle by Murray, Deitz, and Andrews (649). Trenkler, in a series of 
papers (870) (871) (872) has considerably improved on the method for the case of 
the plane oscillations of plane molecules. He investigated in detail the dependence 
of the frequencies of three- and four-particle systems on the arrangement of the 
masses as well as on the ratio of the masses and the strength of the bonds. He also 
studied the benzene ring and other cyclic molecules with six atoms as well as some 
benzene derivatives. 
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There are a number of limitations to the method of molecular models as used by 
the authors above mentioned. It is difficult to approach the ideal of mass points 
connected by weightless springs in these models, since the springs must have con- 
siderable strength. Furthermore, in order to study the influence of a change of force 
constant or geometrical configuration one has to build a different model for each set 
of trial values. Finally, while the models are well adapted to the valence force 
system (see section 4d) it would not be easy to study more complicated force systems 
with their aid. 

MacDougall and Wilson (593) have overcome these difficulties in a very ingenious 
way. They gave up the geometrical similarity between the model and the molecule 
but built a sjstem of coupled harmonic oscillators having the same kinetic and potential 
energies (except for a scale factor) as the molecule under consideration. Such a 
system will have, apart from a constant factor, the same frequencies as the molecule. 
As oscillators MacDougall and Wilson use rods with heavy masses attached to them 
supported by an axis through the center of mass and connected by springs to a solid 
base. A number of such units arc placed side by side and interconnected by a 
number of springs representing the coupling of the oscillators. Since the springs 
are only extended or compressed and do not need to resist bending, they can easily 
be made of negligible weight as compared to the heavy masses that give each oscillator 
its moment of inertia. 

If is the angular displacement of the it\i unit from its equilibrium position and 
if li is its moment of inertia, the total kinetic energy T of the set is given by: 

2T = £ (II, 160) 

i- l 

where the summation is over all n units; the potential energy V is given by 

27 = £ (H. 161) 

», i 

where the aij depend on the position and stiffness of the springs. Mathematically, 
the frequencies, v — 1/27tVa, of the system are obtained from the corresponding 
secular equation 


- h\ 

a 12 

(in 

* ((in 


«21 

a-22 — I^h 

«23 

0'2n 

=0, 

a n i 

dn2 


* (Inn I nh 



which is seen to be of the same form as the secular equation for the molecular vibra- 
tions. Therefore by adjusting the springs in the model, that is, the a and the 
moments of inertia, /*, in such a way that they are proportional to the corresponding 
quantities in the molecular problem, the molecular vibration frequencies can be 
determined from the observed resonance frequencies of the mechanical model. In 
fact, any secular equation may be solved in this way. There is no restriction on the 
potential energy except that it is to be a quadratic function of some coordinates. 
But these coordinates have to be chosen in such a way that the kinetic energy does 
not contain any cross terms. One may, for example, use simply Cartesian coordi- 
nates for each atom. However, that requires 3 N units of the machine if there are 
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N atoms since each unit corresponds to one coordinate. For symmetrical molecules 
the necessary number of units of the machine can be considerably reduced by using 
the symmetry coordinates introduced above and solving mechanically the secular 
equation for each symmetry type. The number of units is then equal to the number 
of genuine vibrations of that symmetry type. The springs have to be so adjusted 
that the aa are proportional to the previous ca and the moments of inertia so that 
they are proportional to the da. Also, the symmetry coordinates have to be chosen 
in such a way that the kinetic energy contains no cross terms. This is the case if 
the symmetry coordinates arc chosen orthogonal to one another (see p. 148). 


(c) Assumption of central forces 

General considerations. Only in very few cases such as H 2 O [Van Vlcck and 
Cross (885)] and H 3 and II 3 + [Hirschfelder (453)] is it feasible to obtain the values 
of the potential constants of a polyatomic molecule on a purely theoretical basis and 
then predict the vibrational frequencies by solving the secular equation in the above 
described way and compare them with the experimental values. 38 In all other cases 
one must try to determine the potential constants (or force constants ) from the experi- 
mentally observed fundamental frequencies of the particular molecule. However, in all 
except a very few cases the number of potential constants [E/j(/i + 1) summed over 
all symmetry types (see p. 148)] is larger than the number of normal vibrations 
(3 N — 6) and therefore the former cannot all be determined from the latter. One 
way out of this difliculty is the investigation of isotopic molecules for which the 
potential constants arc the same (at least to a very high approximation) but the 
frequencies different, thus supplying additional equations for the potential constants 
(see section 6). Another way is to make certain more specific assumptions about 
the forces in the molecules such that the number of force constants to be determined 
is reduced. 

The first such assumption that we shall have to discuss in more detail is the as- 
sumption that only central forces act between the atoms in a molecule; that is, we assume 
that the force acting on a given atom in a molecule is the resultant of the attractions and 
repulsions by all the other atoms y and that these attractions and repulsions depend only 
on the distances from these other atoms and lie in the lines connecting them with 
the one considered. This is equivalent to assuming that the potential energy is a 
purely quadratic function of the changes Q t of the distances U between the nuclei (the 
central force coordinates) without any cross products: 

2V = Z a l% Q?. (II, 162) 


The equivalence of the two assumptions is immediately seen if the derivatives of 7, 
which give the force components, are formed; for example, 


F x k = - 


dV 

dx k 


- E a nQt 


dQi m 
dx k 


Here dQ t /dXk vanishes for all but those Qi that involve the nucleus k f and for these 
it is equal to cos (/», x). Thus the contributions to the force F k on k have the 
magnitudes a tl Qi and have the directions of the U. 

88 Even for diatomic molecules there are only two or three cases where the vibrational frequencies 
have been predicted from theory. 
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It is obvious that the assumption of the potential function (II, 162) leads to a 
considerable simplification, particularly when in consequence of symmetry some of 
the an are identical. Frequently the number of force constants under this assump- 
tion is smaller than the number of normal frequencies. Therefore not ail normal 
frequencies need be known to evaluate the force constants and those not used may 
be predicted or their assignment checked by the calculations. 

Application to non-linear symmetric XY 2 . In the case of non-linear symmetrical 
XY 2 molecules the assumption of central forces means that ai 2 , 013, and a 2 3 in the 
previous equation (II, 97) are zero and we have, since a 22 = an, 

2V = au(Qi 2 + Q i 2 2 ) + ciazQz 2 ', (H> 193) 

that is, there arc only two potential constants which are indeed overdetermined by 
the three normal frequencies. Putting ai 2 = 0 and ai3 = 0 in the previous more 
general equations (II, 124-126) we obtain for the frequencies: 

X 3 = 47tV = ( 1 + " — sin 2 a ^ “ (II, 164) 

\ mx / my 

Xi + X2 = 4ir 2 (i'i 2 + V 2 ~) = 2 — + — ( 1 + — ^ cos 2 a ) (II, 165) 

wzy ni y \ wix / 

XiX 2 - 16ir*nW = 2(1+—) cos 2 a - ~ (II, 166) 

\ m.x / 

These equations were first derived by Dennison (277). If the frequencies vi f v 2 , v* 
as well as the angle a are known one can determine an from (II, 164) and a 33 from 
either (II, 165) or (II, 166). The third equation may then be used as a check on the 
consistency of the assumption of central forces. 

In Table 37 are given for a number of triatomic molecules of the type XY 2 the 
constants an and a 33 as determined from the observed frequencies by means of 
(II, 164) and (II, 166) assuming the values of a given in the fifth column. These a 
values have been obtained from the rotational structure of infrared bands (see Chapter 
IY) or from electron diffraction measurements. Instead of the actual frequencies, 
in Table 37 the wave numbers of the f undamental bands (see Chapter III) are given, 
which in agreement with common practice arc also denoted vi, v 2 , In substitut- 
ing them into the equations (II, 164-166) the values given must therefore be multi- 
plied by c = 2.99776 X 10 10 . If the v% are substituted in cm* 1 and the masses in 
atomic-weight units the v? on the left side of these and similar equations have to 
be multiplied, instead of by 47r 2 , by 

4t rVA/i = 5.8894 X 10~ 2 , (II, 167) 

where M\ is of the mass of the O 16 atom (= 1.6600 X 10~ 24 gm). 40a 

It is seen from Table 37 that, as was to be expected, the force constant a 33 for 
the Y — Y “bond” comes out considerably smaller than the force constant an for the 
X — Y bonds. Also in the case of the pairs H 2 0 and D 2 0, H 2 S and D 2 S, H 2 Se and 

40 In the nomenclature used for diatomic molecules they would have to be called ACrj. 

40a Compare the values of the fundamental constants in the appendix p. 538. 
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I> 2 Se, the force constants are nearly the same, as they should be for isotopic molecules 
(sec section 6). 

The last two columns of Table 37 give the left- and right-hand sides of equation 
(II, 165) multiplied by ray. If there were actually central forces only, these two 
columns should agree. It is seen that there is agreement within about 25 per cent. 
While this agreement is not very good, one may say that at least very roughly the 
forces between atoms may be considered as central. It is noteworthy that the 
differences between the last two columns of Table 37 arc all in the same direction. 


TahLE 37. FORCE CONSTANTS OF NON-LINE All XY 2 MOLECULES AS OBTAINED FROM THE 
OHSEIIV ED FREQUENCIES, ASSUMING CENTRAL FORCES. £ REVISION ANI) EXTENSION 
OF A SIMILAR TABLE BY PENNEY ANA S l THE ULAN I) (092)]. 


Molecule 

v\ (cm"' 1 ) 

c 2 (crn 

jq(chi 

2a 

"ii 


It 2 /// y 
X(vi 2 +vr) 

2 tin -f" ii ^1 H — cos 2 

\ MX / 

h 2 o 

3052 

1505 

3756 

105° 

7.76 

1.85 

9.44 

11.82 

D 2 0 3Sta 

2066 

1179 

2784 

105° 

7.94 

1.89 

10.08 

12.46 

1I 2 S 

2G11 

1290 

2684 

92° 

4.14 

0.940 

5.04 

6.15 

D 2 S 

1S92 

934 

1999 

92° 

4.46 

0.908 

5.28 

6.54 

II 2 Se 

2260 

1074 

2350 

90° 

3.24 

0.625 

3.72 

4.53 

D 2 Se 

1030 

745 

1696 

90° 

3.33 

0.594 

3.81 

4.60 

ch 2 396 

2968 

1444 

3000 

115° 

4.77 

2.01 

6.48 

9.03 

80^“ 

1151 

524 

1361 

120° 

9.97 

3.24 

15.33 

18.94 

no 2 

1320 

618 

1621 

120° 3 ' J 

9.13 

4.34 

20.40 

23.02 

f 2 o 

830 

490 

1110 

104° 

5.57 

1.45 

10.40 

13.49 

ci 2 o 

080 

330 

973 

111° 

4.93 

1.28 

11.94 

14.51 






xio 5 

(ly IK'S /mi 

XIO 5 dynes/cm 


One might lie tempted, in cases in which the angle a is not known from other 
data, to determine from the three equations (II, 164-166) not only the constants an 
and «33 but also the angle a . However, if this is done for the examples of Table 37 
no agreement with the known angles is obtained; in fact, in most cases imaginary 
values for a result (sin a > 1). While only slight adjustments of the frequencies 
would be necessary to produce the correct values of qj, it is obviously impossible to 
use this method for a determination of a in other cases. 

Linear triatomic and plane more-than-triatomic molecules. In the case of a 
linear triatomic molecule (symmetric or non-symmetric), the assumption of central 
forces would lead to the frequency zero for the perpendicular (degenerate) vibration 
since in this vibration the distances of the atoms do not change except in higher 
order; or, in other words if a = 90° is substituted in equations (II, 165 and 166) 
the observed non-zero frequency of the perpendicular vibration leads to an infinite 

89 Since the above table was calculated, Maxwell and Mosley (007) have obtained an angle of 
130° ± 2° from electron diffraction, while Harris and King (413) have obtained an angle of 154° 
from the ultraviolet absorption .spectrum. 

390 Tho frequencies given here are those available at the time this table was calculated. The 
most recent values are given in Chapter 111, section 3a. 

396 The frequencies of CII 2 are those obtained by Sutherland and Dennison (828) from a study 
of the frequencies of H 2 CO. 



162 


VIBRATIONS 


value for 033 . Ilencc the assumption of central forces cannot be made for linear 
molecules and one would expect it to be a very poor approximation for very wide- 
angled triatomic molecules. 

Similarly, for plane molecules with more than three atoms such as H2CO, C2H4, 
and others, the assumption of central forces would lead to zero frequencies for the 
vibrations perpendicular to the plane. 

Application to pyramidal XY3 molecules. The assumption of central forces leads 
again to reasonable results for non-planar four-atomic molecules such as the pyramidal 
molecules XY3 discussed previously. The potential energy in the latter case is 


2V = «i(Q ?2 4* Q 13 4“ Qh) 4" 02(^23 4“ Q 244" Q 34 ); 


(II, 168) 


the Qa are the changes of distance between atoms % and k (for the numbering of the 
atoms see Fig. 58), a\ is the force constant for the central force between atoms X 
and Y, and 02 is the force constant for the central force between two Y atoms. As 
always for central forces there are no cross terms between different Q t k in V. 

Expressing the Q,k in terms of the displacement coordinates 2 /*, introduced 
above (see Fig. 58), we obtain 

Qn = x\ sin 0 4- zi cos 0 + * 2 , 

Q 13 = — l*i sin 0 + £ Vib/i sin 0 + zi cos 0 + *3, 

Qu = - £zi sin 0 - £ V 3//1 sin 0 4" Zi cos 0 + z h 

Qn = £ V3z 2 cos /3 — £ 2/2 4“ l Vdz 2 sin 13 4" £ ^3 cos 0 + £2/3 4- £ V3z 3 sin 0, 

Q u = £ V;ix 2 cos 0 4- *2/2 4- £ V& z 2 sin 0 + £ V3x 4 cos 0 - £ 2/4 4- W&q sin 13, 

Q 34 = £ V3x 3 cos 0 - J 2/3 4- £ V3z 3 sin 0 4“ £ V 3 .C 4 cos 0 4* -12/4 4" £ V5z 4 sin 0. 

Substituting the x l9 iji, Zi from (II, 156) into these equations but putting S 3 & = 0 and 
S ib = 0 (since we know beforehand that the dependence on Sm and Sib will be the 
same as that on S 3(i and S 4o ), we obtain, in terms of symmetry coordinates, 

Q 12 = pSi — s$2 ~ 2nS 3 fi 4" sin 0$ 4 «, 

O 13 = — sS '2 4“ rSza — * sin 0$ 4a , 

<?i 4 = pSi - $S 2 4- nS 3 « - 2 sin 0»S 4 «, 

O 23 = V 3 sin 0$i 4“ V 3 cos 0$ 2 — £ V 3 sin 0$ 3a + £ V3# 4a , 1 ' * ^ 

Q 24 = Vs sin 0Si 4" V 3 cos 0/S» 2 — £ Vs sin 08 3tt 4- £V3 aS 4 «, 

Q 34 = V3 sin 0Si + V3 cos 0S 2 4- V 3 sin 0S 3 « - VaS 4 «, 

where p, r , and 5 are given by (II, 158). 

Substituting (II, 169) into (II, 168), wc obtain for the potential constants c % k in 
the general equation (II, 153), 

cn = 3p 2 ai 4- 9a 2 sin 2 0, C 12 = - 3psai 4" 9a 2 sin 0 cos 0, 

C 22 = 4* 9«2 cos 2 0, C 33 = 6r 2 ai 4” fa 2 sin 2 0, (II, 170) 

c 34 = — 3rni sin 0 — sin 0, c 44 = § «x sin 2 0 4- t« 2 . 
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The other c,* are of course zero. We can now substitute these c,* and the d,* from 
(II, 157) into (II, 155) in order to obtain expressions for the normal frequencies. We 
obtain, for the two non-degenerate vibrations 

Xi + X 2 = 4^1* + tf) = ( 1 + 3 ~ cos’ 0 ) ^ + 3 ^ , (II, 171) 

( 771 v i flirto 

1+3 ) cos 2 P i , (II, 172) 

nix / ffiy 

and similarly for the degenerate vibrations, 

X 3 + X 4 = 4**W* + rf) = ( 1 + f ^ P ) ~ ~ , (II, 173) 

3 / 3rny « \ «i«2 

X 3 X 4 = IGtWh 2 = 7(2 — sin 2 P + sin 2 P ) — -• (II, 174) 

4 \ nix / wy 


These solutions, although in a slightly different form, were first obtained by Den- 
nison (277). 

Since there are four frequencies and only two potential constants, one may use 
(II, 171) and (II, 172) to determine the latter from the non-degenerate frequencies, 
and use (II, 173) and (II, 174), that is, the degenerate frequencies, as a check on the 
validity of the assumption of central forces, or vice versa. If the angle is not known 
from other data one may also use three of the equations to determine the three 
unknowns oi, a 2 , and P and use the fourth equation as a check. For the calculation 
of the angle p it is best to divide (II, 174) by (II, 172), since then the force constants 


drop out. One obtains 


cos 2 p = 


viW 


1 

3 my — nix 
3m y + nix 


(II, 175) 


Table 38, which is similar to Table 37, gives for a number of XY 3 molecules the 
observed fundamental frequencies vy, v 2 , (in cm " 1 ), 41 the angle P as obtained 

from other evidence [see Howard and Wilson (402)], the angle P as obtained from 
(II, 175), the force constants ay and a 2 as obtained from equations (II, 173) and 
(II, 174) (using the observed 1 % v 4 , and P values), and the frequencies vy and v 2 as 
calculated from equations (II, 171) and (II, 172) with the ay and a 2 values obtained 
from vz and v\. It is seen that with one exception the angles P calculated from the 
observed frequencies according to (II, 175) agree within less than 15° with the ob- 
served p values. The agreement of the observed and calculated v\ and v 2 is fair in 
most cases although a few big discrepancies occur. It should be mentioned that if 
ch and a 2 had been calculated from v\ and v 2 complex values would have been obtained 
in most cases. On account of the quadratic nature of the equations (II, 173) and 
(II, 174), two sets of values for ay and a 2 are obtained. Of these, that one has been 
chosen for which 02 < ay. The fact that in most cases a 2 is much smaller than ay 

41 Tho question which observed fundamentals are degenerate, that is, which are v% and va, and 
which not, will bo taken up in more detail in Chapter III. Which non-degenerate vibration is called 
*1, which V2 t and which degenerate vibration is called vz. which is of course without influence on 
the results. Within one species we shall in general designate the higher frequency by the lower subscript . 
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is reasonable and corresponds to the fact that v\ is much smaller than v 3 . On the 
whole, one can say that the assumption of central forces is a better approximation 
for pyramidal XY 3 molecules than for non-linear XY 2 molecules, even though it is 
by no means entirely satisfactory. 

It is interesting to apply the equations for the frequencies of the XY 3 molecule to the special 
case In which X — Y f that is, a pyramidal molecule consisting of four equal atoms. Let us assume 
that in this case all atoms are in equivalent positions, that is, that they lie at the corners of a regular 
tetrahedron. Such a case seems to be provided by the jnoleeules P4 and AS4 [see Chapter III, 
p. 299]. In this case it is easily seen 42 that sin £ = 1/ Vtf, and also that a\ — a 2 in (II, 168), since 
there is no difference between X and Y. Substituting this and mx = w»Y into (II, 171-174), 
we obtain 

X, = — , X 2 = X 3 =^, X 4 = — . (IT, 176) 

771 X 771 X 771 X 

Two of tho frequencies one non-degenerate the other doubly degenerate coincide, thus giving rise to 
a triply degenerate normal vibration. This is in agreement with what one would expect for a mole- 


TaBLE 38. FUNDAMENTAL FREQUENCIES, FORCE CONSTANTS, AND ANGLES FOR TIIE 
PYRAMIDAL MOLECULES XY 3 , ASSUMING CENTRAL FORCES. 43 









Force constants 

Frequencies vi and v% 








from v 3 , v 4 , Aib served* 

from a i t o 3 , 



Observed 




and equations 

^observed* and oqua- 

Molecule 

frequencies (cm *) 

/^observed** 

^calculated 

(II, 173) and 

tions (II, 171) and 







(II, 174) 

(II, 172) 


Vl 

V2 

V3 

V\ 



«i 

«2 

vi (cm ') 

V2 (cm *) 

Nila 

3337 

950“ 

3414 

1628 

69° 

73° 

3.89 

2.83 

4473 

859 

nd 3 

2419 

749“ 

2555 

1191 

09° 

72° 

5.05 

2.29 

3133 

679 

ph 3 

2327 

991“ 

2421 

1121 

02 046 

63° 

2.57 

1.04 

2991 

784 

pd 3 

1694 

730 46 

— 

806 

62 048 

— 

— 

— 

— 

— 

pf 3 

890 

531 

840 

486 

02° 

56° 

3.58 

2.93 

1045 

380 

PC1 3 

510 

257 

480 

190 

64° 

51° 

1.94 

0.63 

459 

184 

PBr 3 

380 

102 

400 

116 

65° 

55° 

1.79 

0.47 

203 

203 

AsF 3 

707 

341 

644 

274 

60° 

45° 

3.23 

0.88 

723 

240 

AsC1 3 

410 

193 

370 

159 

59° 

50° 

1.73 

0.51 

404 

154 

SbCl 3 

360 

165 

320 

134 

57° 

45° 

1.49 

0.38 

357 

130 

BiCl 3 

288 

130 

242 

96 

57° 

25° 

0.94 

0.20 

270 

90 







xio 5 

xio 6 










dynes/em 

dyncs/cm 




42 The angle a between any two X — X bonds is 60° and therefore according to footnote 44 tho 
above result follows. 

43 For the frequencies of NH 3 and ND 3 see Table 72, p. 295. Tho frequencies of PH 3 and PD 3 
have been taken from Leo and Wu (572), those of the other molecules from Kohlrausch (14). 

44 j8 is related to the angle a between each two X — Y bonds by sin /3 = (2/ V3) sin a/2. The fl 
values for the halides were obtained from the a values given by Howard and ilson (462). Pauling 
in his book (17) gives slightly different values based on moro recent electron diffraction work. How- 
ever it did not appear worth while to repeat the calculations embodied in the table with these new 
/3 values. 

45 Average of the doublets duo to passage through potential barrier (seo p. 221 f.). 

48 Recently Stevenson (806), assuming a PH distance of 1.415 A (obtained from Pauling’s table 
of covalent radii), has obtained a bond angle of 93° which corresponds to 0 = 57°. 
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cule X 4 of symmetry Td (see Table 36), and is independent of the assumption of central forces. 
According to (II, 176), the ratio of the three frequencies, assuming central forces, should be 

v\ : V 2 : Vi = 2 : V 2 : 1 . (II, 177) 

For P 4 the observed ratio is 2.00 : 1.54 : 1.20. 

Application to tetrahedral XY 4 molecules. For five-atomic XY 4 molecules in 
which the X atom occupies the center and the Y atoms the corners of a tetrahedron, 
the considerations arc somewhat more complicated because the assumption of central 
forces between each pair of atoms no longer leads to vanishing forces in the equilibrium 
position. Whereas in the case of the molecule XY< in the equilibrium position the 
angle will adjust itself in such a way that there is no force in the X — Y or Y — Y 
direction, in the case of the tetrahedral XY 4 molecule the angle is fixed and the 



Fig. 59. Displacement coordinates in tetrahedral XY 4 . — The Qa and r» are not the lengths 
of the lines on which they are written but the changes of these lengths. 

resultant force on a Y atom, for example, may be zero even though the forces between 
the Y atom considered and the other atoms are not individually zero. For example, 
a repulsion between the Y atoms could, in the equilibrium position, be balanced by 
an attraction between X and Y. 

The expression for the potential energy in such a case was first derived by Denni- 
son (27G). If we designate the relative displacements of the Y nuclei along the edges 
of the tetrahedron by Q12, Q13, Qu, O23, O24, Q34 (see Fig. 59) and the displacement 
of the Y atoms relative to X by r h r 2 , r 3 , r 4 , then we have, in the case of small dis- 
placements, for the magnitude of the forces acting on Yi due to Y2, Y3, and Y 4 , 

Fy{y 2 = a — kiQi2 f 

Fy{y 3 = (i — & 1 Q 13 , (II, 178) 

F y |Y 4 = a — kiQu, 


and for the force due to X, 


Fy x x = — b — fori. 


(II, 179) 
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Similar equations hold for the forces on Y 2 , Y 3 , Y 4 . The force on X due to Yi is 
of course equal and opposite to F y^x. The constants a and b represent the constant 
part of the force that docs not vanish in the equilibrium position. We have chosen 
a positive sign for a and a negative sign for b in (II, 178) and (II, 179) in order to 
indicate repulsion and attraction respectively as the normally expected state of 
affairs. In the equilibrium position (Qm = 0 and r» = 0 ), the three forces a acting 
on Yj must be in equilibrium with the force 6 , that is, 

3a cos <p = b, 

where <p '.s the angle between Y — Y and Y — X. This angle in a tetrahedron is 
given by 

sin <p = -jVs. (II, 180) 

It therefore follows that 

b = Vo «. (II, 181) 

From (II, 178), (II, 179), and (II, 181), one obtains for the potential energy of 
the XY 4 molecule, assuming central forces and small displacements , 17 

V = — a(Qi 2 + Q 13 + • • • Q 34 ) + Vba(ri + r2 + r 3 + 7 * 4 ) 

+ 2 &i(Qi 2 + Q 13 + • • * Q 34 ) + 2 ^ 2 (r i 2 + ** 2 2 + r 3 2 + r 4 2 ). (II, 182) 

In order to find the normal frequencies, one would have to transform to symmetry 
coordinates (in terms of which the potential energy would again be a quadratic form), 
set up the expression for the kinetic energy, and derive the secular equation. How- 
ever, we shall give here only the results as obtained by Dennison (276), Jaumann 
[see Schaefer (763)], and Radakovic [see Kohlrausch (13)]. There is one non- 
degenerate vibration v\ of species Ai, one doubly degenerate vibration v 2 of species 
E f and two triply degenerate vibrations v 3 and v\ of species F 2 (see p. 140). One 
obtains 


„ „ k 2 ki 
Xi = 4 tt 2 j/i 2 = — + 4 — 
my wy 


X 2 = 47rV = — 


X 3 + X 4 = 47T 2 (*'3 2 + P 4 2 ) 


2 k\ 4my + 3mx ^ 2(3mx + 16my) ^ 

tny Smxtny 2 SmxMy 1 


(II, 183) 


X 3 X 4 = 1 6ir*v 3 W = — (*iifc 2 - 8*i*' - 5*2*' - 8*' 2 ). 
Smxm y~ 

Here we have used, as an abbreviation, 


(II, 184) 


where l is the length of the edge of the tetrahedron in the equilibrium position. Thus 
k f is of the dimension of a force constant, whereas a was not. 48 

While there are four frequencies, there are only three force constants k\ } k 2 , k' 
to determine. Thus again one of the equations may serve as a check on the assump- 

6V dV 

47 It is easy to verify this if it is remembered that Fy. y. = — — — , Fy t x = — — , and so on. 

oQn on 

48 Our k f is 1 of Dennison’s and Jaumann’s K\ 
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tion of central forces. The force constant ki is most easily determined by the 
following combination of the equations (II, 183) : 


„ . „ 4 m Y + 3 m x % 2(3 m x + 16m Y ) „ 4 (m x + 4m Y ) 

X 3 +X4 5 Xi - Xi = — — h. (II, 185 ) 


3m x 


3 mx 


rtix'niY 


k 2 and k f then follow immediately from the first two equations (II, 183) and the 
fourth may serve as a check. 

Table 39 gives the observed fundamental frequencies and the force constants 
determined in the above described way for a number of tetrahedral five-atomic 


Table 39. fundamental frequencies and force constants of tetrahedral 
XY4 molecules assuming central forces. 


Molecule 

Observed frequencies 
(cm -1 ) 49 

Force constants 

Fourth equation 
(II, 183) 

n 

V2 

Vi 

V\ 

k\ 

A ’ 2 

A*' 

L.IT.S. 49rt 

R.H.S. 49 * 

ch 4 

2914 

1526 

3020 

1306 

0.60 

2.66 

-0.788 

5.42 

14.27 

CI> 4 

2085 

1054 

2258 

996 

0.61 

2.72 

-0.708 

1.75 

2.94 

SiH 4 

2187 

978 

2183 

910 

0.22 

1.96 

-0.348 

1.37 

2.61 

nh 4 +“ 

3033 

1685 

3134 

1397 

0.71 

2.62 

-0.975 

6.65 

10.62 

cf 4 

904 

437 

1265 

630 

1.58 

2.81 

-0.553 

0.220 

0.227 

SiF 4 

800 

260 

1022 

420 

0.47 

5.29 

-0.288 

0.064 

0.072 

OCl 4 

458 

218 

77<i M 

314 

0.79 

1.24 

-0.207 

0.021 

0.022 

SiCl 4 

424 

150 

608 

221 

0.36 

2.33 

-0.115 

0.0063 

0.0077 

TiCl 4 

386 

120 

495 

141 

0.23 

2.19 

-0.072 

0.0017 

0.0029 

CleCU 4 

396 

134 

453 

172 

0.27 

2.19 

-0.104 

0.0021 

0.0029 

SnCl 4 

366 

104 

403 

134 

0.15 

2.20 

-0.076 

0.0010 

0.0024 

CBr 4 

267 

123 

672 

183 

0.56 

1.11 

-0.148 

0.0052 

0.0056 

SiBn 

249 

90 

487 

137 

0.29 

1.76 

-0.093 

0.0016 

0.0019 

GcBr 4 

234 

78 

328 

111 

0.22 

1.72 

-0.070 

0.00046 

0.00060 

SnBr 4 

220 

64 

279 

88 

0.14 

1.72 

-0.053 

0.00021 

0.00028 

so 4 — 

981 

451 

1104 

613 

1.18 

4.36 

-0.739 

0.159 

0.093 

C10 4 - 

935 

462 

1102 

028 

1.05 

4.05 

-0.965 

0.166 

0.089 

P0 4 

980 

363 

1082 

515 

0.90 

5.44 

-0.339 

0.108 

0.125 






X10 5 dynes/ 

cm 

X10 5 dynes/cm 


molecules. As was to be expected, k\ is much smaller than k 2 in all cases, correspond- 
ing to a much smaller resistance to deformation without change of the X — Y distance 
than to stretching of the X — Y bond. In most cases k ' comes out negative, which 
means that, contrary to our expectation, in the equilibrium position there are (weak) 
attractive forces between each pair of Y atoms balanced by repulsive forces between 
X and Y. The last two columns of Table 39 give the left- and right-hand sides of 
the fourth equation (II, 183). It is seen that the agreement is fairly good for the 

49 With a few exceptions the observed frequencies are taken from Kohlrauseh (14). 

490 Using atomic weights for the masses and 4ir 2 ( a Vi 2 Mi = 5.8S94 X lO -2 ^ 2 for X t (sec* p. 1G0). 

60 The evidence that NH 4 + is tetrahedral is inconclusive [see Ananthakrishnan (47)]. 

61 This is the average of the two observed frequencies which correspond to a Fermi resonance 
(see section 5). 
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halides of C and Si but poor for the other molecules. Trumpy (873) has given a 
method of obtaining a set of force constants ki 9 fc 2 , k' which gives the best possible 
representation of the observed four frequencies [see also Kohlrausch (13)]. The 
force constants in Table 39 are not this best set. Rather they are evaluated in such 
a way as to give a perfect representation of vi t v 2 , and v 3 2 + v 4 2 but a poorer repre- 
sentation of the individual vz and 

We refrain from giving any further examples for the application of the assumption 
of central forces since in general the assumption of valence forces (sec the following 
subsection) has proved to be somewhat more satisfactory in representing the ob- 
served fundamental frequencies. It has the added advantage of being applicable 
also to linear and plane molecules. 

(d) Assumption of valence forces 

The assumption of valence forces was first made by Bjerrum (155) in 1914. He 
assumed that there is a strong restoring force in the line of every valence bond if the 
distance of the two atoms bound by this bond is changed. In addition he assumed 
that there is a restoring force opposing a change of the angle between two valence bonds 
connecting one atom with two others. As for the central force system, here likewise 
often not all normal frequencies are necessary for a calculation of the force constants 
and therefore a valuable check on the assignment of the frequencies is possible. 

Application to non-linear symmetric XY 2 . In the case of the non-linear sym- 
metric molecule XY 2 there is, according to the assumption of valence forces, a restor- 
ing force between X and each Y as well as a force stabilizing the Y — X — Y angle. 
The latter replaces the central force between the two Y atoms in the central force 
system. Thus we have for the potential energy (neglecting higher powers), 

2 V = ki(Qi 2 + Qi 2 ) + M 2 , (IT, 180) 

where Qi and Q 2 as previously arc the changes of the X — Y distances and where 8 
is the change of the angle 2a (Fig. 55a). It is assumed in the valence force field 
that there are no cross terms in the potential energy if it is expressed in terms of the Qi 
and 5. Qi, Q 2 , and 8 are also called valence force coordinates as contrasted to the cen- 
tral force coordinates Qi, Q 2 , and Qz used previously. 

We have now to express 8 in terms of the symmetry coordinates (Fig. 55a) just 
as previously we expressed Qi, Q 2 , Qz in terms of these coordinates. In the equilibrium 
position we have 

h 

cot a = - , 
a 


where 2a and h are the base and the height of the triangle formed by the nuclei. In 
the displaced position of the symmetry coordinate *S 2 the angle a has changed to 
a + $ 2 /2 and we have, with (II, 121), 


cot 



h — S 2 — 


2my 

mx 


*S 2 


h — pSz 


a 


a 
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and therefore, for small displacements and with a = l sin a, 

A ( , ^2 \ 82/2 pS2 

cot I a + — 1 - cot a = — ■ = - — 

\ 2 / sur a l sin a 

or 

2 p 

82 = — S 2 sin a, 

where l is the equilibrium X — Y distance. Similarly Si, the change of 2a during the 
displacement Si, comes out to be 

Si = — j S\ cos a, 

and therefore, since S3 docs not produce any change of 2 a (see Fig. 55a), the total 
change 8 of 2 a when all oscillations are excited is 


2 p . 2 

8 = 81 + 82 = — S 2 sin a — ~ $1 cos a . 


(II, 187) 


Substituting (II, 187) and Qi and Q 2 from (II, 122) into the expression (II, 186) 
for the potential energy and comparing with (II, 109), one obtains for the potential 
constants c**, 

4 

C11 = 2ki sin 2 a + ~ ks cos 2 a; 


C 12 = 2 pki sin a cos a — — pk& sin a cos a ; 


(II, 188) 


C22 = 2p 2 ki cos 2 a + — k& sin 2 **; 

C33 = 2r 2 ii. 

The constants da of the kinetic energy are, as before, given by (II, 120). If these 
da as well as the new ca arc substituted in (II, 115), (II, 117), and (II, 118), one 
obtains for the normal frequencies: 


„ / 2 my n \ k\ 

X 3 = 47 t 2 j' 3 2 - ( 1 + sin 2 a ) — , 

\ m x ) m Y 


(II, 189) 


Xi + X 2 = 47t 2 (j'i 2 + V 2 2 ) 


( 1 , 2 ^ y 2 \ , 2 ( 

= 11 + cos 2 a ) — + — 1 

\ mx /my my \ 

t _ _ / 2m y \ k\ ks 

X 1 X 2 = IQi^viW = 21 1 + ) — — • 

\ mx / my 2 1 


2 my 

1 + sin 

mx 


in 2 « ) J , (II. 


(II, 191) 


It should be noted that k&/l 2 has the dimension of a force constant, dynes per centi- 
meter, as has k\. Again, as in the case of the central force field, if v\, V 3 and the 
angle a are known, the force constants k\ and ks/l 2 may be obtained from the equa- 
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tions (II, 189) find (II, 191), 52 and (II, 190) may then serve as a check on the con- 
sistency of the assumption of valence forces. 

Table 40 gives, for the same molecules as Table 37, the force constants k\ and 
k^jl 2 obtained in this way and the left- and right-hand sides of equation (II, 190) 
multiplied by my. It is seen that the agreement between these two columns is 


Table 40. force constants and valence angles of non-linear XY2 molecules 
OBTAINED UNDER THE ASSUMPTION OF VALENCE FORCES . 63 [REVISION AND 
EXTENSION OF A SIMILAR TABLE BY PENNEY AND SUTHERLAND (092)]. 63 ® 


Molecule 

ki 

hlP 

47t 2 ;«y(vi 2 

m Y X [R.H.S. of 
(11. 190)] 

2a 

Observed 

2a 

Calculated 

HjO 

7.76 

0.09 

9.44 

9.60 

105° 

120° 

d 2 o 

7.94 

0.70 

10.08 

10.30 

105° 

113° 

h 2 s 

4.14 

0.45 

5.04 

5.21 

92° 

156° 

D28 

4.46 

0.44 

5.28 

5.66 

92° 

159° 

H 2 Se 

3.24 

0.31 

3.72 

3.91 

90° 

imaginary 

P 2 Se 

3.33 

0.30 

3.81 

4.02 

90° 

imaginary 

ch 2 

4.77 

0.58 

6.48 

6.31 

115° 

98° 

SO2 

9.97 

0.81 

15.33 

15.30 

120° 

120° 

no 2 

9.13 

1.52 

20.40 

22.58 

120 °*> 

119° 

f 2 o 

5.57 

0.55 

10.40 

13.32 

10-4° 

87° 

ci 2 o 

4.93 

0.41 

11.94 

1 

15.25 

111° 

81° 


X10 5 dynes/cni 

X10 6 dynes/cm 




decidedly better than the agreement between the corresponding two columns of 
Table 37. It is noteworthy that in all cases ks/P is much smaller than ki 9 indicating 
a much smaller resistance to the bending than to the stretching of the particular bond. 

Instead of using equation (II, 190) as a check one may use it together with the 
others in order to determine the angle 2a. By successive eliminations the following 
equation for w = 1 + (2my/wx) sin 2 a is obtained: 


w 3 


-( 


i + 


2 my \ {v^ + vq 2 + v^) v'3 


wix / 


n -Vi- 


+ 2 


(, + =:)(, + . o. mm) 

\ mxj\ nix. ) vxW 


The values of 2a calculated from this equation are given in the last column of Table 
40 and compared to the observed angles given in the preceding column. While from 
the central force system in almost all cases imaginary values for the angles result, 
here with two exceptions (H 2 S 0 , D^Se) real values are obtained which except for 
II 2 S and D 2 S are fairly close to the observed angles. One may therefore, with some 
reservation, even attempt to obtain this angle from the observed frequencies in 
cases where it is not known from other data. 


62 itself can only be obtained when in addition the internuelear distance l is known, but usually 
one is satisfied to determine ks/l 2 . 

68 The frequencies used are those given in Table 37. About the units see equation (II, 167) and 
the accompanying discussion. 

““ Our k$ is one half of Penney and Sutherland’s k a • 
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From the above it appears that the valence force field is much superior to the central 
force field in the case of XY 2 molecules. Conversely the former may be used with 
greater confidence for the correlation of the observed frequencies to the three normal 
vibrations of XY 2 molecules. 



Fm. 00. Actual form of the normal vibrations of H 2 0, S0 2 and C1 2 0. — The diagrams give the 
correct relative amplitudes of the nuclei. The scale of amplitudes is much larger than the scale of 
internuclear distances if the state t\ = 1 is considered. No attempt is made to have the same 
scale in different diagrams, that is, the vibrations are not normalized. 


In order to obtain the actual form of the normal vibrations vi and V 2 , which arc 
not uniquely determined by symmetry, we have to superimpose the symmetry 
coordinates Si and $2 of Fig. 55a in the ratio (r 2 2 — X// 22 ) : — (C 21 — X t d 2 i) (see 
]). 150), where X 4 = Xi or X 2 . Substituting the c t n and d lk from (II, 188) and (II, 120) 
respectively, we obtain the ratio 

Si : S 2 = ^ 2pki cos ra + 4 p ~ siift* — 2X*My ^ : 

— 2 sin a cos a ^ k\ — 2 “ ^ , (II, 198) 

where p = 1 + (2my /mx). The following numerical values result from this formula 
and the data of Table 40. 


For II 2 0: 


For SO 2 : 


For CI 2 O: 


*ll 

Si : Si = 

1.20 : 1; 

*1, 

Si : 8* = 

1.40 : 1; 

Vh 

II 

- 1.025 : 1 


Si : S 2 = - 0.875 : 1. 
v 2 , Si : S 2 = - 1.34 : 1. 
v 2 , Si : S 2 = - 4.88 : 1. 


In Fig. 60 the superposition is shown for these three cases. The vibrations vs are 
also given to scale. Essentially the same form for vi and v 2 would have been obtained 
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on the basis of the central force system, as can be seen from equation (II, 129) in 
which ai2 = ai3 = 0. 

Fig. 60 gives only the correct relative amplitudes of the nuclei. Their absolute 
values depend on the magnitude of the vibrational energy. Classically this vibra- 
tional energy can assume any value, but it must be recalled that the whole theory 
of normal vibrations holds only for displacements that arc small compared to the 
internuclear distances. In order to obtain the absolute values of the classical ampli- 
tudes that would correspond to say the vibrational state with v t = 1 one would have 
to equate the vibrational energy hcv{% to the potential energy (II, 109) in which the 
Cik from (II, 188), Si : S% from (II, 193) and $3 = 0 arc substituted. In the three 
examples of Fig. 60 only the H atoms of II2O would give amplitudes that could be 
draw on the same scale as the internuclear distances, for all other atoms they would 
be too small. 

Kohlrausch (14) has also given formulae corresponding to (II, 189-191) for the case in which 
there is a valence bond between the two Y atoms in addition to those between X and Y, and consc- 
quently another stretching and another bending constant; that is, when a term biQ£ + AV(5' + 5" ) 
is lidded to the potential energy (II, 180) ; 5' and 5" arc the changes of the two X — Y — Y angles. 
An example would be the ethylene oxide molecule (C2II4O) if the OII 2 groups are considered as one 
particle each. A limiting case (X = Y) would be a molecule consisting of three equal atoms (or 
groups) forming an equilateral triangle. A probable example is cyclopropane, (CH 2 )s. In this case 
the formulae for the frequencies assume the simple form: 

Xi = iAi 2 = — - , 
in 

x 2 = X, = 4 ttW = 4*W = T~ f*l + 3 k * ) • (II, 194) 

2m \ P / 

Two of the frequencies coincide (see p. 85). These formulae could, of course, easily bo obtained 
directly by using the symmetry coordinates (normal coordinates) given in Fig. 32a. 

Application to linear XY 2 molecules. A great advantage of the valence force field 
is that it leads to reasonable results even for linear molecules. Unlike (II, 166), 
equation (II, 191) does not contain the factor cos 2 c* and therefore does not require 
one of the two frequencies v\ or v% to be equal to zero for a — 90°. One obtains in 
this case for the frequencies of the three normal vibrations (see Fig. 25b) from 
(II, 189-191) 

A/i 

Xi = 47 t 2 i'i 2 = — , (II, 195) 

m y 

X, - toV - ^(l +^)|. (11,196) 

(11,197) 

These formulae are, of course, identical with those obtained from the previous 
general formulae (II, 152) if one puts 

an = *1, aj 2 = 0 , (Z33 = &a. 

In Table 41 are given the observed frequencies for the linear molecules CO2 and 
CS2 and the values for k\ and ki/P derived from (II, 195-197). ki may be obtained 
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from v\ as well as from v 3 . The quality of the agreement between the two gives an 
indication of the quality of the approximation supplied by the valence force field for 
these molecules. 

If it were not known that CO 2 and CS 2 are linear, one would obtain from (II, 192) 
the angles 150° and 164° respectively. 


Table 41. observed fundamental frequencies and force constants 

OF LINEAR SYMMETRIC MOLECULES XY2. 


Molecule 

vi (cm 

Vi (em x ) 

j /3 (rnr 1 ) 

k\ from pi 

ki from Vi 

*» ip 

C 0 2 

1337 64 

667 

2340 

10.8 

14.2 


0.57 

CS 2 

657 

307 

1523 

8.1 

6.9 


0.234 





X10 6 dynes/cm 


Application to linear XYZ molecules. In the case of an unsymmetric linear 
triatomic molecule (XYZ) such as IICN, C1CN, N 2 0, there are two different force 
constants fa and fa corresponding to the stretching of the two different bonds (II — C 
and C=N for IICN) as well as one constant k& corresponding to the bending of the 
molecule. A calculation similar to the one described above for non-linear symmetric 
molecules leads to the following formulae for the frequencies [see Lechner (562), 
Bauermeister and Weizel (129), and Rosenthal (749)]: 

fa + fa = 47t 2 (fi 2 + f 3 2 ) = ki (— + — ) + — + ~ ) ’ t 11 * 

\ mx my / \ wiy niz / 


X1X3 = 16x 4 I'l 2 »'3 2 = 


nix + m Y + m z , 

fafa, 

mxmYmz 


X 2 = 47T 2 F2 2 


1 ( ll2 A 4. {h + h)2 \l 

h 2 l'2 2 \ Mz mx m Y ) 


(II, 199) 
(II, 200) 


Here l\ and I 2 are the distances of X and Z respectively from Y. In order to evaluate 
the three force constants all three frequencies are necessary and no check is possible. 
The bending constant fa can be evaluated only when the internuclear distances 
are known. 

Table 42 gives for a number of such linear unsymmctrical molecules the observed 
frequencies and the force constants calculated from them according to (II, 198-200), 
assuming the internuclear distances given in the columns headed l\ and I 2 , which are 
obtained from other data. In agreement with expectation, faftlih) is always much 
smaller than either fa or fa, indicating a much smaller resistance to bending than 
to stretching. 

Fig. 61 gives as an example the form of the normal vibrations for HCN and C1CN. 
It should be noted that the two outer atoms oscillate in opposite directions for the 

64 This is tho average of the two observed frequencies which are due to Fermi resonance 
(see p. 217). 
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lower frequency v\ and in the same direction for the higher frequency v 3 . The direc- 
tion of motion of the central atom in v\ is opposite in the two cases because of the 
difference in the ratio of the masses. Correspondingly in IICN it is v\ in which 
mainly the C — N bond is stretched, in CiCN it is v 3 . 


Table 42. fundamental frequencies and force constants of linear unsymmetric 
MOLECULES, AETFR PENNEY AND SUTHERLAND (692). 65tt 


Molecule 

v\ 

Vi 

V’i 

h 

h 

h 

ki 

h/hh 

h 

HCN 

2089 

712 

3312 

1.06 

1.15 

5.8 

17.9 

0.20 

0.25 

CICN 

729 

397 

2201 

1.76 

1.15 

5.2 

16.7 

0.20 

0.40 

RrON 

580 

308 

2187 

1.93 

1.15 

4.2 

16.9 

0.17 

0.37 

ICN 

470 

321 

2158 

2.12 

1.15 

3.0 

16.7 

0.12 

0.30 

SON” 

750 

398 

2066 

1.54 

1.15 

5.4 

14.4 

0.20 

0.36 

SCO 

859 

527 

2079 

1.54 

1.16 

8.0 

14.2 

0.37 

0.66 

NNO 86 

1285 

589 

<N 

1.15 

1.23 

14.6 

13.7 

0.49 

0.69 










X10" 11 



cm" 1 


X 10' 

cm 

X10 5 dynes/cm 

dynes • cm 










radian 
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", 


Cl 





1 


N 

1 




II 


C N 


C 



N 


(a) (b) 

Fio. 61. Actual form of the normal vibrations of (a) HCN and (b) CICN. — Soo caption of 
Fig. 60. Some displacements are so small compared to tho others that the corresponding arrows 
fall within the circle representing tho particular nucleus. 

The numbering of the vibrations used in Table 42 and Fig. 61 is the one used by 
most authors. For various reasons it was not changed to a numbering consistent 
with our usual scheme (see p. 271). 

Application to non-linear XYZ molecules. Lechncr (562) and Cross and Van Vleck (250) have 
also calculated the frequencies for an unsymmetrical non-linear trial-omic molecule under tho as- 
sumption of valence forces [see also Wilson (940)]. Wo refrain from giving their formulae [eso 


66 Tho equations (II, 198-199) lead to complex values for ki and hi in this case. The values 
given have been obtained by a slight adjustment of the observed frequencies. 

660 Our A?a is one fourth of Penney and Sutherland’s k a even though their k a is defined in the same 
way as our fcg. This appears to be due to an error in their paper. 
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Kohlrauseh (14)] but give in Fig. 62 the normal modes of ethyl chloride (C 2 H 6 CI) as calculated by 
Cross and Van Vlcck considering the CH 3 and CH 2 groups as mass points, that is, the C 2 K 6 CI as 
a three-particle system. 



Fio. 62. Actual form of normal vibrations of C 2 H 5 CI considered as a three-particle system 

[after Cross and Van Vleck (2i0)]. 


Application to pyramidal XY 3 molecules. In the valence force treatment of 
pyramidal XY 3 molecules, instead of assuming a central force between each pair of 
Y atoms we now assume a force that tends to restore the angle a between each pair 
of XY bonds. Thus the potential energy is 

2V ~ h(Q 2 l2 + Q13 + Qi 4 ) + ks(8 2 3 + ^24 + (II, 201) 


where, as in the central-force treatment, Qu, Qi 3 , and are the changes of the XY 
distances and where the 5,*- are the changes of the angles between the lines XY» 
and XY*. hi and k& are the force constants. 

We have now to express the Q,* and 8 lk in terms of the symmetry coordinates 
introduced previously. For the Q,k the previous formulae (II, 169) hold. A calcula- 
tion similar to the one given above for the XY 2 molecule leads to the following 
expressions for the 


<5*23 = 5*4 = 


cos 0 s V3(2r — 1) cos 0 

?«i + — . ,7-^2 


cos a/2 l 


l cos a/2 


834 


3 V3 m y sin 3 /? Vii(l + cos 2 /?) 

4 l mx cos a/2 * 3a U cos a/2 ^ iat 

V 3 cosj 3 s V3(2r - 1) cos 0 

cos a/2 l * 1 ^ l cos a/2 2 


(II, 202) 


3 V 3 my sin 3 4 /? 

2 T Mix cosTa/2 ^ 3a 


V3(l + cos 2 /3) 

21 cos a/2 4a 


Heie r and s are given by (II, 158), l is the equilibrium distance between X and Y, 
a is the equilibrium angle between two XY bonds, and 0 is the equilibrium angle 
between an X — Y bond and the axis of symmetry of the molecule [sin 0 = 
(2/V3) sin a/ 2], 

Substituting the Q t k from (II, 169) and the b t k from (II, 202) into the expression 
(II, 201) for the potential energy, and comparing with (II, 153), the following 
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formulae for the 'potential constants c t k are obtained: 


cn = 3p 2 ki + 


9 cos 2 /? s 2 
cos 2 a/2 l 2 i 


C12 = — 3 psii — 


9 cos 2 /? (2r — 1 )s 
cos 2 a/2 P ' 


== Ss 2 ^! + 


C33 = Gr 2 ^! + 


9 cos 2 /? (2r — l) 2 
cos 2 a/2 P 
81 my 2 sin 6 /? fcg 
8 mx 2 cos 2 a/2 Z 2 * 


(II, 203) 


27 my (1 + cos 2 /3) sin 3 /?fo 
C34 = — 3r&i sin P + ~ z jz ^ . 

8 mx cos 2 a/2 r 


C44 = 2^1 sin 2 /? + 


9 (1 + cos 2 /?) 2 ft* 
8 cos 2 a/2 P 


The terms depending on &i in these equations arc, of course, the same as those with 
ai in the previous equations (II, 170) based on the central force field. 

If now the c lk of (II, 203) and the d lk of (II, 157) are substituted into the factored 
secular equation (II, 155), the following equations for the normal frequencies are 
obtained [noting that cos 2 a/2 = {(1 + 3 cos 2 /?)]: 


Xi + X2 


( my 
1+3 — cos 2 /? 
m x 


/ my . \ 12 cos 2 p k& 

+ \ 1 + 3 mx Sm 13 ) (F+ 3 cos 2 (j) mrP ’ 


X3 + X 


12 cos 2 /3 / wy pi *‘s 
XlXi "1+3 cos 2 li\ mx + ) my 2 ‘ ¥ 1 

( 3 Wy . \ ki 

f Xi = ( 1 + -- — sin 2 /3 ) — 

\ 2 mx / m y 


(II, 204) 


(II, 205) 


( n ' 

1 + cos 2 p + “ - — sin 4 P 
2 mx 


^ 2 mx 

1+3 cos 2 £ 


X3X4 — 


1 + cos 2 /? + 3 sin 2 P 

mx , 

1+3 cos 2 p 


ki A/j 

7My 2 P 


(II, 206) 


(II, 207) 


These equations were first derived by Lechner (563). If all four frequencies are 

observed we have thus four equations for the two unknown force constants ki and 
ks/Py just as in the case of the assumption of central forces 

In Table 43 are given for the same molecules as in Table 38 the force constants 
ki and k&/P, first as evaluated from v\ and v 2 [equations (II, 204 and 205)] and then 
as evaluated from v 3 and v\ [equations (II, 206 and 207)]. It is seen that the 
agreement between the two sets of values is quite satisfactory, showing that the 
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assumption of valence forces is a fairly good approximation for the pyramidal XY* 
molecules. As in previous cases ks/P is small compared to ki in all cases, in agree- 
ment with expectation. 

If the angle f) is not known, instead of using the equations (II, 206) and (II, 207) 
as a check on (II, 204) and (II, 205) one may use (II, 204) and (II, 206) to determine 

Table 43. force constants (in 10 b dynes/cm) for the pyramidal xyj 

MOLECULES ASSUMING VALENCE FORCES . 68 



From v\ and i> 2 

From i/ 3 and v\ 

From vi , 

V 2 , vt, Vi according to (11, 248) 

Molecule 

ki 

hlP 

h 

*« ip 

Ai 

* S/P 


kl'/P 

nh 3 

6.42 

0.41 

6.32 

0.61 

6.3?> 

0.54 

+0.03 

-0.07 

Nl>3 

6.58 

0.44 

6.48 

0.62 

6.51 

0.56 

+0.03 

-0.06 

ph 3 

3.09 

0.33 

3.32 

0.33 

3.24 

0.33 

-0.07 

0 

pd 3 

3.16 

0.35 

— 

— 

— 

— 

— 

— 

pf 3 

5.38 

1.15 

4.20 

1.04 

4.59 

1.07 

+0.39 

+0.04 

PC1 3 

2.66 

0.43 

1.85 

0.20 

2.12 

0.32 

+0.27 

+0.06 

PBr„ 

1.69 

0.41 

1.60 

0.20 

1.63 

0.27 

+0.03 

+0.07 

AsF 3 

4.61 

0.52 

3.58 

0.35 

3.92 

0.41 

+0.34 

+0.06 

AsC1 3 

2.42 

0.26 

1.84 

0.21 

2.03 

0.23 

+0.19 

+0.02 

SbCl 3 

2.10 

0.21 

1.62 

0.16 

1.78 

0.18 

+0.16 

+0.02 

BiCl 3 

1.49 

0.14 

1.03 

0.09 

1.19 

0.10 

+0.15 

+0.02 


0. It is easily seen that the formula for 0 thus obtained is identical with (II, 175) 
which was derived on the basis of the assumption of central forces. 

If the actual form of the normal vibrations is calculated according to the previous 
general equations (II, 159) one obtains for example for NII 3 and ND 3 the result that 
the symmetry coordinates of Fig. 58 have to be superimposed in the following ratios 
in order to obtain the normal coordinates: 






NII 3 


nd 3 

1% 

8 1 

St 

= 1 : 

-0.0066 

1 : 

-0.0135 


Si 

Si 

= 1 : 

1.98 

1 : 

2.54 


$3 

Si 

= 1 : 

0.027 

1 : 

0.061 


s 3 

:Si 

= 1 : 

2.54 

1 : 

2.81. 


For ND 3 these normal vibrations arc the ones represented in the previous Fig. 45. 
It is seen from the above ratios, as well as by comparing Fig. 58 with Fig. 45, that 
the symmetry coordinates introduced above are fairly close to the normal coordinates. 
This is also the reason why these symmetry coordinates were chosen in preference 
to simpler ones (sec p. 155). 

Application to plane XY 3 molecules. If we were to apply the equations (II, 204- 
207) to a plane symmetrical molecule XY 3 (point group Z) 3 *), we would obtain 
XjX 2 = 0 since cos /? = 0; that is, one of the normal frequencies would be zero. This 
is obviously the vibration perpendicular to the plane of the molecule (see Fig. 63), 
since for such a vibration the XY distance and the YXY angles change only in higher 
order, so that in the present approximation the potential energy (II, 201) would not 

68 For the fundamental frequencies and the values of the angles assumed, see Table 38, p. 164. 
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change. In order to obtain a non-zero frequency for this vibration one has to intro- 
duce an additional restoring force that tends to bring the angle between X — Y and 
the plane back to zero. The addition of such a force is in conformity with the general 
assumption of valence forces. The potential energy then is 

2V = ki(Ql2 + Ql3 + Q\ 4) + + ^24 + ^34 ) + &a(A ?2 + A13 + A14), (II, 208) 

where Ai2, A13, A14 are the deviations of the lines XY from the Y3 plane. 

We can choose the same symmetry coordinates as for the pyramidal molecules 
(Fig. 58) except that now /? = 90° and consequently aSi and S 2 are of different species 
(A 1 and A2" respectively; see Table 22). While the relations for the Q l j c and 5,* 
remain the same as before, we have for the A,-* 

A 12 = A 13 = A 14 = (- — + 1 ) S f- (II, 209) 

Substituting this and the previous relations (II, 109) and (II, 202) for the Q t k and 
dtk into (II, 208), we obtain the same potential constants dk as before [equations 
(II, 203)], except that for C22 the expression 3[(3 wiy/mx) + l] 2 k^/l 2 has to be added 
and, of course, everywhere ft — 90° has to be substituted. It should be noted that 
in consequence of the latter substitution we have C12 = 0, as it should be since Si 


Table 44. fundamental frequencies and force constants of plane 

SYMMETRICAL XY 3 MOLECULES 67 ASSUMING VALENCE FORCES. 


Molecule 

Vl 

Vl 

Vi 

Vi 

*1 

k-sIP 

ksIP 

Xd+X4 68 

R.1I.S. of (II, 21 1) 68 

n"Kj 

888 

691 

1446 

480 

8. S3 

0.37 

0.87 

1.37 

1.88 

H“C1, 

471 

462 

958 

243 

4.63 

0.16 

0.42 

0.58 

0.84 

B n Br 3 

279 

372 

806 

151 

3.06 

0.13 

0.29 

0.40 

0.55 

co 3 -- 

1 063 

879 

1415 

680 

10.05 

0.51 

1.16 

1.45 

2.29 

no 3 ~ 

1050 

831 

1390 

720 

10.39 

0.64 

1.17 

1.44 

2.09 

SO, 

1069 

652 

1330 

532 

10.77 

0.40 

1.00 

1.21 

1.33 



cm 1 


X10 6 dynes/cin 

X10 6 dynes/cm 


and St now belong to a different symmetry typo (sec p. 147). Because of this we 
have simply Ai = Cn/du and X 2 = c 22 /d 22 , and thus, using the d,k of (II, 157) with 
|8 = 90°, we obtain for the frequencies the simple formulae 



(II, 210) 
( 11 , 211 ) 
(II, 212) 


67 For the sources of the BF 3 frequencies see Chapter III. The frequencies of BC1 3 and BBr 3 
were taken from Anderson, Lasettre, and Yost (52) and those of CO3 and N0 3 ~ from Kujumzelis 
(545), Schaefer, Bormuth, and Matossi (705), and Schaefer and Bormuth (764), those of S() 3 from 
Gerding and Lecomto (348). 

68 Hero X* is taken as 4ir 2 c 2 Mu'i 2 = 5.8894 X 10“W (see p. 160) and correspondingly the masses 
at the right of equation (II, 211) are taken in atomic weight units. 
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where the last two equations are obtained from (II, 206) and (II, 207) by substituting 
j8 = 0 since (II, 209) does not contain S 3 and S4. As would be expected, according 
to (II, 210), vi depends on ki only, vi on only. 

In Table 44 are given the frequencies of a number of plane symmetrical XYg molecules and the 
force constants determined from (II, 210) and (II, 212). The last two columns give the left and 
right hand side of equation (II, 211) as evaluated with the ki and kt/P values given. The agreement 
is fair, but there is a systematic difference. In Fig. 63 as an example the actual form of the normal 
vibrations of BFa is represented. 





Fio. 63. Actual form of the normal vibrations of the BFs molecule. — See caption of Fig. 60. 
The forms for vt and v\ have been calculated from force constants ki = 6.45 and k% = 0.60 X 10 6 
dynes/cm. obtained from the observed frequencies p* and v\ according to (II, 211) and (II, 212) and 
not the k\ and k% values in Table 44 which are obtained from (II, 210) and (II, 212). 

Application to plane XYZ 2 molecules. For the plane XYZ 2 molecules, of which formaldehyde 
(H 2 CO) and phosgene (Cl 2 CO) are well-known examples, there are six non-degenerate vibrations, 
five of which are in the plane of the molecule (see Fig. 24a-f). The potential energy, under the 
assumption of valence forces, is 

2V - hQlt + k 2 (Q\ 2 + Q\,) + hit, + hVlt + *«) + &AA 1 , (II, 213) 

where the nuclei are numbered as indicated in Fig. 24a. The force constants k\ and k% represent 
the resistance to stretching of the X— Y and Y— Z bonds respectively, h refers to the change of the 
angle 623 between the two Y — Z bonds, fc$' to the change (524 or 634 ) of the angle between the Y X 
and a Y— Z bond and to the change A of the angle between X— Y and the plane of YZ 2 . The 



180 


VIBRATIONS 


H,4 


Q,k have the same moaning as for pyramidal XYj above. A calculation very similar to those carried 
out almve leads to the following results Qsee Leohner (5(13), Kohlrausrh (14), and Burkard (185) 
for tho oscillations in the plane of the molecule and Fig. 24a-f for the numlx-ring of the oscillations]: 


Xi + X 2 + X, = fci ( — + — ) + fra ( — + — <’os 2 or \ 

\mx my) \ m Z m y / 

, 2fr s + h’ / 1 2 \ 

H [ 1 sm 2 a 1 , (II, 214) 

/ 2 2 \ wz w»y / 


XiXj + XiX» + XiX, = kik t ( — 1 1 — cos 2 a \ 

\mxmz Trtymz mxiny ) 


+ ki 


2kj 4~ 

Tf 


V wx> 


1 2 . , \ 

■ 1 sm z a I 

■nx« Y / 


xmz wiywz wxw Y 


*2 2 \ wiz 2 niYmz / 

. . 2fc a + v / 1 , 1 , 2 \ 

X1X2X3 = fcifa 7- — ( H ; ^ ) * 

h 2 \ wxwz 2 my 01 'A 2 wx»iY»»Z / 

/I 2 . \ V / 2/ 2 2 , ?i 2 . 2(/ 2 + 7i cos«) 2 \ 

^ + ^=^(„- + +w(^ + «z + 77 “ 

x x =k2 J^L( 2k - + — + + — + - i( 2 _£2m + 4/ 7 sinS „ \ t (II> 21 s) 

/i 2 /- 2 2 \ t«x«Z ?nz 2 mymy t my my, m\ 2 / 


^ / Ji 2 _j_ Z 2 2 cos 2 « _j_ (?i + roa o ?) 2 \ 

Zi 2 Z 2 2 cos 2 a \ 2//iz r«x m Y / 


(II, 215) 

(II, 21G) 
(II, 217) 


(II, 219) 


Application to linear symmetric X 2 Y 2 molecules. Tho potential energy of a linear symmetric 
X 2 Y 2 molecule on tho assumption of valence forces is given by 

2V = k x Q\ % + k 2 (Q 2 l2 + Qli) + + «L)- ( n . 220 > 

Here k\ is tho force constant of the X — X bond, k% that of the X bond, and k& that corresponding 
to the change of angle between X — X and X — Y. The numbering of tho nuclei is as indicated in Fig. 


TAHLE 45. FUNDAMENTAL FREQUENCIES 69 AND FORCE CONSTANTS OF LINEAR 
SYMMETRIC X 2 Y 2 MOLECULES ASSUMING VALENCE FORCES. 


Molecule 

V\ 

V2 

Vi 

v\ 

v& 

h 

h 

ki 

ki 

h 

hk 

X 1 X 2 58 

* 1*2 60 
2— - 
r»xw Y 

Pscalru luted 

C 2 H 2 

c 2 n 2 

c 2 n 2 

3374 

2700 

2322 

1974 

1762 

842 

3287 

2427 

2149 

G12 

505 

50G 

729 

539 

226 

1.20 

1.20 

1.46 

1.06 

1.06 

1.15 

15.80 

15.90 

5.22 

5.92 

5.99 

17.60 

0.120 

0.116 

0.195 

15.39 

7.85 

1.32 

15.46 

7.S7 

1.09 

500 

360 

254 

cm 1 

X 10 -8 cm 

X If) 5 dynes /cm 

X 10*° (dyncs/'cm) 2 

cm -1 


04b. Tho Qxk are defined as before; 5 i 3 is tho deviation of the angle between 1-2 and 2-3 from 180° 
and 5 2 4 the corresponding deviation for 2—3—4. Since there is only one each of the vibrations of 
species S M + , II,,, and 1I U (sec Table 36), there is for them only one possible choice of symmetry coordi- 
nates which arc identical with tho normal coordinates in Fig. 04a (see p. 150). Possible symmetry 
coordinates Si and *S 2 for tho two totally symmetric vibrations arc given in Fig. G4b. 


58 On p. 178. 

M For a more detailed discussion of tho observations see Chapter III. 
80 m in atomic-weight units. 
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It is very easy in this case to find the relation between the coordinates Q%k and S t k and the sym- 
metry coordinates, and to set up the secular equation. We give only the results for the normal 
frequencies : 

N C C N T,* 

ki / 7HY \ k 2 c> » 4 0 o* 2*g 

Xi +X 2 =2 + ( 1 + ) - - , (II ,221) 

/«x \ w*x ) iw Y 


k i k>2 

XiX 2 =2— , 

mx wy 


(II, 222) 


(11,223) 

\ mx ) «*Y 

(,vL'»y »»x J 




(II, 225) 


In Table 45 are given the observed funda- 
mental frequencies of the three linear molecules 
C 2 H 2 , C 2 1>2, and C 2 N 2 , and the force constants 
k\, fc 2 , k&lhh for these molecules as obtained 
from (II, 221), (II, 223), and (II, 224), assum- 
ing the internucloar distances given. Tlie last 
three columns give the left- and right-hand 
sides of (II, 222) and the value of vb as calcu- 
lated from (II, 225), assuming the kt/hh ob- 
tained from v\. It is seen that for the acety- 
lenes equation (II, 222) is quite well fulfilled 
but the calculated values of v h are in very 
poor agreement with the observed, whilo for 
cyanogen (II, 222) is poorly fulfilled but the 
agreement for vs is fairly good. 

The form of the normal vibrations vi and vi 
which is not determined by symmetry can be 
obtained in the same way as described earlier 
for non-linear XY 2 (see p. 171). The result for 
C 2 N 2 is illustrated in Fig. 64a, in which also the 
other three normal vibrations are drawn to 
scale for this case. It is seen that V 2 is essen- 
tially a O — C vibration whereas vi is a C — N 
vibration. 

Application to tetrahedral XY4 mole- 
cules. The potential energy of tetra- 
hedral XY 4 molecules on the assumption 



Fig. 64. Normal coordinates and symmetry 
coordinates of linear symmetric X 2 Y 2 . — The nor- 
mal vibrations in (a) are drawn to scale for 
C 2 N, (see Table 45). The two displacement 
vectors of X in 1/3 and vs are wy/wx times the 
displacement vectors of Y, those of X in v\ are 
«iY/mx[ 2 (/ 2 //i) +1] times those of Y. In (b) 
two convenient symmetry coordinates of species 
2/' arc shown. The symmetry coordinates for 
the other species are identical with the normal 
coordinates in (a). 


of valence forces is given by 


2 V = k(ri 2 + V2 2 + r $ 2 + r 4 2 ) + &a(5i2 + 5 13 + $i 4 + $23 + ^2 4 + SJh), (II, 226 ) 


where the force constant k corresponds to the change of length r»- of the XY bond 
and ks corresponds to the change of the angle YXY. Unlike the case of central 
forces, here all individual forces are zero in the equilibrium position. Correspond- 
ingly there are only two rather than three force constants. Introduction of sym- 
metry coordinates and setting up of the secular equation leads to the following 
equations for the four fundamental frequencies £Lechner ( 564 ) quoted by 
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Kohlrausch (14)]: 


(II, 227) 


A 3 + A- 


A 3 A 4 = 


k / 4my \ / 

4 my \ 3mx / my? \ 

2fcfc 8 / 4my \ 

4 my 2 / 2 \ mx / 


(II, 228) 


(II, 229) 


(II, 230) 


Here l is the XY distance, v\ = Va^/27t is the totally symmetric non-degenerate 
oscillation (see Fig. 51), v 2 is the doubly degenerate vibration, and v 2 and v\ are the 
triply degenerate vibrations. 

Since there are only two potential constants but four equations for the frequencies, 
there will be two checks, k and ks/l 2 are most easily determined from Ai and A 2 . 
Substituting into the equations for A 3 + A 4 and A 3 A 4 , we obtain 

Xs+x4 = Xi (i +£) +?X 2 (i + I^) (II,23l) 


V 3 V 4 2 / 4 m Y \ 

V 1 P 2 V 3\ mx ) 

Table 46. FORCE CONSTANTS OF TETRAHEDRAL MOLECULES XY4 ON THE 
ASSUMPTION OP VALENCE FORCES. 


R.H.S. (II, 231) 


(II, 232) 


Molecule 

k 

h 

P 

X 3 +A 4 m 

CH 4 

5.04 

0.461 

6.38 

cd 4 

5.16 

0.439 

3.59 

Sill 4 

2.84 

0.189 

3.29 

nh 4 + 

5.46 

0.562 

6.93 

cf 4 

9.14 

0.713 

1.18 

SiF 4 

7.16 

0.252 

0.72 

CCI4 

4.38 

0.331 

0.41 

SiCl 4 

3.75 

0.157 

0.25 

TiCl 4 

3.11 

0.100 

0.156 

GeCl 4 

3.27 

0.125 

0.138 

SnCl 4 

2.80 

0.075 

0.106 

CBr 4 

3.36 

0.237 

0.29 

SiUr 4 

2.92 

0.127 

0.151 

GeHr 4 

2.58 

0.095 

0.071 

Snl3r 4 

2.28 

0.064 

0.050 

SO 4 — 

9.07 

0.639 

0.94 

CIO4- 

8.24 

0.670 

0.95 

P0 4 

9.05 

0.414 

0.85 


X 10 5 dynes/em 

xio 5 < 


“ On p. 178. 



DETERMINATION OF NORMAL VIBRATIONS 


183 


H,4 


Table 46 gives for the same molecules as in Table 39 the force constants k and 
kg/P and the left- and right-hand sides of equations (II, 231) and (II, 232). The 
agreement is good for the hydrides but very poor for CF 4 , CC1 4 , and CBr 4 , and fair 
for the other molecules given. On the whole, the consistency for the valence force 
system in the case of tetrahedral molecules is at least as good as for the central 
force system (Table 39), even though the former uses only two adjustable force 
constants as compared to three for the latter. But a refinement of the valence force 
field (see below) leads to a still better agreement. 


Application to plane X 2 Y 4 (point group Vh)- For ethylene-like molecules X 2 Y 4 with bonds be- 
tween X— X and X— Y, the potential energy, under the assumption of valence forces, is given by 

2V = k.Qlt + k,(Q\, + Q\i + < 2 « + <?!,) + *«(»?, + *!.) 

+ *»'(«? 4 + Si, + «f 6 + if,) + + Pi,) + (II, 233) 


*Here the Qa, as previously, are the changes of the distances between nuclei i and k (with the number- 
ing used in Fig. 67), 8 t k are the changes of the valence angles involving nucleus i and k, fin and fist 
are the angles between the XY 2 planes and the XX axis, and 7 is the angle of torsion of the two XY 2 
about the XX axis, fci and k 2 are the stretching force constants of the X — X and X — Y bonds re- 
spectively, kg and kg' are the bending force constants corresponding to the Y — X — Y and Y — X — X 
angles respectively, A# is the force constant corresponding to the bending of the plane of the mole- 
cule and ky is the torsional force constant. 

If the Qtk , 8ik , fiik, and 7 are expressed in terms of the symmetry coordinates of Fig. 67, the 
potential constants <•»* in (II, 131) can be obtained. Substituting these and the d»* from (II, 142) 
into (II, 133), one finds for the three vibrations of species A 0 : 


2ki 

Xi 4- X 2 4- X 3 = b 

rax my 

2k\k 2 

XiX 2 + X 2 X 2 -f* XiX3 = + 

J»XW Y 


1 , 2mY , 

1 4 cos* a 

rax 


k*_ / 

\ 

Mkg' 4- 2 kg) 


\ kg' + 2kg ( 2my . , \ 

) + 7T ( 1 + 8,n « ) » 

/ my l 2 2 \ rax / 

+ 


my% 2 


1 + 


rax ) 


2 my \ ( 2k\(kg' + 2 kg) 


mx^Yh 2 


(II, 234) 


X1X2X3 


2kik 2 (kg f + 2 kg) 
raxra y 2 l^ 

Similarly, from (II, 134) one obtains for the vibration of species A u (torsional oscillation) : 

1 k y 


X 4 


sin 2 a. rayZ 2 2 

From (II, 135) one obtains for the two vibrations of species B\ a : 
x .x Aj 2 f 2my . , \ kg' f 

X 6 + X 6 - — ( 1 + am 2 a ) 4 — 

ray \ rax / mylf L 


1 4- — ~ ( 2 ~ — cos a 


2m y 

rax V* b 


)'] 


% x hi kg' r , , 2 my ( h , „ h 2 ^ 

XsX * “^L 1 + -^r( 1 “V oaa + 4 ^)J- 


From (II, 136) and (II, 137) one obtains for the vibrations of species Bi u and B 2q \ 


X 7 


1 .4»(i + 2S\ 

2 \ rax ) 


2 cos 2 amy Z 2 2 \ ' rax 


x 8 - 1 k & r + ft + c ° 8 <*)* 1 . 

cos 2 a h% 2 L ray rax J 

From (II, 138) one obtains for the two vibrations of species B 2u : 

x lx ki / 1 2ray \ kg' / 2ray V 

X 9 4- X 10 - — ( 14 sin 2 a I 4 n I 1 4 cos 2 a j , 

ray \ rax / my If \ rax / 


. . W ( 2ray \ 

XjXio = — r (14 1 * 

myHf \ rax / 


(II, 235) 

(II, 236) 

(II, 237) 
(II, 238) 

(II, 239) 
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And finally, from (II, 139), for the two vibrations of species li 3ll : 


Xll + Xl 2 


Xl|Xl2 


- cos 2 a ) + 


*5 T 


k 3 ( 2 m Y 

— I 1 H l ud « . | 

my \ mx ) wytf 

/ 2 my \ . 

my 2 l 2 2 \ mx / 


( i zmY • s 
[ 1 H sin 5 

\ 


* 


01,240) 


Ta'ILE 47. OH SERVED FUNDAMENTAL FREQUENCIES 61 AND FORCE CONSTANTS 
OF PLANE SYMMETRIC X 2 Y 4 MOLECULES. 



C 2 II 4 

o 2 n 4 

C 2 Cli 

N 2 O 4 


Vl(«o) 

3019 

2251 

1571 

1300 


ViM 

1G23 

1515 

447 

813 



1342 

981 

237 

283 


Va (flu) 

825 

— 

— 

— 


vg(l)i a ) 

3272 62 

2304 

1000 

1724 


Vb(big) 

1050 

883 

347 

500 

cm 1 

viOhu) 

949 

720 

332? 

680 


Vs 0>2g) 

943 

780 

512 

— 


vg(h 2n ) 

310G 

2345 

913 

1749 


Vlo(b 2u ) 

995 

— 

— 

380 


Vll(f>3u) 

1 2990 

2200 

782 

12G5 


vi 2 (b 3 „) 

1444 

1078 

387? 

752 


Xi -b X 2 “b X 3 — Xu — X 12 68 

1.50 

1.37 

1.10 

0.25 


/ 2mY\XiX 2 X3 M 

1.60 

1.50 

1.24 

0.21 


V wx/X 11 X 12 





m\/ 2 my\ X 1 X 0 X 3 58 






ki ”— ■ 1 +- L“— 

9.57 

9.39 

7.47 

1.47 


^ \ mx/XnXi 2 




A * 83 

5.08 

5.27 

3.21 

11.06 

,<i O' 

A 5® 1 




dyn ps/cm 


0.2G9 

0.338 


0.623 


W 66 






l? 

0.5G7 

0.448 


0.108 


h 

jp (from vi) 

0.229 

0.231 

1.G7 

0.663 


ky 






l? 

0.303 






88 On p. 178. 

81 For a moro detailed discussion of tho vibrational assignments for C 2 H 4 , C2D4, and C2CI4, see 
Chapter III, section 3d. The assignments for N 20 4 are those of Sutherland (822). 

82 If for Vb instead of 3272 the value 3075 cm " 1 is used (as is done by several investigators), and 
k&'fh 2 calculated, a much better agreement with the AV // 2 2 value derived from v 9 and vio is obtained. 
However, this does not seem to be sufficient reason to change the assignment (see Chapter III, 
section 3d). 

68 For C2H4, C2D4, and C2CI4 from vn and P 12 , for N2O4 from vg and vio. For C2CI4 a slight 
adjustment of vn and v\ 2 was necessary in order to prevent k 2 from becoming complex. For C 2 H 4 
tho k 2 value obtained from vg and vio agrees exactly with that obtained from vn and 1 / 12 . 

64 For C 2 H 4 and C 2 D 4 from viu V 12 and for N 2 O 4 from v\, v 2t v 2 and 

65 For C 2 H 4 and N 2 O 4 from vg and vio , for C 2 D 4 from v$ and v*. 
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In the above equations h is the X — X, h the X — Y distance in the equilibrium position and a is 
half the angle at X in the XY 2 triangle (see Fig. 57). The equations for the vibrations in the plane 
of the molecule have been given by Kohlrausch (14). for the out-of-plane vibrations by Bernard and 
Manncback (139) ; but it should bo noted that some of their force constants arc defined in a slightly 
different way. 


Table 48. molecules tiieated on the basis ok the simple valence fouce system. 


Molecule 

Point group 

References 

Non-linear XY* 

Linear XY 2 

Civ 

D*>h 

c 8 

Cr OV 

>Soe the preceding text 

Kohlrausch (14), Trenkler (872) 

Kohlrausch (14), Lechner (5(53) 

Hhagavantam and Venkatarayudu (153) 
Kohlrausch (14) 

Trenkler (872) 

Non-linear XYZ 

Linear XYZ 


Pyramidal XY 3 

Plane XY 3 

Ctv 

D-ih 

Civ 

h 

Civ and Cih 
C t0 

T d 

D, h 

V h 

Plane XYZ* 

Linear XgY 2 

Non-linear X 2 Y*> 

Linear WXYZ 

Tetrahedral X 4 

Square X 4 

Plane X 4 

Tetrahedral XY 4 

T,i 

D*k 

Doh 

Civ or Cik 

Civ 

V h 

D b h 

C‘iv 

Civ 

See the preceding text 

Kohlrausch (14), Wilson (932) 

Kohlrausch (14) 

Thompson and Linnett (858) 

Wu (962) 

Kohlrausch (14) 

Kohlrausch (14), Reitz (735) 

Kohlrausch (14), Wagner (906) 

Trenkler (872) 

Plane XY 1 

Linear XY*»Z* 

Non-linear XY^Z* 

Tetrahedral XY 2 Z? 

Plane XY*Z* 

Plane X 5 

Axial XYZj 

Plane XYZ 3 (cyclobutanone) 

Plane X 2 Y r 4 

V h 

Daa h 

V h 

D b h 

Sec the preceding text 
(ilockler and Wall (384) 

Trenkler (872) 

Kohlrausch (14), Bosschc and Manncback (172) 
Wilson (930), Manncback (597) 

IK J — C — ( <“( TT 

X*(YZ)* (1,3-cyclobutanedione) . 
X 6 


C Hj— ('5=011 

Ci V 

Glookler and Wall (384) 

Calle 

D 3h or Did 

C 8 

V h 

Civ 

Vh 

Howard (460) 

Mizushima, Morino, and Kozima (630) 

Trenkler (871) 

Kellner (495) 

Kohlrausch and Wagner (532a) 

Trans C1II 2 C — CH*Hr 

X 8 Y 2 

(nh 2 ) 2 co 

Y r 2 XY 2 X Y 2 (A1 2 C1 8 ) 


x#y 3 

Dih 

Trenkler (871) 


CH 3 C-CCH 3 

Dih or D i( i 

Cu 

(Ilockler and Wall (384) 

Kellner (495) 

[(NHO.t'D' 1 ’ 

C«UI,) 4 

Td 

Silver (788) 










186 


VIBRATIONS 


H,4 


Since there are only six force constants but twelve equations, there are six relations between 
the frequencies that may serve as a check on the validity of the assumption of valence forces in this 
case. One of these, which is easily obtained from the above equations, is 

( 2 mY\XiX 2 Xa 2 fci _ _ 

1 + ) t r ~ * (H» 241) 

mx / XiiXi2 «x 

It serves at the same time to determine ki. The other force constants can be determined easily from 
the other equations. 

Table 47 gives the observed fundamental frequencies of the molecules C 2 H 4 , C 2 D 4 , C 2 CI 4 , and 
N 204 , which very probably have the symmetry Vh, as well as the left- and right-hand sides of equation 
(II, 241). It is seen that the agreement is quite satisfactory. Table 47 gives also some of the force 
constants obtained from the equations (II, 234-240), assuming an Y — X — Y angle of 120°, and in 
the case of A for C 2 H 4 the internuclear distances given in Chapter IY, section 3b. If one and 
the same force constant is determined from different frequencies, that is, different equations of 
(II, 234-240), somewhat different values are obtained due to lack of validity of the valence force 
system. Therefore the frequencies used for each force constant are indicated in the footnotes. 

Other molecules. A number of other molecules have been treated on the basis of the valence 
force field and formulae for the frequencies have been derived. These molecules are collected in 
Table 48, where references are given to the papers in which they are treated. The table does not 
include more general treatments (see the following subsection). 

(e) Assumption of more general force fields 

While the most general form of the potential energy in most cases contains more 
constants (quadratic terms) than there are normal frequencies, we have seen in the 
above that the assumption of central forces or of valence forces leads in general to 
fewer potential constants than there are frequencies; and therefore one or more of 
the equations for the frequencies may be used as a check for the validity of the 
special assumptions made about the forces. Alternatively, one may also use all or 
part of these additional equations for the determination of further potential constants , 
that is, assume a more general field of force approaching as nearly as possible the 
most general case. A great deal of work has been done in this direction. 

XY 2 molecules. In the case of a non-linear symmetrical triatomic molecule XY 2 , 
the assumption of valence or of central forces requires only two potential constants / 
while there are three frequencies. Therefore, if we start out from the assumption 
of central forces between the three atoms we could introduce an additional force 
acting on one Y atom when the distance of the other Y atom from X is changed. 
The potential energy would be, in this case (compare (II, 97)), 

2V = au(Qi 2 + Q 2 2 ) + ciazQ^ + Za'nQiQ*' (II, 242) 

The resulting formulae for the frequencies are immediately obtained from the general 
formulae (II, 124-126) by putting ai 3 = 0. However, if the observed frequencies 
(Table 37) are substituted, in general not real but complex values for the force 
constants are obtained, confirming our previous conclusion that the central force 
system is not satisfactory for most XY 2 molecules, even if it is modified in the way 
here described. 

If a similar force is introduced in the valence force system the potential energy is 
(compare equation (II, 186)), 

2V = ki(Qi 2 + Q 2 2 ) + 2 & 12 G 1 Q 2 + fot 2 ; 


(II, 243) 
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and in the same way as previously (see p. 168f.), one obtains for the frequencies 


% ( 2my 0 \ ki + kn ( 

-f" X 2 = ( 1 “f" cos 2 ol ) 4“ 2 ( 

\ m x / m Y \ 

. . / . 2 m Y \ ki+kn fc« 

A 1 A 2 2 1 1 I I Q ]A ) 

\ JNx / m Y z l 2 

> f , . 2m Y . , \ki- kn 

A 3 — I 1 + sin 2 a 1 

\ mx / mY 


1 1 2mv • . 

1 + sin 4 

m x 


in 2 a ^ ■ 


(II, 244) 


I 11 the case of H 2 O these equations lead to the values 


fci = 7.66 X 10 5 , kn = - 0.097 X 10 6 , ~ = 0.703 X 10 6 dynes/cm. 


If we apply the equations (II, 244) as previously (p. 172), to the case of a linear 
symmetric molecule ( a = 90°), we find 

x k 1 + &i2 


X,.2(l + ?^)-L£, 

\ mx / my l 

, t i + 2 js.y±^ 

\ m x J mY 


(II, 245) 


2my \ ( k\ — kn) 
m x / mY 


I 11 the case of CO 2 and CS 2 (sec Table 41) one obtains ki = 15.5 X 10 5 and 7.5 X 10 5 , 
and ku = 1.3 X 10 6 and 0.6 X 10 5 dynes/cm respectively, while ks/l 2 , of course, 
remains the same as under the assumption of valence forces only. 

The smallness of the interaction constant ku as compared to k\ in the cases dis- 
cussed indicates that the assumption of valence forces is at least a fair approximation 
[see also Shaffer and Newton (778)]. Therefore also the previous diagrams of the 
actual form of the oscillations would have to be changed only very slightly. 

Instead of introducing as additional force the interaction between Qi and Q 2 , 
we may also introduce a central force between the two Y atoms between which no 
valence force is acting; that is, we have then a mixture of valence and central forces. 
Formulae for this case have been given by Mecke (614). 

Pyramidal XY 3 molecules. In the case of four-atomic pyramidal molecules XY 3 we have seen 
that there are only two force constants on the assumption of valence or central forces alone whereas 
there are four frequencies. Wo may therefore introduce two additional force constants . Naturally 
there are various possibilities for choosing these force constants, since the most general potential 
function (II, 153) would have six constants. Starting out from the assumption of valence forces 
and following Howard and Wilson (462), wc choose an additional force between X and one of the 
Y atoms when the distance of the other Y atoms from X is changed and an additional force tending 
to change one Y — X — Y angle when the others are changed ; that is, wo put for the potential energy 
[compare (II, 201) and Fig. 58] 

2 V = *,«& + Of, + Of,) + 2 k 1 '(Q li Qn + Q12Q14 + O.aQu) 

+ 4 j( 8 J, + + Sj,) + 2ki\Si,Su + 621614 + 624814). (II, 246 ) 
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Substituting flio fi,/, from (IT, 202) and the Qa from (II, 100), wo obtain for the potential constants 
in (II, 153): 


0 cos 2 (3 .s >2 

rji = 3y/ 2 (A*l -f 2AY) 4 (A$ 4 2AV), 

coahx 12 l l 

' 9 ms 2 /? (2r — l).f 

C12 = — 3 /j.s(Ai 4 2AY) - * (A'j 4 2AY), 

cotm/2 P 

cn = 3**. + 2*,') + ®-7? ^ZLil 2 (A , + 


033 = 0r 2 (A*i — AY) 4 


cos 2 <v/2 ^ 

SI my 2 sin«/S A* - AY 
8/«x 2 cos 2 a/2 A 2 


f „ . „ . 27m y( 1 + cos 2 /?) sin 2 /? (A a - V) 

r 3 i = - 3r(A*! - A/) sm 0 4 — 2 ^ , 

S//?x ctwrat/2 P 


C 41 = ] (A| - AY) sin 2 0 4 


0 (1_+ onsW (A-a ~ AV) 

8 cos 2 «/2 A 2 


(II, 217) 


whore 7), r, and * arc given by (II, 158), a is the Y — X — Y angle, and 0 the angle of XY with tho 
symmetry axis. 

Substituting those ra and tho </,* from (II, 157) into (II, 153) gives tho following equations 
for tho frequencies: 


( my n \ A*i 4* 2AY / my \ 12 coi 

1 +3 cos 2 0 ) — h ( 1+3 sm- 0 ) - — 

nix J "*Y \ my ) (14-3 v 


12 cos 2 0 (A* 4 2h f ) , 


os 2 0) myP 


1 2 cos 2 0 ( m y\ 

X.X a “ — , Y 1 4-3-- ) 

1 4" 3 cos 2 0 \ MX/ 


»»Y\ (A-. 4 2AY) (A-a 4- 2A a ') 


my 


X 3 4- Xi = ( 1 4“ sin 2 0 \ 

\ 2 mx J 


r,-M 


my 


--- 4 


(A-a - A-a') 


(II. 24S) 


(1 4- 3 cos 2 0) 


m yA 2 


X3X4 


<1(14- COS 2 0 4- 3 — sill 2 0 ^ 

\ m\ / (A 1 - AY, 


) (A-a - AV) 


1 4 3 cos 2 0 


my* 


Comparing t hose formulae with the previous formulae (II, 204-207), we see that the difference 
between the* A*j values obtained on the assumption of valence forces from v\ and vt on the one hand 
and from uz and v% on the other is 3A i 7 , and similarly for A'a- r rhe nc*w values for ki, A’a,/ 2 , hi', and 
AV// 2 , as obtained from (IT, 2 IS), art* given in the last four columns of 'Fable 43. It is seen that in 
every case AY is small compared to A|, and AV is small compared to A$; that is, the simple valence force 
field is a fairly good approximation in these cases. 


Linear X2Y2 molecules. In the ease of a linear symmetric four-iitomic molecule X2Y2 there are, 
under the assumption of valence forces, throe force constants but five normal frequencies (see p. ISO). 
We may therefore introduce two further potential constants , for example, one corresponding to tho 
interaction of adjacent bonds and the other corresponding to the interaction of tho two valenco 
angles; that is, we write for the potential energy 66 [^compare equation (II, 220)]: 

2T = k x Q\x 4 A 2 ((«/i 2 @34) 4 2Ai2((?i2Q23 4 Q23Q34) 4 Aa(5j 3 4 $54) 4 2Ay5i 3 524. (II, 240) 

From this, proceeding in a way entirely similar to that described above for XY3, we obtain for 

08 A similar expression for the part of the potential energy depending on tho Q,k would have 
been obtained if we had introduced a central force* between each Y atom and the noil-adjacent X-atom. 
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the frequencies [compare equations (II, 221-225)]: 

X, + X 2 = — - — + 

mx 

2kxk 2 — 4 / lj 2 

Af A2 = 


( 1+ !VL\b- t 

\ //<x / >"Y 


f»X m Y 


X. = (: 

x 4 =^ 

Xb 


my 

\ A* 2 

r 

) ’ 

mx 

/ my 



L 

my 


(II, 250) 


(/i + 2/ a )* 




-(• + 5 ) 


MY \ h + A’g' . 
myh 2 


Since the most general quadratic potential function contains six independent constants (seo 
p. 148), only one more term would be needed to make (II. 240) the most general expression. This 
term would bo one with QMu, that is, the interaction of the two non-adjacent X — Y bonds. Sinco 
such an interaction would be expected to be extremely small, the equations (LI, 250) should givo 
force constants that lend to a very satisfactory potential energy (II, 240). 

In the case of CJjHj the following values for the force constants in 10 6 dynes/cm arc obtained 
from the observed frequencies (see Table 45). 

kx kx f 

ki = 15.72, hi = 5.92, k n = - 0.037, — = 0.188, — = 0.009. 

l\h hh 


A check is possible by calculating the potential constants for C 2 1 h, which should be the same. Ono 
obtains for C 2 D 2 

kx kx r 

ki = 15.85, hi = 5.90, h 2 = - 0.020, 77 = 0.188, 7 ~ « 0.072. 

The agreement with the potential constants of C»H 2 is very sal isfactory. The remaining differences 
are almost certainly duo to the neglect of anharmonicity (see section 5). 

Tetrahedral XY 4 molecules. Much work has been done on tetrahedral molecules , which have 
four fundamental frequencies whereas there are three central force constants and only two valence 
force constants. Urey and Bradley (882) have first suggested a combination of the valence and 
central force fields; they assume central forces between the coiner atoms as well as forces opposing 
a change of the bond angles. The potential energy is then [compare (II, 182) and (11, 220)] 

2V = — 2a(Qn + Qu + * * * Qm) + 2\fai(ri + r a + r 3 + rf) 

+ JhWia + +* * * + Q 2 \a) + hO'i + '’2 4 r\ 4' ' 1 ) + 4" #13 4 b 534 ) (H. 251) 

where Q t k , r<, and an* explained in Fig. 59 and a is the force constant explained on p. 100. Urey 
and Bradley have carried through the calculations under the assumption that the force between 
the corner atoms is a repulsion inveisely proportional to the nth power of the distance (like the repul- 
sion between ions in crystals). This leads to a relation between the constants a and Aq in (II, 251), 
leaving only three potential constants if a fixed value for n is assumed. Thus there remains ono 
equation between the frequencies as a check fur the assumptions about the force field. We refrain 
from giving the detailed formulae for the frequencies. It will be sufficient to state that Urey and 
Bradley’s assumption about the forces seems to fit the observed frequencies better than either the 
central or valence force fields. Detailed calculations with the most general force field have been 
carried out by Rosenthal (747) (748), who has also compared her results with the simpler force fields 
[sec also Dennison (280) ]. 

Plane X 2 Y 4 molecules (Sutherland and Dennison’s method). Sutherland and Dennison (828) 
have applied to the X 2 Y 4 molecule (assuming point group Vn) a method that seems to be promising 
also for other cases. They assume the most general potential function for each X Y 2 group but then 
assume an ordinary valence force between the two X atoms. 

The potential energy of each XY a group may be expressed in terms of its symmetry coordinates, 
which we call # 1 , s 2 , and S 3 , thus [compare Fig. 56a and equation (II, 109) where they aro called 

£ 1 , &2i Si]: 


2Fxy 2 — fln»i 2 4" <*2iS2 2 4" 2«ia»i** + CW3 2 * 


(II, 252) 
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If we restrict our considerations to the vibrations in the plane of the molecule (for those perpendicular 
to the plane, see p. 183) the potential energy of the two XY 2 groups bound by one valence force 
is given by 


2 VX 2 Y 4 83 ttlltel'* + Si"*) + «22(S2 ,a 4* S 2 "*) + 20i2(Si'S2' 4“ «l'V') 

+ 03 *(« 3 /a + «3 ,,a ) + «44S0 2 4“ a>bb(<Tl 2 4" O# 4" CTfi* + O’# 2 ), (II, 253) 


where the ' and " distinguish the two XY 2 groups, where so is the change of distance of the two X 
atoms and where ou 0 - 2 , 0 - 5 , and at are the changes of the angles of the four X — Y bonds with the 
X -X bond. 

We have now to introduce the symmetry coordinates of the X 2 Y 4 molecule. As such we use 
those of Fig. 57. They have been chosen in such a way that wherever possible they are simply a 
symmetric or antisymmetric combination of the symmetry coordinates of XY 2 . Therefore the 
following relations hold, as can immediately be read from Fig. 57: 


2si' = Sg + 1812, 

2 «i" = S 2 — $12, 

2S2* — $3 4“ 'Silt 

2s 2 " = £3 — Sn, 


(II. 254) 


Furthermore, it is seen from Fig. 57 that 


2«3 / = $5 4" Sg, 
2s 3 " = S B - S 9 . 

2 


so = 2 jSi 4 — Si t 

and finally, we have for the changes of angle: 

<n = pSz — qSi — ^ - + v ^ *S 6 — rS B — pSg + fSio — qSn + pSi2, 

az — pSz — qSi + ^ — h P ^ 4 * rS B + pSg — tSio - qSn + ^<812, 

06 = PS2 — qSi + ^ ~ 4* V ^ *S 6 + rS B — pSg + £»Sio + qSn — pSn, 

ot = pSz — qSi — ^ - + p ^ S 5 — rSi + pS 9 — + qS u — p£i 2 , 

2my 


where 


mx cos* a 

a = , p = , 

2 my b — a 


1 +■ 


mx 


6 -a 
1 cos 2 a mx 

r - - +7 — - + 


- sin a cos a, 


cos 2 a mx 
t = r : 


a ~ b — a ~ 2rny (6 — a) (b — a sin 2 a) f b — a 2my (5 — a) 

For explanation of a , 5, a, see Fig. 57. 

Substituting (II, 254-256) into (II, 253), wc obtain 

2F « 4a44&i 2 + ^ ~ + 4066 P 2 ^ $2 2 + ^ ~ “ "44 + 4a&B#7 2 ^ ^3* 


4" - <Z44<Sl&3 4* («12 4" Sa B bM)^2Sl 

.* ®33 

+ I y + 4a 66 




(II, 255) 


(II, 256) 


(II, 257) 


£ ~ 4“ 4a 66 ^ — h p j J S B 2 4* 4a66r 2 <Se 2 + 8a 6 5 ^ “ + V ^ 1 
4" 4“ ^aggp 2 ^ &9 2 4” 4a5^ 2 6 ,2 0 *” 8a56p<*S9*Sio 

+ ^ 4" 4o56<z 2 ^ ^ ~~ 4" 4(166//* ^ 4" (<*i2 8afi6/*z)5n£i2. 


(II, 258) 
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If the coefficients c»* of S t Sk in this equation and the d x k from (II, 142) are substituted into the 
equations (II, 133), (II, 135), (II, 138), and (II, 139) the frequencies of the nine normal vibrations 
in the piano of the molecule are obtained in terms of the six potential constants an, a 22 , a 12 , a 33 , an, 
and a&s of (II, 253), which can thus be determined when the frequencies are known. In addition 
there would bo three checks, one of which might also be used to determine the angle a. 

The great advantage of the above described method is that one may now apply the general 
potential constants an, a 2 2 , ai 2 , and a 33 of the XY 2 group thus obtained to the discussion of other 
molecules containing this group , for example, the potential constants of CH 2 in C 2 H 4 to the molecules 
II 2 CO, H 2 G==0==0H 2 , and others. Sutherland and Dennison (828) have carried through the calcu- 
lations only for the ‘‘parallel” vibrations of C 2 H 4 and H 2 CO, that is, the vibrations of symmetry 
typo A 0 , B iu , and A\ respectively. In doing this they neglected the potential constant a 6 6 introduced 
above. Even with this neglect the three equations for the parallel frequencies of H 2 CO give three 
values for the force constant of the C — O bond that agree in a very satisfactory way. 

Calculations of the frequencies of X 2 Y 4 molecules based on other potential functions have been 
made by Wilson [quoted by Bonner (163)], Thompson and Linnett (856), Fox and Martin (328), 
and Mannebaek and Verlcysen (598). 

Other molecules. Quadratic potential functions more general than the simple valence force or 
central force system have been applied to a number of other molecules. Table 49 summarizes these 
cases and gives references to the original papers. 


Table 49. molecules treated on the basis of a more general 

QUADRATIC POTENTIAL FUNCTION. 


Molecule 

Point group 

References 

Non-linear XY 2 

c 2tf 

| See the preceding text 

Linear XY 2 

Doah 

Linear XYZ 

CcoO 

Engler and Kohlrausch (306), Rosenthal (749) 

Pyramidal XY 3 

Czv 

See the preceding text 

Plane XYj 

D2h 

Anderson, Lasettre and Yost (52) 

Plane XYZ 2 

Ctv 

Silver and Ebers (789) 

Linear X 2 Y 2 

D m h 

See the preceding text 

Non-planar non-linear X 2 Y 2 . . . . 

c 2 

Morino and Mizushima (635), Bailey and 

Gordon (88) 

Tetrahedral XY 4 

T d 

See the preceding text 

Linear XY 2 Z 2 (C 3 0 2 ) 

Daoh 

Engler and Kohlrausch (306) 

Axial XYZ 3 

c 3 » 

Voge and Rosenthal (903), Sutherland and Denni- 
son (828), Slawsky and Dennison (796), Linnett 
(582), Shaffer (777) 

Tetrahedral XY 2 Z 2 

C 20 

Wagner (908) 

Plane X 2 X 4 

v h 

See the preceding text 

HC=C — 0=011 

Doo h 

Wu and Shen (964), Wu (25) 

OIIaON and CHjNG 

c 3 ® 

Linnett (582) 

XY 6 (SF 6 ) 

O h 

Eucken and Sauter (314) 

CH2==C==CII 2 

v d 

Thompson and Linnett (857), Wu (25) 

X 2 Y 6 (C 2 H b ) 

Dzh or Dzd 

Sutherland and Dennison (828), Stitt (810), 
Linnett (582) 

x 8 (S 8 ) 

D id 

Bhagavantam and Venkatarayudu (153) 

X 3 Y 6 (cyclo-C 3 Hg) 

wmm 

Saksena (754a) 

ch 3 — ch=ch 2 

mwm 

Wilson and Wells (945) 

XgY# (C # Hg) 

D 9h 

Wilson (930), Mannebaek (597), Bernard, Manne- 
back, and Vcrleysen (139a) 
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(/) Intercomparison of force constants in different molecules, characteristic bond 
frequencies, stretching and bending vibrations, and related matters 

As mentioned before, the calculations described in the preceding subsections have 
as their ultimate aim the accurate determination of the field of force , that is, of the 
force constants, in as many molecules as possible, from the observed fundamental 
frequencies. The comparison of the different force constants in a given molecule 
and of the force constants of different molecules with similar groups is very impor- 
tant because this comparison throws light on the nature of the forces holding the atoms 
together , or in other words, on the electronic structure of the molecules. 

Invariance of force constants in different molecules. If the restoring force be- 
tween two atoms is the same in one molecule as in another, one would conclude that 
the electronic structure of the bond is at least very similar in the two cases. Con- 
versely, if one knows that the electronic structure is the same, one would expect the 
same force constants. On the basis of an elementary theory of valence one would 
expect the C — II bond to have essentially the same electronic structure and there- 
fore the same force constant in different molecules, and similarly for the C-— O, 
— 0==N, and other bonds. This is indeed observed. For example, the C=N bond- 
stretching force constant in IICN, CION, BrCN, ICN, and (CN )2 (see Tables 42 and 45) 
is approximately 17 X 10 5 dynes/cm throughout; the C H bondstretching force 
constant in IICN, C 2 II 2 , and C 4 H 2 is 5.85 X 10 5 dynes/cm; the 0=0 and C=S bond- 
stretching force constants in SCO (Table 42) arc very nearly the same as in C0 2 and 
CS 2 respectively (Table 41), and similarly in other cases. 

However, on closer examination it is found that this invariance of the force con- 
stants holds exactly only if the bond is in similar surroundings; for example, the C — II 
stretching force constant in C 2 II 4 and H 2 00, where it is adjacent to a double bond, 
is 5.28; in C 2 II 6 and other cases, where it is adjacent to single bonds, it is 4.79; and 
finally in the free radical it is 4.09, as compared to the above value of 5.85 X 10 5 
dynes/cin when it is adjacent to a triple bond. Similar results are obtained for other 
bond-stretching force constants and also for the bond-bending force constants. For 
the latter, the condition of similar surroundings is still more critical, as one would 
expect. It is not sufficient that the same type of bond (single, double, or triple) be 
adjacent to the one considered — the atoms at the other end of the adjacent bonds 
must be the same; for example, the C— II bending constant in CII 2 would be ex- 
pected to be different from that in CHOI, just as the bending force constant for the 
C— C— II angle in C 2 II 4 is different from that for the H— C— II angle (see p. 183f.). 
In Table 50 are given the stretching and bending force constants for the more 
important cases. It is interesting to note that the stretching force constants for 
the C — C single, double, and triple bonds arc approximately in the ratio 1:2:3. 

The above discussion was based on the assumption of valence forces but, as was 
first pointed out by Sutherland and Dennison (828), it also holds for more general 
force systems (see p. 189f.). Crawford and Brinkley (240) and others have shown 
for a number of molecules that by taking over not only the stretching and bonding 
constants but also the interaction constants £such as k\% in (II, 243) or k\ and k& in 
(II, 246)] from other molecules with the same groups some or all of the normal 
frequencies may be predicted to within 1 or 2 per cent of the observed values. It 
is clear that such a procedure is of great importance since in this way it is possible 
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TABLK 50. HTIiKTCHING AND BKNDINU FOItCK CONSTANTS FOIl VAHIOUS HO\DS AND BOND ANGLES. 
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fi7 'The* values marked with an as t disk have hcen calculated by Crawford and Ihinkley (240) 
under the assumption of a more general force field (see text). Values differing from some of these 
by amounts up to 10 per cent have been given by Linnctt (582) (583) and Noether (072) on the basis 
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to find the correct assignment of the observed frequencies in more complicated mole- 
cules or even to obtain approximate values for these frequencies without actual 
observation. 

It must be realized, however, that with increasing accuracy of observations and 
calculations slight differences in the force constants are to be expected since there 
will always be some difference in the surroundings of a given group in different 

molecules. Thus, for, example, while the ^C— Cs= stretching constant is the same 

in H 3 C — 0=0 — H and H 3 C — Cs=C — CH 3 , it seems to be somewhat different in 
H 3 C — Oe=N [see Crawford and Brinkley (240) and Linnett (583)]. Relations very 
similar to those for the force constants hold also for the internuclear distances 
(see p. 440). 


Characteristic bond (group) frequencies. The application of the above con- 
siderations to the problem of the correct assignment of the observed vibrational 
frequencies is greatly simplified by a corollary of the invariance of bond force con- 
stants, namely, the constancy of bond or group frequencies in different molecules , which 
was first established by observation and only later explained theoretically on the 
basis of the constancy of bond force constants. For example, all molecules contain- 
ing the =C — H bond have normal frequencies of about 3300 and 700 cm -1 (see, for 
example, HCN in Table 42 and C 2 H 2 in Table 45), all molecules containing the 


=CH group have normal frequencies of about 3020 cm 1 , all molecules containing the 
— II group have normal frequencies of about 2960 cm" 1 , all molecules containing 


the CH 2 or the — C1I 3 group have in addition normal frequencies of about 1450 

cm” 1 , and similarly for other cases. Conversely, from the observation of such fre- 
quencies it may be concluded that the corresponding group is present, although this 
should be done with caution on account of the complications mentioned below. 
Table 51 gives for a number of groups these characteristic vibrational frequencies. 
The values given usually hold within ±100 cm” 1 , in some cases less. 

The observation of the characteristic frequencies as indicated in Table 51 has 
led Mecke (609) (610) (611) to the introduction of the concept of valence and deforma- 
tion vibrations Wa ; that is, the idea that to every bond in a molecule corresponds a 
vibration in which this bond is stretched and another one of much smaller frequency 
in which it is bent. This idea seems to be confirmed by the general correspondence 
between the vibrational frequencies of Table 51 and the force constants of Table 50. 
We shall in the following refer to these oscillations as bond-stretching and bond-bending 
vibrations since the names valence and deformation vibrations appear somewhat 
ambiguous. 


of slightly different potential functions. — The values for the diatomic radicals are based on A G\ 
rather than values since the values for the polyatomic molecules are obtained from observed 
fundamentals rather than zero order frequencies. 

67a Some authors distinguish these oscillations by the designations vi, v 2 , v 2 • • • 81 , 82, 83 • • • and 
in addition the torsion oscillations by n, r 2 , r 3 This practice is not adopted here because of 

the ambiguities to bo discussed below (p. 199 f.). 
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At first sight it might appear somewhat puzzling that there should be such 
characteristic group frequencies, even though there are characteristic force constants, 
since we know that in a certain normal vibration in general all nuclei of a molecule 
are taking part. But it will be shown below that in many cases the occurrence of 
characteristic group frequencies is in agreement with theory. On the other hand, 


TaBLK 51. CHARACTERISTIC FREQUENCIES OF VARIOUS CROUPS. 
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it must be realized that there arc cases in which observed frequencies cannot be 
classified as belonging to a certain group, or if they belong to a certain group cannot 
be classified as bond-stretching or bond-bending vibrations. 

An explanation of the occurrence of group frequencies can easily be given in the 
cases of the C — H, 0 — H, N — II vibrations. Since the mass of the hydrogen 
nucleus is so much smaller than that of the other nuclei in the molecule, the ampli- 
tudes of vibrations of the latter will be very much smaller than those of the former. 
In first approximation we may consider the H nucleus oscillating against an infinitely 
large mass, and therefore the vibration frequency depends practically only on the 

67b This figure refers to the gaseous state. In liquids the value is about 3400 cm -1 (see p. 334). 
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force by which the H atom is bound to the rest of the molecule and will be nearly 
the same for different molecules with the same C — H, or 0 — H or N — H force con- 
stants. According to our previous discussion of a mass suspended by an elastic bar 
(p. 62), since the H atom is always an end atom, it can only move in the line of the 
particular bond or perpendicular to it: that is, it can execute only stretching or bend- 
ing vibrations with frequencies corresponding to the stretching and bending force 
constants (see above). 

If there are two 0 — II groups as in II 2 0, or two =C — II groups as in HC^CH 

and HG==C — CssCH, or two =C — H groups as in H 2 C=0, or more than two such 
groups as in C 2 H 4 , they will of course all vibrate simultaneously and there will be 
several normal frequencies, but they will all be of nearly the same magnitude as for 
a single group, differing only by a comparatively small amount, which is an indication 
of the strength of the interaction of the equivalent groups. 

Let us consider as an example the C 2 II 2 molecule. Each C — H group, if the 
rest of the molecule were fixed, would vibrate with the frequency corresponding to 
the=C — H stretching or bending force constant. In the actual molecule, however, 
the vibration must be symmetric or antisymmetric with respect to the center of 
symmetry of the molecule; that is, the two C — H groups can oscillate only sym- 
metrically or antisymmetrically with respect to each other. This gives two C — H 
vibrations in the axis of the molecule and two perpendicular to it (?i, v-s, and 1 / 4 , n 
of Fig. 64). Of course in all these four vibrations the C atoms are also moving, but 
with much smaller amplitude because of their larger mass. In addition there is a 
Ge=C vibration (v 2 of Fig. 64) in which essentially the C — H groups arc moving as 
if they were rigid, and which therefore has a frequency corresponding to the — — 
stretching force constant. The actually observed frequencies (Table 45) are in agree- 
ment with these considerations. There are two C — It stretching vibrations of fre- 
quency 3374 and 3287 cm " 1 respectively, two G — H bending vibrations of frequency 
612 and 729 cm " 1 respectively, and one Os=C stretching vibration of frequency 
1974 cm" 1 . 

Those relations are also borne out by the equations (II, 221-225) for the frequencies, which are 
based on the assumption of valence forces; the frequency v\\ depends only on k->, the C — II stretching 
force constant [see equation (II, 223) [] anil if it is considered that 1 Hh ( w y/mx) ^ 1 it follows from 
(11, 221) and (II, 222) that 

Xi = 4tt 2 vi 2 ~ 2 — — , (II, 250) 

mx 


X2 583 4tt z ^2 2 1 


ai. 200) 


that is, v\ corresponds to a C=C, v 2 to a O — H stretching vibration. The frequencies are the same 
as in diatomic molecules C^C and G — H with the force constants 7 >'i and k 2 respectively (except 
that for C — II it is mji rather than mnwc/( m H + wc) that is used). 

One may also conceive of the two O — II stretching frequencies of G 2 H 2 (and similarly the two 
bending vibrations) as being produced by a resonance, between the. two G — II oscillators much the same 
as the resonance between two coupled pendulums or, in quantum theory, Heisenberg’s resonance in 
helium [see (8), p. GGf.]. The coupling is provided by the G :.C bond. As in the case of the two 
coupled pendulums, the resultant motion may be considered as a superposition of a symmetric and 
an antisymmetric vibration of somewhat different frequencies, one somewhat higher and the other 
somewhat lower than the frequency of one G — II group would be if the rest of the molecule were fixed. 
The difference in frequency is the larger the larger the coupling. In the present case it is SO cm -1 . 
In the diacetylene molecule II — G^G — G=C — H, the distance of the G — II groups is much larger 
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and thoroforo tho coupling much smaller. One would therefore expect the difference of the two 
C -IT stretching frequencies to he much smaller. Up to now only one vibration lias been observed. 

If in acetylene one II is replaced by I) there is no longer resonance, and tlierefoie there is essen- 
tially one C — II and one C — D vibration, as has been shown in more detail by Forster [quoted in 
(439)] and as is in agreement with the observed frequencies [see Fig. 87, p. 292, and accompanying 
discussion]. The same considerations apply to HDO, HDS, and other molecules. 

In linear molecules the bond-stretching and bond-bending vibrations have differ- 
ent symmetry types (they are and II vibrations 68 respectively). Therefore this 
distinction can be rigorously made for any mass of the atoms. For bent molecules 
this distinction can be made only to a certain approximation and only when the masses 
of the end atoms of the group are either small or quite different . Consider, for example, 
the H 2 0 molecule, or the CII 2 group in H 2 CO. We have seen previously (p. 171) 
that for these molecules in one of the two totally symmetric oscillations, vi, the H 
atoms move approximately but not exactly along the lines 0 — II or C — H respec- 
tively, in the other, y 2 , perpendicular to these lines, while in the third (antisymmetric) 
vibration y 3 they move exactly in these lines (sec Fig. 60a). Equations (II, 190) 
and (II, 191) show indeed that, if my is small compared to mx (but only then), v\ 
depends almost entirely on the stretching force constant hi, v 2 almost entirely on the 
bending force constant k&. On this basis it is possible to obtain an approximate 
picture of the form of the oscillations and approximate values for their frequencies 
without detailed calculations. For II 2 O, two O — II stretching frequencies of nearly 
the same magnitude are expected, one symmetric and the other antisymmetric, and 
in addition a bending frequency of much smaller magnitude. This is very similar 
to the situation discussed above for C 2 II 2 . The frequencies are 3652, 3756, and 1595 
cm- 1 . Three similar frequencies are expected for the CH 2 group, for example in 
II 2 CO. They are found at 2780, 2874, and 1503 cm -1 (see Table 51). The form of 
the vibrations given in the previous Fig. 24 was obtained in the above described way . 69 

Similarly, for NH 3 , CTI 3 , and other XY3 molecules or groups with my <<C mx 
there are three vibrations in which the Y atoms move approximately in the X — Y 
direction and three in which they move perpendicular to this direction. Of each 
group of vibrations two are mutually degenerate. In NII 3 the bond-stretching 
frequencies are 3337 and 3414 cm” 1 , the bond-bending frequencies 950 and 1628 
enr 1 ; in CH 3 CI the corresponding frequencies are 2966, 3043, and 1355, 1453 cm- 1 . 

If there are four equivalent bonds in a molecule there will be four vibrations of similar magnitude 
in which chiefly these bonds are stretched, and in addition several bending vibrations whose number 
depends on the number of independent bond angles. For example, in Colli or ll 2 CJ— C=( <II 2 , in 
consequence of the coupling, each vibration of the CH 2 group alone (see above) splits into two. In 
C2H4 one is symmetric and the other antisymmetric with respect to the center of symmetry. Thus 
tho three pairs of vibrations v\ = 3019 and v\\ = 2989, vg = 3272 and vg — 3106, vg = 1342 and 
1*12 = 1444 of O 2 II 4 (see Fig. 44) are accounted for, the first four as C — II stretching, the last two as 
C1I 2 bending vibrations. In addition there arc, of course, bending vibrations in which tho whole 
CII 2 group is bent against tho C — C axis and which can bo dealt with in a similar way. 

As has been mentioned, the simple considerations given above can only be ap- 
plied to bonds involving end atoms like H whose mass is small compared to the other 

68 This should not bo confused with the designation 7 r and a vibrations used by some authors who 
let it stand for parallel, <r for perpendicular to the axis of symmetry. 

6<J It may be noted that in the antisymmetric C — H stretching vibration of II 2 CO the II atoms 
need not move exactly in the O — H direction as they do in free H 2 C, since the vibration is not 
completely determined by symmetry. 
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atoms . Fig. 60b and c shows clearly that if the latter condition is not fulfilled the 
two totally symmetric vibrations v\ and v<l of bent XY> can no longer be considered 
as bond-stretching only and bond-bending only respectively; or, at least, it would 
be a very poor approximation to do so even though the assumption of valence forces 
is a good approximation (y 3 is still strictly a bond-stretching vibration). Cross and 
Van Vleck (250) have shown that in a bent XYZ molecule, if X and Z are sufficiently 
different, we may again with more justification distinguish one bending and two 
stretching vibrations. This is shown for the three-particle system CH 3 -CH 2 *C1 by 
Fig. 62 taken from Cross and Van Vleck’s paper. It is seen that is essentially a 
(CH 3 ) — (CH 2 ) stretching vibration, v\ a C — Cl stretching vibration and v 3 a bending 
vibration. 

Apart from the end atoms discussed up to now, experiment shows in many cases 
that bonds involving two heavier atoms have characteristic frequencies even if none of 
them are end atoms (see Table 51). This fact was first explained by Bartholomd and 
Teller (124) [see also Bartholom6 (120) and Bauermeister and Weizel (129)]. They 
consider a chain of nearly equally heavy mass points connected by springs of very 
different stiffness. Suppose vi°, v 2 ° are the frequencies with which each pair of par- 
ticles connected by a spring would oscillate if the other particles were not present. 
Then calculation shows that frequencies in the neighborhood of vi°, vf* are normal 
frequencies of this system. This is plausible because if, say, v\° is excited the par- 
ticles other than those directly affected will not move appreciably since they are 
bound by springs of different stiffness. It is as if the propagation of the oscillation 
in the system were strongly damped. Therefore the actual normal frequency is 
only slightly changed compared to vx°. Similar considerations hold for the other 
frequencies. Thus we again obtain characteristic frequencies for the different bonds . 
However, this conclusion is based on the assumption that the force constants of different 
bonds are different when the masses are of a similar magnitude . Therefore in a molecule 

\ I \ I / 

containing, for example, — C — C — 0 — or — C — C — N , we would not expect a 

/ 1 / i \ 

vibration characteristic for each bond since the masses as well as the force constants 

\ I 

are of about the same magnitude; whereas in a molecule containing — C — 0=0, 

\ I \ 

or — C — C=N — , or — 0 — C==N, there would be a characteristic frequency for each 
of C— C, 0=0, C=N, or CfeN. 

On the other hand, if the force constants in a chainlike molecule are of similar 
magnitude but the masses quite different , there will again be characteristic group fre- 
quencies, as we have seen above for the C — II group and similar groups, and as is 
also true for C — Cl, C — Br, and others (see Table 51), as long as the characteristic 
frequencies are far apart from one another . 

How well the characteristic frequencies are defined depends also on the angle 
between successive bonds in the chain of atoms. The above-mentioned authors have 
shown that if the angle is 90° there will be no transfer of vibrational energy from 
one bond to the next, and thus the characteristic frequencies are best defined. In 
the case of the bond-bending frequencies the chance that in a molecule there is 
another frequency (which need not be a bending frequency) of a similar magnitude 
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is much larger than for the bond-stretching frequencies and thus the bending frequen- 
cies are often not very characteristic . 

In case a chainlike molecule of the above type has two or more equivalent bonds , 
there will again be a resonance which leads to a splitting of the characteristic frequency , 
and again the stronger the coupling between the two equivalent bonds the larger is 
this splitting. For example, in diacetylene H — C^=C — C^=C — H, the C^=C stretch- 
ing vibration which has the frequency 1974 cm*” 1 in C 2 H 2 splits into two frequencies 
2023 and 2183 cm” 1 ; or in (CN) 2 the C^sN frequency, which is 2089 cm” 1 in HCN, 
splits into the two frequencies 2149 and 2322 cm” 1 . If there are more than two 
equivalent bonds, there will be a splitting into correspondingly more different fre- 
quencies, and these frequencies will deviate increasingly from the frequency of a 
single such bond. Thus in a carbon-chain molecule (paraffin) there will be not one 
characteristic C — C frequency but as many frequencies as there are C — C bonds, 
and these will be distributed over a rather wide range if there are many C — C bonds. 
Some of them may be in the neighborhood of other group frequencies. Thus it would 
be difficult to ascribe particular frequencies in these molecules to the C — C bond, 
even though in C 2 Il6 and similar simple molecules such a C — C frequency does exist 
(see Table 51). 

In tho case of long chain molecules, more detailed rough predictions of the normal frequencies 
than thoso given by Bartholom6 and Teller (124), on the basis of the known force constants, havo been 
made by Thomas and Whitcomb (848) , Kirkwood (507), Barriol (118), Whitcomb, Nielsen, and 
Thomas (922), and Pitzer (694). Such predictions arc particularly important for tho calculation of 
the thermodynamic properties of these molecules [see Pitzer (694) and Chapter V, section 1]. 

Summarizing the preceding discussion of characteristic group frequencies, we 
may say: Whenever a particular group , if separated from the rest of the molecule , has a 
vibrational frequency that differs sufficiently from any vibrational frequency of the rest 
of the molecule , then this frequency will occur only slightly changed in the whole molecule 
and will roughly correspond to vibrational motions in that group only , or if there are 
several equivalent groups to simultaneous motions in those groups. In symmetrical 
molecules the condition that the frequency be sufficiently different can be disregarded 
if the two vibrations, one of the group considered and one of the rest of the molecule, 
have different species. 

Under these conditions, it is possible to obtain rough values for most of the fre- 
quencies of a molecule (particularly organic molecules) without actual observation, 
if the characteristic stretching and bending frequencies of the bonds occurring in 
the molecule are known [see Mecke (610) (611)]. While such predictions are quite 
rough they do not require any calculations (such as those described in the preceding 
subsections, which supply much closer approximations to the actual frequencies if 
the force constants are known) and are therefore exceedingly helpful in the analysis of 
observed vibrational spectra (sec Chapter III). 

The limitations of this procedure should however always be kept in mind. A good 
illustration of these limitations is obtained if for a given set of force constants of a 
molecular model the frequencies are calculated for different values of the masses. 
The result for the plane vibrations of the X 2 CO molecule as calculated by Burkard 
(185) from the formulae (II, 214-218) for variable m x is plotted in Fig. 65a (with 
2a = 110°, h = 10, k 2 = 4.45, fo/l 2 2 = 0.384, h'/h 2 = 0.25 X 10 6 dynes/cm). The 
totally symmetric vibrations vi, v 2i vz (compare Fig. 24) are indicated by solid curves, 
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the antisymmetric vibrations *> 4 and *> 5 by heavy broken curves. As was to be expected, 
no intersection of the curves representing vibrations of the same species occur while 
intersection of curves of different species do occur. As thin dotted lines arc also 
indicated the curves for the vibrations *>i, *>2, v 3 , of free CX2 and *>o of free 0=0 as- 
suming the same force constants. Both *>1(0X2) and *>3(0X2) intersect po. But since 


m X 



%oi V 




80 15 2 1 

V, 

Fio. 65. Characteristic group frequencies in X^CO as a function of the mass of X [after Burk- 
ard (185)]. (a) Frequencies of the plane vibrations vu v\ , v\ , as a function of mx* tb) Per- 

centage contribution of terms with ki, k», ftg, k&' to the potential ener gy in r 1% y 3 . — The mass scales 
on the ordinate of (a) and the abscissae of (b) are proportional to Vl/mx. Thus the mass increases 
toward the origin. The contribution of fo r to the potential energy in vi is always less than 1.5% 
and therefore not shown. 

the X2CO vibration *>4 resulting from *> 3 (CX 2 ) has different species from the one re- 
sulting from *> 0 , it has throughout almost the same frequency as *> 3 (CX 2 ) and may be 
considered as a characteristic CX2 frequency for any mass. However, on the basis 
of the above general rule, when *>1(0X2) and *> 0 have the same value they are no longer 
characteristic group frequencies in the molecule. Rather a resonance occurs which 
leads in the complete molecule to quite different frequencies of *>1 and *>2. Thus, 
while for small as well as for large mx the vibrations V\ and *>2 have characteristic 
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bond-frequency values, this is no longer the case in the intermediate mass region. At 
the same time it must be realized that while for small mx the vibration v\ (that is, 
the highest totally symmetric vibration) is a C — X vibration [approaching *> 1 ( 0 X 2 ), 
see Fig. 65a], for large nix it is the C — O vibration (approaching v 0 ), while the 
reverse is the case for v 2 . 

A change of mass may not only change a given vibration from one characteristic 
of one bond to one characteristic of another bond as just discussed, but it may also 
change a bond-bending into a bond-stretching vibration and vice versa. Such a 
change would occur in the case of the vibration *>2 and vz of X 2 CO for mx values smaller 
than one (which cannot be realized in practice). For such mx values vz (which for 
mx > 1 is the CX 2 bending vibration) becomes the CO stretching vibration while 
v 2 becomes the CX 2 bending vibration. A very similar change of character does occur 
for realizable mass values, for example, for H 2 CX 2 [see Wagner (908)], where the 
CH 2 bending vibration with increasing mx changes into the CX stretching vibration 
(see also the discussion of the methyl halides in Chapter III, section 3c). These 
examples may suffice to stress the importance of caution in using the concepts of 
bond-stretching and -bending vibrations. Such caution is particularly necessary 
when the frequencies of vibrations of the same species are not very different. 

Another way of representing the change of character of vibrations is by plotting the fractional 
contribution of the different forces to the total potential energy in a given vibration [see Burkard (1S5) 
and Wagner (90S)]. This is done for the three vibrations v\, vz, vz, of XgCO in Fig. 65b. The four 
curves in each case give the contribution of the terms with the force constants fa, fa, fa, and fa ' 
respectively in the potential energy function (II, 2 III). It is seen that Vi for small ?nx is almost 100 
per cent C — X stretching, since essentially only the term with fa contributes to the potential energy, 
while for largo mx it is up to 85 per cent C — O stretching. The reverse holds for v«, although the 
percentages are not as high. For small as well as large mx there is about 25 per cent bending in vz. 
On the other hand the vibration vz, while predominantly bending, has up to 30 per cent stretching 
character. The vibrations v\ and vz (not shown in Fig. 65b) are 100 per cent C — X stretching and 
whole-molecule-bending respectively for small mx • For large mx they mix up to the amount of 18 
per cent, since they aie no longer so different in frequency. 


5. Anharmonicity and Interaction of Vibrations ; Limitations of the 
Concept of Normal Vibrations 

As has been stressed before, the concept of normal vibrations rests on the assump- 
tion of sufficiently small amplitudes of the oscillations (strictly speaking, infinitesimal 
amplitudes), when only the quadratic terms in the potential energy need be con- 
sidered. Actually the amplitudes of the quantized oscillations, though usually small, 
arc by no means infinitesimal and therefore for accurate calculations cubic } quartic , 
and higher terms in the potential energy must be considered; in other words, actually 
the oscillations are anharmonic. 

(cr) Influence of anharmonicity for non-degenerate vibrations 

A simple potential surface. It is immediately clear that the potential energy 
always contains higher powers of the displacements than the second, since, just as 
for diatomic molecules, for very large displacements the potential energy approaches 
a constant value (corresponding to the dissociation energy). The potential energy 
of a polyatomic molecule depends on 3N — 6 (or 3N — 5) coordinates and is there- 
fore much more difficult to visualize than it is for a diatomic molecule. Even for a 
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triatomic molecule we would, for a complete representation, have to consider a three- 
dimensional hypersurface in a four-dimensional space. However, if in a linear sym- 
metric triatomic molecule XY2, for example, we neglect the possibility of bending 
(or in other words assume an infinitely large bending force constant) we can represent 
the potential energy as a two-dimensional surface in ordinary three-dimensional 
space. We may choose the two X — Y distances r\ and r 2 as the two independent 
coordinates on which the potential energy depends. Plotting, then, the potential 
energy for every point in the n, 7*2 plane we obtain a surface which is most easily 
visualised by means of a model, made for example of plaster of paris [see Goodeve 
(387)]. Fig. 66a gives a photograph of such a model for CO2. Another way of 
representing such a potential surface is by means of contour lines y as in Fig. 66b. 70 

The potential surface of the electronic ground state of C0 2 , as of any other stable 
linear XY2 molecule, has a deep minimum at a point r\ = r 2 = r e corresponding to 
the equilibrium position . From this minimum the potential energy increases in all 
directions, that is, for any change of 7*1 or r 2 or both. For large 7*1 or large 7*2 one has 
simply a Y atom and an XY molecule; that is, a cross section of the potential energy 
surface at large 7*1 parallel to the r 2 axis gives the potential curve of the XY molecule. 
Similarly, for large r 2 a cross section parallel to the ri axis also gives the potential 
curve of the XY molecule. If both 7*1 and 7*2 are large, a plateau is reached corre- 
sponding to the energy of the three atoms at great distance from one another. For 

70 In Fig. 66 the fact has been disregarded that the electronic ground state of CO 2 , since it is a 
singlet state, cannot dissociate into CO and O in their ground states [see Ilerzberg (431)]. 
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Fig. 66. (b) 

Fig. 66. Potential surface of C0 2 [after Goodeve (387)]. (a) Photograph of a model, 

(b) Contour lines. — Tho numbers on the horizontal lines in (a) and on the curves in (b) are the 
potential energies in keal. The zero of energy is taken at the minimum of the surface. 

small values of r\ or 7*2 or both, the potential surface rises very steeply, corresponding 
to the repulsion of the atoms. It is seen that there are two potential “valleys” (corre- 
sponding to Y + XY and YX + Y) that lead to the deep hole corresponding to the 
stable XY 2 molecule. 

While near the equilibrium positions the potential surface (Fig. 66) can be ap- 
proximated quite well by a paraboloid (which it would be exactly if the potential 
energy had only quadratic terms), it is obvious from the figure that this is no longer 
possible for larger amplitudes (compare also Fig. 45 of Molecular Spectra I for the 
diatomic case). 

The relative motions of the three atoms (always assuming that they remain on a 
straight line) can be represented by the motion of a single mass point (a small ball) 
under the action of gravity on the potential surface (considered as solid, as in Fig. 66a). 
It is immediately clear that if the ball is displaced from the minimum it will in general 
not describe a simple oscillation through the minimum but will carry out a Lissajous 
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motion except when the displacement is along the direction of the principal curvatures 
which in the present case, from symmetry, are the lines CC and DD. Vibration of 
the ball along the former corresponds to the normal vibration vi (see Fig. 25b) for 
which always r\ = r 2 , while vibration along the latter corresponds to vz for which 
Art = — Ar 2 . 

It should be mentioned that, strictly speaking, the kinetic energy of the ball sliding on the surface 
will correspond accurately to the relative kinetic energy of the atoms in the molecule only if instead 
of rectangular coordinates in Fig. 6G oblique coordinates are used, and if the potential scale is so 
chosen that the surface is not very steep along the path of the ball [see Hirschfelder (452) and Glass- 
tone, Laidlcr, and Eyring (6) ]. For the case of a molecule like CO 2 for which the three masses are 
nearly equal, the angle of the coordinate axes should be about 00°. For the above qualitative con- 
clusions this change is of no significance. 

Classical anharmonic motion. In the case of diatomic molecules the introduction 
of anharmonicity classically means simply a slightly different time dependence of 
the displacement, but the motion remains strictly periodic, although no longer har- 
monic (just as for a pendulum with large amplitudes). But for polyatomic molecules 
the change produced by the introduction of anharmonicity is more fundamental, 
since, if the potential energy contains higher than quadratic terms, the resolution of 
the vibrational motion into a number of simple motions, normal vibrations , in which all 
atoms move with the same frequency in straight lines, is no longer rigorously possible . 
Qualitatively this can easily be visualized by considering the potential surface, 
Fig. 66b: while, as mentioned above, for small amplitudes the two normal vibrations 
v\ and vz correspond to simple vibrations of the image point along CC or DD respec- 
tively, this is no longer the case for larger amplitudes. If, for example, the particle 
starts from rest at Z>, because of the lack of symmetry of the potential surface with 
respect to the line DD , it will start to move along the line DE (the line of greatest 
slope through D) and subsequently carry out a complicated Lissajous-type motion 
that will eventually fill the whole area of the potential surface whose potential energy 
is smaller than that at D. If the particle starts from C , because of the sj mmetry 
of the potential function with respect to CC, it will carry out a simple vibration; but 
the slightest deviation of the starting point from CC will again lead to a complicated 
Lissajous motion. For an unsymmetrical (linear) molecule such a special case would 
not occur. For medium amplitudes, when the anharmonicities are small, it is clear 
that if the particle starts say at F f it will at first at least approximately carry out a 
simple vibration along the line DD and only gradually will the Lissajous motion fill 
a larger and larger area about FF. The smaller the amplitude and the anharmonicities , 
the longer will be the time during which the motion is approximately a simple vibration. 

As previously (p. 73), the classical kinetic energy T is given by 

2T - 2 + *» 2 ). (H. 261) 

while the potential energy is now given by [compare equation (II, 26) ] 

2V = S S kijQiqj + 222 fijkQiQjQk +2222 gijklQxQjQkQl + * * *. (II. 262) 

i i i i k i i k l 

where, as previously, for abbreviation the qi are the Cartesian displacement coordinates in the order 
3 * 1 , /vi, zi, 3 * 2 , 7 / 2 , Z 2 , ■•*. On transforming to normal coordinates by means of (II, 31) and nor- 
malizing to unity (sec p. 75), we obtain for the total energy, instead of (II, 35), 

// = V + T = itti* + 172 2 + 173 2 + • • •) + i(W + \ 2 rn 2 + X 3 T?3 2 + • • •) 

+ 222 aijkrjiVjVk + 2222 PtjkiviVjVkvi + • • • ; 

* i k i i k 1 


(II, 263) 
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that is, while there are no quadratic cross terms there are cubic and higher cross terras in the normal 
coordinates and the total energy is no longer that of a sum of independent (even though anharmonie) 
oscillators. In a completely unsymmetrie molecule all coefficients a t} k and fiijki would be different 
from zero, but in a symmetric molecule some of them may be equal to zero. This is because the 
potential energy must remain unchanged for all symmetry operations permitted by the point group 
of the molecule. For this reason tho antisymmetric normal coordinates can only occur with even 
powers in (II, 2 G 3 ). For example, for H2O the coefficients ana, <*m, a 223, and am of the cubic terms 
must bo zero since otherwise the potential energy would change by reflection at the plane of sym- 
metry, and similarly for some of the quartic terms. Further simplifications of the anharmonie part 
of the potential function can only be obtained if assumptions somewhat analogous to tho valence 
force system (used in discussing tho harmonic terms) are made [sec Redlich ( 727 ) ]. 

In the harmonic oscillator approximation, the time dependence of tho normal coordinates is 
given by [sco equation (II, 13 ) ] 

Vi m V*° cos ( 2irvit + ip ). (II, 204 ) 

In tho case of slightly anharmonie vibrations, the normal coordinates may be expressed as a general- 
ized Fourier series which, for example for the first normal coordinate vi of a triatomie molecule, 
would be 

Vi ~ Vioo cos (2 ttvi t + y>i 100 ) + *7200 cos (2x2pit + ^>i 200 ) + Vwo cos (2 ttSpi t + <pi m ) 

+ • ■ • + ^no cos (2iev\t + ^i 110 ) cos ( 2Trp 2 t + ^2 110 ) + 17101 cos (2 ttpi t + ^i 101 ) 

X cos (2irpzt + ^3 101 ) +17111 cos ( 2Trpit + ^?i m ) cos {2irP2.t + <p2 m ) cos (2 tc p 3 t + ^ 3 U1 ) 

+ 17201 cos (2ir2p\t + ^i 201 ) cos (2i rprf + <p 3 201 ) + • • •- (II, 265 ) 

Here the amplitudes 77200, 17110, • • • are small compared to 77100. The (p are phase constants. Similar 
relations hold for 772 and 773. 

Energy levels. If cubic, quartic, and possibly higher terms are introduced into 
the wave equation (II, 40) in addition to the quadratic terms, it no longer resolves 
into a number of independent equations as it did when quadratic terms only were 
used. In consequence the energy is no longer a sum of independent terms corre- 
sponding to the different normal vibrations but contains cross terms containing the 
vibrational quantum numbers of two or more normal vibrations . Considering the well- 
known formula for the anharmonie vibrations of a diatomic molecule [see equation 
(III, 56) p. 100 of Molecular Spectra I], it is easy to guess the formula for a non- 
linear triatomie molecule having no degenerate vibrations. Using wave number 
units (cm -1 ) for the vibrational energy, we expect 

G{v\ } v *y ~ ^i( y i 2 ) 4" ^ 2(^2 + ^) + 003(773 + \) + X\\{v\ + a) 2 

+ £22(^2 + 2 ) 2 + £33(773 + |) 2 + £12(771 + -^)(t 72 + J) 

+ £ 13(771 + 2) (773 + 2 ) + # 23(772 + |)(t73 + I) + * • *. (II, 266) 

Here coi, ( 02 , 003 are the frequencies (in cm” 1 ) for infinitesimal amplitudes of the three 
normal vibrations (corresponding to co e for diatomic molecules ). 71 They are also 
called the zero-order frequencies . The Xm are the anharmonicity constants (corre- 
sponding to o) e x e of diatomic molecules). 77i, 772 , 773 are the vibrational quantum 
numbers corresponding to the three normal vibrations. 

The expression (II, 266) for the vibrational energy levels or its equivalent (II, 268) 
below has indeed been obtained by rather lengthy calculations on the basis of the 
old quantum theory by Born and Brody (170) and from the wave equation by 
Bonner (162), King (502), Shaffer and Nielsen (780), and Darling and Dennison 
(268). These authors have also found expressions for the vibrational constants 
and Xik in terms of the potential constants in (II, 262) [see also Shaffer and Newton 

71 In agreement with common practice tho subscript e has been omitted. Some authors use X t -, 
others Pi in place of cc t , and X t k in place of a;**. 
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(778)]. As was to be expected, they found that the o>; depend on the force constants 
k t j only (in just the way previously discussed when anharmonicity was neglected) 
while the x ik depend on the coefficients of the cubic and quartic terms as well. In 
the case of non-linear XY 2 there are six anharmonic constants x ik but twelve cubic 
and quartic potential constants. 72 The latter can therefore not be determined from 
the x tk unless the x ik have also been obtained for an isotopic molecule, or unless 
certain of the potential constants are assumed to be zero [see Redlich (727)]. How- 
ever, the interaction of vibration and rotation (see Chapter IV) supplies additional 
equations for the cubic consf ants which can be used for their determination even if no 
isotopic molecule is observed. In fact, this is the only method that has up to the 
present time been used, and then only for two cases: C0 2 [Dennison (280)] and H 2 0 
[Darling and Dennison (263)], 

Frequently the vibrational energy , instead of being referred to the minimum of 
the potential surface as in (II, 266), is referred to the lowest vibrational state (vi = 0, 
v 2 = 0, vz = 0) which has an energy 

<7(0, 0, 0) = + 2<°2 + '2^3 + 4^11 + 4^22 4“ 4^33 + 4^12 + \ X IZ + 4^23 (II, 267) 

above the minimum (zero-point energy). We have then 

Go(t>i, V2, Vs) = G(v i, Vij Vs) — G(0, 0, 0) + oj 2 v 2 + C0^3 

+ Xnv\ + £22^2 + Z'wvl + #12^2 + X%V\Vs + #23^3, (II, 268) 

where Xa = Xu, as long as no powers higher than the second in the vibrational 
quantum numbers occur, and where 

0)1° = Cdi + Xn + \x\2 + %XlS, 

0)2° = C0 2 + X22 ■+ £-Cl2 H“ £^23, (H, 269) 

0)3° = CJ3 + ^33 + ,2^13 + £#23, 

Thus the zero-order frequencies a can immediately be obtained if the coefficients co t ° 
and x% in (II, 268) have been obtained from the empirical data. 72a (Compare the 
example of H 2 0 in Chapter III, section 3a). 

The observed fundamentals Vi correspond to the transition from a state with 
Vi = 1 to the one with v% = 0 where all other v k = 0. Therefore, from (II, 268) 
and (II, 269), 

V\ = U >°1 + Xn = 0)1 + 2xu + %X\9. + §# 13 , 

V2 = 0)2 + #22 = C0 2 + 2X22 4“ £#13' + £^23, (II, 270) 

Vs = CO3 4" £33 = 0)3 + 2#33 + £#13 4“ £#23* 

In determining the quadratic potential constants we have in the preceding section 
always used the observed fundamentals Vi . Strictly speaking, as is seen from the 
above, we should have used the frequencies for infinitesimal amplitudes co* (zero-order 
frequencies) which can be obtained from the Vi and the xa according to (II, 270). 
Fortunately, in general, the xa are small compared to the and therefore the use 
of the Vi in place of the co», which is often necessary because of lack of data, gives 

78 Actually there are fifteen cubic and quartic potential constants but three of these do not 
influence the anharmonic constants x% k . 

72a Some authors use X, in place of w* 0 used here. 



II, 5 


INTERACTION OF VIBRATIONS 


207 


quite a fair approximation. However, one must not be surprised if small inconsis- 
tencies appear when the Vi are used. Usually most of the xu are negative and there- 
fore, in general, «»° is slightly larger than Vi , and w» is slightly larger than co,°. 

As for diatomic molecules, the anharmoni cities and therefore the differences 
between «»°, and Vi are the largest for vibrations involving the motion of hydrogen 
atoms. As an example, the values of co», w»°, and Vi for H 2 O may be considered: 

c*>i = 3825.3, W 2 = 1653.9, cos = 3935.6; 

coi° = 3693.9, co 2 ° = 1614.5, co 3 ° = 3801.8; 

vi = 3651.7, v 2 = 1595.0, v z = 3755.8. 

In almost all other cases the differences are smaller, for vibrations not involving 
hydrogen considerably smaller. 



1 


° L ° 1,1/, " " i>, I'a+t,!'* 

Fig. 67. Vibrational energy level diagram of H 2 0 showing the influence of anharmonicity. — 
The heavy broken lines indicate the positions that the levels would have if anharmonic terms were 
neglected. Not all levels up to 25000 cm’ 1 are shown. Levels that are repeated in different sets 
are connected by light broken lines. 

In Fig. 67 the vibrational energy levels of H 2 O are plotted (disregarding the reso- 
nance phenomenon to be discussed below) and compared to those obtained when 
anharmonicities are neglected (broken lines). It will be noticed that, for example, 
since xyg 7 * 0 the series of levels with v z = 1 and V\ = 0, 1, 2, • • • (fourth column) is 
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not obtained from the levels with v 3 = 0 and Vi = 0, 1, 2, • • • (first column) simply 
by shifting by a constant amount (equal to the first quantum of the vibration v 3 ) f 
and similarly in other cases. 

The generalization of the above formulae to the case of more than triatomic mole- 
cules (without degenerate vibrations) is obvious. We have 

G(v i, t> 2 • • *) = £ c*>*(0* + 5) + 5Z x ik (vi + ^)(i>& + $) + ••*, (II, 271) 

% i k^i 

Go(vi t 02 ■ • *) = £ w 4 ° 0 t + E E x°ttViV k + • • - , (H> 272 ) 

t i k^i 

£i)»° = w* + Xu + i E + •*•> (H> 273) 

Vi = co*° + xu = co* + 2.C**- + J 21 x ik + • • *> (H> 274) 

k?*i 

where £*& ~ z&** and, if higher powers are neglected, = £*&. 


In transforming the Schrodinger equation (II, 40) to normal coordinates, the expression 

2 -i- ( — -f — -f — ^ does not go over into 2 . as it did previously [equation (II, 41) ], 

m% \ dx t 2 dy % 2 dzi 2 ) 

if the displacements can no longer be considered as infinitesimal. In such a case usually the operator 
method is used for setting up the wave equation [see Itojansky (20)]; that is, one writes 


H\f/ = 


(II, 275) 


where H is a differential operator, the so-called Hamiltonian , which for the general case of a poly- 
atomic molecule according to Darling and Dennison (2G3) is given by 73 

H = } S pi (Pa — Pa)Pa0P~*(Pp — Pft)/A + £ 2 pipkp'ipkpi + V. (II, 276) 

afi k 

Hero a and 0 stand for x, y, or z; P a and p a are the operators corresponding to the components of 
the total angular momentum and the vibrational angular momentum (see p. 375) of the molecule 
in the direction of the axes of a coordinate system that has its origin at the center of mass, and that 
is rotating in such a way that the equilibrium positions of the nuclei are at rest with respect to it 
[for more explicit expressions for P a and p a see Wilson and Howard (944) ]. The pk are the oper- 
ators corresponding to the linear momenta conjugate to the normal coordinates that is, 


A A. 

2tti <?£* 


(II, 277) 


Tho prx, pxy, • • • are related to the effective moments of inertia and products of inertia, more spe- 
cifically they are the elements of a determinant p that gives the relation between the angular momenta 
Pa — Pa and tho angular velocities cj x , 

In order to find the vibrational energy levels and eigenfunctions of the non-rotating molecule, 
one has to carry out a perturbation calculation (seo Molecular Spectra I, p. 308f.) in which the per- 
turbation function is the difference between the above general Hamiltonian (II, 276) in which P x , 
p u , p g have been put equal to zero, and the one implied in the previous wave equation (II, 41) for 
tho harmonic oscillator approximation: 

H* - J 2 p k * + } 2 (II, 278) 

This is essentially what the abovo-mentioned authors have dono in deriving the energy formula 
(II, 266). 

If in (II, 276) tho dependence of tho p a 0, and therefore of the moments of inertia, on the dis- 
placements (normal coordinates) is neglected, and if tho coordinate axes are principal axes of inertia, 

it can bo shown fairly easily [see Wilson and Howard (944) ] that p X x — ~r~ , Pm = ~ » Pzz = y . 

lx ly 1* 

73 Darling and Dennison’s Hamiltonian is a slight modification of that originally given by Wilson 
and Howard (944). 
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whilp n„(i = 0 for a 9 ^ j3. Here J T , I 2 are the principal moments of inertia. Therefore, and since 
then the determinant n is a constant, (II, 270) simplifies to 


H - 


(Pr 


- Pr ) 2 , (P V - P ,,) 2 , (Pz ~ Pz ) 2 
' ' ^ r * 


21 . 


2 ly 


2I g 


4- J 2 Pk 2 + V. 


(II, 1371)) 


Here again, if we disregard rotation, P x , P y , P z must be put equal to zero. It may bo noted, however, 
that other than in the classical theory (see above) we cannot put P a — Pa “0; that is, if there is 
a vibrational angular momentum, the molecule cannot be quite non-rotating. In the harmonic 
oscillator approximation a vibrational angular momentum can occur only for degenerate vibrations; 
but if anharmonicity, that is, interaction of the vibrations, is taken into account an angular mo- 
mentum exists in general also in the non-degenerate case, as the terms with p x , py , Pz in the Hamil- 
tonian indicate. Physically this is related to the fact that the nuclei no longer move in straight lines 
corresponding to one normal coordinate (which has no angular momentum). For a triatomic non- 
linear molecule the vibrational angular momentum must obviously be perpendicular to the plane 
of the molecule (that is, p x — Py =0). 


Vibrational eigenfunctions. In the harmonic oscillator approximation, the total 
vibrational eigenfunction is simply a product of oscillator eigenfunctions correspond- 
ing to the different normal coordinates [compare equation (II, 42)]. If the an- 
harmonicity is taken into account this is no longer the case, but we can write 

= lM£l)^2(£2) • • * ^3V-6(^3W-e) + x(£i> £2, • • • £3 w-c) (II» 280) 

where x is the smaller compared to the product ^ 1^2 • • * ^3W-6 the smaller the 
anharmonicity. 

As has been pointed out previously (p. 104), the vibrational eigenfunction in 
the non-degenerate case can only be symmetric or antisymmetric with respect to 
any of the symmetry operations permitted by the molecule irrespective of how large 
the anharmonicity [that is, x in (II, 280)] is; or, in other words \p v must belong to 
one of the possible symmetry types (see section 3d). It is immediately clear that 
for a given vibrational level the symmetry type of \p v must be the same as that of 
(£ 1 )^ 2 (£ 2 )^ 3 (£ 3 ) • • • in (II, 280). Therefore the symmetry type (species) of the (in- 
harmonic levels is obtained simply by determining in the previously described way the 
symmetry type of the corresponding harmonic levels. 

It is useful to try to visualize the form of the eiocnf unction \J/ V . If only one vibration Vi is excited, 
that is, if only Vi is different from zero, tho eigenfunction depends not only on £» but also on all the 
other normal coordinates as in the harmonic case (sec p. 79), but not in as simple a way. Here, 
unlike the harmonic case, such a dependence exists even when the zero-point motion of the other 
normal vibrations is neglected, and is the wave mechanical analogue of tho classical fact that a 
Lissajous motion takes place. However, in order to got a rough picture of tho eigenfunction let us 
for a moment consider the dependence on £» only, assuming all the other £ to bo equal to zero (that 
is, let us, for example, consider the variation of the eigenfunction along CC or DD in Fig. G6b). In 
the case of a totally symmetric normal coordinate & (for example, along CC in Fig. 6Gb), tho course of 
the function \f/ v would be very similar to the vibrational eigenfunction of a diatomic molecule (see 
Fig. 47, p. 101 of Molecular Spectra I) ; that is, it is slightly unsymmetrical with respect to the origin, 
£» = 0, the maxima on one side being higher than on tho other. On the other hand, for a norrruil 
coordinate that is antisymmetric with respect to at least one symmetry operation (for example DD in 
Fig. 6Gb), yp v is an even function of & for even and an odd function of £* for odd u», since, when 
the symmetry operation is carried out, £» goes over into — & while \f/ v remains unchanged (is sym- 
metric) for even and changes sign (is antisymmetric) for odd (see p. 101). Thus in this case 
yp v is not an unsymmetrically but a symmetrically distorted Ilermito function (see Fig. 29) ; that is, 
the zero points remain symmetrically placed with respect to £» =0 and the height of corresponding 
maxima and minima is the same for positive and negative £t. The dependence of \pv on tho other 
normal coordinates will again be similar to the harmonic case (see p. 79f.), that is, will be represented 
mainly by a Gauss-error type of function but somewhat distorted and possibly with small additional 
humps and maxima. 
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( b ) Influence of anharmonicity for ( non-accidentally ) degenerate vibrations 

For the degenerate vibrations of molecules with more than two-fokl axes, two 
additional points have to be considered: (1) For a d x -foldly degenerate vibration v x 
the energy depends on v x + (d t / 2) rather than on v x + ^ as it does for a non-degenerate 
vibration, for which di = 1 (see section 2 for the harmonic case). (2). Certain energy 
levels that coincide in the harmonic oscillator approximation split into a number of levels 
when the anharmonicity is taken into account . 

As we have emphasized previously, the symmetry types of the vibrational levels 
are the same no matter whether the oscillations are harmonic or anharmonic; for 
example, the state in which a doubly degenerate vibration is excited with v = 1 
remains doubly degenerate even if the potential is anharmonic. In the harmonic 
case, if a degenerate vibration is excited by several quanta, or if several degenerate 
vibrations are excited, a state arises with a degeneracy higher than that of any one 
of the component vibrations; if on the other hand anharmonicity is taken into ac- 
count, in general, this high degeneracy does not remain but a splitting occurs into 
just those substates that were obtained earlier from group theory (Tables 32 and 33). 
This is because, as has been shown in more detail by Tisza (867), an accidental 
degeneracy occurring in a certain approximation is always removed in a higher ap- 
proximation and only the necessary degeneracies required by the point group of the 
molecule remain. This holds rigorously as long as the rotation of the molecule is 
neglected (for the interaction with the rotation see Chapter IV). 

On the basis of the above general theorem it is, for example, immediately 
concluded that the assertion made in a .recent publication cannot be correct, 
that in SitU, assuming tetrahedral symmetry, the state in which the doubly de- 
generate vibration v 2 is singly excited is split into two levels of slightly different 
energy even without rotation, on account of anharmonic terms in the potential energy. 
Conversely, if the doubling were experimentally established it would prove that 
SiH 4 is not tetrahedral in its equilibrium position. This example illustrates the im- 
portance of taking symmetry considerations into account in dealing with symmetrical 
polyatomic molecules. 

General energy formula for the case of doubly degenerate vibrations. On the 

basis of the wave equation the following general formula is obtained for the vibrational 
energy levels of a molecule with doubly degenerate vibrations [see Nielsen (666)]: 

G(v 1 , v 2 , Vs, • • •) =E Wi ^ Vi + + E E Xik ( Vl + 2 

+ E E Qikhh + • • •• (II, 281) 

t k *-* 

In this equation di = 1 or 2 depending whether i refers to a non-degenerate or doubly 
degenerate vibration. The U are the previously introduced integral numbers (see 
p. 81) which assume the values 

U = v x , Vi — 2, Vi — 4, • • • 1 or 0. (II, 282) 

For non-degenerate vibrations U — 0 and g t k = 0. The last term in (II, 281), in 
which the Qik are small constants of the order of the xa, gives a number of different 
sublevels when one or more degenerate vibrations are excited with v x >1. However, 



11,5 


INTERACTION OF VIBRATIONS 


211 


formula (II, 281) gives in general a splitting into fewer levels than the previous group 
theoretical results (Tables 32 and 38) would indicate. This is due to the fact that, in 
the approximation in which (II, 281) has been derived, to every /*• correspond two 
levels of the same energy (see p. 81), whereas according to the previous considera- 
tions of symmetry for certain U values two non-degenerate states are obtained, and 
at any rate no more than two-fold degeneracies can occur except for the cubic point 
groups. For example, if two doubly degenerate vibrations are singly excited, one 
four-foldly degenerate state is obtained from (II, 281), while according to Table 33 
two doubly degenerate states or one doubly degenerate and two non-degenerate 
states or four non-degenerate states (depending on the point group) result. 

Thus in higher approximation many of the levels given by (II, 281) will split still 
further . Explicit formulae for this additional splitting have not been given. How- 
ever, it appears quite possible that it is of the same order as the /-splitting given by 
the third and fourth term in (II, 281). 

The zero-point energy in the present case is, according to (II, 281), 

<7(0, 0, 0, • • .) = E tt. f + £ £ x ik “ + • • •. (II, 283) 

i * i A>i * 

If the vibrational energy is referred to the lowest level one obtains, similar to (IT, 272), 
G a (vi, v 2 •■■) = £ «,°»i + 1 E X 0 lk v t v k + EE OihlJk + • • •, (II, 284) 

i i k^i i k^i 

where 

coi° = c o; + x u di + 2 51 + • • •• (II, 285) 

k^i 

and whore x = xa- if higher powers are neglected. Also we obtain for the funda- 
mentals, 

Vi = ou° + x n + g ti = w, + z <t (l + d t ) + J X + gn, (II, 28(>) 

k^i 

where, as previously, x,k = x/>i. 

Application to linear molecules. In the case of linear molecules, as long as only 
one degenerate vibration (always of species II) is excited, l t is an exactly defined 
quantum number, li = 0, 1, 2, 3, •••, representing the vibrational angular momen- 
tum about the symmetry axis and corresponding to the species 2, IT, A, <£, •••. 
In this case, equation (II, 281) gives all the splittings. The levels with li 0 are 
necessarily degenerate (see p. 112). The energy levels are as given in the previous 
Fig. 52a. Such an energy-level diagram would always apply to triatomic linear 
molecules (XYZ or XY 2 ), since they have only one degenerate vibration. For them, 
(II, 281) would simplify to 

0(v 1 , V 2 , Vz, If) = coi(ri + £) + 002(^2 + 1) + a)’i(vz + 2 ) + %u(V\ + i) 2 
+ ^22(^2 + l ) 2 + g 22 bf + £33(^3 + ^) 2 
+ ^ 12(^1 + 2 ')(t >2 + 1) + ^ 13(^1 + i)0 ; 3 + 2 ) 

+ X23(l>2 + 1)(? J 3 + 2 ) + •••. (11,287) 

For the case of linear symmetric XY 2 molecules, Adel and Dennison (37) [see Denni- 
son (280) for a few corrections] have given formulae for the x t k and ^22 in terms of 
the cubic and quartic potential constants as well as the w* and the moment of inertia. 
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Similar formulae for the linear XYZ molecule have been given by Adel (.33) and 
Nielsen (054a). Actual values for the anharmonic constants xa and of CU ) 2 
and IICN as obtained from the observed infrared and Hainan spectrum will be given 
in Chapter III. 

If two or more degenerate vibrations exist as in linear X 2 Y 2 and are simultaneously 
excited, onlg the quantum number L of the resultant vibrational angular momentum about 
th u axis is exactly defined but the individual / t are still approximately defined as angular 
momenta (similar to the Xz of the electrons in diatomic molecules) and formula 
(11,281) gives an approximation to the energy. However, the formula does not 
give a splitting of a level with given l t values which is actually to be expected on 
the basis c f group theory (see Table 33). For example, if in X 2 Y 2 each of the 
two degenerate vibrations v\ and vb (see Fig. 04a) is singly excited, that is, for 
04 = J, vs = 1, and U = 1, h « 1, equation (IT, 281) gives one energy value only, 
while on the basis of Table 33 the three states 22, * + , 2,r~, and A, t result. Tn the 
approximation assumed in (IT, 281), these three states are degenerate with one 
another; but taking account of the finer interaction of the vibrations will lead to a 
splitting (sec also the next subsection). 

It can be shown [[see Wu and Kiang (003), and Shaffer and Nielsen (779)] that, 
for linear X 2 Y 2 , <745 = 0 , since the two degenerate vibrations have different species. 
Therefore the part of the energy formula (II, 281) depending on the l t is simply 

U\\l? + gwh 2 288) 

Wu and Kiang (903) and Shaffer and Nielsen (770) have given explicit formulae for 
the 04 i, f /55 as well as the x ,/. in this ease in terms of the potential constants. 

As an illustration, Fig. 08 gives the lowest energy levels of the form o\V\ + vbVb 
according to (11,281) with (11,288). Levels that coincide aceoiding to these 
formulae but split in higher approximation arc drawn separately but enclosed in 
brackets. 

Application to some non-linear molecules. The general formula (II, 281) has 
been shown to hold for plane and pyramidal XY 3 molecules by Silver and Shaffer 
(790) and Shaffer (770) respectively, and for axial NYZ3 molecules by Shaffer (777). 
As in the previous cases, the calculations are based on the wave equation in the form 
(II, 270). The authors have given detailed formulae for the constants Aik and g,h 
in terms of the potential constants and the geometric data of U 10 molecule. In 
these cases the 0,7- with i 9 ^ k are not zero. 

In Fig. 09, which is similar to Fig. 08, the lowest vibrational levels corresponding 
to an excitation of the two degenerate vibrations of NY 3 are represented. Again, 
in the approximation in which (II, 281) holds, some of the sublevels coincide that 
in higher approximation would have different energy. 

It should be mentioned that Silver and Shaffer also found an additional small 
term independent of Vi + dj 2 in the vibrational energy. However, such a term 

Fig. (»8. Vibrational levels vn/ 4 + v b vu of linear X-Y? taking anharmonicity into account. — The 
figure is approximately to scale fur In order to avoid overcrowding of the letteiing the sub- 

scripts u or u of the species are added in some eases only to one or a few of the levels of a group of 
given i’ll for all of which they aie the same. The foi inula used was f/o = 0()3y 4 -f- 721) 5rc + ih’4 2 
— 13riPs — 0.5 i’b* + 5/ 1 2 +7 h 2 . The coefficients of lr and U 1 are entirely hypothetical. For tlio 
levels 1513 and 1511 the designations A, V and 2“ f A respectively were inadvertently omitted. 
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Fig. 08 


SfeSj: 
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would be exceedingly difficult to establish experimentally. Omitting it as we have 
done in (II, 281) simply means referring the vibrational energy not to exactly the 
minimum of the potential energy but a very slightly higher or lower energy. 



Fio. 09. Vibrational levels v A v A + v<v A of pyramidal XY 3 taking anharmonicity into account.— 
The fundamentals chosen are approximately those of NII 3 (sec Table 38) but the anharmonicites 
are entirely hypothetical. The following formula was used: Go = 350Uv 3 + 1000 m + 20 V 3 2 + lfw* 
+ 10®4* + 25*3* + 15*3*4 + 20*4*. 
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It should be realized that in these eases, unlike the case of linear molecules, the 
Z, defined by (II, 282) do not in general represent the vibrational angular momenta 
about the symmetry axis. Rather, as we shall discuss in more detail in Chapter IV, 
section 2a, the vibrational angular momentum of a degenerate vibration Vi is £i(h/ 2 tt) 9 
where f* is in general non-integral and has a magnitude smaller than one. 

(c) Accidental degeneracy , Fermi resonance 

Qualitative discussion. In a polyatomic molecule it may happen that two vi- 
brational levels belonging to different vibrations (or combinations of vibrations) may 
have nearly the same energy, that is, may be accidentally degenerate . As was first 
recognized by Fermi (322) in the case of COo, such a “resonance” leads to a perturba- 
tion of the energy levels which is very similar to the vibrational perturbations of 
diatomic molecules (sec Molecular Spectra I, p. 319f.). The only essential difference 
is that for diatomic molecules only vibrational levels of different electronic states can 
have nearly the same energy and thus perturb one another, whereas here two vibra- 
tional levels of the same electronic state can have the same energy and perturb each 
other. For example, in the case of COa the level v\ = 0, i >2 = 2, v$ = 0 has almost 
the same energy as the level v\ = 1, v% = 0, w 3 = 0, since v\ = 1337 and v% = 6G7 
cm -1 (see Table 41). For diatomic molecules, the perturbation is due to the inter- 
action of vibration and electronic motion whereas here, for polyatomic molecules, 
the anharmonic terms in the potential energy, that is, the interactions between different 
vibrations are sufficient to produce a perturbation when two levels happen to lie very 
close together. 

As for diatomic molecules, the two vibrational levels that have in zero approxima- 
tion nearly the same energy “repel” each other and the actual levels do not follow 
accurately a formula of the type (II, 271) or (II, 281). Thus for C0 2 one of the two 
above-mentioned levels is shifted up and the other down so that the separation of 
the two levels is much greater than expected. At the same time a mixing of the 
eigenfunctions of the two states occurs. The deviation of the energy values from the 
formula and the mixing of the eigenfunctions is the stronger the smaller is the zero 
approximation difference of energy. 

Mathematical formulation. In addition to depending, in an inverse way, on the 
“original” energy difference of the two levels, the magnitude of the perturbation 
(repulsion) depends, as for diatomic molecules, on the value of the corresponding 
matrix element W n i of the perturbation function W: 

Wm = yVn° W*dr. (II, 289) 

The perturbation function W is here essentially given by the anharmonic (cubic, 
quartic, • • •) terms in the potential energy, 74 while ^ n ° and \f/i° are the zero approxima- 
tion eigenfunctions of the two vibrational levels that perturb each other. Since W, 
as we have seen above, has the full symmetry of the molecule (is totally symmetric), 
^ n ° must have the same symmetry type as yf/p in order to give a non-zero value to 
W n i and therefore to the magnitude of the perturbation. [If ^ n ° and \pi° had 
different symmetry type, the integrand of (II, 289) would change for at least one 

74 Strictly speaking, it also includes the deviation of the kinetic energy operator [soo equation 
(II, 276) ] from the form it has in the zero approximation used. But the corresponding contributions 
to Wni are usually negligible for the perturbations here under consideration. 
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symmetry operation and tlioreforo the integral would vanish.] Thus we have the 
important rule: Only vibrational lewis of the same species can perturb one another , or, 
Fermi resonance can occur only between levels of the same species. This rule restricts 
very greatly the occurrence of vibrational perturbations (L«Vrmi resonance) in 
symmetrical polyatomic molecules. 


If tho resonance is fairly close* the mntjnilmlr of the .s ft if l can bo obtained according to first-order 
pei turbation theoiy (see texts on wave mechanics) fiom the secular delei ininant 


E n ° - e ir„ 
W\n A ’, 0 - H 


(ir, 2oo) 


where E n ° and E t ° are the unpeitmbed energies. From this equal ion one obtains for the perturbed 
energy E, since according to (II, 2ND) If*,* b ,ii» 


a = a’,,, ± J Vliir„,i 2 + «*, 


(II, 291) 


where E n % = l(E,° + E n °) is the mean of the unpei lurbed levels and 5 = E„° — E t ° is the separation 
of the unperturbed levels. 75 Formula (II, 201) shows that there is no p«'t (uibation if IV,,* = 0 and 
that, if 5 is very small— that is, if the resonance is very close — the shift is 1 1F,J up for one and down 
for the other level. If 5 is huge eompaied to 2|ir,„|, we can expand (II, 201) into 


E (II, 292) 

which is essentially the same as one would obtain hum second-order perturbation theory applied to 
each level separately. 

In Fig. 70 the position of the pei lurbed levels for a constant ir«* and E„i is plotted as a function 
of 5, the sepaiation of the impel lurbed levels. Tlu; shitt produced by tho perturbation is given by 



Fni. 70. Perturbation of two energy levels as a function of the separation of the unperturbed 
levels. — The broken lines represent the positions of the unpertui bed levels, the solid curves those 
of the perturbed (actual) levels. 


the separation of the heavy curve from the nearest of the broken lines (which represent the un- 
pertuibed levels) . The shift is largest for 5 = 0, that is, for exact resonance. 

Tho ci{]< tif u actions of the two resulting states can be shown to be (fiom standard methods of 
perturbation theoiy) tho following mixtures of the zero approximation eigenfunctions ^ M ° and i£* 0 : 


tn = <itn Q - WA 


(II, 203) 


75 Formula (II, 201) is seen to be identical with (V, 07) of Molecular Spectra I if it is noted 
that 6 in the latter is E — E u °, that is, is the energy above the lower of tlu* two unperturbed levels. 
This was not clearly stated in Molecular Spectra I, p. 311. 
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= ( + F- +J \ 4 h = ( v^i » + i 3 -ay 

' \ 2VT|H',„i r + a 2 / ’ V + a 3 / 


V4| H’„,i 2 + s 2 - 8\* 


(II, 294) 


If 6 — 0 wo obtain :i fifty-fifty mixUiro; if 5 is uiy large and 

It should bo emphasized that the peitur bat ions are due to the same {inharmonic terms in the 
potential energy that, cause tlie terms jrtu',ri in the energy formula. The latter are due to the 
integrated perturbing effect ot a large number of vibrational levels of which each contributes a term 
IH'J*/* as in (IF, 292) whereas the former are due to the effect of one level that is particularly close 
to the one considered. Also, the terms J t u\ri, are always calculated by using as zero approximation 
the harmonic oscillator levels and eigenfunctions whereas for the perturbations one may instead also 
use the levels given by (II, 271) or (11, 2S1) and the corresponding eigenfunctions, to bo substituted 
in (II, 2K9) and (IT, 201 ). 

In a way also tlie deviations of the characteristic group frequencies from their “normal” values 
in molecules containing several groups of similar hupionci* t may be considered as a special case of 
the vibrational pei tin bat ions, that is, if the “noiiual” a .dues of these gioup frequencies are con- 
sidered as the zero approximation. Also in this case sm h deviations occur only if the two or moro 
vibrations have the same species and are always in such a direction as if they were produced by a 
“repulsion” (compare tire discussion on p. 2 U 0 ). 

Application to CO 2 and similar cases. As mentioned before, for CO> there is a 
very close resonance between the levels 1, 0, 0 and 0, 2, 0 since 2v« happens to be 
very nearly equal to gp The level 0, 2, 0 con- 
sists of two sublevels 0, 2 () , 0 and 0, 2 2 , 0 with 10(J v+(-_ 

/ 2 = 0 and 2, which have the species 2,, + and A,,. / 

According to the preceding discussion only the 
sublevel ( I 2 = 0) can perturb the 1, 0, 0 level 

which lias the species 2j; + and conversely it alone 01 , 0 

is perturbed by the 1, 0, 0 level. This is shown in 
Tig. 71. The separation of the two levels 1, 0, 0 
( = 1.‘188.3 cm" 1 ) and 0, 2°, 0 ( = 1285.5 cun- 1 ) is 
much larger than would have been expected on 

the basis of tire value for 607.3 cm* -1 ). 000 

Similarly, of course, the splitting of the two Sill)- p 1(} . 71 . Fermi resonance in COu. 
levels lo = 0 and /o = 2 of 0, 2, 0 is anomalously — The broken lines represent, the mi- 
1«K0 (49.9 cm -1 ).” In consequence of the strong IX’Z 

perturbation, a strong mixing of the cigenfune- two levels to which Iho arrows point, 
tions of the two levels 1, 0, 0 and 0, 2°, 0 occurs 

so that the two observed levels can no longer be unambiguously designated as 
1,0,0 and 0, 2°, 0. Each actual level is a mixture of the two. Experimentally 
this mixing is evidenced by tlie occurrence of two strong Raman lines rather than 
one (see Chapter III). 

In consequence of the perturbation (resonance) between the levels 1, 0, 0 and 
0, 2°, 0 of C0 2 , there arc of course also perturbations between certain higher levels, 
for instance between 1, 0, 1 and 0, 2°, 1 or between 1, l 1 , 0 and 0, 3 1 , 0 or between the 
three levels 2, 0°, 0; 1, 2°, 0, and 0, 4°, 0, and so on. A full discussion of these has 
been given by Adel and Dennison (37) [see also Dennison (280), and Chapter III, 
p. 275]. 

If the considerations of p. 205 are applied to linear symmetric XYa, it is easily seen that tlio 
potential energy can only have the cubic terms 

airier 3 + aisjtyiOl&a 4- r)~ lb ) + amifi rif. 


Viu. 71. Fermi resonance in CO> 
— The broken lines represent the un- 
perturbed levels which go over, on 
account of the resonance, into tho 
two levels to which tlio a 1 rows point. 


(II, 295) 
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If this is substituted for W in (II, 289) and if for the eigenfunctions and \f/ t 0 products of harmonic 
oscillator functions (II, 52) and (II, 58) are used, it follows that W H i, if n is a level i'\ -f- 1 , »3, 

and L is a level n, r 2 + 2, r Sl depends only on the potential constant an 22 . None of the other cubic 
and none of the quartic terms gives a contribution. For the two levels 1, 0, 0 and 0, 2°, 0 one finds 

At 

1^100, 02°0 p «]22. (11, 296) 

8 \27T 3 cloOllc02 

The value 0 . \V, n for all other corresponding pairs of levels differs from IFioo,o 2 °o only by a con- 
stant factor. Therefore the separation of all the resonating pairs can be represented by the two 
constants: & (the unperturbed separation of the levels 1, 0, 0 and 0, 2°, 0) and the interaction con- 
stant IF 100 , 02 V The two constants are therefore necessary in addition to the co„ a*,*, and On of 
(II, 287) for a completo representation of the vibrational energy levels of a linear symmetric XY 2 
molecule su( h as (X) 2 in which vi » 2v 2 . For CO 2 Dennison (280) obtained the values 5 = 16.7 cm -1 
and IFiooVo = 50.4 cm" 1 . 76 

A resonance phenomenon occurs also in a classical treatment of the vibrations. For example, 
for XY 2 during the perpendicular vibration v 2 there is a slight force in the X — Y direction which has 
a maximum value twice during one period. This will lead to an excitation of the symmetrical oscilla- 
tion v\ if its period is half as large as that of v 2 , that is, if 2v 2 - vu Thus if at first only v 2 is excited, 
after a while only v\ will be excited; and after a further interval only v 2 will be excited, and so on. 
The situation is much the same as for two coupled pendulums. The motion may be considered as 
the superposition of two stationary vibrations of somewhat different frequencies. 

If for a linear XY 2 molecule one had vi ~ %v 2 or 2v\ « 3j> 2, no perturbation would occur since 
none of the two sublevels of the state 0, 3, 0 with l 2 = 1 and 3 (II „ and state respectively) has the 
same species as the states 1, 0, 0, or 2, 0, 0 which are 2 f/ + states. 

Perturbations (Fermi resonances) similar to those observed for CO 2 have been 
found for a number of other molecules. They will he discussed briefly in Chapter 
III, when the vibrations of these molecules are consideied. In all these cases a 
fundamental Vi has nearly the same frequency as a first overtone, 2v k of another 
vibration, or as a binary combination Vk + vi of two other vibrations. The mathe- 
matical treatment is very similar to that for XY 2 molecules. As above, such per- 
turbations are only possible when the fundamental v A has the same species as one of 
the sublevels of 2 vl or vi + vi . 

Application to H2O. A somewhat different perturbation has been found to occur 
for II 2 O by Darling and Dennison (268) and is probably of importance also for many 
other molecules. For II 2 0 the two vibrations v\ and v* have a similar magnitude 
(3652 and 3756 cm” 1 ) but cannot perturb each other since they have different species. 
However, the two first overtones 2v\ and 2vz have the same species ( Ai ) and therefore 
can perturb each other or, more generally, any state v\, v 2 , vz with vi > 2 is perturbed 
by a state vi — 2, v 2 , vz + 2. The recognition of this effect by Darling and Dennison 
(263) has first led to a satisfactory analysis of the vibration spectrum of II 2 0 (see 
Chapter III). 

The essential difference from the case of C0 2 is that here the matrix element W n i would be zero 
if only cubic terms of the potential energy were taken into account and harmonic oscillator functions 
were used for and \pi°. However, the quartic terms of the potential with harmonic oscillator 
functions and the cubic terms with anharmonic oscillator functions give each a contribution. Darling 


78 Our IFioo,o2°o is Dennison’s — p . His constant b corresponds to our or 122 for a certain choice 

V2 

of dimensionless normal coordinates. 
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n, s 


and Dennison have shown that 

N’»< - = a7 - 1 Ha + lHfa + 2), (II, 2U7) 

whr*re 7 depends on the potential constants only. 

While the energy levels for which no perturbation occurs are given by (II, 271) those for which 
a perturbation occurs are determined by (II, 290) or (II, 291) in which ^ n ° and/£ t °are the unperturbed 
energies as obtained from (II, 271) and 1 V „i is given by (II, 297). Thus there is one more constant 
( 7 ) necessary to represent the observed energy levels than there would be if no resonance occurred 
(see also Chapter 111, p. 282). 

A very similar perturbation is to be expected for C 0 H 2 , since here also v\ and v* have a very 
similar magnitude (v\ = 3374 and vz — 32K7) but have diffeient species, so that only pairs of levels 
t?i, V 2 , ?’ 3 , ?’ 4 , and vi — 2 , Vz + 2, V 4 , can perturb each other. The matrix element would bo 
of the same form as for 1I 2 0 [equation (IT, 297)]. Caloulalions on this basis have not been carried 
out, but it seems certain that they would clear up certain J*screpancies which have been found in 
the analysis of the C 2 H*» vibration spectrum [see Ilerzbfig and Spinks (441) and Wu and Kiang 
(9(53) (961)]. Similar perturbations will also occui for many other molecules, but for very few aro 
the available data sufficient to carry out a detailed calculation. 

In higher approximations perturbations between levels with still greater differences in quantum 
numbers are possible. But for such pairs higher and higher termH in the potential function would bo 
involved so that the magnitude of the perturbations for the same unperturbed separation would be 
smaller and smaller. However, it must be realized that the different potential constants, n X) k or 
Ptjki and so on in (II, 263), may have very different magnitude, as has actually been found for 0 () 2 
[see Dennison (280)], and therefore the effects of certain high-order potential constants may bo 
eomparalile to those of lower order. 


Splitting of the Z, degeneracy. It has been mentioned before (see p. 211) that 
the degeneracy of levels with the same l t values is not always a necessary degeneracy. 
I11 cases where it is not it will be removed when other levels of the same species are in 
the neighborhood of the one considered . For example, in a pyramidal XY3 molecule 
the level in which the degenerate vibration v 3 is excited with = 3, according to 
(II, 281) consists of two slightly different sublevels with Z 3 = 3 and Z 3 = 1. How- 
ever, while the sublevel Z 3 = 1 has the species E , the sublevel Z 3 = 3 has A\ + A 2 
(see Fig. 69), that is, is not necessarily degenerate and will split if another level of 
species A± (or A 2 ) is in the neighborhood. Actually for molecules like NII 3 the 
vibration v\ of type A\ has a very similar frequency to y 3 and therefore the level 
v\ + 2p 3 is in resonance with 3^ 3 . The former has sublevels of species A\ (Z 3 = 0) 
and E(h = 2). The first of these can interact with the Ai sublevel of 3 ^ 3 but not 
with A 2 and therefore the sublevel Z 3 = 3 of 3 v 3 will split into two fairly widely sepa- 
rated levels. The separation would be expected to be of the same order as, or even 
greater than, the separation of the sublevels with different Z 3 . 

Since in other cases a suitable perturbing level is bound to be somewhere, even 
though it may be at a fairly large distance from the one considered, the Z» degeneracy 
is always split, as has been indicated in Figs. 68 and 69. But the splitting is very 
slight if the perturbing state is not fairly close. 

The preceding considerations show that the general formulae (II, 271) and (II, 281) 
can be expected to give an accurate representation of the vibrational levels of a polyatomic 
molecule only if no resonances between levels of the same species occur . It is clear that 
the more atoms a molecule contains the less likely it is to be free from such resonances, 
even for the lower vibrational levels. Thus the formulae mentioned must be applied 
with caution. 
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(i d ) Several potential minima 

General remarks. It happens frequently that the potential function of a given 
system of atoms has more than one minimum, that is, that there is more than one 
equilibrium position. If these minima have different energy and if the potential 
function in their neighborhood has different shapes, the minima correspond to differ- 
ent isomers of the molecule considered, which in general can be separated chemically 
from one another (for example, CII3CN and CH3NC, cis- and trans-C2H2Cl2). For 
most practical purposes and particularly for the consideration of their vibrational 
levels they can be considered separately as different molecules, except when the 
banier separating the minima is very low (as is the case for molecules like C2II4CI2; 
sec Chapter III, section 3f). However, when the potential minima are identical in 
height and in shape the situation is rather different, because exact resonances of the 
energy levels corresponding to the two minima, and consequently splittings of the 
energy levels may occur and it may be impossible to separate the different isomers. 

We have to distinguish two essentially different eases: 

(t) All non-planar molecules irrespective of whether or not they contain identical 
atoms have two identical potential minima corresponding to the two equilibrium positions 
of the nuclei that result from an inversion of all nuclei at the center of mass. These two 
configurations cannot be transformed into each other by simple rotations of the whole 
molecule. The energy levels corresponding to the two configurations are always in 
exact resonance and therefore, in consequence of the tunnel effect, a splitting into 
two energy levels, usually very close together, takes place. This is what was previ- 
ously (p. 27) called inversion doubling . For example, for pyramidal XY 3 or for 
axial ZXY 3j if the Y atoms are numbered Y (1) , Y (2) , Y (3) , by an inversion a configura- 
tion is obtained that cannot be obtained by rotations. To be sure, in the cases 
mentioned the configuration obtained by inversion, because of the identity of the Y 
atoms, cannot actually be distinguished from the original one. Only if the Y atoms 
arc actually different would that be possible. This is the case for optical isomers , 
the simplest example of which would be a non-planar molecule WXYZ. But in all 
cases the double degeneracy of all vibrational levels derived for one potential mini- 
mum exists and is split in higher approximation. For plane and linear molecules 
an inversion can always be replaced by a rotation of the whole molecule and therefore 
the double degeneracy of the vibrational levels and the inversion doubling do not 
exist (see also p. 27). 

(2) In all cases of molecules with identical atoms , when an exchange of these identical 
atoms cannot be brought about by a rotation of the whole molecule , or by an invcrsion y or 
bothy two or more identical potential minima exist. Examples are molecules like linear 

W\ /Y 

X— Y— Y (N 2 0), X2Y4 of point group Vh (0*110, X— X. (ClBrC=CII 2 ), 

7 / 

X2Y6 of point group Z> 3 * or D$d (C2II6), non-axial WZXY 3 (CH 3 OII). In all these 
cases the exchange of the identical nuclei, that is, a transition from one potential 
minimum to another identical one, can be brought about by an internal rotation, 
that is, a rotation of one part of the molecule against the other. 77 If the .identical 
atoms have nuclei of the same mass, the vibrational levels in each minimum (if 

77 In molecules like symmetrical XY2 (linear or bent), XY3 (planar or non-planar), or axial 
XYZ3, this typo of identical potential minima obviously docs not occur. 
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considered separately) will be the same; that is, there will be a degeneracy of each 
vibrational level of a degree equal to the number of identical minima. This de- 
generacy will be split in the actual molecule (see below). If the masses of the 
identical atoms are different the energy levels will be different in the two minima 
and no resonance will occur. In this case the situation is essentially the same as if 
the two atoms were different; that is, we have a number of isomers with slightly 
different properties and particularly a different spectrum, for example N H N 15 0 and 

h \ / n n / h 

N 16 N 14 0, or C=C and C=C , and others. 

jyS t/ 

It should be noted that the degeneracy introduced by the identical potential 
minima is not included in the previous treatinei t of normal vibrations and their 
symmetry types. This was quite legitimate, since for a strictly quadratic potential 
energy a transition from one to the other potential minimum would be impossible. 


Inversion doubling in NH 3 and similar molecules. The only case of inversion 
doubling that has been studied in considerable detail both experimentally and theo- 
retically is that of NH3. Here, assuming a pyramidal structure, if the N atom is 
moved through the H 3 plane to an equivalent position on the other side an inverted 
configuration is obtained. If the potential energy is plotted as a function of the 
distance of the N atom from the II 3 plane, a curve of the form given in Fig. 72a is 
obtained. Let us for a moment consider the one-dimensional motion of a single 
particle in a potential field of this form. Suppose the broken horizontal lines arc 
the energy levels that one would obtain if one had two independent (identical) 
minima not connected by a potential hill (broken curves). Then in consequence of 
the resonance together with the perturbation, that is, deviation of the potential 
from the broken curves, a splitting of each degenerate level into two levels indicated 
by the full horizontal lines in Fig. 72a occurs. The splitting increases rapidly with 
increasing v. 

Because of the symmetry of the potential field the corresponding eigenfunctions 
must remain unchanged or can at most change sign for a reflection at the origin 
(x—+ — x). In a zero approximation, the two functions corresponding to a pair of 
levels are simply a symmetric and an antisymmetric combination 


= tvifo — x) + ^o(x 0 + x) y 
ypa = iMx 0 — x) — ypv(xo + x) 


(II, 296) 


of the oscillator wave functions ^»(£) corresponding to each minimum, where £ is 
the displacement from the minimum (counted positive toward the potential hill). 
These eigenfunctions arc given for v = 0, 1, and 2 in Fig. 72b. It can be shown 78 
that the symmetric function always corresponds to the lower one of a pair of levels. 
The eigenfunctions tell us that there is an equal probability of finding the particle 
in the left and in the right bowl. Whereas in classical mechanics, once the particle 
is at the right with an energy lower than that of the hill it can never go over to the 
left bowl, in quantum mechanics after a certain length of time the particle will be 
found in the left bowl, that is, it will penetrate the potential hill (tunnel effect). The 

78 See, for example, the somewhat similar problem of the Ha + molecule as treated in Pauling 
and Wilson (IS). 
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average time it takes the particle to go from one side to the other (to penetrate the 
nill) is inversely proportional to the energy difference of the two sublevels for a 
given v. (It is 1/(2 A(h) if A G is the energy difference in cm -1 ). 


i ('.»•) 



Fig. 72. (a) Potential energy in a pyramidal XY 3 molecule as a function of the distance of the 

X atom from the Yj plane; (b) Eigenfunctions for this case assuming one-dimensional oscillations. 
— Tho splitting for v =0 and 1 is murh exaggerated. 

The mutual interaction of the “right” and “left” energy levels, that is, the 
magnitude of the doublet splitting, depends on the matrix element W n i defined in 
(II, 289). It is clear that since the perturbation function is the deviation from the 
broken-line potential curves in Fig. 72a, W n % will increase very rapidly as the top 
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of the potential hill is approached. [Calculations show that it decreases expo- 
nentially as the area of the hill cut off by the energy level increases; see Dennison and 
TJhlenbeck (284).] Thus the doublet splitting and therefore the probability for the 
particle to go from one side to the other is exceedingly small for levels considerably 
below the top of the hill but quite large near the top. The doublet splitting increases 
further for the levels above the top until very far above the top it is equal to half 
the separation of successive unperturbed levels. In other words, far above the top 
of the hill we have again a simple series of levels with roughly half the spacing that 
one would have if there were only one minimum (sec Fig. 72a). The eigenfunctions 
of these levels are alternately symmetric and antisymmetric with respect to reflection 
at the origin (positive and negative levels) similar to the successive levels of the 
vibration v 2 (a 2 ") of a plane XY 3 molecule (see Fir. 63 and Fig. 42b). 

In applying the above considerations to the actual energy levels of NH 3 and 
similar molecules, it must be realized that none of the normal modes is exactly a one- 
dimensional oscillation of the N atom against the H 3 plane. Rather in each one of 
the four normal vibrations (sec Fig. 46) the height of the pyramid is changed some- 
what, and the splitting of each vibrational level depends on the magnitude of this 
change in a way that can be roughly obtained from Fig. 72a by finding the potential 
energy change corresponding to the change of height and interpolating the splitting 
for this energy. The change of height is in first approximation zero for the two 
degenerate vibrations vz and v\, and therefore one would expect the splitting to be 
almost independent of Vz and a 4 (as long as they arc small). 79 But the change of 
height is different from zero, even in a first approximation, for the non-degenerate 
vibrations Vi and v 2 , and therefore the splitting should increase fairly rapidly with 
increasing Vi and v 2 . The change of height is by far the greatest for v 2 . 

These predictions are strikingly confirmed by the observations on NH 3 . The 
splitting of the ground state v\ = 0, v 2 = 0, vz = 0, y 4 = 0 is exceedingly small, 
amounting to only 0.66 cm -1 ; for the state v 2 == 1 the splitting is 35.7, for v 2 = 2 it is 
312.5 cm” 1 [see Dennison (280)], while for the state v\ = 1 it is only 1 cm” 1 even 
though v\ = 3337 against v 2 = 950 cm” 1 . For the perpendicular vibrations the 
observations arc not yet accurate enough to detect small splittings under 1 cm” 1 , but 
the splitting is certainly not much greater than in the lowest state. 

To a fairly good approximation the normal vibration v 2 of NII 3 is one in which 
only the distance of the N atom from the H 3 plane is changed; that is, the energy 
levels of this vibration would be approximately those of a one-dimensional oscillator 
moving in a potential field of the form of Fig. 72a. Using a certain functional form 
of this potential, it is possible to determine the splitting of the vibrational levels 
v 2 v 2 as a function of the potential constants ; or, conversely, from the observed splittings , 
the constants of this potential , in particular the separation of the two minima and the 
height of the maximum , can be determined. Such calculations have been carried out 
by Morse and Stueckelbcrg (636), Dennison and Uhlenbeck (284), Rosen and Morse 
(742), Manning (599), and Wall and Glocklcr (911). It turns out that the resulting 
separation of the minima is almost independent of the particular form assumed for 
the potential. The height of the NH 3 pyramid, which is one-half the separation of 

79 For large 03 and va the fact has to be taken into account that an inversion can also bo brought 
about by an internal rotation of an NH 2 group by 180°. While the potential hill for this rotation 
is expected to be much larger than the one discussed in the text, the change of angle for v$ and vs 
will bo relatively much larger than the change of height. 
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the minima, is thus found to bo 0.38 X 10" 8 cm, which agrees very satisfactorily 
with the value 0.381 X 10~ 8 cm obtained from the infrared rotation-vibration spec- 
trum (see Chapter IV, p. 439). The height of the potential hill, according to 
Manning (599), is 2076 cm' 1 ; that is, the level 2v 2 is just below its top and all higher 
levels of this vibration are above it. 

From the same potential function the splittings for ND 3 , ND2H, and NH2D 
may be calculated [see Manning (599), Wall and Gloeklcr (911), and Dennison 
(280)1 and they come out in satisfactory agreement with experiment. For ND 3 , 
for example, the calculated splittings for v 2 and 2^2 &re 2.5 and 55 cm 1 while the 
observed values arc 2.4 and 70 cm”"*. The splitting is smaller than for NH 3 because 
of the smaller energy above the minimum and the smaller tunnel effect due to the 
larger reduced mass. 80 It has not yet been observed for the ground state of ND3. 
A number of levels above the maximum have been observed for ND 3 [see Table 
74, p. 297] which agree well with the theoretical results of Manning (599) [see also 
Dennison (280)]. The splitting for levels other than v 2 v 2 has not as yet been 
evaluated theoretically. 

For P1I 3 , Sutherland, Lee and Wu (830) have found an inversion doubling of 2.4 
cm -1 for the state v 2 . From this datum and an approximate value for the height 
of the pyramid (0.67 X 10~ 8 cm) the height of the potential maximum is found to 
be of the same order as for NII 3 . The splitting for the ground state obtained on this 
basis is only 1.51 X 10“ 4 cm” 1 , which would be very dilticult to observe directly. 

The average time for an inversion to take place is, according to the previous 
formula, 2.5 X 10“ u and 1.1 X 10~ 7 sec. for NH 3 and PII 3 respectively (in their 
ground states). These values are respectively 700 and 3.3 X 10 6 times the periods 
of oscillation of v 2 . 

The only other case of an observable inversion doubling seems to occur for the 
II 2 O 2 molecule. Zuimvalt and GigiuVc (977) have interpreted the observed doublet 
structure of a photographic infrared band of this molecule as due to an inversion 
doubling, assuming the model represented by Fig. 2a. In this case the inversion can 
be brought about by a torsion of the two OH groups about the O — 0 axis. However, 
their interpretation of the spectrum is admittedly not final. 


Optical isomers. The comparison of NII3 and i’ll 3 shows how rapidly the time required for a 
switching over (an inversion) increases with increasing height of the potential hill and increasing 
mass of the atoms concerned. For AsD^ assuming a height of 0.75 X 10 H cm and a potential 
maximum of the same height as for NIL a value of 1.5 X 10 2 sec. would be obtained. It is therefore 
clear that with even heavier masses and greater potential hills, as for example in AsCL or HiClg, 
the time for one switching over will bo many powers of ten larger, that is, of the order of hours or 
even years. As long as there are identical nuclei in the molecule, as in AsOb, the inverted form is 

✓As 


/\ 


\r 


indistinguishable from the non-inverted. Put if all four atoms arc different , as in Cl | I, the two 


Br 

forms would he distinguishable , for example by the fact that one would rotate the plane of polarization 
of light to the right, the other to the left. They would be optical isomers. While optical isomers 
of the pyramidal type have not as yet been found, similar isomers of tetrahedral type are well known, 


80 It may be noted that in going through the potential hill the center of mass must be conserved. 
Therefore the H or D atoms are displaced more than the N atom, the motion corresponding to that 
of a single particle in the potential field of Fig. 72a with a reduced mass equal to that applying to 


the vibration vz in a plane XY3 molecule £ that is the factor my j ^ 1 + ^ * n HL 210) 


] 



11,5 


INTERACTION OF VIBRATIONS 


225 


namely carbon compounds with four different substituents. Here, in order to transform one molcculo 
into the inverted form, one has to twist one part of the molecule against the other until two sub- 
stituents are exchanged. The potential hill that has to be surmounted is very large, paiticularly if 
the substituents are large groups; the tunnel effect is correspondingly extremely slight. One can 
estimate [see llund (405)] that the time that it would take the free molecule to switch over by 
means of tunneling 81 may be as high as 10‘ J years. Thus it is possible to understand that there are 
bacteria that eat only one of the two forms (the right or left one) of a certain carbon compound. 
The asymmetric molecules that must bo present in those bacteria have not switched over to the 
opposite configuration since the particular genus came into existence. 

Torsional oscillations. The only eases of identical potential minima , produced by 
identity of atoms in the molecule , that have been discussed in greater detail are those 
involving torsional oscillations . 82 For example, in O 2 II 4 the potential energy, plotted 
as a function of the angle x of relative rotation of the two CIT 2 groups against each 
other, has two identical minima as shown in Fig. 73a. Similarly, in C 2 H 6 and 




and energy levels of the torsion oscillation (qualitative). — The energy levels arc; shown only where 
the kinetic energy is positive. Hut it must be realized that the eigenfunctions have non-zero (even 
though small) values also when tlio potential energy is greater than the total energy (under tho 
potential barriers). 

CH 3 OH, the potential energy has obviously three identical minima if plotted as a 
function of the angle of torsion (Fig. 73b). We have, for C2II4, for the potential 
energy V : 

r(x) = V(X + T) (II, 299) 

81 The usually observed inversion is due to thermal collisions. 

82 One case that does not involve torsion has recently been discussed by Glockler and Evans 
(371) on the basis of the data of Buswell, Maycock, and Rodebush (187), namely the linear FHF“* 
ion in which there appear to be two equilibrium positions for the proton, leading to a doubling of 
the energy levels. However, the experimental evidence appears to be somewhat ambiguous [see 
Ketclaar (499)]. 
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and for C 2 H 6 , CH 3 OII, and similar cases, 

V(x) = V( X ± fir). (II, 300) 

If, as in the examples, the nuclei of the identical atoms have the same mass, the 
energy levels corresponding to the identical minima are in zero approximation the 
same; that is, we have in the above cases a two- and three-fold degeneracy respec- 
tively. This degeneracy is split, at least partially, if the deviation from a strictly 
parabolic potential curve, or in other words the passage through the potential barrier, 
is considered. Then for C 2 II 4 and similar molecules each level of the torsion oscillation 
v*\a u ) is split into two sublevels. For C 2 ih f CII 3 OH, and similar molecules , there is 
also a splitting into two sublevels but one of these is doubly degenerate [sec Wilson (938) 
and Koehler and Dennison (517)]. The degenerate sublevel is alternately the upper 
and lower one. The splittings are shown schematically in Fig. 73. As in the case 
of inversion doubling, the magnitude of the splitting increases rapidly with increasing 
vibrational quantum number v t of the torsion oscillation. But it is in general not 
negligible even for v t = 0. For example, for CII 3 OH it is 1.5 cm" 1 . Unlike the 
inversion doubling in N!I 3 , here the energy levels above the potential maximum do 
not go over into those of an oscillator but into those of a rotator corresponding to 
the free rotation of the two groups against each other. This transition will be taken 
up in somewhat more detail in Chapter IV, section 5. It must also be emphasized 
that the splittings indicated hold only for K = 0 . There is a strong dependence on 
the rotational quantum number K (sec Chapter IV). 

It may be pointed out that in C 2 H 1 , for example, in addition to the two identical potential minima 
mentioned (Fig. 7:hi) there arc also a number of others, for instance that obtained by an exchango 
of the two C atoms, which could be obtained by rotating the C~ 0 group with respect to the rest of 
the molecule. However, the potential hill in this ease and many similar cases is so high that tho 
ensuing splitting is entirely negligible. 

For the potential function in the case of the torsional oscillations involving n 
identical potential minima, a cosine form is usually assumed, that is, 

V = £T r u(I - cos nx), (II, 301) 

where Vo is the height of the potential hill separating the minima and n is the number 
of minima. The energy levels corresponding to this potential function cannot be 
represented by a closed analytical expression except the lower levels in the case of a 
high potential barrier, that is, when essentially the presence of more than one po- 
tential minimum is disregarded. In this case we have a harmonic oscillator with 
the energy levels 

G(vt) = cot(vt + 2 )- (II, 302) 

Here the torsional frequency co*, as can easily be seen, is determined by 

co 4 = ft , (II, 303) 

where A\ and A 2 are the rotational constants corresponding to the moments of 
inertia and of the two parts that carry out the torsional motion with respect 

to each other, where A is the rotational constant corresponding to the moment of 
inertia / 1 (-- I { a + / ( J?) of the whole molecule about the axis of torsion, and where 
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Vo is in cm -1 . For molecules such as C 2 II 4 and Call® with two identical parts, the 

relation (II, 303) reduces to 

ut = 2raVVoJ. (II, 304) 

For the energy levels in intermediate cases we refer to the work of Nielsen (661), 
Teller and Weigert (838), Howard (461), Koehler and Dennison (517), and the graph- 
ical representations in Chapter IV, Figs. 165 and 166. More complicated cases with 
several groups carrying out a torsional motion (hindered rotation) have been discussed 
by Crawford (236) and Pitzer and Gwinn (698). 

While in principle it would be possible to obtain the height of the potential hill 
Vo (just as in the case of NII 3 above) from the magnitude of the splitting of the levels 
of given vt on account of the tunnel effect, in all practical cases thus far this height 
has been obtained from the position of the levels of different v t . For example, for 
C 2 H 4 one obtains V 0 = 8700 cm -1 from (II, 304) with n = 2, ca t = 825 cm -1 (see 
Table 92, p. 326) and A = 4.87 cm -1 (see Table 132, p. 437). On the basis of the 
exact relations for the energy levels of a cosine potential (not given here), Kistia- 
kowsky, Laclier, and Stitt (510) obtained Vo = 960 cm -1 for CsHe and Koehler 
and Dennison (517) obtained Vo = 470 cm -1 for CH3OH. In the latter case 
Crawford (238), on the basis of thermal data (see Chapter V, section 1), obtained 
Vo = 1200 cm” 1 . (For further examples see Table 143 p. 520 and the accompanying 
discussion). 

The value of the hindering potential V 0 obtained from the observed energy levels 
depends considerably on the form of the assumed potential function. Thus Charlesby 
(196a), assuming a barrier of rectangular shape, obtained for C 2 H 6 on the basis of 
the same energy levels as used by Kistiakowsky, Laclier, and Stitt, the value 
Vo = 600 cm” 1 . If it were possible to observe the splitting of levels of a given v t a 
valuable check on the shape of the potential function could be obtained. 

It should of course be realized that torsional oscillations may also occur when 
the potential minima are not identical. But few such cases have as yet been studied. 


6. Isotope Effect 

Introductory remarks. The investigation of the vibrational isotope effect is of 
even greater importance for polyatomic molecules than for diatomic molecules. 
Since isotopic molecules have the same electronic structure the potential function 
under the influence of which the nuclei are moving is the same to a very high order 
of approximation , 83 But because of the difference in the masses the vibrational 
frequencies (levels) are different. Therefore the investigation of the vibrational fre- 
quencies of molecules isotopic with the one considered gives additional equations for 
the force constants . It will be remembered that the number of constants in the most 
general quadratic potential function is usually larger than the number of fundamental 
frequencies (see p. 159). Thus if only one isotopic species is observed not all the 
force constants can be evaluated unless simplifying assumptions arc made. But 
with the help of the fundamental frequencies of one or more isotopic molecules a 

83 Strictly speaking, as for diatomic molecules, there may be a slight difference when other 
electronic states are in the neighborhood of the one considered. But this hardly ever happens for 
the electronic ground state. 
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sufficient number of additional equations is in general obtained to determine all 
constants in the most general (quadratic) potential function. 

In addition, the investigation of the isotope effect is invaluable in correlating the 
observed vibrational frequencies with the theoretical normal modes of a certain molecule . 
It is obvious that the isotope shift of a certain vibrational frequency will be very 
small when the atom which is replaced by its isotope moves very little in the par- 
ticular normal mode, whereas the shift will be relatively large when the atom in 
question has a large amplitude in that normal mode. Thus, for example, for CH 3 C1 
only one fundamental frequency, 732 cm -1 , shows an appreciable isotope splitting 
coi responding to CII 3 CI 35 and CII 3 CI 37 . It must therefore correspond essentially to 
the C — Cl vibration, a conclusion that is also quantitatively in agreement with the 
observed shift. 

Finally, by means of the (vibrational) isotope effect in certain cases information 
about the geometrical structure may be obtained, since the relative amplitude of vibra- 
tion of a certain nucleus (to be replaced by an isotope) depends on the geometrical 
arrangements of the nuclei. For example, the relative amplitude of the X atom in 
the antisymmetrical vibration of a symmetrical XY 2 molecule is large when the 
molecule is linear and decreases to zero as the Y — X — Y angle goes to zero. The 
isotope shift produced by replacing X by an isotope therefore depends critically on 
the angle, which in turn can be determined from the observed shift. 

Up to the present time almost all isotope calculations have been based on the 
harmonic oscillator approximation , that is, on a strictly quadratic potential function. 
Therefore the formulae to be discussed in the following can be expected to hold 
rigorously only for the zero-order frequencies co, : [see equations ' ll, 271) and (II, 281)]. 
Unfortunately there are only very few cases for which these cj 1 have been evaluated 
from a complete vibrational analysis of the infrared and Raman spectra. However, 
since in general the anharmonic constants X& arc small, the observed fundamentals 
v l represent fair approximations to the on, and the isotope relations should hold for 
them at least to a certain approximation. 

Triatomic molecules. The normal frequencies of a non-linear symmetrical tri- 
atomic molecule, assuming the most general quadratic potential function, are given 
by the previous formulae (II, 124-12G). These formulae can be applied only to 
those isotopic molecules that are also symmetrical; that is, in which the central atom 
is replaced by an isotope, or in which both “end” atoms are replaced by the same 
isotope, or in which both these substitutions have been made (for example, II 2 0 16 , 
H 2 0 18 , D 2 0 16 , D 2 0 18 ). In this case we have for the antisymmetric frequency v& from 
(II, 124), 

X ( 3° / <03° V Bi xM Y (mx + 2 ot ( y ) sin 2 a) 

A 3 \ co 3 / ~ Wx'myVx + 2/»y sin 2 o) ’ ’ 

where the superscript (i) designates quantities referring to the isotopic molecule and 
where «3 has been used instead of vs in (II, 124) in order to emphasize that the formula 
holds strictly only for the zero-order frequencies. It is seen that the ratio of the 
frequencies of the antisymmetric vibrations depends only on the masses and on the 
apex angle 2 a of the triangle. 
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For the symmetric vibrations vi and p 2 of XY 2 one obtains immediately from the 
general equation (II, 120 ) 

(I:,™, 

X1X2 \ C01W2 / ( 2 m Y + m x ) rrtY ] m ( x 


that is, the ratio of the products gjio >2 formed for the two isotopic molecules is inde- 
pendent of the potential constants and even of the angle a, and depends only on 
the masses. 

In Table 52 the observed values of v^/vz and v\^v%^ jv\V 2 and the values of 
co 3 (,) /a >3 and a>i (l) co 2 (l) /wico 2 as calculated from (11,305) and (11,300) are given for 
the three isotopic pairs H 2 O, D 2 O; H 2 S, D 2 S; and H 2 Se, D 2 SC. The fundamental 


TaWjE 52. OBSERVED AND CALCULATED InOTOPE EFFECT IN THE PAIRS 
II 2 O l) 2 O f II»S — DaS AND H 2 Se D 2 S 0 . 



»3 U) 

C 


a>i (?) co 2 (t) 

Isotopic pair 

» 

P3 

observed 

CO 3 

calculated 

V\V2 

observed 

CO 1 0) 2 

calculated 

II 2 O, DtO 

0.7425 

0.7329 

0.5390 

0.5275a 

1I 2 S, IbS 

0.7419 

0.7184 

0.5240 

0.5149a 

H 2 Se, D 2 Se 

0.7217 

0.7118 

0.5003 

0.5005b 


frequencies and angles used are those given in the previous Table 37, p. 101. The 
agreement of observed and calculated values is quite satisfactory, the small differ- 
ences being due to the use of observed fundamental frequencies rather than zero-order 
frequencies. It must also be remembered that the influence of anharmonicity for 
vibrations involving II atoms is particularly large. The rather poor agreement for 
j/ 3 < 0 /y 3 of H 2 S is probably due to an erroneous measurement of the center of the 
fundamental P 3 in either H 2 S or D 2 S (sec Chapter III). 

In cases of doubtful assignments of the observed fundamental frequencies of two 
isotopic XY 2 molecules, equation (II, 306) may serve as a check as to whether the 
correct identification has been obtained. Also it is possible to calculate one of the 
zero-order frequencies from (II, 300) if all the others are known. 


If one substitutes the observed P 3 ( * ) /p 3 in (TI, 305) and calculates the angle a, one obtains for 
H 2 0 2 a = 137° instead of the correct value 105°, while for II 2 S and H 2 Se one finds sin a > 1, that 
is, no real solution. This indicates that the angle a obtained from (II, 305) is very sensitive to the 
use of the correct <03 

For 1I 2 0 the zero-order frequencies arc known from a detailed analysis of the vibrational spec- 
trum [sec Darling and Dennison (203) and p. 282]. They are 

wi = 3825.3, w 2 = 1053.9, u 3 = 3935.6 cm" 1 . 

For D 2 0 the available data are not sufficient to determine them directly from the D 2 0 spectrum. 
But they can be obtained somewhat indirectly, as follows. The anharmonie coefficients of D 2 0 
can be obtained from those of H a O if, in analogy to the relation co„ (l) j* e (l) = p 2 ^.^ = (co, (,) /(a e 2 )<a e x € 
for diatomic molecules, one assumes [see Bonner (102) and Darling and Dennison (203)] 84 


(,) «, (t W 4) 

ar;Y = X 'L- 

03i03k 


(II, 307) 


84 This relation has not been rigorously proved but seems to bo justified by the good agreement 
obtained. 
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With these j*$ *, the zero-order frequencies uH (i) of D 2 0 are obtained from the observed fundamentals 
according to (II, 270) as 85 

Wl « = 2757.9, w 2 (l) = 1210.2, m (t) = 2SS5.1. 


Using these “observed” cc values one obtains 


«,<*> \ 

/ observed 


■ 0.7331 


( 


<0l (l) C02 (l) \ 

C0iC«>2 /observed 


= 0.52755, 


in almost pet feet agreement with the calculated values in Table 52. The value of 2a obtained from 
(II, 305) with the above (w 3 (0 /u.<) observed is 100° in very good agreement with the value obtained 
from the rotation vibration spectrum (p. 489). 


Because of the influence of anharmonicity, a calculation of the most general 
quadratic potential constants from the equations (II, 124—120) applied to the two iso- 
topes is worth while only when the zero-order frequencies are known. This is the 
case only for H 2 0 and D 2 () (see above). The resulting values of the a ik in (II, 97) 
for this case are, in dynes per centimeter, 

an = a 22 = -j- 9.508 X 10 5 , 033 = -|- 2.037 X 10 5 , 

ai 2 = + 1.048 X 10 5 , a n = «23 = - 1.535 X 10 5 . 


The fact that ai 2 and ai3 come out to be of a magnitude similar to a 3 3 confirms the 
previous conclusion that the central force system (in which they are neglected) is a 
poor approximation. 

For linear symmetrical XY 2 molecules , equations (II, 305) and (II, 300) also hold 
if in the former one puts a = 90°. However, since for these molecules v\ and p 2 
have different symmetry separate relations may be obtained for them. In this case, 
unlike that of bent XY 2 , (II, 243) is the most general quadratic potential function. 
The expressions (II, 245) for \\ and X 2 that follow from (II, 243) lead immediately to 
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(II, 308) 


For C 13 0 2 16 and C 12 0 2 16 , the observed fundamentals vz [see Nielsen (653) and 
Chapter III, section 3a] are in the ratio vz (i) /vz — 0.9721, whereas from (II, 308) 
« 3 (i) / w 3 = 0.97154, the difference again being due to the use of fundamentals rather 
than zero-order frequencies. 86 

All the preceding relations hold only when the two isotopic molecules considered 
have the same symmetry, but they arc valid for any mass difference of the isotopes. 
They do not hold for the case in which in XY 2 only one Y atom is replaced by an 
isotope. Even then of course the potential energy is the same as in the original 
molecule; but since the kinetic energy has no longer the same high symmetry the 
secular equation no longer factors to the same extent as before. Consequently the 
resultant exact relations between the frequencies and force constants become rather 

86 Those aro not the final values of Darling and Dennison (263), who have made use of the 
isotope relations to calculate them (see p. 282). 

86 If the zero-order frequencies are determined as above for II 2 O, almost perfect agreement is 
obtained [see Nielsen (653)]. 
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cumbersome [see Rosenthal (746)]. However, it is obvious that if the mass difference 
Amy = my* — my of the two isotopes is small compared to the mass 7Jiy, the isotope 
shift between XY 2 and XYY (l) is very nearly half the shift between XY 2 and XY 2 (l) . 
For the latter shifts wc obtain, from (II, 305) and (II, 306) when Amy is small and 
m ( x = m x , 


AX 3 

X 3 

AXi AX 2 

xT + ’x7 


2Ao> 3 7/ix Amy 



2Ao>i 2 Aco 2 
0)1 0)2 


2 (mx + my) Amy 
(mx + 2my) (my + 2Amy) ’ 


(II, 309) 
(II, 310) 


and thus for the shifts between XY 2 and XYY (0 just half these values. Here use 
has been made of the relations 


X 3 (t) _ AX 3 ^ 2Ao) 3 

X 3 + X 3 + a>3 ’ 

X^X^ AXi AX 2 2Acji 2Aco 2 

= 1 + = 1 + 1 + ? 

AiA 2 Ai A 2 0)1 0)2 


(11,311) 


which of course hold for small Aco only. The formulae (II, 309) and (II, 310) have 
first been derived by Salant and Rosenthal (757). 

For linear symmetrical molecules the shifts Aco between the frequencies of XY 2 
and XY 2 (0 are, according to (II, 308), for small A?/iy, 


Acoi Amy 

o)i 2(my + Amy) 9 

A co 2 Aco 3 m x Amy 

o) 2 o) 3 2(mx 4- 2my) (m Y + Amy) * 


(II, 312) 


and again half these values for the shifts between linear XY 2 and XYY (l) . For 
accurate formulae for any mass difference in the latter case, sec Rosenthal (746). 

Formulae for the isotopic effect in unsymmetrical linear and non-linear triatomic 
molecules, assuming a small mass difference, have been derived by Adel (32) (33). 
For the linear molecules he has also discussed in detail the influence of anharmonicity 
and the interaction of rotation and vibration. The results for the non-linear tri- 
atomic molecules may also be applied to molecules such as CH 3 C1I 2 I, CH 3 CH 2 OH, 
and others for which there arc oscillations in which the three groups CII 3 , CH 2 , I, 
or Oil oscillate essentially as a whole. 


The TeUer-Redlich product rule. The same methods that have been applied in 
the preceding paragraph to triatomic molecules may of course also be applied to 
molecules having more than three atoms. However, the solution of the most general 
secular equation becomes increasingly tedious. Such calculations have been carried 
out for four-atomic molecules XY 3 by Salant and Rosenthal (758) and for five-atomic 
tetrahedral molecules by Rosenthal (747) (748). Wilson (929) has briefly indicated 
a perturbation method for the calculation of isotope shifts. Naturally the calcula- 
tions are somewhat simplified if simplified force systems such as the valence force 
system are used. Many of the conclusions of the above-mentioned papers can, 
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however be very simply derived from a general theorem given independently by 
Teller [quoted in (55)] and llcdlich (726). This theorem is of fundamental impor- 
tance for the study of the isotope effect. 

Teller and Rcdlich showed that for two isotopic molecules the product of the o> ( %> 
values for all vibrations of a given symmetry type is independent of the potential constants 
and depends only on the masses of the atoms and the geometrical structure of the molecule. 
The previous formulae (II, 305), (II, 306), and (II, 308) are examples of this general 
theorem. The general formula for any molecule is 


0 ) 2 ^ Co/ 1 * 


cox £02 


CO/ 


wmmr- 


Here all quantities referring to the isotopic molecule are marked by the superscript 
(i) while the quantities referring to the originally considered “ordinary” molecule 
do not have this superscript; coi, C 02 , • • * <o ; are the (zero-order) frequencies ot the/ 
genuine vibrations of the symmetry type considered (see section 4a); m h m 2 ■ ■ • arc 
the masses of the representative atoms of the various sets (each set consisting of 
atoms that are transformed into one another by the symmetry operations permitted 
by the molecule; sec p. 131). The exponents a, P, ••• are the numbers of vibrations 
(inclusive of non-genuine vibrations) each set contributes to the symmetry type 
considered (they are the factors of m, m&, m v , • • • in Tables 35 and 36). M is the 
total mass of the molecule; t is the number of translations of the symmetry type 
considered (for C 2v the column headed T in Table 34: see also the last columns in 
Tables 12-30). I xy I y , I z are the moments of inertia about the x, y } and z axes through 
the center of mass (the direction of the axes being chosen in the same way as in the 
Tables 12-30 of the different symmetry types; 8 Xy 8 y , 8 Z arc 1 or 0 depending on 
whether or not the rotation about the x , ?/, z axis is a non-genuine vibration of the 
symmetry type considered. Both on the left and right hand side (in a, P • • • t f 
$*, &v, S 2 ) a degenerate vibration is counted only once. 

For a proof of the theorem (II, 313) the reader must be referred to Rcdiich’s 
paper (726). Like our previous considerations it is based on the assumption of 
identical force fields for the isotopic molecules, which is practically always fulfilled. 
On this assumption the product rule (II, 313) should hold rigorously for the zero-order 
frequencies o)i and at least to a good approximation for the observed fundamentals 
v t (or, in other words, the first vibrational quanta) for any mass difference. One can 
also predict the direction of the deviation in case the Vi rather than the co; arc used: 
If (i) refers to the heavier isotope, since for it the anharmonicity constants x { ?l are 
smaller than x ihf and therefore w* (i) - Vi (i) is smaller than c a - v iy the product 

V J— . . . V J— should be slightly greater than the right-hand side of (II, 313). 

V\ V2 Vf 

If there is only one genuine vibration of a certain symmetry type, formula (II, 313) 
gives directly the frequency of the isotopic molecule in terms of that of the “ordinary” 
molecule and of the masses and geometrical data; that is, in this case, the relative 
isotope shift itself (not only the ratio of the product of certain frequencies) is inde- 
pendent of the potential constants. 
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The reader may verify that (II, 313) for the case of a symmetrical triatomic 
molecule XY 2 leads to (II, 305), (II, 300), and (II, 308). 

As a first example we shall apply (II, 313) to the plane symmetric X2Y4 molecule 
(point group Vh) and its isotope XgY^ 1 * Csee Conn and Sutherland (226) and Gallaway 
and Barker (345) for C2II4 and C 2 D 4 ]. For the totally symmetric species A g there 
is no translation and rotation, that is, t = 8 X = 8 V = 5* = 0. There are two sets of 
nuclei, one (Y 4 ) on the xy plane (m xy = 1 in Table 35) and one (X 2 ) on the x axis 
(m2* = 1). The first (Y 4 ) contributes two vibrations to A g , the second (X 2 ) one 
(see Table 35); that is, the mass my appears in (II, 313) to the second, m x to the 
first power. Therefore, using the same numbering for the vibrations as on p. 107 
and putting mx (,) = mx, we have 


W'Y 

W1CO2CO3 my (l) 


(11,314) 


For the species A u again t = 5 X ^ = 5 Z — 0. Now only the set Y 4 contributes 

one degree of freedom (see Table 35) and therefore we have, for the one (torsional) 
oscillation of this species, 


o>4 (l) / m y 

a>4 >?rtY (l) 


(II, 315) 


There is one non-genuine vibration of species 7?i ff , namely the rotation about the 
2-axis (perpendicular to the plane of the molecule). Therefore, while t = 5* = 8 y = 0, 
we have for this species 5 Z = 1, and we need the moment of inertia about the z axis. 
In terms of the dimensions a, 5, c, introduced on p. 151 (sec lig. 57), the moment of 
inertia I z is 

Iz = 2mxa 2 + 4my(5 2 + c 2 ). 


The number of degrees of freedom contributed by each set of nuclei is the same as 
for A g , and thus (II, 313) becomes 


my Inixa 2 + 2my\b 2 + c 2 ) 
ubcog m ( y v ffixrt 2 + 2my(b 2 + c 2 ) 

(II, 316) 

The one non-genuine vibration of species B\ u is a translation in the z direction. 
Therefore t = 1 but d x = 5* = d z = 0. The two sets of nuclei contribute one degree 
of freedom each and we have, according to (II, 313), 

0)7** /my mx + 2 my* 

W7 * m^ mx H - 2my 

(11,317) 

In a similar way one obtains 

/my mxa 2 + 2my ) b 2 
o) 8 ~~ ' m y ) mxa 2 + 2my5 2 

(II, 318) 

W9 1 Wo my jm x + 2mSp wVWnl 

W9CO10 w»y > * mx + 2my W11&U2 

(II, 319) 


The relations (II, 314-319) have proved to be exceedingly helpful in assigning the 
observed frequencies of C2H4 and C2D 4 to the proper species (see Chapter III, 
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section 3d). From the fundamentals given in Table 47 (p. 184) we obtain, for 

vpv'JVP 

example, for the value 0.5085, while according to (II, 314) it should be 

v\v 2 v 3 

mii/mu = 0.5004. Similar agreement is found for the other symmetry types, the ob- 
served ratios always being slightly larger than the calculated, as expected (see above). 

If the isotopic molecule has lower symmetry than the u ordinary )y molecule , the 
product rule holds rigorously only for the symmetry types of this lower symmetry. For 
example, if in X2Y4 only two Y atoms are substituted the point group is C 2v or C 2 h 
rather than Vh . Let us consider Y2XXY2 \ Then the yz plane is no longer a plane 
of symmetry. A g and B 3u of Vh are no longer different. They form Ai of Civ (see 
Tables 14 and 13). 87 Similarly A u and B 3g go over into A 2f B\ g and B 2u into B h 
and Biu and B 2g into B 2 . We have, therefore, from (II, 313) : 


wP<aPcj { Po)\%vl my Unix + niy + mP) 


C01CU2W3CO11CO12 


(mx + 2/»y) 


(II, 320) 


CO &C 0 6^9^10 


I my (my + nip) 
* nip 2my 


=VK i+ iO- <n ' 32i) 


,AO,AO 
CO7 C 08 


jM (l) (my + mp)(b 2 + (?) + wixM (,) a 2 — 4 (mp — my) 2 // 2 
} \ Af[2my(6 2 + (?) + wixa 2 ] ’ * * 322 

Jmy [M (l) (m Y + mp)b 2 + M (t) mx« 2 — 4(m ( y — ra Y ) 2 & 2 ] 
ylmP M(2myb 2 + m~^) ’ (H ’ 323) 


where M and are the total masses of the two molecules. It is seen that the 
results for the less symmetrical molecule are the less detailed. If only one Y atom 
in X 2 Y 4 were replaced by its isotope, the point group would be C 8 and there would 
be only two equations (corresponding to the two symmetry types), one equation for 
coi co& C03 cos cor, CO9 coiuconcoii cot 0)7 co« 

and the other for . While these equations 

CO1CO2CO3CO5CO6CO9CO10CO11CO12 C04W7W8 

hold for any mass difference, tliey are much less useful than (II, 314-319) for the 
symmetrical case. 

If the mass difference is small, equations (II, 314-319) may be brought into a form similar to 
(II, 309-312) for XY 2 . For example, (II, 314) becomes 


Awi A(02 A«3 Amy 

1 I — ( t ) » 

«i o >2 CO 3 m y 


(II, 324) 


and similarly for the other equations. If only two of the Y atoms are replaced by Y (<) the sum of 
the relative shifts of < 01 , a> 2 , «3 is half the amount given by (II, 324) ; if only one Y is replaced by Y (l) 
the sum is one quarter of this amount. Thus for small mass differences the more detailed relations 
of the symmetrical case may also be used for unsymmetrical substitution of isotopes. 

As a further example of the application of the product theorem, we consider the molecule. XYZ3 
of point group Cg« (examples: CH3CI, GCI3H). There are (see Table 36) three vibrations of species 
A 1 and three (doubly degenerate) vibrations of species E (see Fig. 91). There is one set of atoms on 
the planes <r v (the group Z 8 ) contributing two vibrations to Ai and three to E, and two “sets” on 

87 It should be noted that the z axis for X 2 Y 4 has been assumed to be perpendicular to the plane 
of the molecule, whereas for C 2v it is the two-fold axis (X — X). 
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the symmetry axis (the atoms X and Y) contributing one vibration each to A\ and E. There is 
one translation of type A\ y and one (degenerate) translation anil one (degenerate) rotation of type E. 
Thus we obtain, from (11, 313), for the non-degenerate vibrations, 

m Z l ,N X m Y Ai (t) 

• - - (11,325) 

and for the degenerate vibrations, 


V; 


w, Z m X ,;, Y 
//I //<>^ ^'Y 


ai 1 *' i ^ 

If T* 


(II, 326) 


where M =?/ix+w i Y+3/wz is the total mass and / — mx'^-bwzO^+S^ 2 ) — (1/M)(3wz^ — >wx«) 2 
[a = XY distance, c = $ZZ distance, h = height of YZj py»amid] is the moment of ineitia about 
an axis perpendicular to the symmetry axis. It may be noted that on the right in (IT, 326), according 
to the above, the doubly degenerate translation and lotation count each as one only; that is, Jl/ (t) /A/ 
and I^Jl occur to the first power only. The reader may apply the relations (II, 325) and (II, 320) 
to the data on CII 3 (U, OI) 3 (U and CH 3 Br, ( -D 3 Hr given in Table 85 p. 315. 

Finally we consider the tetrahedral XY 4 molecule belonging to the point group 7\/. For such a 
molecule we have one genuine vibiation of species A i, one of species E, and two of species Fa (seo 
p. 110 and Fig. 41). There is one set of atoms lying on the thiccfold axes (group Yi, mj = 1, in 
Table 30) and contributing one vibration (genuine or non-genuine) to A\ y one to E t one to Fi, and 
two to Fa. The other set consists of the one atom X at the center (/// 0 = 1) and contributes one 
(triply degenerate) vibration to F>. The tlnee xotations belong to symmetry type F i, which does 
not contribute any genuine normal vibrations, and tin* three translations form one triply degenerate 
non-genuine vibration of species F 2 ; that is, t — 1 for F 2 . Thus we have, for the totally symmetric 
and for the doubly degenerate vibration, 


U) 


0)1 


,(«) 


CO, 

0)2 



(II, 327) 


and for the two triply degenerate vibrations (F 2 ), 

m Y j m x ,,,l \ *b 4 
o) j0) j m Y //t "4“ 4 //i y 


(II, 328) 


These relations agree with those derived in a rather more complicated way (before the product rule 
was published) by Rosenthal (718). It is noteworthy that according to (II, 327) no isotope shift* 
occurs in on and oj 2 if only the cential X atom is replaced by an isotope 1 . This is in agreement with 
the previous conclusion (Fig. 41) that in these vibrations the X atom does not move. The relations 
(II, 327) and (II, 328) will be applied to OH i and ODi in Chapter 111, section 3c. 

While the above formulae for X Yi hold for any mass difference of the isotopes, again somewhat 
simpler formulae may be obtained if the mass difference is small. In that case also, the isotope 
shift of v\ and v» for XY 3 Y (,) is one-quarter of that for XYi (t) given by (II, 327) ; for XYaY 2 (0 it is 
one-half of that amount, and so on. 

Noether (073a) has proposed an empirical lule that is related to the Tcller-lledlioh product rule. 
He suggests that the ratio vk ll) /i'k is the same for corresponding vibrations of different but similar 
molecules, for example 

n(CD 3 n) ^ vUCDjRr) B 
*q(OH 3 Cl) jq(CIIjBr) ' 


Up to now there is no theoretical justification for this rule although the experimental data support it.. 

Pitzer and Scott (099) have applied with some success the Teller- Kedlieh product rule to methyl 
derivatives of benzene considering in a rough approximation the (Tl 3 group as an isotope of hydrogen. 
This has proved to be an important aid in the analysis of the vibrational spectra of toluene 1 , the 
xylenes and mesitylene even though an accurate validity of the product rule cannot l>e expected in 
such cases. 


Resolution of the symmetry types of a point group into those of a point group of lower symmetry. 

If the symmetry of an isotopic molecule is lower than that of the ordinary molecule, as in the case 
of XY 3 Y (l) , it is necessary for an application of the product theorem to know to which symmetry 
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typo of the point group of lower symmetry, say Q, tho vibrations of the moleeulo of higher symmetry, 
say P, belong. This resolution of the symmetry types of one point group into those of a point group 
of lower symmetry is of importance also in the discussion of the electronic structure of polyatomic 
molecules and in the discussion of dissociation processes of polyatomic molecules. 

In the case of non-degenerate symmetry types this resolution is very simple. One has only to 
find out what the characteis of each symmetry type of P are with respect to the symmetry operations 
of Q and see from Tables 12-30 to which symmetry type 11 such a set of characters belongs. This 
has already been carried out above for the resolution of Vh into C 2 „ when considering the isotope 
effect of X 2 Y 4 . 

The resolution is somewhat less obvious for degenerate symmetry typos since in (joint) over to 
lower symmetry these degeneracies arc jxirtly or wholly re mo ml. Tn these cast's the procedure to bo 
followed is similar to tlio previously given method of determining the resultant states when twro 
degeneratt vibrations are excited (see p. 1.30). Suppose E is the degenerate symmetry type (lepre- 
sentation) of P considered and (1, 11 , ••• are the syinmetiy types into which E splits in going to 
the lower symmetry Q. Lot x ( /J\ X$\ X/? * * * he the corresponding characters (sec p. 10 S) for 
a symmetry operation (k) that is common to both point groups P and Q. Then group theory shows 
[for a proof see Lethe (143) and Mullikcn (Oil)] that, similar to (11,87) for all such common 
symmetry elements: 

X$ -xg , +X& ) + "-. <U.32»> 

Therefore, in order to determine the resolution of E, one has simply to express the characters X/* 3 °f 
E as a sum of x\f, X//\ * • * sucfl a wa1 J tfmt * * * arc t,,c mmr I nr nli X},] °I cnmmtm N U m ~ 

metry elements k. This can only be done in out; way. In group theory language the degenerate repre- 
sentation E of P is no longer ii reducible with respect to Q. Its ineducable components obtained 
from (II, 329) are the repi escalations into which E is resolved in point group Q. 

As an example, consider the case of the XY 4 molecule in which one Y is replaced by its isotope. 
The point groups of the ordinary and the isotopic molecule are T d and C { „ respect ively. The sym- 
metry elements common to both are all those of C 3 ,., that is, T , Ca, o>. r llio two non-degenerate 
species Ai and A 2 of Td, of course, go over into Ai and A 2 of C 3l >. Similarly, E of Td goes over into 
E of Ctv, since the characters are the same. The triply degenerate species Ei of T,i (for which there 
is no genuine vibration in XY 4 ) splits, since there are only doubly degenerate species for CV. Tho 
characters of F\ for the symmetry elements /, C 3 , <r,i = <r„ are + 8 , 0 , and —1 (see Table 28). There 
is only one way in which these three characters can bo expressed simultaneously as sums of corre- 
sponding characters of C 3 „ (see Table 15): namely, as the sums of the characters of A 2 ( +-1, +1, —1) 
and E ( + 2 , -1,0). Thus b\ splits into A 2 + E. Similai ly F v is found to split into A j -!- E. Thus 
tho two triply degenerate vibrations of a molecule XY.| each split into a totally symmetric and a 
doubly degenerate vibration. 

If two Y atoms in XY 4 are replaced by their isotopes, we liavo the point group C 2v . Hero the 
operations <r r (xz) and a v (yz) have in general different characters (see 'l'able 13, p. 100), even though 
for Td all reflections <r,i have the same character. Ai and A 2 of Td of course go over into Ai and A 2 
respectively of Car. Tho characters of E of T d for I , (h, <r r (j rz), <r v (yz ) are +2, -f-2, 0, 0 respectively. 
They arc the sums of the characters of A Y and A 2 of C 2v . Tho characters of F 2 for the same sym- 
metry elements arc +3, —1, +1, +1, which are the sums of tho characters of Au # 1 , and B 2 . Simi- 
larly Fi resolves into A 2 + #1 + # 2 . 

The above results for Vh-* C 2v , T d -* C 3p , C 2o are summarized together with several other cases 
in Table 53. It must be noted that in some cases the species of one point group can be resolved 
into those of another point group in a number of different ways; for example, Vh can be resolved into 
C 2 „ in such a way that the z axis of C*„ coincides with the z, or v, or x axis of V h . The relative 
orientation of the axes is, if necessary, indicated at the top of the particular sill) table of Table 53. 
Further resolutions can easily be obtained by the reader according to the method outlined above, or 
by combining the results of Table 53 in a suitable way [see also Mullikcn (till)]. For example, tho 
resolution of D 6h into C Av is obtained from Table 53 by first looking up the resolution into D.u and 
then that of D 3h into C 3 „. Also the resolution of D ph into D p is simply obtained by dropping tho 
g and u or ' and ". The resolution of C 2v into C s is contained in the subtablo for Vh, and similarly 
in other eases. 

Application to the unsymmetrically substituted isotopes of an XYi molecule. If in XY 4 only 
one of the Y atoms is replaced by an isotope Y<*\ the symmetry of the resulting molecule Y (l) XY 3 
is no longer T d but C 3p . According to tho preceding discussion and Table 53 each of the two triply 
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degenerate vibrations v 3 and 1*4 of XY 4 (species F-,) splits into a non-degenerate and a doubly de- 
generate vibration of species Ai and F respect ively , vvliilo the species of the vibtations v\ and v% 
remain Ai and F ros|iec lively. The same holds when three Y atoms are replaced by their isotopes, 
that is, for YXYj (0 . If two Y atoms are replaced by Y (l) the resulting molecule Y 2 XY 2 (l) belongs 
to point group C 2 »; according to Table 53 each of the two triply degenerate vibrations of XY 4 splits 
into three non-degenerate vibrations of species Ai, H\, and B-i, while v»{E) splits into two non- 
degenerate vibrations of specie's Ai and A >, and vi remains totally symmetrical (species Ai). 

In Table 54 the correlation of the* normal vibrations of the five isotopic molecules of XY 4 is 
given. On the basis of this table it is now easy to apply the product rule. Thus it is seen that the 


TABLE 54. CO It It ELATION OF THE FUNDAMENTAL VIBRATIONS OF THE 
IKOTOl'fC MODI EM 'ATI* > NS OF XY 4 . 


Molecule 

Vibrations 

xy 4 

Fi(<q) 

f 2 (c) 

vAf'l) 

f 4 (/ 2 ) 




/\ 

/\ 

Y«>XY, 

Fl(«l) 

F 2 OO 
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1 l\ 
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\/ 

\/ 
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three totally symmetric vibrations of Y (,) XY 3 have to be combined with v\, iq, and v\ of XYj in 
(II, 325), while the three doubly degenerate vibrations of Y (,) XY 3 have to be combined with f 2 , i% 
and v\ in (II, 320). Thereupon, 
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(II, 330) 


whore the different designation of the atoms in XYZ 3 and Y (l >XY 3 has been taken into account and 
whore, unlike (II, 320), 7 (l) // is independent of the molecular dimensions: 

7 (,) __ + 5/Wy) + 4//i Y (5wy* + 3/wy) 

I 8 

Very similar relations hold between the frequencies of YXY/ l) and XY 4 as well as XY 4 (l ). For 
Y 2 (l) XY 2 one obtains from (II, 313) four equations corresponding to the four species, which may be 
easily set up [[see also Rosenthal (7 IS)]. 

The observed fundamentals of the various heavy methanes OII 4 , CHjD, CH 2 D 2 , CHD 3 , CI)| 
given in Table 82 represent excellent material for an application of the above isotope formulae for 
the XY 4 molecule. 

It is obvious that for small mass differences the frequencies of the isotopic molecules are close to 
those of the “ ordinary ” molecule. However, for molecules with heavy hydrogen such as the heavy 
methanes, very large shifts may occur. In such cases it is no longer obvious, for example, which of 
the three totally symmetric vibrations of Y (,) XY 3 is v\, which v- Aa , and which v\ a (see Table 54). 
However, if it is considered that in going from small to large mass differences no crossing over of 
frequencies of the, same, species can occur (In* cause of the repulsion in consequence of Fermi resonance; 
see section 5c) it is clear that the largest of the frequencies iq, */ 3a , v\ a corresponds to the largest of 
vu Fa, v\ of XY4, the second largest to the second largest, and so on. Similar considerations apply 
for other correlations. 

It must bo emphasized that the correlation lines in Table 54 give a rigorous correlation only 
between XY 4 (or XY 4 (£) ) and any one of the intermediate molecules, hut not between Y (t) XY 3 and 
Y 2 (,) XY 2 or between YXYV l) and Y 2 (,) XY 2 since in going from Y (,) XY 3 (or from YXY 3 <0 ) to 
Y 2 (t) XYo only one plane of symmetry is conserved and therefore an «i vibration of Y (l) XY 3 need not 
necessarily go into an <n vibration of Y 2 ( 0 XY 2 but may also go into a fcj or a b 2 vibration (depending 
on which piano is conserved). For a correlation in which this consideration is taken into account 
see p. 319f. 



CHAPTER III 


VIBRATIONAL INFRARED AND RAMAN SPECTRA 
1. Classical Treatment 


(a) Infrared vibration spectra 

Active and inactive fundamentals. According to classical electrodynamics any 
motion of an atomic system that is connected with a change of its dipole moment 
leads to the emission or absorption of radiation. 1 During the vibrational motion of 
a molecule the charge distribution undergoes a periodic change, and therefore in 
general (though not always) the dipole moment changes periodically. Since, in the 
harmonic oscillator approximation, any vibrational motion of the molecule may be 
resolved into a sum of normal vibrations with appropriate amplitudes, and since the 
normal vibrations are the only simple periodic motions, the normal frequencies are 
the frequencies that are emitted or absorbed by the molecule . These frequencies lie in 
the near infrared, as for diatomic molecules. Usually in the infrared it is the absorp- 
tion spectrum that is observed. 

Normal vibrations that are connected with a change of dipole moment and, 
therefore, appear in the infrared are rallied infrared active , while vibrations for which 
the change of charge distribution (which always occurs) is such that no change of 
dipole moment arises and which, therefore, do not appear in the infrared, arc called 
infrared inactive . In the harmonic oscillator approximation only the fundamentals 
Vi are active: the overtones 2 v;, 3v,, • • • and combination tones v% + v/ c , and so on, 
are inactive since the vibrational motion docs not contain the frequencies 2 Vi, ‘3vi, • • • , 
Vi + Vki * * • • 

The change of the dipole moment may be only a change of its direction with respect 
to a coordinate system fixed in space. (See also the infrared rotation spectrum, 
Chapter I). For example, in the bending vibration of HCN (Fig. (51), the strong 
permanent dipole moment which is mainly associated with the C — II bond simply 
changes its direction, remaining always along the line C---H without an appreciable 
change of its magnitude. This change of direction is sullicicnt to cause the bending 
frequency Vi to appear strongly in the spectrum. 

In unsymrnctrical molecules , every normal vibration is connected with a change 
of dipole moment; that is, all normal vibrations are infrared active (although, of course, 
there may be great differences in the magnitude of the change and therefore in the 
intensity of infrared absorption). Only in symmetrical molecules may there be vibra- 
tions during which the change of dipole moment is exactly zero and which , therefore, 
are infrared inactive. For example, in the linear symmetric XY 2 molecule (for 
instance C0 2 ), during the totally symmetric vibration v\ (Fig. 25b), the dipole 
moment always remains zero as it is in the equilibrium position, and therefore this 

1 A change of t.lu* quadrupole moment, or of Mm* magnetic dipole moment may also lead to emission 
or absorption of radiation. But, in the infrared, the intensity of this emission or absorption is 
entirely negligible [see Teller (830) and Molecular Spectra I, p. 305]. 
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vibration is infrared inactive. On the other hand, for the other two vibrations v 2 
and v 3l dipole moments perpendicular to and in the molecular axis respectively arise 
because of the asymmetry of the displaced positions. These dipole moments have 
the opposite sign after a phase shift of 180°. The two vibrations v 2 and v 3 are 
therefore infrared active. Similarly, it can be seen by inspection of Fig. 64a that only 
the vibrations and v& of the symmetrical linear X2Y2 molecule (for instance C2II2) 
are infrared active. (Although in v\ the symmetry of the equilibrium position is not 
conserved, the displaced configuration of the nuclei has still a center of symmetry 
and therefore no dipole moment.) Furthermore, as can be seen from Fig. 44, only 
the vibrations ^7, v 2 , vu, of X2Y4 (for instance C2H4) are infrared active. 

But not every symmetric molecule has inactive vibrations . For example, in the 
non-linear symmetric XY2 molecule (for instance II2O) all three normal vibrations 
(see Fig. 25a) arc connected with a change of dipole moment; that is, they are infrared 
active. On the other hand, a molecule such as X2YZ2 of the same point group C 2 » 
has one inactive vibration, namely the torsion oscillation of X2 against Z«. In this 
case, the dipole moment is different from zero in the equilibrium position, but, for 
small amplitudes, does not change its direction or magnitude in the torsion oscillation 
as it does for all the other oscillations. 

Let x y y , z be the axes of a coordinate system fixed in the molecule. Since we 
are assuming in this chapter, as in the preceding one, that there is no rotation, this 
coordinate system is also fixed in space. If M x , M v , M z are the three components 
of the dipole moment M of the molecule in the direction of the coordinate axes in a 
displaced position of the nuclei, and if Mx, My f M { 1 are the components of the dipole 
moment M° in the equilibrium position, then, for sufficiently small displacements, 
we can expand M x thus: 


M x = Af,° + £ 

k 




where the x a, 7 /a, z* arc the displacement coordinates of nucleus k . Similar relations 
hold for M y and M z . If we introduce normal coordinates £1, £2, £3, • • •, we have 

M x = M x u + E ( ) 0 f • + • ’ ' ( in > 2 ) 

and similarly for M v and M e . 

Since [see (II, 13)] 

£» = £z° cos (27 xv X + <p t ), (III, 3) 


lrequonuy win iju iU/tivu iu tue 
/ 0Mz\ ( 0M„ \ pM,\ 

1 V Jo ’ V dft Jo ’ V a*. /» 


according to (III, 2), the dipole moment M of the molecule will change with the 
frequency Vi of a normal vibration i (that is, this frequency will be active in the 

, . . ( 0M X 

infrared) if and only if at least one of the derivatives f 

is different from zero. The intensity of this infrared fundamental band is propor- 
tional to the square of the vector representing the change of the dipole moment for 
the corresponding normal vibration near the equilibrium position; that is, it is 
proportional to 

' 3M Z 


(ml V (<m v V /ajf.y 

V dh /« + V af. Jo V Jo' 


(III, 4) 
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Overtone and combination vibrations. Just as in the case of diatomic molecules 
(sec Molecular Spectra I, p. 99), if the anharmonicity of the vibrations is taken into 
account, the classical vibrational motion contains also the frequencies 2v^ 3 • • •, 
and furthermore (see below) V{ + y*, Vi — Vk, 2 Vi + Vk, •••. Therefore, in the 
infrared spectrum, in addition to the f undamentals overtone and combination vibrations 
may also occur , if they are connected with a change of dipole moment. However, 
they will be much weaker than the fundamentals, since the anharmonicities in general 
arc slight, except for very large amplitudes of the nuclei. 

If the anharmonicity cannot be neglected, one has to substitute for & in (III, 2) an expression 
such as (II, 12(55) instead of (III, 3). It is seen that then the dipole moment will oscillate with the 
frequencies 2v u •••,?£ d tn, 2vi :t vk, • • • as well as v % \ that is, overtone and combination vibra- 
tions occur, although with much smaller amplitude than th'*c of the fundamentals. 

Apart from this mechanical anharnwnicUi /, an elect rice J anharmonicity may also cause overtone 
and combination vibrations to occur. It is easily seen that an electrical anharmonicity must always 
be present if it is considered that for a homopolar bond (as in the (41, HOI, • • • bonds) the dipole 
moment is zero both for infinitely large and zero internuclear distance. Thus the variation of the 
dipole moment with into nuclear distance is qualitatively as shown in Fig. 74. There is a maximum 



Fig. 7 1. Dipole moment as a function of internuclear distance. — The r value 
of the maximum may also be larger than r,. 


at an internuclear distance different from the equilibrium distance r, of the bond. The slope of the 
curve at the equilibiium position del ci mines the intensity of the fundamental. On account of the 
deviation from a straight line for larger amplitudes of vibration, even if the potential energy is strictly 
quadratic, higher terms 


V 

i,k 



tek + ••• 


(III, 5) 


in the development (III, 2) cannot be neglected. Substituting (III, ,3) into (III, 5) shows that the 
dipole moment changes with frequency 2v % or v x =fc Vk, depending on whether i — k or i k; that is, 
overtone and combination vibrations occur. Higher overtone or combination vibrations would 
occur if still higher teiins in (III, 5) weie taken into account. 

It should be noted that, as can immediately be seen from the above, classically, on the basis of 
both mechanical and electrical anharmonicity, the amplitude of the change of dipole moment and 
therefore the intensity of infrared absorption comes out to be the same for Vi + vk and Vi — vu, and 
similarly in other cases. 
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(b) Vibrational Raman spectra 

Elementary treatment of fundamentals. As in the case of diatomic molecules 
(sec Molecular Spectra I, p. 88f.), in order that a fundamental frequency shall 
appear as a shift in the Raman spectrum Ike. amplitude of the dipole moment induced 
by the incident radiation must change during the vibration considered. The magnitude 
of the induced dipole moment P is given by 

\P\ =«-|£|, (HI, 0) 

where E is the electric vector of the incident radiation of frequency v and a the 
polarizobility. If a changes during the vibration i with frequency v l9 P will change 
with the frequencies v + v t and v — v } as well as with the frequency v\ that is, the 
scattered radiation will contain the frequencies v ± v t in addition to v. In an un- 
synunetrical molecule, during all normal vibrations a periodic change of the polariza- 
bility takes place and, therefore, all normal frequencies appear in the Raman spec- 



ific. 75. Polarizability as a function of normal coordinates (schematic). 

trum, that is, are Raman active. However, in symmetrical molecules it may happen 
that for certain vibrations the polarizability does not change, at least for small 
amplitudes. 

For example, for the linear symmetric XY2 molecule (for instance CO2) during 
the vibration Vi (Fig. 25b), the polarizability is larger than the equilibrium value 
in one half period and smaller in the other. In first approximation, therefore, a 
changes linearly with £1, as indicated by the curve I in Fig. 75. The vibration v\ is, 
therefore, Raman active. However, during the vibrations v 2 and the polariza- 
bility is obviously the same at opposite phases of the motion and therefore its varia- 
tion with £2 and {3 is of the form given by the curves II or III in Fig. 75, which have 
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a horizontal tangent f or £ 2 = 0 or £ 3 = 0. That is, in first approximation, for small 
amplitudes £,°, the polarizability does not change: the vibrations v 2 mid v 3 arc Raman 
inactive. As we shall see later, this holds for the fundamentals even in higher 
approximation. In a similar manner, Fig. 64 shows that for the linear symmetric 
X 2 Y 2 molecules only the vibrations v\, v 2 , and v\ are Raman active, whereas v$ and 
vs are inactive. Furthermore, for plane X 2 Y 4 (see Fig. 44), the vibrations vi, v\ 
vsy Vo, vs arc Raman active, all others inactive. In these three cases, therefore, none 
of the infrared-active vibrations (see p. 240) is Raman active. However, according 
to the above rule, it can be seen from Fig. 25a that all three vibrations of non-linear 
symmetric (and a fortiori unsymmctric) XY 2 are Raman active as well as infrared 
active. 

Mathematical formulation: the polarizability ellipsoid. The relation (III, 6) 
holds quite generally for any direction of the applied field; but the polarizability is 
not the same for different directions of E , and in general P and E have different 
directions. 2 Therefore, the x component P x of P depends in general not only on the 
x component of E but also on the y and z components; that is, we have 

Px = axxEx + otxyEy + a xz E~ f (HI, 7) 

and similarly 

Py — <XyxEx + OCyyEy + OC yZ E Z , (HI, 8) 

P z — Of ZxE X + OtzyEy "f* Of ZZ E Z . (HI, 9) 

Here x , y, z are the axes of a coordinate system fixed in the molecule and, since we 
are assuming no rotation, fixed in space. The a xx , a xyi • • • are constants independent 
of the direction of E and P. They are called the components of the polarizability 
tensor a. It can be shown that 

OLxy = CXyxf Oixz ~ Oizxy Otys = OL zy (HI, 10) 

The polarizability tensor can be visualized most easily by means of the polariza- 
bility ellipsoid , which is formed in a way very similar to the momental ellipsoid (see 
p. 13). From (III, 7-9) it follows immediately that the component Pe of P in the 
direction of E is given by 

Pe = ole\E\ } (HI, 11) 

where as may be called the E component of the polarizability. It depends on the 
0Lxxy OLxy, • • • and on the direction of E? If now 1/V«^ is plotted from the origin 
for each direction it can be shown 4 that an ellipsoid is obtained, the polarizability 
ellipsoid. In the direction of the principal axes of this ellipsoid, 1/tJoe has a max- 
imum or minimum, and, therefore, ole has a minimum or maximum value. There- 
fore, in these and only these directions has P the same direction as E (compare again 
the vibrations of a ball suspended by an elastic bar, p. 62f.) and thus ole = ol. 

Consequently, if the coordinate system is rotated in such a way that the new 
coordinate axes x, y, z coincide with the principal axes of the polarizability ellipsoid, 

2 This is from reasons very similar to those on account of which the restoring force acting on a 
ball suspended by an elastic bar is in general not directed toward the equilibrium position (see 
Fig. 22 and accompanying discussion). 

3 The form of this dependence can easily be obtained by forming Pe\E\ = ( P'E ) and substituting 
E x = E cos (E, x), and so on. Hero (P'E) is the scalar product of the two vectors P and E. 

4 In a way very similar to that for the momental ellipsoid (see standard texts on mechanics). 
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the equations (III, 7-9) simplify to 

Px = ailEi, Py = oqjyEy, Pi = aiiEi. (Ill, 12) 

The constants aiy, all, <*Tz are zero. For the an, a y y, and an we have, as in every 
orthogonal transformation (see p. 247), 


a xx 4" &yy 4~ a X z — a xx *4" &yy 4“ azz. 


From (III, 11) and (III, 12) it follows, with the above definition of the polarizability 
ellipsoid, that the lengths of its axes are 1 Ha x i, l/V^io 

It is easy to find the 'principal axes of the polarizability ellipsoid for a symmetrical 
molecule, since, just as for the momental ellipsoid (sec p. 13), they must coincide 
with the symmetry axes present and be perpendicular to any plane of symmetry. Thus, 
for a non-linear XY 2 molecule of point group C 2 v one of the principal axes coincides 
with Ci and the other two are perpendicular to it and to (one or the other of) the 
two planes of symmetry; that is, they coincide with the previous x and y axes (see 
p. 100). For molecules with one morc-than-two-fold axis, for instance CH 3 C1, the 
polarizability ellipsoid, just as the momental ellipsoid, is a rotational ellipsoid , and 
for molecules of cubic symmetry, for instance CH4, the polarizability ellipsoid de- 
generates into a sphere. While thus in general the axes of the polarizability ellipsoid 
coincide with those of the momental ellipsoid, it should be emphasized that in unsym- 
mctrically substituted isotopic molecules (for example XYY (i) ) the polarizability 
ellipsoid is the same as in the “ordinary” molecule, while the momental ellipsoid is 
not. This is because the polarizability depends on the distribution of the charges 
only, whereas the momental ellipsoid depends on the distribution of the masses. 

Every one of the six components of the polarizability in general changes when the 
nuclei are displaced from their equilibrium positions. For small displacements wc 
can expand the a XXf a xu , • • ■ thus [compare (III, 1) for MJ : 


- - A ■ + ? [(£).' - ■ + ( £). 1 + ( V - ] ■ + • ■ ' m 131 


and similar relations hold for a XUf a yy , •••. On introducing normal coordinates, 
we have [compare (III, 2) for A/ x )] 


a xx 



(III, 14) 


If this expression and similar ones for a xy and a £Z , together with (III, 3) and 
E x = E x ° cos 2 irvty E y = E y ° cos 2irvt, E g = E~° cos 2 irvt 


are substituted into (III, 7), we obtain: 

1\ = (a° xx E x ° + a%E y o + <x°„E, 0 ) cos 2 rvt 




X l [cos 2tt(v 4“ v% )t 4“ cos 2tt(v — v t )Q (III, 15) 


and similarly for P y and P z . That is, the induced dipole moment oscillates, (a) with 
the frequency v of the incident radiation leading to Rayleigh scattering, and (b) 
with the frequencies v dt jq , leading to the Raman scattering. 
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Thus we sec that, in the present approximation, a given normal vibration V{ will 
appear in the Raman spectrum if and only if at least one of the six components 

of the change of polarizability ^ ^ o * ” * di ^ erent f rom zer0m K is 

to be noted that, in the classical theory here under discussion, according to (III, 15), 
the intensity of the Raman line v — vi should be the same as that of v + V{. 

Taking as an example again the linear symmetric XY 2 molecule, we see from Fig. 
25b that for all three vibrations in the displaced position the polarizability ellipsoid 
has the same axes as it has in the equilibrium position. If we let the internuclear 
axis be the z axis, we have, both in the equilibrium and in the displaced position, 

( da ry \ ( da x ~\ ( da yz \ 

~d^) tl = \'d^)o^\~d^)o =0 f0r 
i = l, 2, 3. In the case of the vibrations v 2 and v 3 , in addition, 

( daXX \ - ( ^ = ( \ _ A 

\ dit Jo ~ Jo \ d£i /« ’ 

since for them the polarizability as a function of the corresponding normal coordinates 
has a horizontal tangent at the equilibrium position (see Fig. 75). Thus, for v 3 
and v 3 all six components of the change of polarizability are zero; hence v 2 and v 3 

cannot occur in the Raman spectrum. On the other hand, for vi while ^ — ~ '■ ^ , 

(?&)„■( «f). are au ° zer °' ■ (H), - («? ). an<i («?). arc diiiorc " t 

from zero and thus v\ does occur in the Raman spectrum. 

In the case of the non-linear symmetric XY 2 molecule, for the vibrations v x and v 2 
(Fig. 25a) the axes of the polarizability ellipsoid remain the same in the displaced posi- 

( da xy \ /da xz \ ( da yz \ 

"^7 — ^“^7 y 0 “ y J 0 ~ ^ 

But ( — — J ( — — ) , and ( ) are not zero for these two vibrations, and 

\ /o \ dtji Jo \ o%i Jo 

thus they are Raman active. For the vibration vz , on the other hand, we have 

| ) = ( “r 1 )=0, since in opposite phases a xx , a vv , a zz have 

d £ 3 / o \ df 3 / o \ o!j 3 Jo 

the same value (curves II and III in Fig. 75). But the z and x axes (in the plane of 
the molecule) no longer remain axes of the polarizability ellipsoid during the whole 


of the vibration; that is, ( ) 5 ^ 0. Thus also this vibration is Raman active, 

\ d£ 3 / 0 

even though only one of the components of the change of polarizability is different 
from zero. 


Overtone and combination vibrations. Just as for the infrared spectrum, if the 
anharmonicity is taken into account (since then the classical motion contains the 
frequencies 2v { , 3^-, • • •, v% =t Vk, 2 Vi Az Vk, • • •)> bi addition to the fundamentals 
also overtone and combination vibrations may appear as Raman shifts if they are 
connected with a change of polarizability. If, as usual, the anharmonicity is small, 
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the intensity of Raman lines corresponding to overtone and combination vibrations 
will be very small compared to those corresponding to (active) fundamentals. 


As for the infrared spectrum, a mechanical and an cicatrical anharmonicity must be considered. 
In the case of a mechanical anharmonicity, (II, 265) or a similar expression rather than (III, 3) has 
to be substituted into (III, 14). It is immediately clear that P x (and similarly P u and P 2 ) then 
oscillates with frequencies v ± 2 vi, v ± 3i v db (v % ± v/c), v (2v x ± vaO, •••, as well as 
v it v%, It is also seen that the overtone and combination vibrations involving v t occur only when 

at least one of ( \ \ , • • • is different from zero, that is, when the fundamental also 

\ Jo \ d& Jo 

occurs. Thus, the overtones of v 2 and vz of linear symmetric XY 2 would not occur in consequent 
of mechanical anharmonicity, but only the overtones 2jq, 3iq of v\ and some of its combination 
frequencies with the other two. 

If an electrical anharmonicity is present, we have to take into account higher terms such as 


2 2 f 

i k \0^ k J 


tek 

0 


(III, 16) 


in the development (III, 14). Substituting into (III, 7), we see that the Raman spectrum will show 
the shifts 2 v^ Vi + Vk, ••• in addition to the fundamentals. However, here the Raman activity of 
the overtones and combination tones is independent of the activity of the corresponding fundamentals, 


since the activity of the former depends on 



and higher derivatives, whereas the ac- 


tivity of the latter depends on ( ^ •••. Thus for the vibrations v 2 and vz of linear symmetric 

XY 2 , as wo have previously seen, ^ ^ ) 0 ~ 0 ( scc curves ** or *** in Fig. 

but ( 9 — \ o, ( — — Wo, and similarly for the other polarizability components. There- 

V d£i 2 Jo \ d^ 3 2 Jo 

fore, while the fundamentals v 2 and vz cannot occur as Raman shifts in any approximation, the first 
overtones 2v 2 , 2 vz can occur weakly when there is an electrical anharmonicity, that is, when the fact 
that a is not a constant even during the vibrations v 2 and vz is taken into account. More simply, 
since during one oscillation of v 2 or vz the polarizability a goes twice through a maximum (that is, 
oscillates with twice the frequency of the mechanical oscillation), it is 2v 2 or 2vz, not i 2 or vz that 
occurs weakly as a Raman shift. 


Polarization of Rayleigh and Raman scattering. If the polarizability ellipsoid of 
a molecule is a sphere (as for instance for CH 4 ), the direction of the induced dipole 
moment P coincides for any orientation of the system with the direction of the field 
E producing it. If, therefore, on irradiation of a gas consisting of such molecules with 
light of frequency v (that is, E = E 0 cos 2tv(), the scattered light of frequency v 
( Rayleigh scattering ) is observed at right angles to the incident beam, it will be com- 
pletely polarized in the plane at right angles to the incident beam, irrespective of 
whether the incident light is polarized or not. However, if the polarizability ellipsoid 
of the scattering system is not a sphere, the direction of P coincides with that of E 
only if E coincides with one of the axes of the polarizability ellipsoid, but otherwise 
has a different direction. If a gas (or liquid) containing such molecules with all 
orientations is irradiated, P is no longer restricted to the plane at right angles to the 
beam, even though it cannot take all orientations with respect to it with equal prob- 
ability. Therefore, the scattered light observed at right angles to the incident beam will 
no longer be completely polarized. The degree of depolarization will also depend on 
whether the incident beam is polarized or unpolarized. 

In this general case, when the polarizability ellipsoid is not a sphere (anisotropic 
molecule), we can resolve the polarizability into the sum of a spherical part for which 
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the polarizability a 1 is the average of the three prineipal polarizabilities 

cA — OLxx — a yy ~ a Z z ~ 3 (,a X x *4“ OLy y -f- 0L ZZ ) (HI, 17) 

and a completely anisotropic part a 11 for which 

ail + all + all = 0, (III, 18) 

and of course: 

ail = a xx a} XXj cx yy — cx. yy a} yyi cxjl = ol zz a\ z . (HI, 19) 


The magnitude of the anisotropy may be indicated by 

/S 2 = — a V y) 2 + ( a yy — a zz ) 2 + (a zz — a xx ) 2 + G (a% + a vz + <*«)]. (Ill, 20) 

The sums in (III, 17) and (III, 20) are invariants of the polarizability tensor , that 
is, their value is independent of the orientation of the coordinate axes relative to 
the polarizability ellipsoid [see (5)]. If the coordinate axes coincide with the 
axes of the ellipsoid (see the coordinates i, y, z , p. 243), the last term in (III, 20) 
[0(aj V + oL yz + aix ) ] disappears. 

The degree of depolarization p is defined as the ratio of the intensity of the scattered 
light polarized 4a perpendicular to the xy plane, I ± , to that polarized parallel to this 
plane, Here the z axis is taken in the direction of propagation of the incident 
light, and the direction of observation is perpendicular to the z axis. By averaging 
over all orientations of the system, it can then be shown [see, for instance, Born (2) 
and Wolf (949)] that for natural ( unpolarized ) incident light 


_ /jl = Cff 2 
/„ 45(a 1 ) 2 + 7/3 2 * 


( 111 , 21 ) 


a 1 in (III, 21) is always different from zero since the polarizability is always positive 
( a i = 0 would mean that a xx = a ^ = a z ~ z == 0, that is, that no scattered radiation 
would appear). The smallest value of p n is therefore p n = 0, which is obtained when 
/3 = 0. The largest value of p n corresponds to the most anisotropic case. This is 
obtained if all except one, say a XXJ of the components of a are zero. Then a 1 = a^/3, 
P 2 = a^x and therefore p n (nuix) = 2 , which is thus the maximum degree of depolariza- 
tion for Rayleigh scattering. 

The degree of depolarization for linearly polarized incident light (at 90° to the 
scattered beam) is related to p n by [see Born (2) and Placzek (700)] 

pi = ; (in, 22) 


that is, the maximum degree of depolarization in this case is pi (raax) = The 
Rayleigh scattering of most molecules will have a smaller degree of depolarization 
than these maximum values. 

Sometimes it is also of interest to study the scattering of circularly polarized 
incident light . Obviously, if the polarizability ellipsoid is a sphere, and if the incident 
light is polarized in a clockwise direction, the light scattered backward (180° to 
incident beam) should be circularly polarized in a counter-clockwise direction (always 
looking in the direction of propagation). But if the scattering system is anisotropic^ 

4a Here as in the following text we take the direction of polarization as the direction of the electric 
vector of the light wave. 
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the light that is scattered backward may also have a component of clockwise circular 
polarization. The degree of this reversal p c for circularly polarized incident light 
may be shown to be related to p n by 


Pc = 


1 counter-clockwise 



(HI, 23) 


which is zero for p n = 0 and has the maximum value 1; that is, for a completely 
anisotropic system the light scattered backward would be unpolarized. 


In order to predict on the basis of classical theory the state of polarization of a Hainan line corrc- 

spoil ding to a normal vibration Vi, tho behavior of the change of polarizability l ) (the derived 

tensor) must be investigated. For example, for the totally symmetric vibration v\ of tetrahedral 

XY 4 molecules, a retains spherical symmetry during the whole vibration and therefore — is spherical. 

Consequently, the part of P oscillating with frequency v ± v\ will have tho same direction as E. 
These Raman lines are, therefore, completely polarized. 

More detailed calculations [see Born (2) and Oabannes (3) (189)] show that although tho 

principal axes of the “ellipsoid ” corresponding to ^ ^ ^ do not always coincide with those of tho 

polarizability ellipsoid (a), the formulae for the polarization are the same as for the Rayleigh scatter- 
ing except that a 1 has to bo replaced by 




(III, 24) 


and 0 1 has to be replaced by 
()«/ x dor,, 


ft 


-U( ! 


\ 2 / _ dn?„ \ 2 / 0(Ves __ dttrr \ 2 

/ o \ d£i /o \ / o 


Thus wo have 




Pn I n 46(«/i) 2 + 7ft* ’ 


(III, 25) 

(HI, 26) 


and (III, 22) and (III, 23) for pi anti p c respectively. 5 

An essential difference from the ease of Rayleigh scattering is, however, that the components 

Q f / OUL \ i n the direction of the principal axes are not necessarily all positive, as are those of a. 
\ ) 0 

Therefore ( — ^ cannot always be represented by a real ellipsoid. But it is still convenient to 
\ / 0 . 
visualize the relations by means of such an ellipsoid. In consequence of tho possibility of negative 

values of ( - — ^ , ( — — ^ , • • -, a*' 1 may now bo zero without ft' being zero. This case gives 
\ d& Jo \ d& Jo 
tho strongest depolarization, namely: 

pn max = « f pi max = 3 Pc max = 6 . (Ill, 27) 

For brevity, if a Raman lino shows this state of depolarization, it is called depolarized, whereas, if tho 
degree of depolarization is smaller, it is said to be (partly or completely) polarized . 

If a molecule has a plane of symmetry (for example XY 2 Z 2 ), one axis of tho polarizability ellipsoid 
of the equilibrium position is perpendicular to this plane (say in the x direction), and the other two 
are in the plane. Now, in a displaced position antisymmetric to tho plane tho polarizability ellipsoid 

6 For example, in tho above case of tho totally symmetric vibration of tetrahedral XY 4 , ft* = 0 
and therefore pn = 0, pi = 0, p 0 — 0. 
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has no longer the same axes; but it is easily seen from an examination of Fig. 76 that oc X x (the x compo- 
nent of the dipole moment induced by unit field in the x direction) has the same value for this displaced 
position as it has for the opposite displaced position, that is, it follows a curve like II or III in Fig. 75. 


( dexjcx \ 

— — 1 =0. In a similar mnn- 
/ o 

ncr, it is seen that ^ ^ — 0 ^ =* 0. 

Therefore, according to (111,24) and (111,26), 
p» = t for this antisymmetric vibration; that is, 
the particular Raman line will bo depolarized. 
Similarly, it can be shown that any vibration 
that is antisymmetric or degenerate with respect 
to any other symmetry element will give a 
Raman line with the maximum degree of de- 
polarization if it occurs at all. Therefore, only 
Raman lines corresponding to totally symmetric 
vibrations can have a degree of depolarization 
smaller than the maximum value y, that is, can 
be polarized. 

For molecules belonging to the cubic point 
groups, we have always p n — 0 for tho totally 
symmetric vibrations, since for these 

/ (VnA = _ / da ' iz \ = o 

\ Jo \ d£i Jo V d$i Jo 


/ dots, \ 

( dot yn \ 

f da zz \ 

1 

o 

Us 

I*® 

[ aV/o ” ’ 



and, therefore, fif 2 =0in (III, 26). For the 
totally symmetric vibrations of all other point 
groups, p n may have any value between 0 
and y. 




Fig. 76. Polarizability change for an anti- 
symmetric vibration (schematic). — The broken- 
line ellipses indicate the polarizability ellipsoid in 
the equilibrium position, the solid ellipses in two 
opposite displaced positions. The intercepts of 
the latter ellipsoids with tho X axis give 1/Vaj-j 
(sec p. 243) which is seen to bo the same in tho 
two cases. 


2. Quantum-theoretical Treatment 

In quantum theory the frequencies of the infrared absorption (or emission) bands 
and the frequency shifts of the Raman bands are determined by the energy differences 
of the vibrational levels between which the transitions take place. In order to find 
out which transitions occur and with what intensity, it is necessary to calculate the 
transition probabilities, 

(a) Elementary treatment of fundamentals 

Since for small amplitudes of the nuclei a polyatomic molecule may be considered 
as a superposition of harmonic oscillators, the results for the harmonic oscillator 
approximation of diatomic molecules (see Molecular Spectra I, pp. 85 and 93) may 
be taken over. That is, both in the infrared and Raman spectrum we have the 
selection rule 

A Vi = d= 1 (III, 28) 

for each normal vibration V{. Since the oscillators, in this approximation, are inde- 
pendent, no simultaneous jumps of two or more vibrations can occur. As for diatomic 
molecules, only those vibrations that are connected with a change of dipole moment 



250 


VIBRATIONAL INFRARED AND RAMAN SPECTRA 


m, 2 



Fig. 77. Raman spectra of CC1 4 and CHClsBr showing anti-Stokes lines after Glockler.* — Raman lines are indicated at the top of each spectrogram, 
Hg lines at the bottom. # The exciting line has been reduced in intensity by a screen. In (a) the Stokes Raman lines of CCLj occur both through excita- 
tion by the line 435S.3 A and by the line 4046.5 A. 

* The author is greatly indebted to Professor G. Glockler for these two spectrograms. 
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can have Av x = ± 1 for an infrared transition, and only those vibrations that are 
connected with a (linear) change of polarizability can have A Vi = db 1 for a Hainan 
transition. Considering the formula (II, 61) for the vibrational energy levels which 
applies to this approximation, it is clear that the wave numbers of the infrared bands 
and the wave-number shifts of the Raman bands are equal to the actual vibrational 
frequencies (measured in cm” 1 ) 

v = cOj, I Aj' I = C 0 i. (Ill, 29) 

Thus, in this approximation, the quantum-theoretical infrared and Raman vibra- 
tion spectrum is the same as the classical one, at least as far as the position and oc- 
currence or non-occurrence of the bands is concerned. However, just as for diatomic 
molecules, there is an important difference as to the intensities of the Raman bands. 
Whereas according to classical theory the Stokes and anti-Stokes Raman lines v — to, 
and v + coi should have the same intensity, according to quantum theory and in 
agreement with observation the anti-Stokes lines have a much smaller intensity , since 
the number of molecules in the initial state Vi = 1 of the anti-Stokes lines is only 
c (heut/k 2 *) times the number of molecules in the initial state V{ = 0 of the Stokes lines 
(ground state). For diatomic molecules no anti-Stokes vibrational Raman lines 
have ever been observed. For polyatomic molecules they have been observed, but 
only for the smaller frequencies, as is shown in Fig. 77 for CCI 4 and CH01 2 Br. The 
intensity ratio to the corresponding Stokes lines is in agreement with the Boltzmann 
factor. 

Since in quantum theory, as in classical theory, the occurrence of a certain funda- 
mental in the infrared or Raman spectrum depends on the presence of a change of 
dipole moment or polarizability respectively, the previous conclusions (section 1) as 
to the dependence on the symmetry of the molecule remain valid in quantum theory. 
Thus, for linear symmetrical XY 2 , for example, only the totally symmetric vibration 
vi can change its quantum number v± by ±1 in the Raman effect, whereas only the 
vibrations v 2 and v$ can change their quantum numbers by ±1 in the infrared. 
Conversely, if a triatomic XY 2 molecule exhibits only one (Stokes) Raman line and 
only two strong infrared bands of a frequency different from that of the Raman line, 
it can be concluded that the molecule is linear and symmetric, since for a non-linear 
as well as for a linear unsymmetrical XY 2 molecule all three fundamentals are active 
both in the infrared and in the Raman effect. 

Similar considerations can be applied to other cases (see section 1). 

(b) Rigorous vibrational selection rules 

For quantitative calculations of the intensity of infrared and Raman bands and 
also for the determination of the activity of overtone and combination vibrations 
[see subsection (d)] it is necessary to develop a more detailed quantum-theoretical 
treatment. 

Infrared spectrum. The dipole moment of the molecule is represented in wave 
mechanics by the matrix formed from the integrals 

f* n V m *MdT, (III, 30) 

where M is a vector with components 

M x = M y = £e,y<, M, = £e,z< 


(III, 31) 
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(d = charge of particle i having coordinates a;*-, ?/», Zi ), and where and are the 
time-dependent eigenfunctions of the system in two states n and m, that is, 

¥ n = rP n #*Wnlh)t 9 = = f^rUEmlhU (HI, 32 ) 

the asterisk indicating the complex conjugate quantities. The diagonal elements of 
the matrix, that is, the integrals (III, 30) with n = m, represent the permanent dipole 
moments in the states n (since the time dependence cancels out). The off-diagonal 
matrix elements (n m) correspond to the transitions from the state n to the state m 
since they have the time factor e 2 * The transition probability is propor- 
tional to the square of the time-independent factor of (III, 30), that is, to the square of 

[M]" m = / <p n t m *Mdr. (Ill, 33) 

We consider now the transition between two vibrational levels v ' and v n of the 
molecule produced by dipole radiation. Here v ' and v " stand for the sets of vibra- 
tional quantum numbers vi 9 v<t , vj } • • • and vi \ v^', vz\ • • • of the upper and lower 
state respectively. Strictly speaking, we should substitute the total eigenfunction in 
(III, 33). But to a usually fairly good approximation, this total eigenfunction is the 
product of an electronic, a vibrational, and a rotational eigenfunction (see p. 15): 

= 'I'e'I'o'I'r', (HI, 34) 

and therefore, since for the pure vibration spectrum the electronic and rotational state 
remains unchanged, yj/ e and simply give a constant factor in (III, 33) so that we 
conclude that the vibrational transition probability is proportional to the square of 

[ MJ' V " = / Wh"*Mdr, (III, 35) 

where \pv and are the vibrational eigenfunctions of the upper and lower state 
respectively. is also called the transitio?i moment of the transition i>". 


Table 55. symmetry types (species) 8 op tiie components of the dipole moment and op 

THE POLARIZABILITY (INFRARED AND ltAMAN SELECTION RULES) FOR THE MOKE 
IMPORTANT POINT GROUPS [hKM PlACZEK (700) AND TlSZA (807)]. 
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8 For an explanation of tho symmetry types and the choice of the coordinate axes, see Tables 
12-30 (the symmetry axis of highest symmetry is always tho z axis). 

7 For Ci and Di = V omit tho subscripts g and u. 

8 For C it Ci, C5, Ci, and C 3 a, C 4h , C bh , Cba, omit tho subscripts 1 and 2 of A and B. 

9 For T omit tho subscripts 1 and 2 of A and F. 

10 For O omit the subscripts g and u. 
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Table 55. — Continued 
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Vibrational selection rules exist only when the molecule under consideration has 
elements of symmetry. In that case it is immediately clear that the integral (III, 35) 
can be different from zero for a certain transition (that is, that this transition is an 
allowed one) only when at least one of the components of the integrand \f/ v '\l/ v "*M 
remains unchanged for any of the symmetry operations permitted by the symmetry 
of the molecule in its equilibrium position, or in other words when at least one of the 
quantities 

h'fo”*M x , ^ 0 n *M y , 

is totally symmetrical. This is the general vibrational selection rule for the infrared , 
which is rigorous as long as the interaction with rotation and electronic motion is ne- 
glected. In particular it is independent of whether or not the vibrations are harmonic. 

From the definition (III, 31) of the dipole moment M it is clear that its com- 
ponents M x , M y , M z have the same behavior with respect to symmetry operations 
as the translations T*, T y , T z in the direction of the coordinate axes; that is, they 
belong to one of the species of the point group of the molecule, as indicated in the 
last column of each of the Tables 12 to 30. For the convenience of the reader, in 
Table 55 the species of M x , M y , M z are collected together for all the more important 
point groups, as read off from the last columns of Tables 12-30. 

With these considerations in mind, the above general selection rule may also be 
formulated thus: A vibrational transition t/«-» v " is allowed only when there is at least 
one component of the dipole moment M that has the same species as the product \l/ v 'W r » 
The equivalence of this rule and the previous one is immediately obvious for the 
point groups with non-degenerate species only, since the product of two functions 
can be symmetric with respect to a symmetry operation only if both factors are sym- 
metric or both antisymmetric with respect to this symmetry operation. However, 
the above formulation of the general selection rule holds also for point groups with 
degenerate species. This can easily be verified with the help of Tables 31 and 33, 
which show that the product of two species is totally symmetric or contains a totally 
symmetric part only when the two species are the same. 

In order to ascertain whether a certain transition v f <-> v n is allowed in the infra- 
red, therefore, it is only necessary to see whether the species of (obtained in 

the same way as outlined in Chapter II, section 3e, for the species of the total vibra- 
tional eigenfunction) is the same as that of M Xi M y , or M g as given in Table 55. 
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Raman spectrum. The intensity of scattered light depends on the induced dipole 
moment P which, similar to (III, 30), is represented by the matrix formed from 
the integrals, 

f VnP**mdT, (III, 30) 

where P is a vector whose components are given by (III, 7-9). The time-independent 
part of (III, 36) is 

ZP°l* m = / *«!“**.*•, (III, 37) 

where P° is the amplitude of P. The intensity of a Raman transition is 

proportional to the square of [P 0 ]”™. Substituting P from (III, 7-9) we obtain for 
the components of [P°] nm : 

[P*°] nw = Ex°f<Xxx'l'n'l'm*dT + E y °J OLxJpn'pirfdT + E Z ° J (X X x^n^m*dT 9 
[P y °] wm = E x °fa xy \l/ n \l/ m *dT + Ey°fayy\l/ n \l/ m *dT + E z l) f cy y z \p n \{/ m * dr , (ITI, 38) 

[P*°] nw = Ejc oJ a xs \l/ntm*dT + Ey°f Clyztyni',*dT + E x °f 'a„lfr H lfrm*dT. 

Here, E x °, E y ° f E-° are the components of the amplitude of the incident light wave, 
and the integrals 

[«xx] ,,W =f ' Ot x Jpn^m*dT , [ >xy] nW = / y^n^m*dT } • • • (HI, 39) 

are the matrix elements of the six components of the polar u ability tensor. The diagonal 
matrix elements ( n — m) of a or P () correspond to Rayleigh scattering, the off-diagonal 
elements to Raman scattering, that is, to transitions n<-> m induced by the incident 
light. According to (III, 38) a Raman transition n<r-> m is allowed if al least one of 
the six quantities [a. ri J MW , •••, is different from zero. 

For the vibrational Raman spectrum we have again to substitute for \f/ n and 
the vibrational eigenfunctions xj/f and x// v " of the upper and lower states. We can 
then say (compare the selection rule for the infrared spectrum p. 253): A Raman 
transition between two vibrational level v' and v" is allowed if at least one of the six 
products 

OLzx'l'vW*, (Xxy'l'v'l'v”*, * * * (HI, 40) 

is totally symmetrical , that is, remains unchanged for all symmetry operations per- 
mitted by the symmetry of the molecule. 

Similarly to the previous infrared selection rule, the general (and rigorous) Raman 
selection rule may also be stated in the following somewhat more convenient form: 
A Raman transition between two vibrational levels v f and v " is allowed if the product 
xl/fxpv' has the same species as at least one of the six components a XXi a xy9 •••of the 
polarizability tensor . 

In order to be able to apply this rule we have to know the species of a XX9 a xy , • • • 
for the various point groups. It is easy to find the behavior of the a XXf ct xy , • • • with 
respect to symmetry operations (that is, to find the species) for point groups with 
non-degenerate species only. Let us suppose that a field is applied in the y direction 
( E y 0, E x = E x = 0); then, according to (III, 7), P x = a xy E y . Since, in the 
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present ease, P x and E y can only remain unchanged or change sign for a symmetry 
operation, a xy will remain unchanged or change sign depending on whether P x and 
E y behave in the same or in the opposite way for the symmetry operation considered. 
P x and E y have the same species as the translations T x and T y respectively, and 
therefore a xy has the same species as the product of the species of T x and T v . Simi- 
larly, oL X z and oL yz have the same species as the products T X T Z and T y T z respectively. 
Finally a xx , a yy , a 3Z have the same species as the products T X T XJ T y T Vf T Z T Z re- 
spectively, all of which are totally symmetric in the case of point groups with non- 
degenerate species only. As an example, consider a molecule of point group Vh 
(for instance plane X 2 Y 4 ). ot xx , a yy , a z ~ have the totally symmetric species A 0) ot xy 
has the species B\ g since T x T y has species Bsu X B 2 u — ^igj and <x xz and ol vz have 
the species B 2g and Ih g , respectively, for similar reasons. Thus, only those transi- 
tions may occur in the Raman effect for which the product t/W has one of the 
species A u , B\ oy B 2(n or Bz g . 

In Table 55 the species of the six components of the polarizability tensor are given 
for all the important point groups , including those with degenerate species. In the 
latter cases, the species can be obtained in a manner similar to the above but some- 
what more complicated (see below). In these cases for a XX) a yy (and for cubic point 
groups, also for a zz ) two species are given. This is meant to indicate that actually 
only a xx + ot yy and a xx — a yy [and for cubic point groups a xx + a yy + a 9Z and a 
more complicated linear combination; see Tisza (857)] have a definite species. For 
most practical cases this amounts to the same thing as assuming that ot XXy ot yyy ( ol zz ) 
have the two species indicated. 


In tlio case of the axial point groups (only one morc-than-two-fold axis in the z direction), the 
species of a xz , ct rz , and a„ z is obtained in a way similar to the one described above for point groups 
with non-degenerate species only, as follows. If a field is applied in the z direction, we have 

P X = OtjczHgl Py — Oty Z E Z , Pz — OigzEg. (IHf 41) 

Since T s for these point groups is non-degenerate, it follows from the last of the above equations that 
is totally symmetric (see Table 55). The species of T x and T „ is degenerate in these point groups. 
Therefore the species of a xz and a yz must also be degenerate and can immediately bo obtained from 
the species of T Xt T y , and T z with tho aid of the multiplication table 31. In almost all cases it 
is E or Ei. 

For a xx , ayy, and a xy the transformation properties arc not as easily obtained since T x and T y 
are both degenerate. Of course, the relation P x = a„E x (field in the x direction) is fulfilled when 
a xx is totally symmetric, and similarly for a vv . This accounts for one of the species given for a xx 
and a uy in Table 55. But it is not the only species. Since E x and E y are transformed by some 
of tho symmetry operations (for example, a rotation by 3b0°/p) into linear combinations of tho two, 
let us assume now that E x 5 ^ 0, E y ^ 0, E z = 0. r l hen wo obtain from (III, 7) and (III, 8) . 

P x = a xx E x + a xy E y , P y — a xy E x 4" ot yy E y . (IIIi 42) 


Carrying out a symmetry operation, we have 

Pi - + 


t LT< 

xy^y* 


Py = Ol^yEl + CXyyEy, 


(HI, 43) 


where the superscripts t indicate the transformed quantities. Since E x , E y , P x , Py, just as the trans- 
lations T x and T y , have the degenerate species E, they transform for a rotation by & — 360°//.> in 
the same way as degenerate normal coordinates [sec equations (II, 75]], that is, 

E* x = E x cos /3 + E y sin 0, 

E[ = — E x sin 0 + E y cos /3, 

and similarly for P l x and P[. Substituting this and (III, 42) into (III, 43) and equating the coeffi- 
cients of E x on the left- and right-hand sides of tho two equations obtained, and similarly the co- 
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efficients of E u , we find: 

ct l xx cos /8 — ot l xu si n p — a xx cos /8 + ct xy sin /3, 

a xx sin /3 + ot xy cos /8 = a xy cos /8 + a yy sin /8, 

a xy eos /8 - a yi/ sin /3 = - a xx sin /8 + a xy cos /8, 

sin /8 + cos /8 = — sin /8 + ar yy cos /3. 

From these equations we obtain for the transformed polarizabilities: 

a xx - cos 2 /? + 2a xy sin /3 cos /8 -f of yI/ sin 2 j8, (III, 44) 

sin 2 0 ~ 2 «xy sin P coa P + a vv cos2 P » (HI. 45 ) 

2«i y = — (a« - a yy ) sin 2/3 + 2a xy cos 20. (Ill, 46) 

While it is thus seen that ot T x and <t m , do not transform in a simple manner (that is, one that 
agrees with one of the symmetry types), it is immediately seen from (III, 44) and (III, 45) that 

a xx + Oily — a xx + a yy » (HI. 47 ) 

- "Iv = («« - <*yy) 2 0 + 2 <* xy sin 2/3. (Ill, 48) 

Thus otxr + otyy is symmetric with respect to a rotation by /8 — 360°/p about the 7 >-fold axis. In a 
similar way it can be shown that a rr + a vv is also symmetric with respect to all other elements of 
symmetry fusing transformation (II, 76) instead of (II, 75)]; that is, a xx + « vv is totally symmetric. 
On the other hand, as is seen by comparing (III, 48) and (III, 46), a xx — a uv forms a degenerate pair 
with 2a xy having 2/8 instead of /3 in (II, 75), that is, this pair has species E 2 . For point groups with 
p = 3 (three-fold axis), the species E« is identical with E (see p. 89); for those with p = 4 (four-fold 
axis), E 2 splits into two nondegenerate species B; indeed, with /3 = 90° it follows from (III, 46) and 
(111,48) that ct l xy = — ot x „ and a xx — a[ y = — (a xx — ot uv ); that is, a xu and ot xx — a uy arc anti- 
symmetric with respect to the four-fold axis. The species is Hi and B\ respectively in the case of 
point groups for which this difference exists fsco Tisza (867)]. In this way the species for oi xy , a XXt 
otyy given in Table 55 were obtained. 

The rule of mutual exclusion. From Table 55 the following rule can immediately 
be verified: For molecules with a center of symmetry, transitions that are allowed in the 
infrared are forbidden in the Raman spectrum ; and conversely, transitions that are 
allowed in the Raman spectrum are forbidden in the infrared. More explicitly, we 
may also say: In the infrared, only transitions between states of opposite symmetry 
with respect to a center of symmetry i can take place u); in the Raman effect, 
only between states of the same symmetry with respect to i ( g *-» g, u ). The 

correctness of this latter rule is immediately seen if it is realized that, according to 
Table 55, for all infrared transitions (all components of M) must be anti- 

symmetric (u) with respect to i, while for all Raman transitions (all components 
of a), \pv'W must be symmetric (0). Even without Table 55 it is clear that all 
components of M change sign for a reflection at i, whereas the components of the 
polarizability, which behave as the product of two components of M , remain 
unchanged. 

It should be realized that the above rule of mutual exclusion does not imply that 
all transitions that are forbidden in the Raman effect occur in the infrared. Some 
transitions may be forbidden in both, as for example, a transition of a molecule of 
point group Vh for which has species A u > 

For all molecules without a center of symmetry, with the exception of those 
belonging to the rare point groups D$h, D 7 h, and O, there are transitions that can 
occur both in the infrared and the Raman effect. 

Inversion doubling. As we have seen previously (p. 220), all vibrational energy 
levels of non-planar molecules are doubled on account of the two potential minima 
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corresponding to inversion. The eigenfunction of one sublevel remains unchanged 
for a reflection at the origin, that of the other changes sign. Because of the above- 
mentioned behavior of the dipole moment and the polarizability with respect to 
reflection at the origin, it is immediately clear (since and respec- 

tively must remain unchanged for such a reflection) that in the infrared only sublevels 
of opposite parity can combine with one another (+<-» — ), whereas in the Raman 
effect only sublevels of the same parity can combine with one another (+<-> +, — <-> — ). 
Of course, when the inversion doubling of the vibrational levels is unobservably 
small, this selection rule has no observable influence on the spectrum. We need 
only consider the previous selection rules for one potential minimum (Table 55). 
However, when the inversion doubling is noticeable, as for NH 3 (see p. 221), the 
selection rule for the sublevels is of importance. All Hainan and infrared bands are 
then double as explained in Fig. 78. But, because of the different selection rules in 
the Hainan and infrared spectra, the doublet splitting of the bands is different: it is 
the sum of the splitting of the upper and lower levels in the infrared, while it is the 
difference in the ltaman spectrum (see Fig. 78). 


V 



Fto. 78. Influence of inversion doubling on infrared and Raman spectrum. — The small semi- 
circular dots at the bottom are added in order to make it more apparent at which component level 
the transition starts. 

It is of particular importance that the above selection rule for the infrared (not 
for the Raman effect) allows also a transition from one sublevel of a given vibrational 
level to the other (see Fig. 78), which, because of the form of the eigenfunctions (see 
Fig. 72b), has a large intensity. For the ground state of NH 3 such a transition has 
actually been observed by Cleeton and Williams (215) in the region of extremely 
short radio waves, at X = 1.25 cm (corresponding to 0.8 enr 1 ), in agreement with 
expectation from the doubling of the ordinary vibration bands. The observation of 
this inversion spectrum represents one of the most striking confirmations of the 
predictions of wave mechanics as applied to molecular structure. 

In view of the above selection rule for the inversion doublet components, it is seen that the 
rule of mutual exclusion holds really for all non-planar molecules. This is due to the fact that the 
potential function of these molecules has a center of symmetry and, therefore, the complete vibra- 
tional eigenfunction must remain unchanged or can at most change sign for a reflection at the origin. 
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Thus, even though at any instant the molecule has no center of symmetry, it behaves as if it had one. 
It must, however, be understood that when the inversion doubling is unobservably small, as in most 
cases, infrared and Raman frequencies may coincide except when the molecule has an actual center 
of symmetry; thus, for unobservably small inversion doubling the rule of mutual exclusion holds 
only to the restricted extent noted previously. 

(c) More refined treatment of fundamentals 

We apply now the rigorous selection rules derived in the preceding subsection to 
the fundamentals, that is, the 1-0 transitions occurring in infrared absorption (or 
emission) and in the Raman spectrum. 

General rule. If the lower state of a transition is the vibrationlcss ground state 
(vi = 0, ?> 2 = 0, • • •) the eigenfunction is totally symmetric (sec p. 101). The 
eigenfunction of a state in which only one vibration is singly excited has the sym- 
metry type of that vibration (see p. 103). Therefore, for a 1-0 transition of a vibra- 
tion V{ (fundamental) the product has the symmetry type of the vibration 

Consequently, according to the rigorous selection rules given above, only those vibra- 
tions can occur as fundamentals in the infrared whose species agrees with that of at least 
one component of the dipole moment M for the particular point group , and only those 
vibrations can occur as fundamentals in the Raman spectrum whose species agrees with 
that of at least one component of the polarizability a for the particular point group. 
Thus, Table 55 gives directly the species of all the vibrations that are active as 
fundamentals in the infrared and in the Raman effect. 

In a somewhat more elementary way, the above rule may also be formulated: 
A vibration is active as a fundamental in the infrared ( Raman effect) if it behaves with 
respect to all symmetry operations permitted by the symmetry of the molecule in the same 
way as at least one component of the dipole moment ( polarizability ). 

In the case of molecules with a center of symmetry, it follows immediately that 
fundamentals that are active in the infrared are not active in the Raman effect, and 
conversely. 

If Table 55 is combined with Tables 35 and 36, it is possible to obtain for a mole- 
cule of a given point group the number of vibrations of each species that are active 
as fundamentals in the infrared and in the Raman effect. As we shall see later, 
infrared fundamentals of different species have different fine structures which can 
sometimes be distinguished even without full resolution, and Raman fundamentals 
have different polarizations and fine structures. Conversely, therefore, if the number 
of infrared- and Raman-active fundamentals has been found for a certain molecule, 
particularly when the type of the bands has been ascertained, it is possible to deter- 
mine the point group to which the molecule belongs ; that is, it is possible to determine 
its structure from the vibration spectrum only . 

Examples. The three normal vibrations v\, v 2i and vs of non-linear symmetric 
XY 2 (point group C 2 „) have species Ai, Ai, and B x respectively (see Fig. 25a and 
Table 13). According to Table 55, they are therefore all active as fundamentals 
in the infrared and in the Raman effect. In particular, v\ and v 2 occur in the infrared 
with ail oscillating dipole moment in the z direction (direction of the two-fold axis) 
while Vs occurs with an oscillating dipole moment in the x direction, in agreement 
with the classical result (p. 240). In the Raman spectrum, for Vi and v 2 only [cl x *Y v " , 
\a yv Y v " t ZaizY'” are different from zero, for v z only 
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Without reference to Table 55, one may also say: For the 1-0 transition of v\ as well as V 2 , the 
x component — J'M x \J/ v '4' v "dT of the amplitude of the dipole moment vanishes because 

the eigenfunctions and are symmetric with respect to both planes of symmotry, while M x 
changes sign for a reflection at the yz plane, and thus the integrand is not totally symmetric. Simi- 
larly, \_M U ~\ V ’ V " = fMyfWdr vanishes for the same transitions since M v changes sign, and there- 
fore the integrand changes sign for a reflection at the xz plane. Hut [Af*] B '*" = J % Ms4/ v f \l/ v n dr 
may be different from zero, since M z and therefore the integrand remains unchanged for reflections 
at both planes of symmetry. Therefore, the vibrations vi and V 2 may occur as fundamentals (1-0 
transition) but only with a dipole moment oscillating in the z direction. On the other hand, for the 
1-0 transition of v 3 the eigenfunction \[/ v ' and therefore the product »" is anti-symmetric with 
respect to the yz plane. Consequently [A/ X ] ,, ' ,, " = S^x^v^v'dr does not now vanish, since 
M is symmetiic with respect to both planes of symmetry, whereas [_M y ~\ v ’ v " — J % M y \l/ v f \^ v ,, dT 
and = J % M z \l/ v f \l/ l> "dT do vanish, since the integrands are antisymmetric with respect to 

both planes and the yz plane respectively. Thus for this transition the dipolo moment changes in 
the x direction. In a similar way it can bo seen, without reference to Table 55, that all three vibra- 
tions are Raman active as fundamentals. The polarizability components a TX , a yy , a ze (l>ehaving as the 
products of the two subscripts) arc totally symmetric while a ry is antisymmetric with respect to both 
planes of symmetry, ct x3 and a, /g are antisymmetric with respect to the yz and xz plane respectively. 
Therefore, for the 1-0 transition of v\ and v*, [ <*xx ~¥ v " = f <*sx'4'v'l'o"dT, [a y = J'ct yu \p v '\p v ''dT 
and [tt**]"'"" = S<*s*l'v y l'» ,, dT may be different from zero, while the other integrals vanish; for the 
1-0 transition of v 3 only [_a xz ~\ v,on — J'a xz \J//\J//'dT may be different from zero. 

For a more general molecule of point group C 2v (for example X 2 YZ 2 ) for which 
vibrations of all four species occur, it follows from Table 55 and the above general 
rule that only the vibrations of species A\ , B\, and B 2 can occur as fundamentals in 
the infrared, whereas the vibrations of species A 2 are forbidden (for example the 
torsion oscillation of X 2 YZ 2 ). O 11 the other hand, all vibrations, including those of 

species A 2} are active as fundamentals in the Raman effect, but of course with different 
components of the polarizability. 

In the case of a molecule of point group Vh (for example, plane X 2 Y 4 ), according 
to Table 55 only vibrations of species Bi u , B 2u , 7i 3M (see Table 14) are active in the 
infrared as fundamentals. In the case of X 2 Y 4 (see Fig. 44) these infrared-active 
fundamentals are v 7 , vy, vio, viu and vw, in agreement with the previous classical 
consideration (p. 240). In the Raman effect only vibrations of species A 01 Bi a , B 2tn 
and Bs 0 are active, with the polarizability components given in Table 55. For X 2 Y 4 
the Raman-active fundamentals arc v\, v 2 , vz, v$, ve, v 8 . It is seen that the infrared- 
active fundamentals are not active in the Raman effect and the Raman-active 
fundamentals are not active in the infrared, in agreement with the rule of mutual 
exclusion, which applies here since there is a center of symmetry. Vibrations of 
species A u are inactive as fundamentals both in the infrared and in the Raman effect. 
For X 2 Y 4 only the vibration v\ , the torsional oscillation, is of this species. 

Finally, let us consider, as an example of a molecule with degenerate vibrations, 
one of point group T,i (for example XY 4 ). Here the dipole moment has the triply 
degenerate species F 2 and therefore only the vibrations of species F 2 arc active as 
fundamentals in the infrared. For XY 4 these are the vibrations 3*3 and v\ (see 
Fig. 41). In the Raman effect, since the polarizability components have the species 
Ai y E f and F 2 , only the vibrations of species A\, E, and F 2 are active as fundamentals. 
In the case of XY 4 this includes all the fundamentals, iq, j/ 2 , p 4 . But in the general 

case there are also vibrations of species ^1 2 and F\ [for example, for C(( 'II 3 ) 4 ] which 
arc accordingly forbidden both in the infrared and in the Raman ?£>ct. 

Alternative treatment; intensities. An alternative way of deriving the selection 
rules, which at the same time lends itself more easily to the calculation of intensities, 
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is the following. We expand the components of the dipole moment and the polariza- 
bility in a power series of the normal coordinates, as in equations (III, 2) and (III, 14) 
of the classical treatment, and substitute these into [M,]"'*", 
and [a,,]’'’", \jXx V 'Y v " , • ■ respectively. In this way we obtain 

= Mx° f WtV'dr + f Wv'rt"dr + • • •, (HI, 49) 

and .similar equations for [_M y 2 0 ' v " and J pV/ ; furthermore we obtain 

L «„?'•" = f WtV'dT + £ (^7 ) o f WMV'dr +... (in, 50) 

and similar equations for [cl xv 'Y' } '\ [a*,]*'*", • • ■ . In these equations v f and v n 
stand for the set of vibrational quantum numbers in the upper and lower state re- 
spectively. The first term on the right in both equations vanishes if v' 9 ^ v" since 
the vibrational eigenfunctions of different states are orthogonal to one another. 

In the harmonic oscillator approximation, according to (II, 42), 


J 9 trtv'I'V'dT = j £ t ^l'(£l)^2'(£2) • • • ^/(€») • * • ^l"(£l)^2"(£2) 

W'tt.) •• 

= J’ i-SOiWi&dh - f M/({.W(S,)d( t •••• 


*/'«.) ■ • • dhdh ■ ■ ■ 


Because of the orthogonality of the eigenfunctions, the integrals yVi'(£i)^i"(£i)d£i, 
,/V 2 ^ 2 )^ 2 n (^i)d ^2 ••• are different from zero only when vi = v ", /’•/ = i’ 2 " •••, 
while is different from zero only when v{ = v" =b 1. Therefore 

[_M X ~] V ' V " and \_olxx'Y°" and similarly the other components of M and a according to 
(III, 49) and (III, 50) are different from zero only if only one Vi changes by =tl. 

Thus we see that in this approximation , that is, when higher terms in the develop- 
ments (III, 49) and (III, 50) and the anharmonicity of the vibrations are neglected, 
only fundamentals can occur in the infrared and in the Raman effect. Only when 
higher terms and the anharmonicity arc taken into account docs the dipole moment 
or polarizability associated with overtone or combination vibrations not vanish (see 
subsection d); that is, these transitions have a much smaller intensity than the 


fundamentals. 

Whether a certain fundamental 1 that is, a 1-0 transition, actually occurs de- 
pends, just as in the classical treatment, according to (III, 49) and (III, 50), on 

whether at least one of the components of ^ ^ an ^ res P ec ^ VG ^y different 

from zero. This can be decided either in the elementary way indicated in the 
classical treatment (p. 245), or from the rigorous selection rules given in Table 55. 
While this table gives the species of the components of M and a, it can also be used 


, ( dM\ , / da \ . „ Tr 

to determine which components of I 1 and J ^ are zero, as follows. It 

according to that table a certain component, say M x of M or a xx of a, is zero for 
a certain species, it means that or [a X xlF' v ", as the case may be, is zero 
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for the 1-0 transition of a vibration of this species, and therefore, since the first 

term in (III, 49) and (III, 50) is zero, that ( ) or ( ) , as the case may 

\ o£i /o \ o£i /o 

he, is zero. 


To predict the relative intensities of different infrared fundamentals of a molecule, one would need 

actually to calculate the / ^ , ( ~ ~~ ^ ^ • The intensity ratio of the fundamentals 

\ / o \ Jo \ d£i Jo 

v% in absorption is then given by the ratio of the quantities where the [[A/]* 1 ' 0 arc ob- 

tained from the ( — — ^ by moans of (III, 40). In emission the factor vi would have to be replaced 

\d& Jo 

by v % A [see equation (I, 18) of Molecular Spectra I]. 

The intensity ratio of the (Stokes) Human lints is in a similar way given by the ratio of the quan- 
tities (v — v») 4 [ [i >0 ]i 1,0 ) 2 , where v is the wave number of the exciting radiation and v — Vi is the 
wave number of the ltaman lino corresponding to tho vibration v%. The [P°]i 1>0 are obtained from 
(III, 38) into which (III, 50) has boon substituted. 1014 It must, however, be realized that the polariza- 
bility a (and therefore tho amplitude of the induced dipole moment [P°]» 1,0 ) is independent of tho 
incident frequency only when the latter is sufficiently small. If v is in the neighborhood of an ab- 
sorption frequency of the molecule, a will increase rapidly with v, and therefore the intensity of the 
Hainan lines increases more rapidly with v than is given by the factor (v — i\) 4 . Both effects, tho 
normal dependence on ( v — v x ) A and the stronger dependence on v in the ultraviolet when an absorp- 
tion region is approached, have been observed experimentally for COl* [Ornstein and Rekvcld (076) 
Sirkar (793) and Worth (917)]. For a more detailed discussion, see Plaezek (700). 

The intensity ratio of the anti-Stokes Unman lines to tho corresponding Stokes lines is mainly 
given by tho Boltzmann factor c“W ,c / fc 7 ’). However, here again, for accurate determinations, tho 
frequency factor, which is (v — v t ) A for tho Stokes and ( v + i/ t )' 4 for the anti-Stokes lines, has to bo 
taken into account. 

The absolute intensity of infrared fundamentals in absorption is given by [[see for example 
Mullikcn (644)] 

ki = J'ktWriv (DlGi 1,0 ) , t 

Seh 


where ki is the integrated absorption coefficient and N the number of molecules per cm 3 (y in cm 1 
or sec.” 1 ). From this formula, if k x is measured, DlO* 1,0 an <l therefore ( — may be obtained, 

\d£* Jo 

that is, the slope of tho curve (Fig. 74) representing tho variation of Af as a function of &. Since 
the amplitude of vibration can easily bo obtained, the absolute change of dipole moment connected 
with the vibration considered may be obtained. However, a direct and accurate determination of 
the true absorption coefficient is beset with difficulties on account of the small width of the fine 
structure lines [see for example Wells and Wilson (910)]. An indirect determination from tho 
infrared dispersion has been made for the case of CH 4 by Kollcfson and Havens (741). Calculations 
of the absolute intensity of Raman lines have been carried out by Bell (134a). 


(< d ) Overtone and combination bands 

General remarks. While transitions for which one A Vi > 1 or for which several 
A Vi 7 * 0 (overtone and combination bands respectively) are in general much weaker 
than the fundamentals, they may yet be observed in infrared absorption by using 
sufficiently thick absorbing layers, and in the Raman effect by using sufficiently long 
exposure times. 

Overtone and combination bands for which |At\| = 2 or £|Ay,| = 2, that is, 
transitions in which either one vibration changes by two quanta or two vibrations 
by one quantum, are also called binary combinations; those for which \Avi\ = 3 or 

10a Such calculations have recently been carried out for some halomethanes by Wolkenstein 
(949a) and for the dichlorobenzenes by Nordheim and Sponer (G73b). 
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EM = 3 are also called ternary combinations; and so on. It is clear from an ex- 
tension of equations (III, 49) and (III, 50) to include mechanical and electrical 
anharmonicity (see p. 241) that, in general, ternary combinations are still weaker 
than binary combinations, and quarternary weaker than ternary, since they involve 
higher and higher approximations. To illustrate this, Fig. 79 shows schematically 
the structure of the infrared vibration spectrum of a triatomic molecule. (It might 
be compared with Fig. 31 of Molecular Spectra I, which holds for a diatomic mole- 
cule.) The spectrum consists of a number of progressions A Vi = 0, 1, 2, starting at 
every fundamental, binary combination, and so on, and consisting of nearly equi- 
distant bands of very rapidly decreasing intensity. However, this decrease is not 
always quite regular if the molecule has symmetry, since certain overtone and com- 
bination bands may be forbidden by the rigorous selection rules (see subsection b). 
In fact it may happen in certain cases that a fundamental may be forbidden while 
certain overtone and combination bands involving the same vibration are allowed. 

Overtone bands. For the overtone bands, the lower state is the vibrational 
ground state (^ v " is totally symmetrical) and, therefore, according to the general 
rule, p. 253f., an overtone will be infrared active when at least one component of the dipole 
moment has the same species as the vibrational eigenfunction \f/ 0 ' of the upper state , and 
it will be Raman active if at least one component of the polarizability has the same species 
as fa', The species of the eigenfunction of the upper state is obtained for non- 
degenerate vibrations from the rule given on p. 101 and for degenerate vibrations 
from Table 32, while the species of the dipole moment and the polarizability is 
obtained from Table 55. 

For example, while the fundamental v 3 ('i u + ) of a linear XY 2 molecule is infrared 
active, its first, third, • • •, overtones ( v 3 = 2, 4, • • •) have a of species S*, 4 ' and 
are therefore infrared inactive (see Table 55) ; but its second, fourth, • • • overtones 
(v 3 *= 3, 5, • • •) have a \J/ V f of the same species as the fundamental (2 T * 4 ) and are 
therefore infrared active. On the other hand, according to Table 55, this funda- 
mental vs and its second, fourth, • • • overtones are inactive in the Raman effect, 
while the first, third, • • • overtones are Raman active. Thus we have an alternation 
of infrared and Raman activity in the progression v 3 v 3 (v 3 = 1, 2, 3, 4, • • •)> as indi- 
cated in Fig. 80. The same holds for all vibrations (degenerate or non-degenerate) 
that are antisymmetric with respect to a center of symmetry, for example, all 
infrared-active vibrations of plane X2Y4, linear X 2 Y 2 , and others, as is immediately 
seen from the g , u rule (p. 124) combined with Table 55. It also holds for the non- 
degenerate infrared-active vibrations of certain point groups without a center of 
symmetry: namely, of those for which the totally symmetric vibrations are inactive 
in the infrared; for example, for the vibration V 2 W) of plane XY 3 (see Fig. 63). 
However, it must be realized that the converse alternation does not hold for the 
progression of overtones of llaman-active fundamentals. For example, for molecules 
with a center of symmetry all overtones of a Raman-active fundamental are Raman 
active, none infrared active. 

In the case of a non-linear XY 2 molecule (point group C 2w ) the totally symmetric 
fundamentals v\ and v 2f as well as the antisymmetric fundamental v 3 , are both infrared 
and Raman active. The same holds for all overtones (see Fig. 79). However, the 
levels with v& = 1, 3, 5, • • • have antisymmetric (Ri) eigenfunctions while the levels 
with v 3 = 0, 2, 4, • • • have totally symmetric eigenfunctions. Therefore, in the 
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series v 3 v 3 the dipole moment oscillates alternately in the C 2 axis and perpendicular 
to it (see Table 55). The intensity in this series will, therefore, not vary as regularly 
as in vivi, v 2 v 2 , the even overtones following a different curve from the odd (compare 
the discussion of II 2 O in section 3a). 

In the case of degenerate vibrations the upper states of the overtone bands arc 
split into a number of sublevels whose species arc obtained from Table 32. There- 
fore, the overtone bands consist in 
general of a number of “sub-bands” 
which lie close together. But only 
those sublevels combine with the 
ground state whose species agree with 
that of at least one component of the 
dipole moment (infrared spectrum) 
or of the polarizability (Raman 
spectrum). For example, in a mole- 
cule of point group D$h (for instance 
cyclopropane, C 3 H 6 ), according to 
Tables 32 and 55 all overtones of an 
infrared-active fundamental of species 
E ' are active, but only the sublevels 
of species E' combine with the ground 
state, that is, the first and second 
overtone have only one “sub-band,” 
the third, fourth, and fifth only two. The overtones of an infrared-inactive funda- 
mental of species E" are also all infrared active, since the levels with even v x have 
a sublevel E ', those with odd Vi a sublevel A 2 ' (see Table 32). Ail these funda- 
mentals and overtones are Raman active, but the latter only with the .sublevels of 
species Ai, E' y and E”. 

Just as for the fundamentals, from the occurrence or non-occurrence of certain 
overtones conclusions as to the point group to which the molecule belongs can be drawn. 
While infrared spectra have been widely used for this purpose (see section 3 of this 
chapter), in the case of Raman spectra overtones have only rarely been observed 
since even the fundamentals are very weak. 

The formula for a progression of infrared (or Raman) bands consisting of a funda- 
mental and its overtones is obtained from the general vibrational energy formulae 
(II, 272) or (II, 284) for (?o(t>i, v 2y • • •) by putting all v x except one equal to zero. We 
obtain, therefore, if i refers now to the vibration considered, 

v = G( 0, 0, • ■ • v % • • • 0) - (7(0, • - • 0 • • - 0) - (7 0 (0, 0, •••«;*••• 0) 

= <»?v % + x^v? + gul? + • • •, (III, 51) 

where the last term has to be omitted for non-degenerate vibrations. Since Xu and 
gu are small compared to w<°, we have a series of almost equidistant bands. For de- 
degenerate vibrations U in (III, 51) takes the values v», v % — 2, • • • 0 or 1 (see p. 210), 
but some of the corresponding sub-bands may be forbidden. It must be realized 
that for polyatomic molecules, unlike diatomic molecules, irregular deviations from 
a smooth variation according to (III, 51) (possibly with a cubic term in v % ) may occur 
fairly frequently on account of perturbations (see p. 219 and below). 
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Fig. 80. Activity of overtones of certain non- 
totally symmetric vibrations. — Dotted lines repre- 
sent forbidden transitions. The intensity decrease 
is much more rapid than shown by the height of 
the lines. 
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The intensity distribution in a progression v v vi is determined by the curve that reprosen ts the 
variation of the dipole moment with the normal coordinate (Fig. 74) and the anharmonicity of the 
vibration. If the latter is known from the observed band positions, the observation of the absolute 
intensities of a series of overtones can be used to determine the variation of the dipole moment. If 
certain assumptions are made about the functional form of this variation it is even possible, as was 
shown by Timm and Meokc (8(54) and Mecke (015) (616) to obtain tho absolute value of the dipole 
moment of a bond such as the C — II and O — II bonds in a polyatomic molecule from these intensity 
measurements. 

It should also bo realized that if the maximum of the curve representing the variation of the dipole 
moment (Fig. 74) is dose to the equilibrium position of the nuclei, it may happen that the intensity 
distribution in a progression v t vi may have a maximum at a point different from r< = 1 ; that is, an 
overtone may be more intense than a fundamental. However, such a case has not as yet been 
definitely established. 

Summation bands. A combination band foi which the lower state is the vibra- 
tional ground state of the molecule is also called a summation band, since its wave 
number in a zero approximation is the sum of the wave numbers of two or more 
fundamentals or overtones: 

v = v x v x -+ VjVj + v k v k + • • •. (HI, 52) 

The activity of these summation bands, like that of the overtone bands, is obtained 
by determining the species of the upper state but now from Tables .31 and 33 together 
with the rules given on p. 124, and seeing whether it agrees with the species of one 
of the components of the dipole moment or the polarizability in Table 55. It is 
particularly important that inactive fundamentals, when combined with other funda- 
mentals or overtones, may give active summation bands, just as overtones of certain 
inactive fundamentals may be active in the infrared or Raman spectrum or both. 
Conversely, certain combination bands may be forbidden even though the funda- 
mentals involved are allowed. For instance it follows immediately from the (g, u) 
rule (p. 124) that for molecules having a center of symmetry no binary combinations 
of infrared active fundamentals are infrared active. 

Consider as examples some summation bands involving the fundamental v\ (a„) 
of plane X 2 Y 4 (the torsional oscillation), which is inactive both in the infrared and 
Raman spectrum. The upper state of v\(af) + v 7 (bi u ) has species a xl X b\ u = B\ a , 
and therefore (see Table 55) v\ + v 7 is allowed in the Raman effect, even though 
neither v\ nor v 7 is allowed. The upper state of 2va+v 7 has species a u Xa u X&iu “ E \ «, 
and therefore 2v\ + v 7 is infrared active but not Raman active. It is thus seen 
that the frequencies of inactive fundamentals can be obtained from summation 
bands. On the other hand v± + 2v 7 , whose upper state has species A u , is forbidden 
both in Raman effect and infrared. 

The lower the symmetry of a molecule the fewer restrictions there are for the 
combination bands, as well as for the overtone bands. For axial XYZ 3 molecules 
(methyl halides), for example, all combination bands (and overtone bands) are al- 
lowed both in the infrared and Raman effect, except that the sublevels of species A 2 
do not combine with the ground state. 

The wave numbers of the summation bands are given more accurately than 
according to the above zero approximation by G 0 (v 1 , v*, • • •) from (II, 284) or (II, 272) 
when the appropriate v x are substituted. 

Influence of Fermi resonance. In general, as mentioned before, the intensity of 
the overtone and combination bands decreases very rapidly with increasing S|Ay,| 
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(except when it is exactly zero because of symmetry). However, this state of affairs 
changes radically if a case of Fermi resonance occurs (see Chapter II, section 5c), 
for example when a state in which one vibration, say Vi, is doubly excited has nearly 
the same energy as the state in which another vibration v k is singly excited. As we 
have seen previously, if the states 2 vi and v k have the same symmetry, a perturbation 
of the energy levels and, at the same time, a mixing of the eigenfunctions occur. If 
without resonance 2v % and v k are infrared active (or Raman active), the fundamental 
v k would, in general, have much greater intensity than the overtone 2v t . But if the 
interaction (resonance) is taken into account, the intensity of the two hands will he 
more nearly alike , since in S'i'v'l'*" Mdr (or J* xj/v «dr) for x/// the “mixed” func- 
tions (II, 293) must now be substituted. In other words, 2 Vi will “borrow” intensity 
from v k . Its intensity may then become of the same order as that of a fundamental. 
If the resonance is complete, the two transitions will have the same intensity, which 
will be half the “original” intensity of v k (since the “original” intensity of 2 Vi was 
negligible compared to that of v k ). 

Similar considerations apply, of course, if the resonance is between a state in 
which two different vibrations are singly excited (vi + vf) and a state in which only 
one vibration is singly excited ( v k ). Also, if there is resonance between, say, 3 Vi 
and 2v k , then the second overtone of Vi will have an intensity comparable with that 
of the first overtone of v k , and similarly in other cases. If resonance exists between 
two combinations of the same order (for example, the two binary combinations 2vi 
and 2v 3 of II 2 0; see p. 218) they will tend to have more nearly the same intensity 
than they would without resonance. 

If a state that is in resonance with another corresponds to the excitation of a 
degenerate vibration , a perturbation will usually occur only for one of the sublevels 
into which the state is resolved when anharmonicity is taken into account (see p. 217) 
and thus only one of the sub-hands will have an anomalously large intensity. For 
example, for C0 2 , where vi « 2v 2 (see Fig. 71) the upper state of 2v 2 lm* the two sub- 
levels 2*,+ and A,,, of which only the first is perturbed by the upper state 2 0 + of v\. 
Only the sub-band 2v 2 {^ a + ) borrows intensity in the Raman effect from vi 9 and, 
because of the closeness of the resonance, has almost the same intensity as V\, w r hercas 
the sub-band 2v 2 (A 0 ) f which is also allowed in the Raman effect (see Table 55), has 
the normal (small) intensity of an overtone and has therefore not been observed. 

Difference bands. Finally, we discuss the case of absorption or scattering in 
which the initial state is not the vibrationless ground state. If the vibration vi is singly 
excited in the initial (lower) state and a transition takes place to a state in which the 
vibration v k {> v t ) is singly excited, the frequency of the infrared absorption band 
(or the frequency shift in the Raman spectrum) is equal to v k — Vi. Classically 
(see p. 241) this difference band should have the same intensity as the corresponding 
summation band v k + V{. However, in quantum theory the intensity of v k — Vi 
would be expected to be much smaller than that of v k + Vi since the number of 
molecules in the initial state is much smaller, corresponding to the Boltzmann factor 
e -{hcv % ikT ) # j n addition, the matrix elements f Mdr or for the 

two transitions will be somewhat different although they will be both of the same 
order (both zero if the anharmonicity is neglected). 

When the rigorous selection rules are applied to a difference band v k — Vi, one 
finds easily that it is allowed or forbidden depending on whether the corresponding 
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summation band Vk + Vi is allowed or forbidden: If the lower state is not the ground 
state, it is not the species of the eigenfunction of the upper state \p v ' but the species 
of the product that must be the same as the species of one of the components 

of M or a, in order that the transition be allowed. But the product for Vk — v% 
has obviously the same species as xf/f for v k + Vi, and thus if Vk + v% is allowed (see 
Table 55) then Vk — Vi is also allowed. The same applies also in the case of other 
similar difference bands, such as 2 Vk — Vi , 3^ — Vi, • • •, Vk + vi — vu • • •, Vk — 2 Vi 9 
Vk “ Vi — Vj, and so on. 

Since the intensity ratio of a difference band to the corresponding summation 
band is approximately equal to the Boltzmann factor, such difference bands have been 
observed in the infrared and Raman effect only in cases where Vi is small (or, more 
generally, where the lower state is fairly near the ground state), since then the Boltz- 
mann factor is not too small (compare for example, the difference bands of CO 2 
given in Table 56). 

A somewhat different type of difference band is that for which one and the same 
low-frequency vibration is excited in the upper and lower state in addition to some other 
vibrations in the upper state. 10l> In the simplest case, if Vk is excited by one quantum 
in the upper, but not in the lower state, whereas Vi is excited both in the upper and 
lower state by one quantum, we obtain a band that may be written Vk + Vi — v t . 
This is represented in the energy-level diagram Fig. 81a. If there were no coupling 
between the two vibrations, this transition would have the same frequency as the 
fundamental v k and also the same transition probability, since in both cases only 
Avk = 1. The intensity ratio of vu + Vi — vi to Vk is therefore equal to the Boltz- 
mann factor e~^ Vx,kT) which gives the population of the state Vi = 1 relative to the 
ground state. In consequence of the coupling of the two vibrations, the band 
Vk + Vi — Vi will not exactly coincide with vu but will be displaced by a small amount 
so that it is actually observable. The intensity is also influenced by the coupling, 
but, like the frequency, only slightly, so that for small Vi when the Boltzmann factor 
is of the order of unity the intensity of Vk + Vi — Vi is of the same order as that of 
the fundamental Vk (whereas the intensity of Vk — Vi was of the same order as Vk + Vi , 
that is, much smaller than that of 1 '&). 

If vi is sufficiently small, bands Vk + 2v t — 2 Vi 9 Vk + 3 Vi — 3 Vi may also have a 
sufficient intensity, to be observed, in spite of the smaller Boltzmann factor. As 
indicated in Fig. 81a, we then have a series of very nearly equidistant bands with 
rapidly decreasing intensity, which is the exact analogue of a sequence in a diatomic 
electronic band spectrum (see Molecular Spectra I, p. 171f.). If a sufficiently small 
Vi exists, such sequences should join not only onto every allowed fundamental band, 
but also onto every allowed overtone or combination band, that is, when Vk in 
Vk + Vi — Vi is replaced by 2vk, Vk + vi, and so on. The case in which Vk = Vi in 
Vk + Vi — vi is of course also possible. 

Bands of the type Vk + Vi — Vi have been observed in a number of cases both in 
the infrared and Raman effect, for example, for CO 2 (see Table 56) and C 2 H 2 (see 
Table 68). Sequences with three members Vk , Vk + Vi — Vi } Vk + 2v % — 2 Vi, where 
Vk is a second overtone, have been found in the photographic infrared, for methyl 
acetylene [Ilcrzbcrg, Patat, and Verlcger (440)] and pyrrole [Zumwalt and Badger 
(976)]. While in the former case the low-frequency Vi (343 cm” 1 ) is known from 

10b Dennison ( 280 ) calls such bands “upper stage” bands. 
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Raman data, in the latter case the intensity ratio of the bands in the sequence has been 
used to obtain from the thus derived Boltzmann factor the value of Vi (~650 cm' 1 ). 



Fig. 81. Difference bands of the type vk + Vi — v t ; (a) a sequence of difference bands, 

(b) vi degenerate, (c) Vi and vh degenerate. 

If the vibration vi involved in the above-described difference bands is degenerate , some additional 
considerations are necessary. First of all, the intensity ratio of tho band vk + vi — Vi to the band 
Vk is twice or three times as great as tho Boltzmann factor, depending on whether the degree of de- 
generacy of vi is 2 or 3, because tho statistical weight is increased by this factor. For the higher 
members of a sequence vk + 2 vi — 2 vi, • • • , the intensity ratio to Vk is still further increased compared 
to tho non-degenerate case, because tho degree of degeneracy of the states 2 vi, 3 Vi, • • • is still higher 
(see p. HOf.), at least as long as the anharmonicity is neglected. Kven if the anharmonicity is not 
neglected, tho splitting of tho bands of a sequence into sub-bands will, in general, not be observable, 
since it corresponds to tho difference of the splitting of tho sublevels in the upper and lower state. 

If both vk and vi in tho band Vk + Vi — Vi are non-degenerate, tho application of the rigorous 
selection rules (evaluation of J* M\l/ v f \f/*"dT or J*OL yf/v^V'dr) leads to the same result for Vk + v% — Vi 
as for vk (see above). If, however, vi or both Vi and vk are degenerate, for some point groups, addi- 
tional components of the dipole moment and the polarizability may occur according to tho rigorous 
selection rules. For example, for a molecule of point group C-a„ (for instance CII3OI), if vk has 
species Ai and vi has species E, then both the upper and lower states of the band Vk + — vi have 

species E (see Fig. 81b). According to Table 33, the product has the species Au A 2 , E. Of 

these, according to Table 55, Ai gives a parallel band in the infrared ( M z ^ 0) and a Hainan lino 
with olxx 5^ 0 , a uu 5 *- 0 , a zz ^ 0 (polarized Raman line; see below), as does Vk alone, whereas E gives 
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perpendicular band (M z — 0) in the infrared and a Hainan line with — a uy , a x „, a xg , ct yg all 
different from zero (depolarized Human line). Thus one and the same transition (vk + v% — v t ) can 
take place according to the rigorous selection rulo with two different species of the components of 
the dipole moment and the polarizability, that is (see Chapter IV), with two different rotational 
structures (and polarizabilities in the Raman effect). However, only the first of these two species 
of the transition would have the same transition probability as y*. This is easily seen from the 
series developments (III, 49) and (III, 50) since, if higher terms are neglected, the intensity of a 
transition in which only vk changes by one unit (and such is the case for both Vk and Vk + v% — Vi) 

depends only on ( — ■ ^ and ( — ^ respectively, and these in the present case have species Au 
\d£k/0 \d£k/ o 

Only in higher approximation, that is, with much smaller intensity, would the E contribution to 
the transition occur. 

If both vk and v% for a molecule of point group Cz v are of species E, the upper state of vk + Vi — Vi 
according to Table 33 consists of the three sublevels Ai, A 2 , E, whereas the lower state is E (see 
Fig. 81c). There are three sub-bands for Vk + Vi — vn A\ E, A 2 — ► E, and E—+ E. For the first 
two, tv't*" has species E, and therefore these sub-bands are perpendicular bands (M~ = 0) in the 
infrared (or depolarized in the Raman effect), as is vk. The sub-band E — ► E, as in the preceding 
case, can occur both as a parallel and a perpendicular band; but in this case only the perpendicular 
component (depolarized Raman component) will have an intensity comparable with Vk since Vk is a 
perpendicular band (or depolarized Raman line). Other cases, for other point groups, are similar. 

The formula for the positions of the difference bands in the infrared and for their 
shifts in the Raman effect is 

v = G(v 1 ', y 2 ', ■ • ■) - G(y 1 ", y 2 ", • • •), (III, 53) 

where now G{v 1 ", y 2 ", •••) 7 * G( 0, 0, 0, • • • ). It is noteworthy that, as a consequence, 
the wave number of a difference band Vk — Vi is exactly the difference of the wave 
numbers of the bands Vk and Vi, even if anharmonicity is taken into account, whereas 
the wave number of the summation band Vk + v % is not exactly the sum of the wave 
numbers of Vk and vi. In other words, the observation of difference bands supplies 
useful combination relations which may serve as checks on the vibrational analysis. 
Conversely, these difference bands may be used to determine, not only approximately 
as from summation bands, but accurately, the wave numbers of fundamental bands 
that cannot be observed directly. For example, from Vk — Vi , if Vk is known, v % 
follows immediately. 

(e) Polarization of Raman lines 

Placzek (700) has shown that the state of polarization of the scattered light can 
be obtained according to quantum mechanics, if in the classical formula (III, 21) 
[sec also (111,17) and (111,20)] the polarizability components a xx , a xy , ••• are 
replaced by the corresponding matrix elements [oL xx y ,v " , [oL X yY v " 7 • • •. If v' = v’\ 
we obtain from (III, 21) the degree of depolarization of the Rayleigh scattering if 
all molecules are in the state y"; if v r ^ y", we obtain the degree of depolarization 
of the Raman line corresponding to the transition y' <-> y". With the help of Table 
55 and the general selection rule that must have the same species as a, we 

can find out which components of [a] u,y,/ are different from zero for a particular 
transition and therefore can obtain some information about the state of polarization 
even without actual calculation of the Za xx 2 v ' v ", [ot x y y' v ", 

In the case of point groups without degenerate vibrations, Table 55 shows that 
a™, and CL ZZ are totally symmetric. Therefore, if yl/v'l't" is totally symmetric 
[a T ] v ' v " = J{[a**] I,/l,,/ + [a 1/ y] v ' v/, + [a 2Z ] ^,/v,, } is different from zero while for 
non-totally symmetric it is zero. Consequently, according to (III, 21), the 
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degree of depolarization p„ (for natural incident light) of totally symmetric Raman lines 
has a value between 0 and f , while for non- to tally symmetric Raman lines , it is f. By 
totally symmetric Raman lines we mean lines for which is totally symmetric. 

Specializing to Raman fundamentals {\p v " totally symmetric), we can therefore say 
that Raman lines corresponding to totally symmetric vibrations are polarized , those 
corresponding to non-totally symmetric vibrations are depolarized . As will be shown 
below, this rule holds also for molecules with degenerate vibrations. It must be 
well understood that for the totally symmetric Raman lines p n may be close to f, 
and therefore observation of p n = f for a certain Raman line does not definitely 
exclude the possibility that it is totally symmetric. However, an observation of 
Pn < t does prove definitely that the Raman line is totally symmetric. 11 


<u 



Fio. 82. Polarization in the Raman spectrum of CHC1 3 after Glockler.* — The spectrum at the 
top was obtained with the analyzer transmitting only light polarized parallel to the xy plane (as- 
suming the z axis to coincide with the exciting beam) ; the spectrum at the bottom was obtained with 
the analyzer transmitting only light polarized perpendicular to the xy plane. 

* The author is greatly indebted to Professor G. Glockler for this spectrogram. 


As in the classical theory, if the incident light is linearly polarized, the maximum 
degree of depolarization according to (III, 22) is pi = J, and the maximum degree of 
reversal for incident circularly polarized light, according to (III, 23), is p c = 6. 

As an example, Fig. 82 gives the Raman spectrum of CHCl* taken through an 
analyzer (a) when only light polarized parallel to the xy plane is transmitted, and 
(b) when only light polarized perpendicular to it is transmitted, assuming that the 
z axis is in the direction of propagation of the incident beam. It is seen that there is 
a noticeable difference of intensity in the two exposures for Av = 366, 668, and 3019 
cm' 1 , whereas for the other Raman lines it is approximately the same. The latter are 
depolarized and correspond to non-totally symmetric vibrations (see Table 86, p. 316). 

As stated previously, for totally symmetric Raman lines a in S^v^V'dr must 
be totally symmetric. In the case of molecules of the cubic point groups (Ty, 
Oh • • •)> this means that a must have cubic symmetry and therefore the polarizability 

11 Even this last statement is not without exception since a strong Coriolis coupling of a non- 
totally symmetric with a totally symmetric vibration (see Chapter IV) may lead to a lowering of 
the degree of depolarization of the non-totally symmetric Raman line below the value f. 
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ellipsoid must be a sphere, that is, a xx = ol vv = a gg while a xy = a xz = a yg = 0 (see 
also Table 55). Consequently the anisotropy in (III, 20) is zero and thus, according 
to (III, 21), for the cubic point groxips , the totally symmetric Raman lines are completely 
polarized (p n = 0 , pi = 0, p c = 0), in agreement with the previous classical considera- 
tions. The same holds, of course, for the Rayleigh scattering. For all other molecules , 
that is, for all non-cubic point groups, the degree of depolarization of the totally sym- 
metric Raman lines is intermediate between 0 and y. 


The above-mentioned conclusion that for moloculos with degenerate vibrations as well as for 
those without degenerate vibrations all but the totally symmetric Itaman lines are completely 
depolarized ( p n = £) is obtained in the following way: For those Raman lines for which has 

a species that occurs only for a xy , a xz , or a yz the previous proof, given for molecules with non- 
degenerate vibrations only, can be applied without chang \ If has a species agreeing with 

one of the species of a xx , ot vy , and a zz , we have to remen i her (see p. 256) that, for axial molecules, 
of the two species of a xx and a yy (Table 55) the totally symmetric one (A\ t 2 + , A\\ A\ g , •••) corre- 
sponds to axx + <*vv whereas the other (E, Ei, A, E\ •••) corresponds to a xx — a yy (and 2 a xy ). 
Therefore, for these non-totally symmetric species, a xx + <*yy = 6 and since also a ts — 0 (cx zz always 
being totally symmetric for axial molecules), it follows that a 1 = J(«« + a yv + a eg ) = 0 ; that is, 
the corresponding Raman lines are depolarized (p» = f). In the case of the cubic point groups, it 
can be shown [see Placzek (700) and Tisza (807) ] that a xx + a yv + ot zz = 0 for E and E 0 respectively. 

Just as in the ease of intensity calculations (see p. 2 f>l), for actual calculations of the degree of 
depolarization one would substitute the expansions (III, 50) into (III, 17), (III, 20), and (III, 21 ). 
Since / xpJypV'dr = 0 if o' ^ v" and since in first approximation (that is, for the fundamentals) only 
one term of the sum on the right-hand side of equation (III, 50) is different from zero, it follows 
immediately that (III, 21) goes over into (III, 26), the classical formula for the degree of depolariza- 


tion of the Raman lines, which depends only on the 



■ • , that is, on the com- 


ponents of the change of polarizability for the normal vibration considered. The above general rule 
about the polarization of Raman lines could be obtained from (III, 26) in a way perhaps more easily 
visualized, but the result would be less general since it would hold only for the fundamentals. Ca- 
bannes and Rousset (191a) have calculated, under certain simplifying assumptions, for CC> 2 t CS 2 , 

CO 3 — , and Celle the quantities , • • • , and from them the degree of depolarization. In all cases 

% 


tho calculated values are rather larger than the observed. More recently similar calculations have 
been carried out for some halomcthanes by Wolkenstein (949a) and for the dichlorobcnzcncs by 
Nordheim and Sponcr (673b). 


3. Individual Molecules 

The vibration spectra of a large number of polyatomic molecules have been 
investigated, both in the infrared and in the Raman effect. In this section we shall 
illustrate the theory, as developed in the two preceding sections, by a discussion of 
the vibration spectra of a number of molecules, containing up to twelve atoms, for 
which adequate data are available. All the more important molecules of this type 
have been included and, as far as possible, the data have been brought up to date; 
also, an attempt has been made to clear up, or at least point out, the numerous 
inconsistencies that exist in the literature. The tables of observed bands give the 
wave numbers which, in the opinion of the author, are most reliable. For the mole- 
cules not considered in detail, at least references to the original papers are given. A 
somewhat similar discussion of individual molecules has been given by Wu (26) 
[sec also the tables by Sponcr (22) and the collections of Raman data by Kohlrausch 
(14) and Ilibben (10)]. 

The numbering of the fundamentals has been uniformly chosen in accordance with 
the practice followed in Chapter II. The vibrations are grouped according to their 
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species, which are taken in the order given in Tables 12-30. The largest totally 
symmetric frequency is called vi f the second largest i% and so on. If there are / 
such vibrations, the largest frequency of the next species is called v/+i, and so forth. 
Only one exception to this rule is made: in the case of linear XY 2 and XYZ molecules 
the perpendicular vibration is always called v<l in agreement with a long-established 
custom. In order to differentiate vibrations of different species the species symbol 
is usually added in parentheses, for example vs(a y ) f vs(bi u ), • • •, small letters being 
used for fundamentals, capital letters for overtone and combination bands. The 
degeneracy of the upper state is also immediately given by the symbol since e, E , ir, 
II stand for doubly degenerate, / and F for triply degenerate species. 12 For reasons 
given previously it did not appear advisable to use different symbols ( v , 5, r as used 
by many authors) to distinguish stretching, bending and twisting vibrations. If it 
is desirable to indicate this character and at the same time to indicate in which group 
the vibration occurs a superscript is added to the symbol thus: v% GC (a 0 ) is a C — G 
stretching vibration of species A a ) vil li (b 3u ) is a CH 2 deformation (bending) vibration 
of species 2? 3m ; and so on. In the tables given in this chapter the wave numbers of 
fundamentals are printed in heavy type in order to distinguish them clearly from 
other bands. 

Original measurements in the infrared carried out before 1939 have neglected the 
vacuum correction of the wave numbers [jsee Dennison (280)]. Even though this 
correction is small (0.82 cm -1 at 3000 cm" 1 ), an exact fit of combination differences 
and an exact agreement with Raman data cannot be expected without introducing it. 
Therefore this correction has been applied in all the following tables wherever it 
changes the last significant figure given. Unfortunately, in some papers even after 
1939 it is not clearly stated whether ^vacuum or v aiT is given. 

In some cases, in the following discussions, we shall have to anticipate the results 
of the investigation of the fine structure of the infrared bands (see Chapter 1Y) in 
so far as they tell us the direction of the change of dipole moment. 

(a) Triatomic molecules 

Carbon dioxide, C0 2 . One of the most frequently and most thoroughly studied molecules is 
the carbon dioxide molecule. Fig. 83 gives the more important sections of the observed infrared 
absorption spectrum under small resolution. Two extremely strong absorption bands at 667.3 and 
2349.3 cm” 1 stand out. In the Raman spectrum, under low resolution, only one strong band at 1340 
cm” 1 is found. This and the two strong infrared bands must be considered as fundamentals. Since 
any triatomic molecule has only three fundamentals, the above are the fundamentals of C0 2 . As no 
one of these occurs both in the Raman and in the infrared spectrum, it follows from the rule of 
mutual exclusion (see p. 256) that the molecule must havo a center oi symmetry. For triatomic 
molecules, this implies that the molecule is linear and symmetric. 

It should be emphasized that conclusions of this type should bo drawn with caution. Even in 
a completely unsymmetric molecule, the various fundamentals do not all havo the same intensity 
and certain fundamentals may not havo been observed in the infrared or in the Raman effect simply 

12 A number of authors indicate the degeneracy by a superscript 2 or 3 in front of v, 6, r used 
for designating the vibrations: 2 v, 3 y, 2 5, 8 5, •••• Since for the electronic states of both molecules 
and atoms such superscripts are generally used to indicate spin multiplicity, this practice has not 
been adopted here. Many authors have used ir (from parallel) and <r (from the German senkrecht 
meaning perpendicular) in 5*, 5<r, ... to indicate whether or not a vibration is symmetric 

with respect to an axis of symmetry. The use of the complete species symbols makes this superfluous. 
For this reason and also since tho use of ir and cr does not seem to lend itself to a consistent scheme 
applicable to all molecules, it has not been adopted in this book. The ir and <r just mentioned have 
of cours* nothing to do with the species symbols 7 r and cr used for linear molecules. 
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because they are too weak, and not because they are forbidden on account of a certain symmetry 
property of the molecule. In the present case, however, the above conclusion has been confirmed 
in many different ways, such as the lack of a permanent dipole moment, the rotational Raman 
spectrum (see p. 21), the fine structure of the infrared bands (see p. 384), and the activity of the 
overtone and combination bands. 

A closer inspection of the spectrum in Fig. 83 shows (see Chapter IV, section 1) that the band at 
6G7.3 is a perpendicular band (species II u of the dipole moment, M z — 0, strong central maximum). 



Fia. 83. Parts of the observed infrared absorption spectrum of C0 2 under low dispersion 
[according to Martin and Barker (G02) and Barker and Wu (113)]. — The equivalent absorbing paths 
at atmospheric pressure in (a), (b), and (c) are 0.23, 0.10 and 560 cm. respectively. 


whereas the band at 2349.3 cm -1 is a parallel band (species 2„ + of the dipole moment, central mini- 
mum). This identifies the low frequency as v 2 , the high frequency as vz (see Fig. 25b). Investiga- 
tions with higher dispersion show also that the intense Raman “line” at 1340 cm -1 (which should bo 
v\) really consists of two lines at 1285.5 and 13S8.3 cm” 1 with an intensity ratio 1 : 0.59 [sec Hanson 
(409) and Langseth and Nielsen (556) ]. This observation is less easily explained, since one would 
expect just one Raman line corresponding to vi. However, the average of the two observed Raman 
lines agrees very closely with double the low frequency v*. If 2v 2 is very close to vi, a Fermi resonance 
is to be expected (sec p. 217), which will lead to the occurrence of two almost equally intense Raman 
lines instead of one, as is observed. Then, however, wo cannot say that one Raman line is v\ the other 
2 1 / 2 °, but both are mixtures of vi and 2y 2 °. We write 2v 2 °, since only the one component with l = 0 of 
the state 2v 2 takes part in the resonance. The other component 2v 2 2 (l = 2, species Ay) would also bo 
allowed in the Raman effect according to the rigorous selection rules (Table 55), but as an overtone 
it is much weaker than a fundamental and is not observed. 2v 2 ° appears strongly only because of 
resonance with a fundamental. The degree of depolarization of the two strong Raman lines is small 
[p ^ 0.18 and 0.14, respectively, according to Langseth and Nielsen (556)] in agreement with the 
assumption that both upper states are totally symmetric (2p + ), whereas the lino 2v£, if it occurred, 
would bo completely depolarized. 

The above interpretation of the strongest Raman lines and infrared bands is confirmed in every 
way by an investigation of the overtone and combination bands, partly represented in Fig. 83b, 
[Adel and Dennison (37), Dennison (280)]. In Table 50 wo give all the observed infrared and 
Raman bands together with their interpretation [mostly according to Adel and Dennison (37) ]. It 
should be noted particularly that no overtones 2vz and Avz (which would lie approximately at twice 
and four times the frequency 2349.3) have been observed in the infrared, although 3v3 and 5vs are 
observed, in agreement with the rigorous selection rules, the states 2v 3 , 4v 3 having species 2 0 + while 
3*j and 5v 3 have 2 U + . Similarly, no overtones 2v 2 , 4y 2 occur in the infrared, but the combination 
bands 2v% + vs, 2v 2 — v 2 and others do. 
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Table 56. INFRARED AND RAMAN BANDS OF GASEOUS C0 2 . 


v vjiouum* 

observed 

(cm -1 ) 


667.3 
1285 . 5 16 

1388 . 3 16 

1932.5 

2076.5 

2284.5 

2349 . 3 17 
3609 
3716 

4860.5 

4983.5 
5109 
6077 
6231 
6351 
6510 
6976 
8193 
8293 

11496.5 18 

12672.4 18 

12774.7 18 

618.1 

668.3 

720.5 
1264.8 16 
1409. 0 16 
1886 
2094 
2137 

596.8 

647.6 

740.8 

790.8 

960.8 

1063.6 
1242 16 

1305. 1 19 
1325.0 

1344. 1 19 
1369.4 19 
1430 lfl 
1528 


Bund type 13 


I. J_ v.s. 

R. j)ol. v.s. 
R. ]M)1. v.s. 
1. ± m. 

I. _L m. 

I. || C 13 <) 2 ,fl 

I. II V.S. 

I. II s. 

I. II 8. 

T. || m. 

I. || in. 

I. || m. 

I. jj w. 

I. || w. 

1. 1| w. 

I. || w. 

I. || w. 

P.I. II v.w. 
P.I. II v.w. 
P.I. jj v.w. 
P.I. II v.w. 
P.I. II v.w. 
I. J_ m. 

I. _L 
I. _L m. 

R. m. 

R. m. 

I. J_ w. 

I. JL m. 

I. X m. 

1. X w. 

I. X w. 

I. _L w. 

I. X v.w. 
I. II w. 

I. II w. 

R. w. 

R. v.w. 

R. v.w. 

II. v.w. 

R. v.w. 

R. w. 

11. w. 


| Uppei state 11 

Low(*r state 11 

V , 






calculated 15 

References 

Vi rJ i’a 

Species 

1»1 V 2 7 

Species 

(cm -1 ) 


0 l l 0 

II* 

0 0° 0 

V + 

"1 / 

667.3* 

(602) 


0 2° 0 

2/ 

0 0° 0 

V + 

1285.8 

(287) (555) 

1 

1 0° 0 

2/ 

0 0° 0 

V + 

1388.1 

(287) (555) 


0 3 1 0 

Hu 

0 0° 0 

v + 

1931.9* 

(602) 

1 

l 1 0 

TI« 

0 0° 0 

V + 

2077.1* 

(602) 


0 0° 1 

v + 

0 0° 0 

V + 

*•0 

(see p. 230) 

(053) 

0 0° 1 

V + 

0 0° 0 

V f 
w f / 

2349.4* 

(602) (192) 


fo 2° 1 

V + 

0 0° 0 

V + 

3613.2 

(103) 

1 

,1 0° 1 

x’ h 
u 

0 0° 0 

V H 

"f/ 

3715.6 

(103) 


0 4“ 1 

y H 

0 0° 0 

V \- 

4852.8 

(113) (34a) 


1 2° 1 

V + 

0 0° 0 


4981.4* 

(113) (34a) 


2 0° 1 

v 4- 

^ u 

0 0° 0 

V + 

5104.3 

(113) 


0 6° 1 

V + 

0 0° 0 

V + 

^(1 

6074.5 

(113) 


14'1 

V + 

0 0° 0 

V + 

6231.4 

(113) 


2 2° 1 

V + 

0 0° 0 

V + 

^11 

6354.4 

(113) 


3 0° 1 

V + 

0 0° 0 

V + 

"1 / 

6518 9 

(113) 

0 0° 3 


0 0° 0 

V 

6973.1 

(113) 


fo 2° 3 

V + 

0 0° 0 

X- + 

^0 

8192.9 

(444) 


|1 0° 3 

v + 

0 0“ 0 

X* + 

8295.5 

(144) 


0 0° 5 

V + 

0 0° 0 

V + 

“-0 

11496.5* 

(30) (37) 


fO 2° 5 

V + 

0 0° 0 

X* + 

^11 

12672.4* 

(30) (37) 


|1 0° 5 

V ( + 

0 0° 0 

X* f 

12774.7* 

(30) (37) 


0 2° 0 

2/ 

0 l 1 0 

Hu 

618.5 

(602) 

0 2 2 0 

\ 

0 l l 0 

Hu 

668.1* 

(602) 

1 0° 0 

V + 

0 l 1 0 

H« 

720.8* 

(602) (34) 


fo 3 l 0 

11 M 

0H0 

Hu 

1264.0 

(287) (555) 


\l l l 0 

II* 

0 l 1 0 

Hu 

1409.8 

(287) (555) 


0 4° 0 

V + 

0 1 l 0 

Hu 

1880.1 

(113) 

1 2 2 0 

Afl 

0 l 1 0 

11 M 

2094.9 

(113) 

2 0° 0 

2/ 

0 l l 0 

Il« 

2131.5 

(113) 

0 3 l 0 

II* 

0 2 2 0 

A„ 

596.5 

(602) 

o :i l o 

II. 

0 2° 0 

x* 4 

w i / 

646.1 

(602) 

1 l 1 0 

Hu 

0 2 2 0 

Af ; 

741.7 

(602) 

1 l 1 0 

Hu 

0 2° 0 

v + 

791.3 

(602) 

0 0 1 

v + 

+4 (| 

fl 0° 0 

2/ 

961.3 

(108) (34) 

0 0 1 

V + 

14 

\0 2° 0 

X' \ 

1063.6* 

(108) (34) 

0 4 s 0 

A tf 

0 2 2 0 

A., 

1248.0 

(555) (409) 

0 4'0 

A, 

0 2° 0 

2* / r 

1297.0 

(555) 

? 


? 


?20 

(555) 

1 2° 0 

V + 

— '(/ 

0 2 2 0 

A f/ 

1340.4 

(555) 

1 2 2 0 

A„ 

1 0° 0 

x* H 
~u 

1374.1 

(555) 

1 2 2 0 

A„ 

0 2 2 0 

A a 

1426.8 

(555) (409) 

2 0° 0 

V h 

0 2° 0 

v h 

1513.0 

(555) (409) 


hi. — infrarod band, R. = Raman line, P.I. = photographic infrared band, pol. — polarized, 
|| » parallel band (spocics S„+), X = perpendicular band (n„), v.s. = very strong s. = strong, 
m. = medium, w. = weak, v.w. = very woak. Tho intensity estimates for infrared bands are only 

valid for bands in tho same region. 

14 Levels connected by braces are in Fermi resonance (see text). 

18 An asterisk indicates the bands that have been used to sot up tho formula by moans of which 
the others have been calculated. Slight differences between those starred calculated values and the 
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In Fig. 84 a diagram of all the observed vibrational energy levels of the CO 2 moleeule is given. 
The observed transitions are also indicated. The resonance between v\ and 2*/o is of course repeated 
for many of the higher levels (see p. 217). Levels that are in resonance are connected by braces in 
Table 50 and by medium weight solid lines or small arcs in Fig. 84. The quantum numbers given 
for each level are those of the unperturbed level that preponderates, at least somewhat, in the mixturo 
that the actual level represents. 

It is noteworthy that the 02 2 0 sublevel of 2y 2 which does not resonate with v\ has been ob- 
served in some difference bands and does indeed occur very nearly half-way between the resonating 
levels 2 j/ 2 ° and v\. 



Fio. 84. Vibrational energy level diagram of the CO 2 molecule. — Heavy horizontal lines 
represent observed energy levels, broken horizontal lines represent calculated energy levels. Infra- 
red transitions are indicated by light solid lines, Raman transitions by broken lines. Resonating 
levels are connected by medium weight solid lines or small arcs. 

observed values are due to changes of the observed values made after the calculation of the constants 
by Dennison. 

16 Average of the measurements given in the two references quoted in the last column. 

17 Recalculated by the author. 

18 These are the Venus bands found by Adams and Dunham (30) and interpreted by Adel and 
Dennison (37). 

19 Adel and Dennison (37) and Adel (31) considered these lines as spurious. They seemed to 
believe that a A g — S (7 + transition cannot occur in the Raman effect. It is, however, allowed accord- 
ing to the rigorous rules (see Table 55). 

20 This is an extremely weak Raman line. 
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It can bo soon immediately from Fig. 84 that, if the interpretation of the observed bands is 
correct, there should bo a number of accurately fulfilled combination relations . For example: 

KOl’O 00°0) + K02°0 OFO) = j>(02°0 00°0) ; 

j/(01H) 00°0) +K10°0^01 1 0) = j/(10°0^-00°0); 

p(02°0 00°0) + y(00°l 02°0) = y(00°l «-00°0); 
y(10°0 -*-00°0) + y(00°l 10°0) = y(00°l ■*— 00°0). 

The observed figures for the left sides are 1285.4, 1388.0, 2349.1, and 2349.1 as compared to 1285.5, 
1388.3, 2349.3, and 2349.3 for the right sides. This perfect agreement must be considered a strong 
proof for the correctness of the interpretation of the C0 2 spectrum and in particular of the two 
Human lines by Fermi resonance. Other combination relations can easily be read from Fig. 84. 

As liar been mentioned previously (p. 218), the non-resonating levels of CO 2 can be represented 
by a formula of the type (II, 287), while for the representation of the resonating levels one further 
constant W ioo ; o 2 °o [which depends on the potential constant 0 : 122 ; see equation (II, 296)] is necessary. 
Dennison (280) has obtained the following values 21 for the to;, j •»*, and ui 2 in (II, 287) and IF 100 , 02 %: 

coi = 1351.2, co 2 = 672.2, co 3 = 2390.4 cm' 1 , 

x n = - 0.3, #22 = - 1.3, 3-33 = - 12.5, x i2 = 5.7, x lz = - 21.9, (III, 54) 

2*23 — — 11.0, 022 — 1.7, IF 100 ; 02^0 — 50.4 cm' 1 . 

If, on the basis of these values for the vibrational constants, the vibrational energy levels arc calcu- 
lated according to (II, 287) and (II, 291), and from them the wave numbers of the bands, the data 
given in the seventh column of Table 56 are obtained, where an asterisk is added to those values that 
have been used in calculating the constants. The agreement of the calculated positions with the 
observed for the bands not used for the determination of the constants is very satisfactory. In 
fact, the CO 2 molecule seems to be the only case in which such a complete set of data and such a very 
satisfactory agreement has been obtained. From the above constants Adel and Dennison (37) and 
Dennison (280) have calculated the anharmonic potential constants, that is, the coefficients of the 
cubic and quartic terms in the expression for the potential energy [see also Redlich (727)]. 

Carbon disulfide, CS 2 . Because of its similarity to OO 2 and because of its zero dipole moment, 
one would expect CS 2 also to be a linear symmetrical molecule. While this conclusion is definitely 
confirmed by the rotational structure of the infrared band 2183.9 cm -1 [Sanderson (761) J and of 
the electronic bands [Liebermann (578)], it would not follow unambiguously from the pure vibra- 
tional spectrum. But the latter can be well understood on the basis of the assumption that the 
molecule is linear and symmetrical. Table 57 gives the observed spectrum. The two by far strongest 
infrared bands are 396.7 and 1523 cm' 1 , and they have therefore to be interpreted as the two active 
fundamentals v 2 and v z (the incompletely resolved structure shows definitely that the former is a X , 
the latter a || band). The strongest Hainan line (of liquid CS 2 ) corresponds to 656.5 cm -1 , and in 
all probability this is the third fundamental v\. The other observed infrared and Raman bands can 
easily be interpreted as combinations of these fundamentals (see Table 57). However, the infrared 
spectrum has not been observed as yet to sufficiently short wave lengths, and with sufficiently 
thick layers, to be quito sure that 2v 3 , 4r 3 , v z + p 2 , • • • are really absent as they should be if the 
molecule is linear and symmetrical. Furthermore, the frequency v 2 — 396.7 has been observed 
[Venkateswaran (895), Wood and Collins (953)] in the Raman spectrum of liquid OS 2 , although 
very weakly compared to the other Raman lines, whereas if the molecule were linear and symmetrical, 
it would be strictly forbidden. The selection rule forbidding it holds rigorously, however, only for 
the free undisturbed molecule and may be somewhat less rigorous in the liquid when the molecule 
is acted upon strongly by other neighboring molecules. While this explanation is very probably 
correct, it must be admitted that the Raman spectrum of gaseous OS 2 has not yet been investigated 
with sufficiently long exposure time to be sure that v 2 is really absent. On the other hand, the ob- 
servation of only two active fundamentals in tho infrared would be difficult to explain except by 
assuming the linear symmetric model. 

The fact that in addition to vi three further weak Raman lines (apart from v 2 ) occur is due to 
two reasons similar to those responsible for the weak Raman lines of CO 2 . First, a Fermi resonance : 

21 The constant 5 that is also necessary for obtaining the energies of the resonating levels is given 
by (7(1, 0°, 0) — (7(0, 2°, 0) — 16.7 cm" 1 (see p. 218). TFioo ; o 2 °o is Dennison’s b/^2. 
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the Raman lino 790.0 is very nearly 2v 2 \ however, such an overtone would he expected to be very 
weak if it were not strengthened considerably by a resonance with v\. The resonance is much poorer 
here than in the case of C0 2 , and therefore the two lines 050 and 790 have rather different intensities. 
Second, the lowest frequency v 2 of CS 2 is so small that at room temperature a considerable fraction 


Table 57. infhaukd and Raman bands of OS 2 . 


22 

^vacuum 

observed 

(cm -1 ) 

Band type 13 

Upper state 

Lower state 

References 

i'i v 2 l 

Species 

i’l V 2 l I>3 

Species 

396.7 (gas) 

I. (+R.) 23 _Ls. 

0 l 1 0 

U u 

0 0° 0 

V + 

\ 

(285) 

656.5 (liquid) 21 

R. pol. s. 

1 0° 0 

v -4 

0 0° 0 

V + i 

^0 

(558) 

796.0 (liquid) 21 

R. pol. w. 

0 2° 0 

•V' + 

-'</ 

0 0° 0 

v + 

(558) 

1523 (gas) 

I. II s. 

0 0° 1 

V + 

u 

0 0° 0 

v + 

^0 

(80) 

2183.9 (gas) 

I. II w. 

1 0° 1 

V + 

0 0° 0 

v + 

(761) 

2329 (gas) 

I. ? v.w. 

0 2° 1 

V + 

0 0° 0 

V + 

(80) 

648.3 (liquid) 

R. w. 

1 l'O 

II « 

0 l 1 0 

II« 

(558) 

804.9 (liquid) 

R. v.w. 

0 M l 0 

llu 

0 l 1 0 

II„ 

(558) 

878 (gas) 

I. ? v.w. 

0 0° 1 

V f + 

1 0° 0 

V + 

"a 

(80) 


of the molecules is in the 0U0 II„ state and therefore the 1-1 transitions corresponding to the two main 
Raman lines have appreciable intensity: they are the lines 048.3 and 804.9 cm h In agreement 
with this interpretation they disappear, at low temperatures, in solid CS 2 [Sirkar (794)]. Two 
further very weak and doubtful Raman lines (not given in 1 able 57) have been interpreted by Oiulotto 
and Caldirola (303) as due to the isotopic molecule CS 32 S 31 . 

Nitrous oxide, N a O. The molecule N 2 0 has the same number of electrons as C0 2 and one might 
therefore also expect a linear symmetrical structure. However, the vibration and the vibration- 
rotation spectrum show unambiguously that the molecule, although linear , is not symmetrical , but 
has the form N — N — O. The three strongest infrared bands are at 588.8, 1285.0, and 2223.5 cm” 1 , 
increasing in intensity in this order [Plyler and Barker (703) ]. Because of this intensity relation, 
and because of the numerical values, none of these bands can be interpreted as an overtone or com- 
bination band. Thus there are three infrared-active fundamentals. This fact alone proves that 
N 2 0 cannot have a center of symmetry. This is confirmed by the Raman spectrum which (apart 
from several weak lines) consists of two strong lines with displacements of 128G.5 and 2223.2 cm -1 
[Langseth and Nielsen (554) ], thus agreeing with two of the infrared fundamentals, whereas if N 2 0 
had a center of symmetry only one fundamental should appear in the Raman spectrum and this 
fundamental should not appear in the infrared. For linear unsymmetric N 2 0 (point group C ro v ), 
all three fundamentals are Raman (and infrared) active. The absence in the Raman spectrum of 
the third low fundamental, which as shown by the structure of the infrared band is the perpendicular 
vibration v 2 , is no contradiction to the assumed model, since quite generally the non-totally sym- 
metric fundamentals are weak in the Raman spectrum compared to the totally symmetric funda- 
mentals (sec p. 399). The linearity of the molecule is proved unambiguously by the fine structure 
of the infrared bands. In this connection it is particularly significant that the band 2v 2 is a || band 
whereas v 2 is a _L band, as it should be for a linear molecule. 

The interpretation of the other weaker observed infrared and Raman bands is given in Table 58. 
The two Raman bands 2 f 2 ° at 1167.0 and 2 f 2 2 at 1185 cm -1 are quite weak compared to the two main 
Raman bands; yet they seem to be rather too strong for overtones. In the case of the former band, 
Fermi resonance with vi at 1285.0 cm -1 is very probably the reason. This is confirmed by the 


13 On p. 274. 

22 More recently Oiulotto and Caldirola (303) have given Raman frequencies that are all ap- 
proximately 2.2 cm -1 smaller than Langseth, S0rensen, and Nielsen’s values given in the table. 

23 See text. 

21 Also observed in gaseous CS 2 (though with less accuracy) by Imanishi (460). Liebermaim 
(578), from the ultraviolet spectrum of the gas, obtained 2v 2 = 801.89 cm -1 . 
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anomalously large intensity of 2v 2 ° in the infrared, where it has as much as half the intensity of the 
fundamental, whereas 3 f 2 for which no resonance occurs is not even observed, although other bands 
with Tr&tf the intensity of ‘2v 2 ° have been found in the particular spectral region. 


Table 58. infrared and Raman hands of gaseous N 2 0, after Plyler and 
Barker (703) and Langseth and Nielsen (554). 


Fvacuuini 25 

observed 

(cm -1 ) 

Band type 13 

Upper state 

Lower state 

^vacuum* 

calculated 

(cm -1 ) 

i’l V 2 l J\3 

Species 

<>1 V 2 l Vi 

Species 

588.8 

1. _L s. 

0 l 1 0 

II 

0 0° 0 

v + 

588.8* 

1167.0 

I. || m. R. v.w. 

0 2° 0 

v + 

0 0° 0 

v + 

1167.0* 

1185 

R. v.w. 

0 2 2 0? 

A? 26 

0 0° 0 

v-*- 

1179.1 

1285.0 

I. || v.s., R. v.s. 

10 0 

v + 

0 0° 0 

2+ 

1285.0* 

1867.5 

I. JL w. 

1 1 1 0 

II 

0 0° 0 

2+ 

1878.5 27 

2223.5 

I. II V.S., li. s. 

0 0 1 

v + 

0 0° 0 

v-f 

2223 5* 

2461.5 

I. II m. 

1 2° 0 


0 0° 0 

2+ 

2461.5* 

2563.5 

I. || m. 

2 0 0 

v *' 

0 0° 0 

2 + 

2563.5* 

2798.3 

I. _L w. 

0 l 1 X 

11 

0 0° 0 

v + 

2799.8 

3365.6 

I. II w. 

0 2° 1 

v + 

0 0° 0 

V H 

3365.6* 

3481.2 

1. || m. 

1 0° 1 

v + 

0 0° 0 

■v '• 

3482.3 

4419.5 

I. || w. 

0 0" 2 

v + 

0 0° 0 

2 b 

4419.5* 

4734.7 

I. || w. 

2 0° 1 

v+ 

0 0° 0 

2 f 

4734.7* 

579.3 

I. _L m. 

0 2° 0 

V h 

0 l l 0 

II 

578.2 

590.3 

I. _L m. 

0 2 2 0 

A 

0 l 1 0 

11 

590.3* 

1282 

R. v.w. 

1 X 1 0 

11 

Ol'O 

II 

1289.7 

1828 

I. JL v.w. 

(1 2° 0 

V + 

0 l l 0 

11 

1872.7) 28 

1844 

1. _L v.w. 

(1 2 2 0 

A 

0 I‘ 0 

II 

1884.8) 28 

2210 

R. v.w. 

0 1*0 

11 

0 l 1 0 

11 

2211.0 

2776 

I. _L v.w. 

0 2° 1 

V »- 

Ol'O 

11 

2776.8 

2785 

I. _L v.w. 

0 2 2 X 

A 

Ol'O 

II 

2788.9 


From the positions of the observed bands, neglecting resonance terms, the constants in the 
formula (II, 284) for the vibrational energy levels are found to be (in cm" 1 ): 

an 0 = 1288.2s, co 2° = 588.0s, co 3 ° = 2237.2 5 ; 

x\\ = — 3.2s, 3*22 = — 2.28, 3*33 = 13.7s; (III, 55) 

Xl 2 — 4" 4.7s, 3*23 == 12.4s, 3^13 — 20.1s, (722 4* 3.0 3 . 

The calculated values for the positions of the Raman and infrared bands on the basis of these con- 
stants are given in the last column of Table 58. The wave numbers of bands that have been used 
in evaluating the constants are indicated by asterisks. The agreement for some of the other bands 
is not as good as for C0 2 , which is to be expected because of the neglect of the influence of resonance. 
From the above co»° and xu the zero-order frequencies ia are found, according to (II, 285), to bo 

coi = 1299.83 cm -1 , C02 = 596.4e cm -1 , 0)3 = 2276. 5 3 cm -1 . (111,56) 

These values might have to be changed slightly if resonance is taken into account. 


13 On p. 274. 

26 For bands occurring both in the infrared and Raman spectrum, the wave number found in 
the infrared (converted to vacuum) is given, since it is the more accurate one. 

26 The interpretation of this Raman lino is doubtful. 

27 That Wu (20) obtains a much better agreement for this band from his formula is due to an 
error in sign for his jr 12. His values are also still based on 1 /Xair rather than on ^vacuum* 

28 This interpretation given by Plyler and Barker is almost certainly wrong, since the transition 

12°0 01 l 0 should bo exactly the difference of the observed bands 2461.5 and 588.8 independent of 

any representation by a formula. 
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Hydrogen cyanide, HCN. It would be difficult to derive definite conclusions about the structure 
of the IION molecule from the vibration spectrum alone. But the fine structure of the infrared 
bands shows very clearly that HCN is linear (see Chapter IV, section lb). The wave numbers of 
the observed infrared and Raman bands are given in Table 59. The interpretation given assumes 


Table 59. infrared and raman rands of HCN vapor. 


^vacuum* 

observed 

(cm -1 ) 

Band type 13 

Upper state 

Lower state 

v , 

calculated 

(cm -1 ) 

References 

Vi P 2 1 Vz 

Species 

Vl V-2 l Vz 

Species 

712.1 

I. _L v.s. 

0 l 1 0 

TI 

0 0° 0 

2+ 

712.1* 

(210) (125) 

1412.0 

I. || 8. 

0 2° 0 

v + 

0 0° 0 

2 

1412.0* 

(210) 

2002 (liquid) 

R. v.w. HC 13 N 

10 0 

V f 

0 0° 0 

2 '* 


(252) (432) 

2089.0 

R. v.s. 

1 0° 0 

v f- 

0 0° 0 

2+ 

2092.4 

(492) 

2110.7 

I. JL m. 

0 3 1 0 

11 

0 0° 0 

2 ** 

2112.7 

(104) 

2800.3 

1. JL s. 

1 l 1 0 

2+ 

0 0° 0 

2 ** 

2800.3* 

(210) 

3312.0 

I. II a.. 

II. (liquid) 20 in. 

0 0° 1 

2 + 

0 0° 0 

2+ 

3313.8 

(35) (13) 

4004.5 

I. JL m. 

0 l 1 1 

II 

0 0° 0 

V + 

4000.4 

(35) 

4992.5 

I. ± w. 

2 l l 0 

TI 

0 0° 0 

2+ 

4992.5* 

(35) 

5394 30 

I.||m. 

1 0° 1 

V f 

0 0° 0 

2 + 

5391.8 

(35) 

6521.7 

I.||m. 

0 0° 2 

V + 

0 0° 0 

2 + 

0521.4 

(35) 

8585.6 

P.I. || w. 

1 0° 2 


0 0° 0 

2 + 

8585.0 

(442) 

9027.1 

P.I. || m. 

0 0° 3 

2 1- 

0 0° 0 

2 + 

9027.1* 

(442) (579) 

11074.4 

P.I. || w. 

1 0° 3 

v + 

0 0° 0 

2 f 

11076.3 

(71) (579) 

12635.9 

P.I. || w. 

0 0° 4 

s + 

0 0° 0 

2 + 

12035.9* 

(71) (579) 

14070.7 

P.I. II v.w. 

1 0° 4 

2+ 

0 0° 0 

2+ 

14070.7* 

(579) 

15552.0 

P.I. II v.w. 

0 0° 5 

V f* 

0 0° 0 

2+ 

15552.0* 

(579) 

700 

I. ±s. 

0 2° 0 

v + 

0 l l 0 

11 

099.9 

(210) 

(7 12) 31 

I. X 

0 2 2 0 

A 

0 l l 0 

II 

712.9 

(210) 

2087.1 

I. X w. 

0 4° 0 

2 + 

0 l 1 0 

II 

2089.1 

(104) (35) 

2102.1 

I. X m. 

0 4 2 0 

A 

0 l l 0 

II 

2102.1* 

(104) (35) 

9508.5 

P.I. || w. 

0 l 1 3 

II 

Ol'O 

11 

9508.5* 

(579) 

11013.5 

P.I. II v.w. 

1 l 1 3 

II 

0 l 1 0 

II 

11013.5* 

(579) 

12557.5 

P.I. II v.w. 

0 l 1 4 

II 

0 1> 0 

II 

12557.8 

(579) 


for vi, V 2 , vz the vibrations given in Fig. 61a. v\ is essentially the oscillation of the OII group against 
the N atom; vz is essentially a C — II vibration, but there is no difference in symmetry type between v\ 
and vz. Although all three fundamentals are allowed both in the infrared and Raman spectra, v\ has 
not been recorded in the infrared, obviously because the change of dipole moment connected with 
it is very small, the vibration being similar to that in N 2 and the Oil distance remaining practically 
unchanged. On the other hand, v% has not been observed in the Raman effect, in agreement with 
the rule that non-totally symmetric vibrations are weak in the Raman spectrum. 32 

In obtaining a formula for the vibrational levels it proves necessary [see Lindholm (579) ], since 
such high overtones of vz are observed, to introduce a cubic term 2 / 333 * ^ 3 3 in equation (II, 287). The 


13 On page 274. 

29 The Raman line of the liquid occurs at 3213 cm -1 ; that is, there is a considerable shift between 
Pz (gas) and vz (liquid) [see Chapter V, section 2]. 

30 Overlapped by II 2 O absorption. 

31 This band is not really observed but only guessed, since it coincides with the band 

32 If HCN were not linear the low-frequency fundamental would also bo totally symmetrical 
and would therefore occur strongly in the Raman spectrum. 
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constants arc then, again neglecting resonance effects (in cm *): 

co l° = 2041.2, co 2 ° = 71 1.7o, m° = 3368.6; 

xyy = -f- 52.0, X 22 = — 2 . 85 , 3*33 ~ — 55.48, 2/333 — d- 0.768; (III, 57) 

X \2 = — 4.2, a;i 3 = — 14.4o, a*23 = — 19.53, 022 — 4~ 3.2b. 

From those, the following values (in cm -1 ) for the frequencies for infinitesimal amplitudes (zero-order 
frequencies) are obtained: 

coi = 2000.G, w 2 = 729.3, co 3 = 3451.5. (Ill, 58) 

The weak Raman line, first observed by Dadieu (252) at 20G2 cm -1 and accompanying the strong 
line at 2094 cm -1 , 33 has been interpreted by Dadieu as belonging to the isomeric form IINC, whoso 
existence in ordinary IION he believed thus proven. However, according to Ilerzberg (432), this 
Raman line must be explained as due to the isotopic molecule HC 13 N, which is certainly there, whose 
frequency vy would be expected to be about 33 cm -1 smaller than that of HC 12 N and whose concen- 
tration in ordinary HON is just about the same as that derived by Dadieu for IINC. More recently 
McCrosky, Bergstrom, and Waitkins (G07a) have obtained chemical evidence that there is no HNC 
in pure hydrogen cyanide. 

The Raman and infrared spectra of “heavy” hydrocyanic acid, DCN, have also been observed 
[Dadieu and Kopper ( 2 G 0 ), Bartunek and Barker (125)], although up to now only the fundamentals 
are known. They are (corrected for vacuum), in cm -1 , 

vy » 1906, 33 V 2 = 5G8.9, vz = 2629.3. 

The latter two agree very well with the values obtained theoretically by using the same potential con- 
stants for DCN as for 1ICN, even though anharmonicity is neglected [see Bartunek and Barker (125) ]. 

Water, H 2 O. The observation of a strong far infrared rotation spectrum and the structure of 
this spectrum (see Chapter I), as well as that of the rotation- vibration spectrum (see Chapter IV), 
lead unambiguously to the conclusion that H 2 C is not a linear molecule. This conclusion is also in 
agreement wilh the structure of the vibration spectrum. The Raman spectrum of water vapor 
shows one strong line at 3654.5 cm -1 [Johnston and Walker (475), Rank, Larsen, and Bordner 
(716), Bender (135)] which is obviously the frequency of the symmetrical vibration vy (Fig. 25a), 
since Raman lines of non-symmetrical vibrations are expected to be weak. 8 inee 3654.5 is very 
similar to the vibration frequency (A<7j = 3568.4) of the OH radical it cannot correspond to the 
second symmetrical vibration V 2 which represents essentially a bending of the Oil bond. The 
observation of further Raman shifts of water vapor is doubtful. 

The infrared spectrum [Plyler and Sleator (704), Plyler (702)] gives two very strong bands at 
1595.0 and 3755.8 cm -1 which are very probably the fundamentals V 2 and vz respectively (see Fig. 
25a). The fundamental vy has only recently 31 been disentangled from the much stronger over- 
lapping vz by Nielsen (667). In agreement with the selection rules for non-linear XY 2 (but not for 
linear XY 2 ) the first overtone 2 e 2 of v* occurs fairly strongly in the infrared. Further evidence from 
the vibration spectrum alone that the HoO molecule is not linear is obtained when the HOII angle 
is determined from the observed fundamental frequencies according to the valence force system. 
A value of 120° is obtained (see Table 40). The deviation from 180° can hardly be duo to the 
neglected terms in the valence force system. 

A largo number of overtone bands of H 2 O have been observed in the photographic infrared and 
the visible region as terrestrial bands in the solar spectrum, particularly in a moist atmosphere, 
and have been analyzed by Mecke and his co-workers (612) (130) (333). The zero lines (sec Chapter 
IV) of all observed bands are given in Table 60. The assignment of quantum numbers is that given 
by Mecke (612). The lower state for all observed bands is the 0, 0 , 0 state. 

It is significant that for all but three of the infrared bands the dipole moment oscillates perpen- 
dicular to the axis of symmetry (upper state Ri). In particular, while vz + vy and even 3vz are fairly 


33 These data refer to the liquid state. 

34 Before this observation, on the basis of observed fundamentals only, one might have been 
tempted to conclude that II 2 O is linear since, just as for C0 2 and CS 2 , two fundamentals were ob- 
served only in the infrared and the third only in the Raman spectrum. This shows clearly how 
dangerous it is to draw conclusions about the structure of a molecule from the non-observation of 
certain fundamentals. In the present case, the non-observation of 2vz and 4 j >3 might have been 
considered as further evidence that II 2 0 is linear whereas actually it is not. 
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strong bands, a band 2vz whose upper state is Ay has not been observed even though it is not forbidden 
by any rigorous selection rule. The same holds for all other bands with Avz — 2, 4, • • • . This 
difference in the behavior of bands with even and odd vz (upper state A y and By respectively) is, 


Table GO. infrared and raman bands of H 2 O vapor. 


v 35 

♦'vaouumi 

observed 

(cm -1 ) 

Band type 36 

Upper state 37 

V, 

calculated 

(cm -1 ) 

References 

Vy V2 Vz 

1 

Species 

1S95.0 

I. || 38 v.s. 

0 1 0 

A\ 

1595.0* 

(704) (6(55) 

3151.4 

I. II m. 

0 2 0 

Ay 

3151.0* 

(704) (665) 

3651.7 39 

I. 11 8., R. 8. 

10 0 

Ay 

3650.0* 

(667) (475) (716) (135) 

3755.8 

I. J_ 40 V.8. 

0 0 1 

By 

3755.41* 

(704) (612) (667) 

5332.0 

I. _L m. 

0 11 

By 

5330.6 


(704) (702) (612) (667) 

6874 

I. 1 w. 

0 2 1 

By 

6866.8 


(234a) 

7251.6 

I. _L m. 

1 0 1 

By 

7250.4 


(702) (612) (667) 

8807.05 

P.I. _L s. 

1 1 1 

By 

8805.5 


(612) (591) 

10613.12 

1M. A s. 

2 0 1 

By 

10013.12* 

(612) (130) 

11032.36 

P.I. A m. 

0 0 3 

By 

11032.36* 

(612) (130) 

12151.22 

P.I. A m. 

2 1 1 

By 

12148.51 

>* 

(612) (130) 

12565.01 

P.I. A v.w. 

0 1 3 

By 

12567.7 J 

r 

(612) (130) 

13830.92 

P.I. A w. 

3 0 1 

By 

13830.92* 

(612) (130) 

14318.77 

P.I. A w. 

10 3 

By 

14318.77* 

(612) (333) 

15347.91 

P.I. A v.w. 

3 11 

By 

15346.31 

u 

(612) (333) 

15832.47 

P.I. A v.w. 

1 1 3 

By 

15834.1 J 

1 

(612) (333) 

16821.61 

P.I. A v.w. 

3 2 1 

By 

16822.7 


(612) (333) 

16899.01 

P.I. A v.w. 

4 0 1 

By 

16894.3 


(612) (333) 

17495.48 

P.I. A v.w. 

2 0 3 

By 

17482.6 


(612) (333) 


conversely, a very definite proof that II 2 O really has the symmetry Czr, that is, has a piano of sym- 
metry perpendicular to the plane of the molecule. 41 For an unsymmetrical molecule (X^_ 

/ 

II 

such a difference could not occur. 

Bonner (162) was tho first to derive a fairly satisfactory formula of the form (II, 208) for the 
observed vibrational levels. However, his formula led to a value for tho fundamental vy of 3604 
cm -1 , in rather serious disagreement with the observed Banian frequency 3654.5 cm -1 . Recently 
this difficulty has been cleared up by Darling and Dennison (263), who have taken into account tho 
perturbation between all pairs of levels of the type V 2 , Vz, and vy — 2, v%, Vz + 2 (see p. 218). 


35 The frequencies below 8000 cm -1 , with tho exception of the band 6874 cm -1 , are those of Nielsen 
(665) (667) reduced to vacuum (assuming that he has not reduced them) ; tho other frequencies are 
those of Mccke and his co-workers (612) (130) (333) which are stated to be ^vacuum. 

38 || and _L refer here to the direction of the variable part of the dipole moment with respect to 
the symmetry axis. Nielsen (665) (667) uses the opposite nomenclature, taking |[ and A to mean 
parallel and perpendicular to the axis of least moment of inertia. 

37 The lower state for all observed bands is 0, 0, 0 Ay. 

38 A Raman band has been observed by Johnston and Walker (475) in II 2 O vapor at 1648 cm -1 
but has not been confirmed by Rank, Larsen, and Bordner (716). However, such a Raman lino has 
definitely been established in liquid H 2 O [see llao and Koteswaran (722)]. 

39 This is tho wave number of the zero line of the infrared band. The center of tho Raman band 
of II 2 O vapor has been observed at 3654.5 cm"" 1 by Bender (135). Rank, Larsen, and Bordner (716) 
give a doublet with frequency shifts 3646.1 and 3653.9 cm -1 . 

40 Rank (713) gives a doubtful Raman line at 3804 cm -1 . 

41 This might appear trivial but should not be taken for granted without actual proof. It follows 
of course also from the observed intensity alternation in tho rotational structure (see p. 475). 
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They have obtained the following vibrational constants (all in cm” 1 ) : 

«i° = 3693.89, w 2 ° = 1014.5, u 3 ° = 3801.7 8 , 

a-,! = — 43.89, £22 “ — 19.5, *33 “ — 46 . 37 , 2:12 = — 2O.O2, (III, 59 ) 

X 13 = - 155.0c, a; 23 = - 19.8 lf I 7 I = 74.4®, 

where 7 is the perturbation constant introduced by equation (II, 297). [Very slightly different 
constants have more recently been given by Nielsen (667).] The wave numbers of the bands calcu- 
lated from these constants aro given in the fourth column of Table 60. The values with an asterisk 
were used in the determination of the constants. I11 the case of the two pairs indicated by braces 
only tho average was used. The agreement for all bands is seen to be quite satisfactory, hor the 
zeio-order frequencies Darling and Dennison obtained, from the above constants, 

<01 = 3825.32 cm" 1 , co 2 = 1653.91 cm” 1 , <03 = 3935.59 cm” 1 , (III, 60) 

and for the zero-point energy: 

U(0, 0, 0) = 4631.2b cm" 1 . (111,61) 

Using, in addition to the above vibrational constants, the interaction of vibration and rotation, 
Darling and Dennison (263) have evaluated tho coefficients of tho cubic and quartic terms in the 
potential energy [see also Itcdlich (727) ]. 

Heavy water, HDO and D 2 0 . The infrared and Raman spectra of heavy water vapor, 
HDO and D 2 (), have also been investigated, although in not nearly as much detail as those of II 2 0. 
The observed data are given in Table 61. 


TaHLE 61. OHHERVED INFRARED AND RAMAN 8PECTII V OF HDO 

and DaO vapor. 

Assignment 

HDO 

I) a O 

References 


^vacuum ( rm ! ) 

V\ icuum ((‘in l ) 


Vn 

1402 1. 

1178.7 I 

(112) 

v\ 

2719 I., R. 

2666 R. 

(112) (716) 


42 

2789 I. 

(112) (12J) (203) 

2V2 

280!) I. 


(121) 

V1+V2+V3 


0538 I. 

(675) 

V2-\-'2v 3 

8011.0 P.I. 


(446) 

2vi-\-v 3 

9050 P.I. 


(443) 

vi4-2f 3 

10000 P.I. 


(113) 


It has been shown in Chapter II, section 6, that the observed fundamentals of D 2 G are in excellent 
agreement with those to be expected, on tho basis of tho isotope relations, from those of H 2 C) if 
(and only if) anharmonicity corrections aro taken into account. Darling and Dennison's (263) final 
values for the w;, Xik, and the zero-point energy of D 2 0 obtained from the isotope relations and the 
observed fundamentals are (in cm” 1 ): 

wi = 2758.0„, w 2 = 1210.2 b, co 3 = 2883.7 9 , 

Xu = — 22.8i, £22 = — 10.44, x?,i — — 24. 9 o, £12 = 10.5b, (III, G2) 

x 13 - - 81. 9 2 , s 2 3 = - 10.6 2 , 0, 0, 0) = 3385.7 4 . 

Hydrogen sulfide, H 2 S, HDS, D 2 S. Tho vibrational spectra of H 2 S, IIDS, D 2 S are of course 
very similar to those of H 2 0, IIDO, and D 2 0 respectively. However, they have not as yet been so 
completely studied and the identifications arc not as certain. The available data for H 2 S aro given 
in Table 62, those for TIDS and D 2 S in Table G3. The fine structure of tho two photographic infra- 
red bands 9911 and 10100 cm” 1 only has been analyzed (see Chapter IV, p. 489), and they are found 
to be perpendicular bands. There is considerable divergence of opinion as to tho character of tho 

42 Overlapped by i/ 3 (ll 2 0). In tho Raman spectrum of tho liquid Itao (723a) observed 3363 
cm" 1 for this frequency. 
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other incompletely resolved infrared bands. Because of tho incomplete resolution there is also con- 
siderable uncertainty as to tho position of tho origins of the bands. In Tables 62 and 63 the high 
dispersion data of Sprague and Nielsen (804) and Nielsen and Nielsen (657) have been given prefer- 
ence wherever they are available. The assignments of the bands given are essentially those of 

Table G2. infrared and Raman bands op gaseous H 2 S. 


^vacuum, observed 43 
(cm -1 ) 

Band type 13 

Assignment, Bailey- 
Thompson-Hale (94) 

References 

1290 

I. V.H. 

V2M 

(804) (94) 

2422 

I. m. 

2* 2 (Ai) 

(94) 

2610.8 

It. 

fi(«i) 

(647) 

2684 

I. s. 

vs(bi) 

(804) (94) 

(2910) 44 

I. 

? 

(94) 

3789 

I. s. 

V2 + Vs(Bi) 

(110) (94) 

6154 

I. 45 m. 


(803) (94) 

9911.05 

P.I. _L w. 

3vi+r 3 (2*i) 

(248) (241) 

10100 

P.I. _L w. 

vi -f 3 f 3 (/Ii) 

(248) (241) 


Table 63. infrared and Raman bands of gaseous HDS and D 2 S. 


Assignment, Bailey- 
Thompson-IIalc 

HDS 

d 2 s 

P vac 1111 iiit 

observed 

(cm -1 ) 

References 

^ vacuum* 
observed 
(cm -1 ) 

References 

? 

988 

CM) 



V 2 

1090 

(94) (657) 

934 

(94) (657) 

2 V 2 

2109 

(94) 



Vi 



1891.6 

(647) 

Vi 

(2684) 

47 

1999 

(94) (G57) 

n+va 

2937 

(94) (G57) 

2684 47 

(657) 

V2+P3 

3723 

(91) 

2797 47 

(94) 

2^i 

3848 

(94) 




Bailey, Thompson, and Hale (94), which appear to be preferable to those of Sprague, Nielsen, and 
Nielsen since they preserve a close analogy to H 2 0 (absence of transitions with A 03 = 0 and 2 except 
for v* and 2 f 2 ) and, in the case of the photographic infrared bands, give a species of the upper 
state in agreement with the fine structure analysis. 


13 On p. 274. 

43 It has been assumed that the original infrared data were not corrected for vacuum. 

44 This band has only been observed by Bailey, Thompson, and Hale (94) and not identified. 

45 Sprague and Nielsen do not mention this band in their 1937 paper, although they gave it in 
an earlier abstract (803). 

46 Bailey, Thompson, and Hale (94) assigned this band to 2vi, which is an unnecessary contra- 
diction to tho analogy to the H 2 0 spectrum. 

47 It is strange that the two fairly strong bands 2684 and 2797 cm” 1 , lying in tho same spectral 
region, have not been found by both groups of investigators. It is not unlikely that the band 2G84 
is really of HDS, since it would bo oxpocted to have about this magnitude and since it would 
therefore be observable only in a gas not containing an appreciable amount of H 2 S whose r 3 is at the 
same place. This change of interpretation would also remove tho necessity of assuming v\ + v% to 
occur for D 2 S whereas it does not occur for H 2 S or II 2 0. 
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As has been pointed out in Chapter II, section 6, the frequencies v\ and V 2 of II 2 S and D 2 S give 
quite a fair agreement with the product rule (see Table 52 and accompanying discussion). However, 
the frequencies vz of these two molecules give a discrepancy that is rather larger than permitted by 
the neglect of anharmonicity. It seems likely that the reason for this discrepancy is that the band 
origin has not been correctly determined (since no rotational analysis has been made). 

Nitiogen peroxide, NO2. Our knowledge of the vibrational structure of the NO 2 molecule is 
not very satisfactory as yet, particularly because it is practically impossible to observe the Raman 
spectrum since NO 2 absorbs light throughout the visible and ultraviolet regions. The infrared 
spectrum shows two very strong absorption bands at 648 and 1621 cm' 1 , which undoubtedly must 
be interpreted as the fundamentals V 2 and vz respectively [Sutherland (825) ]. The difficulty is the 
correct location of the fundamental v\. Schaffcrt (769) found a weak band at 1373 cm -1 which ho 
and Sutherland (825) considered for a while as v\. However, the study of the ultraviolet spectrum 
by Harris, Benedict, and King (411) seems to show that vi = 1320 cm' 1 . Various authors have 
adopted this latter value, 48 even though more recently in a more detailed paper Harris, King, Benedict, 

Table 64. infrared vibration spectrum of gaseous NO 2 . 


v, observed (cm 4 ) 

Assignment 

References 

648 s. 

F2(Gi) 

(84) (769) 

1000 v.w. 

VZ —V2 

(825) 

1320 from U.V. 

vi(ai)? 

(411) (414) 

1373 w. 

(2v 2 ??) 

(709) 

1621 v.s. 

vz(bi) 

(84) (769) (825) 

2220 m. 

VZ+V2(B{) 

(825) 

2601 1 49 

2667/ 

2fi(Ai) 

(412) 

2910 

vz+vi(Bi) 

(825) (769) (412) 

3240 

2f 3 (Ai) m 

(825) (412) 

3454 1 

3597/ 

yi+F2-f F 3 (/*i) 

(412) 

3930 

? 

(412) 

4140 

2V\ +F3(Bi) 

(412) 

4560 

vi-\-2vz(Ai) 

(412) 

4753 

3vz(B0 

(412) 


and Pcarse (414) try to explain, in a rather artificial way, the ultraviolet spectrum with v\ — 1373 
cm -1 . It appears that a final decision will only be possible after further investigations of the infrared 
or Raman spectrum. To the author, v\ = 1320 cm' 1 appears somewhat more likely. Tho infrared 
band 1373 might possibly bo 2v2 where tho largo deviation from 2 X 648 cm -1 might be due to a 
vibration through the linear arrangement of the nuclei for large amplitudes. It may also bo that 
the interpretations of the frequencies 1320 and 1373 cm' 1 have to be interchanged. 

In Table 64 all the observed infrared bands of NO 2 are collected together, tho assignment 
being mostly that of Sutherland and Penney (831). In this as well as any other assignment the 
predicted structure of the infrared bands does not always seem to agree with the observed envelopes. 
However, this difficulty does not appear to be serious in view of the very incomplete resolution. The 
occurrence of the harmonic 2vz definitely proves that tho molecule cannot be linear , as was at one 
time suggested, on the basis of the infrared spectrum, by Bailey and Cassie (84). The non-linearity 

48 For example, Sutherland and Penney (831) adopt this value, even though in an immediately 
preceding paper (692) they give v\ = 1370. [See also Wu (26)]. In the former paper the infrared 
band 1373 is not mentioned as an overtone or combination band. 

49 This doublet occurs in the ultraviolet spectrum as the frequency 2624 cm -1 . [Harris, King, 
Benedict, and Pearse (414) ]. 

80 In his original paper Sutherland gives 3120 cm' 1 as 2 vz and a very weak band at 3240, whereas 
in Sutherland and Penney’s summary only 3242 is given. 
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is confirmed by the fact that the valence force system with the above fundamentals gives a valence 
angle of 119° (see Table 40) and by the structure of the ultraviolet bands [see Harris and King (413) ]. 
Electron diffraction experiments [Maxwell and Mosley (G07) ] also prove tho non-linear configuration 
and yield an angle of 130°. 

Sulfur dioxide, SO 2 . The Raman spectrum of gaseous SO 2 shows one strong lino only, at 1150.5 
cm -1 [Gerding and Nijvcld (349)]. The liquid, for which a greater intensity of the spectrum can 
bo obtained, shows in addition two weaker lines at 524.5 and 1336.0 cm -1 . These three frequencies 
must be considered as the fundamentals of SO 2 . The fact that all three appear in the Raman spec- 
trum proves that SO 2 is not a symmetrical lincAir molecule . 61 According to Cabannes and Rousset 
(191), the Raman line 1336.0 cm -1 is completely depolarized, whereas the other two are partly 
polarized, that is, 1336.0 cannot correspond to a totally symmetric vibration (seo p. 270). If S0 2 
were an unsymmetric linear molecule (O S — O or O — O — S) , tho only non-totally symmetric fre- 
quency would be the perpendicular vibration, whoso frequency would be expected to be tho smallest 
of the three fundamentals. Since the depolarized frequency is the largest, it follows that S0 2 is 
not linear and since a non-linear triatomic molecule can have a non-totally symmetric vibration 
only if it has a plane of symmetry perpendicular to the plane of the molecule, it follows that S0 2 
is a non-linear symmetric molecule (Fig. 25a). Its only non-totally symmetric vibration must ac- 
cordingly have tho frequency va — 1336.0, while v\ — 1150.5 and v% = 524.5 cm -1 . 

The above conclusion about tho structure of SO 2 obtained from the Raman spectrum alone is 
confirmed by the infrared spectrum, which shows all three fundamentals strongly. Table 65 gives 
the observed Raman and infrared bands with the assignment of Mecko (611), [see also Badger and 
Bonner (73)]. 

Tab i.k 65. infraued and Raman bands of S0 2 . 


^vacuum 62 

(cm -1 ) 

Band type 13 

Assignment, 
Meckc (611) 

References 

51952.(524.5) 

I. (gas), li. (liquid) pol. 

f 2 («i) 

(107a) (349) 

606 

I. (gas) 

V 1 — V 2 

( 86 ) 

1151.2 520 

I. (gas), R. (gas) pol. 

Fl(«l) 

( 86 ) (107a) (349) 

136I 62b (1336.0) 

I. (gas), R. (liquid) depol. 


( 86 ) (107a) (349) 

1871 

I. (gas) 

vz~{-va(Bi) 

( 86 ) 

2305 

I. (gas) 

2 iq(A,) 

( 86 ) 

2499 

I. (gas) 

vi+va(B\) 

( 86 ) 


From tho above fundamentals an apex angle 2 a = 120° is obtained, assuming a valence forco 
system (Table 40). This agrees rather well with tho electron diffraction value 121 ° =fc 5° obtained 
recently by Schomakcr and Stevenson (771). When such a value for the angle is assumed, there 
are some difficulties as to tho contours of tho infrared bands [seo Badger and Bonner (73)], but 
since no high dispersion data are available, this does not appear to be serious. 

Ozone, O3. Great difficulties have been experienced in tho investigation of the infrared spectrum 
of ozone, mainly owing to its reactivity and tho consequent difficulty in getting entirely rid of im- 
purities. Thus two bands (at 880 and 1355), for a long time considered to bo due to O 3 (one even 
as a fundamental), are actually duo to N2O5. However, due to the work of Hettner, Pohlman, and 
Schumacher (449), the main infrared bands are now definitely identified. Their absorption curve 

51 That is, unless one assumes that tho weaker lines in tho liquid occur only because of tho per- 
turbation by the neighboring molecules. This assumption is, however, excluded by the evidence 
from the infrared spectrum of tho gas (see below). 

18 On p. 274. 

62 The data in parentheses refer to observations of liquid S 0 2 . 

52a This value was read from the absorption curve given by Barker (107a). 

b2h This is tho value given by Bailey, Cassie, and Angus (80). From Barker’s curves one reads 
a value of 1358 cm”" 1 . 

Wo Average of infrared and Raman measurements. 
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it) reproduced in Fig. 85. The wave numbers of the observed bands (mostly from their measurements) 
are given in Table 66. The Raman spectrum has not yet been obtained [see Sutherland and 
Gerhard (829)]. 


c 

o 

7: 

t. 

a 

>n 

a 

& 


10000 6670 6000 4000 3333 2860 2500 2220 2000 1820 1667 1640 1430 1333 1260 cm 




Fig. 85. Infrared absorption of 0 3 [after ITettner, Pohlmann and Schumacher (449) ]. — The 
length of the absorbing path was 30 cm. at the pressures indicated. 


TaHLK 06. INFHA.lt El) SPEC! HUM OF GASEOUS OZONE. 


Pviu-uum. observed 
(cm -1 ) 

Band type 

Assignment, 
Sutherland-TVnney (83 1 ) 

Refer cnees 

095L,„ 

725 j 710 

I. doublet s. 

V2(<H) 

(449) 

1043.4 43 

I. doublet? v.s. 

Fl(tli) 

(351) (4-19) (40) 

S2}« 

I. doublet? w. 

j»s(5 1) 

(449) 

2105 

I. ? s. 

2f,(3p 2 )(/1,) 

(351) (449) 

2800 

I. ? w. 

2fi+f 2 (A 1 ) 

(449; 

3050 

I. ? w. 

3fi(.1i) 

(449) 


If the nuclei in the O3 molecule were tit the corners of an equilateral triangle (point group Dsh) 
thero would be only two normal vibrations, a totally symmetric one and a doubly degenerate one 
(see Fig. 32a), only the latter being infrared active (seo Table 55). It is easily seen from the observed 
frequencies in Table 66 that it is quite impossible to interpret the observed spectrum on the basis 
of one active and one inactive fundamental only. Thus the equilateral model of 0 3 is definitely 
ruled out. 

If O3 had a linear symmetric structure no binary combinations of active bands could occur (seo 
p. 265), whereas actually a number of such combinations seem to occur. The rotational structure 
of the 1043.4 band [Adel, Sliphcr, and Fouts (40) ] also definitely rules out the linear symmetrical 
model as well as the non-symmetrieal linear model. Thus only an isosceles triangle or a completely 
unsymmetrieal structure remains. The latter structure does not appear to be at all likely for a 
molecule consisting of three equal atoms. In both cases, there should be three active fundamentals. 
Choosing tho three strongest bands 710, 1043.4, and 2105 cm"* 1 for these, as was done by Hettner, 


48 On p. 283. 
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Pohlman, and Schumacher (449), leads to an impossibly large force constant between two of the 
() atoms, almost double the force constant in the () 2 molecule, as well as to other difficulties. This 
led Sutherland and Penney (831) to the choice indicated in Table 60, which does give reasonable 
force constants. However, a difficulty is the weakness of the fundamental band vz, which in other 
non-linear triatomic molecules is strong compared to v\. The apex angle on Sutherland and Penney’s 
interpretation would come out from the valence force formulae to be about 127°, which is of the 
same order as for S 0 2 . This is satisfactory, since SO 2 and O3 have the same number of outer elec- 
trons. Recently Shand and Spurr (783) have obtained from the electron diffraction pattern of 
ozone an apex angle of 127° ± 3°. The exact agreement w’ith the above value should not bo 
considered too significant. 

The readiness with which O 3 gives off an O atom (in contrast to SO 2 ) would bo much more easily 
understandable on the basis of an acute-angled model in which one O is at a fairly large distance from 
an almost unchanged O 2 molecule. It would indeed be possible to interpret the infrared spectrum 
on this basis. But the above-mentioned electron diffraction work would appear to exclude such 
a structure. 

Further work on the infrared spectrum with high dispersion and longer absorbing columns would 
bo desirable in order to clear up the difficulties mentioned and to obtain more precise values for the 
angle and the internuclcar distances. 

Other triatomic molecules. The vibration spectra of a number of other triatomic molecules 
have been investigated. The fundamentals of some of these have been included in the previous 
Table 37. In Table 67 references to the more important investigations of these molecules are given 
and the structures found are indicated. Tt is particularly noteworthy, and of course very plausible 
on the basis of the electronic structure, that these investigations, as well as those discussed above, 


TaIILB 67. FURTHER TRIATOMIC 1 MOLECULES . 63 





References 

Molecule 

Structure 

angle 

Raman 

spectrum 

Infrared 

spectrum 

OCS 

linear, C,m. 

180° 

(257) (909) (314a) 

(SI) (125) 

n r 

linear, />,„/» 

180 OB1 

(557) 

(77) (831) 

(BO,)- 

linear, D^h 

180° 

(669) 


OCN“, SON-, \ 

linear, C ro0 

1S0° 

(557) (216) (394) (535) 

(926) (927) 

SeCN~ J 





CION, BrCN, ION 

linear, C, oV 

180° 

(920) (909) 


llgCl,, HgBr 2 . Hgla 

linear, Dooh 

180° 

(176) (723) 

(913) (801)“ 

HgCIBr, llg( 31, 1 

linear, C m0 

180° 

(274a) (330a) 

(040a)“ 

HgBrI J 





CdCl 2 , CdBr 2 , Cdl, 

linear, 

180° 

(889) 


ZnCl 2 , ZnBr 2 

linear, D M h 

180° 

(889) (760) 


(HF 2 )“ 

linear? C^ v 



(187) (499) 

H 2 Se, HDSc, D 2 Se 

isosceles triangle, C 2 v 

~90° 

(253) 

(193) 

(No 2 r 

isosceles triangle, C 2 » 

~90° 

(559) 

(925) 

NOC1 

triangle, C a 

11 (i ° 66 


(85) (133) 

CIO, 

isosceles triangle, C 2v 

j 37057 

(544) 

(81) (82) (543 ) 65 

F s O 

isosceles triangle, C 20 

100 057 


(450) (831) 

01 2 0 

isosceles triangle, C 20 

115° 67 


(83) (831) (706) 

(uo 2 ) ++ 

isosceles triangle, C 2v 

1 

(227) (762a) 

(227) 


63 Some of these molecules are discussed more fully by Wu (26). 

64 Confirmed by crystal structure investigations of Hendricks and Pauling (427). 
66 Ultraviolet absorption spectra. 

66 From electron diffraction by Ketelaar and Palmer (500). 

67 From electron diffraction, see Brockway (179). 
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show that molecules with the same number of outer electrons (that is, in addition to complete inner 
shells unaffected by the molecule formation) have very similar structures. Thus, (X) 2 , N 2 G, N 3 ~, 
B0 2 *", CS 2 , COS, ■ • • are linear; O 3 , S0 2 , Se0 2 , (NQ 2 )“, • • • are isosceles triangles. 

A number of more-than-triatomic molecules may in a certain approximation bo considered as 
three-particle systems. For example, dimethylamine may be considered as consisting of the three 
particles CII 3 , Nil, CII 3 which for the so-called skeletal vibrations behave like tho nuclei in a non- 
linear symmetric molecule XY 2 . Three of tho many fundamentals of this molecule, namely 931, 
390, and 1073 cm -1 , may indeed bo correlated to vi, v«, v 3 , respectively, of XY 2 (Fig. 25a), since 
they have a smaller magnitude than the internal vibrations of each group. As for XY 2 , vz is de- 
polarized in the Raman spectrum. Assuming a valence force system the C — N — C angle can be 
determined from these frequencies to be 114°. Many similar cases may be found in Kohlrausch's 
book (14). 

( b ) Four-atomic molecules 

Acetylene, C 2 H 2 . A great deal of work has been done on the Raman spectrum and particularly 
on the infrared spectrum of the acetylene molecule. Roth the vibrational structure and the rota- 
tional structure show unambiguously that the molecule is linear and symmetrical (point group D co h)* 

C 2 H 2 in the gaseous state shows only two strong Raman displacements, at 1973.8 and 3373.7 
cm" 1 [Glockler and Morrell (377) ], which do not occur as infrared bands oven with a fairly long 
absorbing path. This proves that 0 2 H 2 must have a center of symmetry. Assuming the linear 
model, there can be no doubt that tho two Raman lines correspond to the vibrations Pi(<r g + ) and 
v\(<r a + ) respectively in Fig. 64a, that is, essentially to a C — H and a C^=C vibration, 68 In addition, 
Bhagavantam and Rao (150) have found a very weak Raman doublet at 589 and 646 cm -1 which 
they interpret as the two branches (see Chapter IV, section 1) of the third Raman active vibration 
v\(ir a ) (see Table 55), which appears only weakly because it is not totally symmetric. 

In tho infrared, C 2 H 2 shows two very strong absorption bands at 729.1 and 3287 cm -1 which 
are naturally interpreted as the two infrared-active fundamentals r&(ir u ) and vz(<r lt + ) respectively. 
This is also in agreement with tho type of tho band fine structure, the former band being a per- 
pendicular, the latter a parallel band (see Chapter IV). A third faiily strong infrared band of tho 

obviously to be interpreted as tho combination v\ + vs 
of the two perpendicular vibrations. The state V\ = 
1, vs = 1 has three sublevels 2),^, A,, (see Table 

33), the first of which gives rise to tho parallel band at 
1328.1 cm -1 . Many more bands, all of them weak, 
have been found with longer absorbing paths, both in 
the ordinary infrared and the photographic infrared 
(sec Table 08). The odd overtones 2vs , 4vs, 2v 3 , 4v 3 of 
the active vibrations are definitely absent, and the samo 
holds for binary, quaternary, * • • combinations of 
infrared-active fundamentals, such as vi + V 5 , 3va 
+ vs, •••, in excellent agreement with expectation 
on tho assumption of tho linear symmetric model. 

It ought to be pointed out that the validity of the 
rulo of mutual exclusion of the infrared and Raman 
spectra and the absence of tho odd overtones of tho 
active fundamentals, as well as of other binary and 
quaternary combinations of infrared-active funda- 
mental bands, would also be compatible with a non- 
linear model of C 2 H 2 , as long as it has a center of sym- 
metry. For example, tho forms II (point group C 2 &) and III (point group D^h — Vh ) in Fig. 86 
have a center of symmetry. In form II there would bo three vibrations of the totally symmetric 
species A ff , one of species A u , and two of species B u (see Table 35). Thus, as for tho linear sym- 
metric model I, there would be three Raman-active vibrations which are infrared inactive. But 


parallel type occurs at 1328.1 cm *. It is 

(l) l i £ 


C H 

-0—0 Do . 




(») 


u 

(HI) C o- 


Fio. 86. Different conceivable 
models of C 2 H 2 . 


58 It should be noted that for the sake of consistency with our usual designation of fundamentals 
we have changed the numbering as compared to that used by most authors on C 2 H 2 . Our iu, p 2 , 
pa , ps, are their vt, v\ , v*, pa, respectively. 
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for this model II there would bo three infrared-active fundamentals, whereas only two are ob- 
served. 69 For model III there would bo two vibrations of type A g and one vibration each of types 
Big, Bin, J3 2u , Bi U (see Table 35). Again there would be three Raman-active and three infrared- 
active vibrations, whereas only two infrared-active vibrations are observed. 60 Thus, on the basis of 
the pure vibration spectrum only, both cases II and III are excluded by the fact that only two 
infrared-active fundamentals are observed. While it may bo argued that possibly the third infrared- 
active fundamental for models II and III is weak, or lies in a region not investigated, or happens 
to coincide with another band, the rotational fine structure establishes the linear symmetrical 
structure of C 2 II 2 beyond all doubt (see Chapter IV, section 1). 

The assignment of the largo number of overtone and combination bands has been the subject 
of much discussion. For every assignment thus far suggested, if the o>,°, x,*, and on in (II, 284) 
[compare also (II, 288) ] are determined from part of the bands, rather largo discrepancies occur 
between the observed frequencies of at least some bands (not used in the determination of the 
constants) and the values calculated from the formula. On the basis of the recent work of Darling 
and Dennison (263) on II 2 0 (see above), it now seems cei tain that these discrepancies are due mainly 
to a mutual perturbation of levels v it n, and Vi -f 2, v 3 — 2 (the other quantum numbers being equal), 
which is expected to be fairly strong since v\ and v 3 havo very similar magnitudes. However, now 
calculations taking account of this havo not as yet been completed. 

In Table 68, all infrared and Raman bands are given. The assignment that has been adopted 
in this table is that of Ilerzberg and Spinks (441) as recently modified by Wu (26). Neglecting 
resonance effects, this assignment gives a fair representation of all the bands below 10000 cm -1 , 
whereas for three or four bands above 10000 cm -1 rather large deviations occur. Another assign- 
ment recently proposed by Wu and Kiang (963), which is an extension of the earlier one of Sutherland 
(824), gives in general about as good an agreement, but it fails rather badly (by 40 cm -1 ) for the 
accurately measured band 8512.1 cm -1 , whoso upper state is not one of a resonating pair. Also, 
in this assignment, 2i/i -f v& is considerably more intense than 3v 3 , which docs not appear to be very 
plausible, and finally the anharmonic term x 33 comes out much smaller than one would expect for 
a C — H vibration. Still another assignment has been given by Mecke and Ziegler (618). It is 
based on Mccke’s treatment of a system containing two identical bonds without the use of normal 
coordinates. The apparently excellent agreement of this assignment with the observed data has 
been shown to be due, at least in part, to a mistake in sign [Childs and Jahn (206) ; see also Wu (26)]. 
Since all sets of constants co t °, Oii, and w, thus far derived do not take the effect of resonance into 
account, we refrain from giving such a set, but refer to the papers by Ilerzberg and Spinks (441) 
and Wu (961). It seems that for an accurate representation of the higher overtone bands in tho 
visible region tho introduction of cubic coefficients is necessary. For an accurate determination of 
the vibrational constants, new infrared measurements in tho region from 3000-7000 cm" 1 with high 
dispersion would bo very desirable. 


Heavy acetylene, C 2 HD and C 2 D 2 . Tho spectra of the heavy acetylenes have been investigated 
by a number of investigators, but not in as much detail as that of C 2 H 2 . Only for C 2 I1D havo 
overtone and combination bands in tho photographic infrared been observed. Tables 69 and 70 
give tho observed data and the (fairly obvious) assignment of the bands. 

Assuming the simple harmonic oscillator approximation, Colby (225) has predicted tho funda- 
mental frequencies of C 2 HD and C 2 I) 2 from those of C 2 H 2 and has obtained satisfactory agreement. 
Instead of giving his data, wo apply the Teller-Redlich product rulo as a check for the assignment 
of the fundamentals. Comparing C 2 H 2 and C 2 IID, we obtain from (II, 313), using tho point group 
C mv which is common to both, 


(cqico 2 0J3)c! 2 HD _ j mn(2mc + wh + ^d) 
(a>iw 2 a>3)c 2 Il2 \ mD(2mc + 2mn) 

(co 4 c o6)c 2 hd __ rnn(2mc + mn + mp) Zc 2 HD 
(co 4 co 6 )c 2 IT 2 \ m D(2^C + 2wn) /c 2 H 2 


(III, 63) 


59 Another difference in the spectrum, apart from tho rotational fine structure, would be that 
one Raman lino should bo depolarized for the linear model, whereas all three should be partly polarized 
for model II. But the degree of polarization of the weak Raman line of C 2 H 2 has not been measured. 

60 As for the linear model, one of tho Raman active vibrations would bo depolarized. 
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^ vacuum* 

observed 61 
(cm _1 ) 

Band type 62 

Upper state 63 

Lower state 63 

References 

Vl 

1)2 Vz V* 1 * Vb 1 * 

Species 

Vi V2 Vz Vi li 

r 6 b 

Species 

611.8 6 ' 

R. v.w. 

0 

0 

0 

l 1 

0 

H„ 

0 0 0 

0° 

0° 

v 4- 
"0 

(150) (151) (342) 

729.1 

I. _L v.s. 

0 

0 

0 

0 

l 1 

Il„ 

0 0 0 

0° 

0° 

V + 

"0 

(574) (419) 

1328.1 

I. || a. 

0 

0 

0 

l 1 

l 1 

2/ 

0 0 0 

0 

0° 

V + 

" a 

(574) (419) 

1956 

I. _L w. 

0 

0 

0 

2° 

l l 

H u 

0 0 0 

0° 

0° 

v + 

"0 

(812) 

1973.8 

R. v.s. 

0 

1 

0 

0 

0 

2/ 

0 0 0 

0° 

0° 

V + 

"0 

(377) 

2215 

I. 11? w. 

?0 

0 

0 

0 

3 l 

II U 

0 0 0 

0° 

0° 

V + 

"0 

(812) 

2701.5 

I. _L m. 

0 

1 

0 

0 

l l 

II It 

0 0 0 

0° 

0° 

2„+ 

(574) (611) 

3287“ 

I. 11 v.s. 

0 

0 

1 

0 

0 

V + 

"U 

0 0 0 

0° 

0° 

2 + 
"0 

(574) (441) 

3294? 

I. 11 w. 

0 

1 

0 

l 1 

l 1 

2 U + 

0 0 0 

0° 

0° 

2/ 

(618) 

3373.7 

R. s. 

1 

0 

0 

0 

0 

2/ 

0 0 0 

0° 

0° 

2/ 

(377) 

3881 

I. ± w. 

0 

1 

0 

2° 

l 1 

Hu 

0 0 0 

0° 

0° 

v +- 

"0 

(574) 

3897 

I. _L m. 

0 

0 

1 

u 

0 

Ilu 

0 0 0 

0° 

0° 

y + 
a 

(574) (611) 

4091 

I. _L m. 

1 

0 

0 

0 

l 1 

Hu 

0 0 0 

0° 

0° 

y + 

“ (7 

(574) (611) 

(4690) 66 

?I. ? 

1 

0 

0 

l 1 

l 1 

2u + 

0 0 0 

0° 

0° 

V + 

"17 

(609) 

(5250) 66 

?I. ? 

0 

1 

1 

0 

0 

2u + 

0 0 0 

0° 

0° 

V + 
"0 

(609) 

(6500) 66 

?i. ? 

1 

0 

1 

0 

0 

2 U + 

0 0 0 

0° 

0° 

V + 

(609) 

8512.1 

P.I. || a. 

1 

1 

1 

0 

0 

V + 

"u 

0 0 0 

0° 

0° 

V + 

"0 

(441) 

9085 

P.I. i. w. 

1 

1 

1 

l 1 

0 

Ilu 

0 0 0 

0° 

0° 

2„ + 

(341) (339) (342) 

9151.7 

1M. || m. 

0 

3 

1 

0 

0 

2« + 

0 0 0 

0° 

0° 

s„ + 

(341) (339) 

9177 

P.I. _L v.w. 

0 

1 

2 

0 

l 1 

II« 

0 0 0 

0° 

0° 

V + 
"0 

(342) 

9366 

P.I. ± v.w. 

?2 

1 

0 

0 

l l 

Ilu 

0 0 0 

0° 

0° 

V + 
"0 

(341) (339) 

9639.8 

P.I. || v.a. 

0 

0 

3 

0 

0 

s„+ 

0 0 0 

0° 

0° 

2 + 

"0 

(441) 

9667.9 

P.I. || ra. 

1 

1 

1 

2° 

0 

V 1 + 

-‘-'It 

0 0 0 

0° 

0° 

V + 
"0 

(441) (339) 

9741.6 

P.I. || w. 

0 

1 

2 

l 1 

l 1 

2u + 

0 0 0 

0° 

0° 

V + 
"0 

(342) 

9835.1 

P.I. || a. 

2 

0 

1 

0 

0 

2u + 

0 0 0 

0° 

0° 

^0 + 

(441) 

9905.7 

P.I. |1 w. 

1 

1 

1 

0 

2° 

2u + 

0 0 0 

0° 

0° 

V + 
"0 

(342) 

10364.8 

P.I. J_ m. 

1 

0 

2 

0 

l 1 

Ilu 

0 0 0 

0° 

0° 

"V* -f 

"0 

(341) (339) (342) (618) 

10413.5 

P.I. _L v.w. 

2 

0 

1 

l 1 

0 

Hu 

0 0 0 

0° 

0° 

V + 
"1/ 

(342) (618) 

11570.7 

P.I. || m. 

?1 

2 

1 

2° 

0 

V + 

■‘-'tt 

0 0 0 

0° 

0° 

2,/ 

(340) 

11586.4 

P.I. || m. 

?1 

3 

0 

3 1 

l 1 

V + 

0 0 0 

0° 

0° 

2» + 

(340) 

11600.1 

P.I. || m. 

0 

1 

3 

0 

0 

V H- 
"u 

0 0 0 

0° 

0° 

V -f 
"0 

(340) 

11663.3 

P.I. || w. 

0 

2 

2 

l 1 

ll 

V + 

— 'U 

0 0 0 

0° 

0° 

y 4* 
^0 

(342) 

11782.9 

P.I. || m. 

2 

1 

1 

0 

0 

2« + 

0 0 0 

0° 

0° 

V 4- 
"0 

(418) (342) 

12675.7 

P.I. || 8. 

1 

0 

3 

0 

0 

2 U + 

0 0 0 

0° 

0° 

2/ 

(419) (340) 

12711.0 

P.I. || W. 

0 

1 

3 

2° 

0 

2, + 

0 0 0 

0° 

0° 

v 4- 

"0 

(341) (339) (342) 


61 Wherever available, band origins calculated from the fine structure are given (see Chapter IV). 

62 The intensity estimates are only relative for comparison of neighboring bands. For explana- 
tion of symbols see footnote 13, p. 274. 

63 The numbering of the vibrations is that used in Fig. G4a ; see also footnote 58, p. 288. 

64 This figure is the difference of the bands at 10413.5 and 9801./ as well as at 13230.3 and 12618.5. 
In the Raman spectrum Bhagavantam and Rao (150) (151) have observed a very weak doublet 
at 589 and 646 cm -1 whoso center (618 cm -1 ) is in sufficiently close agreement with the above more 
accurate value. The two doublet components represent the unresolved S, R and P, O branches 
respectively whereas the Q branch, in agreement with the theory [Placzek and Teller (701) ; see also 
p. 399], is too weak to be observed. See, however, Cilocklcr and Renfrew (380). 

66 This value is not very accurate because in consequence of overlapping by another band tho 
zero line cannot be accurately determined. From tho difference band 2669.0 cm -1 one would obtain 
3280.8 cm” 1 for vz [see Mecke and Ziegler (618)]. 

68 Measured with very small dispersion. 
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Table (58. — Continued. 


vacuum, 

observed 61 

(cm -1 ) 

Band type 62 

Upper state 63 

Lower state 63 

References 

?>t V 2 Vs V\ l * 2’5 7 5 

Species 

vi n vs V[ l * v 6 li 

Species 

12732.7 

1M. || w. 

1 3 0 5 1 l 1 

v y + 

0 0 0 0° 0° 

y + 

* g 

(342) 

13033.3 

1\I. |i m. 

0 1 3 0 2° 

V + 

0 0 0 0" 0° 

v -f 

(341) (339) (342) 

13230.3 

P.I. _L w. 

103 l 1 0° 

II u 

0 0 0 0° 0° 

s„ + 

(342) (618) 

13532.4 

P.I. 11 w. 

0 2 3 0 0 

V + 
u u 

0 0 0 0° 0“ 


(342) 

14597.1 

P.I. II w. 

0 2 3 2° 0 

V + 

1 u 

0 0 0 0° 0° 

V + 

" g 

(342) 

14617.0 

P.I. II m. 

113 0 0 

2« + 

0 0 0 0° 0° 

y + 

(341) (339) 

15081 

P.I. J_ v.w. 

?i 1 3 1 1 0 

n„ 

0 0 0 0° 0° 

y + 
“g 

(342) 

15600.2 

P.I. 11 m. 

0 0 5 0 0 

2u + 

0 0 0 0° 0° 

2„ + 

(418) (342) 

17518.8 

P.I. 11 w. 

0 15 0 0 

2« + 

0 0 0 0° 0° 

V + 

(342) 

18088 

P.I. X v.w. 

0 1 5 l 1 0 

1I« 

0 0 0 0° 0° 

V + 

(342) 

18430.2 

P.I. 11 w. 

1 0 5 0 0 

V 4 

+* 1 XL 

0 0 0 0° 0° 

2 / 

(418) 

(716) 67 

I. _L W. 

1)00 I 1 l 1 

s„ + s,r a m 

0 0 0 l 1 0 

U. 

(574) (618) 

2642.5 

I. _L w. 

1 0 0 0 0 

V + 

^0 

0 0 0 0 l 1 

11. 

(574) (011) 

2669.0 

I. J_ w. 

0 0 10 0 

v + 

0 0 0 l 1 0 

n. 

(574) (611) 

2682.3 

I. ± w. 

?0 10 1> l 1 

Su+S,,- A„ 

0 0 0 l 1 0 

ll. 

(574) (441) 

4076 

I. X v.w. 

100 l 1 l l 

S, + S«-A „ 

0 0 0 1> 0 

1I» 

(574) (25) 

9602.7 

P.I. 11 m. 

0 0 3 l l 0 

1I« 

0 0 0 l 1 0 

H, 

(441) (339) (340) 

9801.7 

P.I. 11 w. 

2 0 1 l l 0 

II« 

0 0 0 l 1 0 

1I„ 

(341) (339) 

12618.5 

P.I. |1 w. 

1 0 3 l l 0 

IIu 

0 0 0 l 1 0 

11. 

(341) (339) (340) 

15521 

P.I. 11 v.w. 

0 0 5 l l 0 

II« 

0 0 0 l 1 0 

11, 

(342) 


Substituting for the co t the frequencies v t of the observed fundamentals (1-0 transitions), we can, of 
course, not expect exact agreement (see p. 282). We obtain for the left- and right-hand sides of 
the lirst equation 0.7288 and 0.7207, and for the second equation substituting the moments of inertia 
given in Chapter IV (p. 39G), 0.7944 and 0.7854. Comparing C 2 H 2 and C 2 D 2 , wo obtain from 
(II, 313), using now point group D u a h t 


(coico 2 )o 2 n 2 

/mu . 

(t0.i)c 2 D 2 _ 

jm H (wo + w*d) 

(«1W 2 )C 2 H 2 ^ 

\m D 9 

(W3)C 2 II 2 1 

\ m D ('» C + wh) 

(W4)C! 2 D 2 _ 

jmi /c 2 n 2 . 

(w.0c 2 d 2 _ 

lmn me + run 

(W4)c 2 n 2 ^ 

\?no Ic 2 U 2 ’ 

(W5)C 2 H 2 

\ mn me + mu 


(III, 64) 


Substituting again the observed fundamentals v%, we obtain for the left and right sides of the first 
equation 0.7147 and 0.7074, of the second equation 0.7384 and 0.7342, of the third equation 0.825 and 
0.8340, and of the fourth equation 0.7394 and 0.7342. 

It should bo noted that, since C 2 IID does not have a center of symmetry, all fundamentals are 
allowed in the infrared as well as in tho llaman effect; indeed, all have been observed in the infrared 
(see Tablo 69). Tho selection rules that hold for C 2 H 2 and C 2 D 2 do not even approximately hold 
for C 2 HD. This is made particularly clear by Fig. 87, in which tho amplitudes of the atoms in tho 
vibrations vi, v%, and 1/3 of C 2 H 2 and C 2 IID are drawn to scale according to calculations by Forster 
[see Herzberg, Patat, and Verleger (439)]. It should be noted that in C 2 HD, according to Fig. 87, 
tho vibration vi is essentially a C — H vibration whereas v$ is essentially a C — D vibration. Corre- 
spondingly, as confirmed by more detailed calculations and the observations (Table 69), vi and its 
overtones are equally intense as, or even more intense than, 1/3 and its overtones, whereas v\ is 
forbidden in C 2 II 2 . 


67 Very uncertain, derived by Mecke and Ziegler (618) from a disturbance in the galvanometer 
curve of Levin and Meyer (574) of the 729 band. They did not take into account the fact that this 
band consists of three subbands. 
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t ■ 1 scale of internuclcar distances 

i ■"■■h scale of displacements 

Fio. 87. Parallel vibrations of C 2 H 2 and C 2 HD drawn to scale. — Tho scale of displacements 
in all six diagrams is the same but different from tho scale of distances (sec bottom of figure). Tho 
former apply to the classical motions in the first vibrational state (v = 1) of each vibration. 


Table 69. infrared and raman spectra of gaseous C2IID. 


^vacuum* 

observed 68 

(cm -1 ) 

Band type 13 

Assignment 69 

References 

518.8 

I. _L s. 


(711) (225) (SI 2) 

683 

I. ± 8. 

VbW 

(711) (225) (812) 

1202 

I. || m. 

Pi+nV+y 1 

(711) (225) (812) (654) 

1330 

I. _L w. 

V2—VA 

(812) (654) 

1343 

I. || m. 

2*5(2; V 1 

(812) 

1851.2 

I. || m, R. s. 

P2(<r + ) 

(377) (812) 

2045 

I. ? w. 

3pg(11), V 3 —V 4 

(812) 

2584 

I.? 8. 

vz (<r + ) 

(225) (S12) (054) 

3334.8 

I. S. R. 8. 

vi(<r + ) 

(377) (812) (654) 

3950 

I. w. 

pi+p 4 (H), P 1+P5OI) 

(812) 

5100 

I. w. 

2i/ 3 (2+), pi+p 2 (2 + ) 

(812) 

8409.4 

P.I. II m. 

2pi+p 2 (S + ) 

(437) (439) 

9050.6 70 

P.I. _L v.w. 

2vi+v z +v b (H) 

1 (439) 

9115.5 

P.I. || w. 

2v\ pP 3 pP4 — V\ 

(439) 

9138.9 

P.I. || m. 

2pi+p 3 (S + ) 

(437) (439) 

9404.8 

P.I. || m. 

J' 2 p3i' 3 (2 + ) 

(439) 

9691.9 

P.I. |l w. 

3pi +P4— V\ 

(439) 

9706.4 

P.I. 11 s. 

3pi(S + ) 

(437) (608) (439) 

102 ll 70 

P.I. _L v.w. 

3piPp 4 (II) 

(439) 

11526 

P.I. II w. 

3viPp 2 (S+) 

(439) 

12263.0 

P.I. II m. 

3pi+p 3 (S + ) 

(439) 

12735.0 

P.I. || w. 

4pi+p 4 — v\ 

(439) 

12746.8 

P.I. || m. 

4p,(2 + ) 

(139) 


13 On p. 274. 

68 With the exception of 9050.6 and 10211 cm -1 the numbers given for tho photographic infrared 
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TaHLK 70. INFRARED AND 11AMAN 8PKCTRA OF GASEOUS C 2 D 2 . 


^vacuum* 

observed 

(cm -1 ) 

Band typo 13 

Assignment 

References 

(SOS) 71 

— 

*(11.) 


S39.1 

I. JL v.s. 

F5(Hu) 

(711) (812) 

1044 

1. 1| m. 

i'4+nCS„ + ) 71 

(711) (812) (654) 

1223 

I. 1 w. 

F2-F5 

(812) 

1610 

I. _L v.w. 

3n(IU n 

(812) 

1762.4 

R. 8. 

V2 

(377) 

1926 

I. _L v.w. 

V3— V\ 

(812) 

2157 

I. _L? v.w. 

Fl—i * 

(812) 

2311 

I. w. 

I'2+I'kIIu) 

(812) 

2427 

I. s. 

Vz (<r M + ) 

(812) (654) 

2700.5 

R. 8. 

V\ (<Ty + ) 

(377) 

2940 

I. v.w. 

F3+y4(lIu) 

(812) 

3280 

I. w. 

Fl+F 8 (II„) 

(812) 

5120 

I. v.w. 

vi+vz(U u ) 

(812) 


Cyanogen, C 2 N 2 . From considerations of electronic structure and valence ono would expect 
C 2 N 2 to be a linear symmetrical molecule just as is C 2 H 2 . The fact that no band has been found 
that occurs both in the llaman and infrared spectrum is in support of this, although it does not provo 
it. It would be difficult to prove the linear structure in this case by showing that there arc only five 
rather than six fundamentals, since fundamentals may occur in regions that are not well investigated, 
and since ono of the observed bands usually interpreted as a combination might bo a fundamental. 
However, electron diffraction data of Pauling, Springall, and Palmer (087) favor a linear model. 78 
Even though it appears that a slightly bent structure, like II in Fig. 86, might also be compatible 
with these data, wo shall for the interpretation of the vibrational spectrum assume that C 2 N 2 ia 
linear , as has always been done in the literature. 74 

Table 71 gives the vibrational spectrum according to the most recent data of Reitz and Sabathy 
(737) and Bailey and Carson (78). The assignment of the fundamentals is that due to Woo and 
Badger (950). Objections to this assignment on the basis of specific heat data [Eucken and Bertram 
(311) ] seem to have been cleared up recently [sec Burcik and Yost (184) and Stitt (811) ]. A slight 
difficulty is the great intensity of the Raman line corresponding to vk which is more intense than that 


bands are band origins calculated from the band fine structure. For the bands observed both in the 
infrared and Raman spectrum the more accurate Raman frequencies are given. 

•9 The designation is similar to that for C 2 II 2 (see Fig. 87), which leads to a slight inconsistency 
in our general nomenclature in that for C 2 HI) vi, vt% and vz have the same species and should therefore 
be designated in the order of their frequencies. 

70 Only the line-like Q branch of each of these bands has been measured (in contrast to the other 
photographic bands). The Q branches are very weak and their wave numbers consequently not 
very accurate. 

71 The state v\ + V 5 , according to Table 33, consists of the substates 2 + , A, of which only 
the first combines with the ground state. Similarly, for 2v 6 and 3 f 8 only the components indicated 
in the table combine with the ground state. 

72 This is obtained from the infrared band Vi + vs — 1044 cm -1 . 

78 To be sure, they have based their evaluations right from the start on the assumption that 
it is linear. 

74 An unambiguous proof of the linear structure would be possible if the fine structure of the 
bands were resolved. Thus far this has not been done. 
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corresponding to whereas usually the totally symmetric vibrations are the more intense ones. 7 * 
Another difficulty is the non-oceurreneo of V 2 -J- in the infrared spectrum, although vi — fs 
appears. 


Table 71. infrared spectrum of gaseous and raman spectrum of liquid C 2 N 2 , 
AFTER BAILEY AND CARSON (78), AND REITZ AND 8ABATHY (737). 


^vacuum. 43 observed 
(cm -1 ) 

Type of band 

Assignment 

226 

I. ±?s. 

FsOr,,) 

506 

li. (liquid) s. 


618 

I. _L m. 

V2-VS 

732 

I. II 8 . 

»4+n(S„ + ) 

848 

R. (liquid) m. 

Vt (<r„ + ) 

1026 

R. (liquid) w. 

2F fi (S, + , Ag) 

1102 

R. (liquid) v.w. 

? 

2092 

I. jL w. 

Fi— n 

2149 

I- II 8. 

V.\((Tu + ) 

2322 

It. (liquid) v.s . 75 

vi(<r u + ) 

2562 

I. JL s. 

Fi+Fr,(lI M ) 

2662 

I. Is. 

fj+F4(1IJ 


Ammonia, NH3 and ND3. In previous considerations, when the ammonia molecule was used 
as an example we took the pyramidal structure and the assignment of the fundamental frequencies 
for granted. We shall now review briefly the spectroscopic; evidence that leads to the assumption 
of this structure, and also leads to the proper selection of the fundamentals. In doing this we shall 
treat heavy and light ammonia simultaneously as far as possible. 

The investigation of the rotational Raman and infrared spectra of ammonia (see Chapter I) 
has shown that the NH 3 molecule is a symmetrical top with a permanent electric dipole moment. 
The simplest explanation of this observation is to assume a symmetrical pyramid'll structure with 
the N atom at the top. But it is not the only one. While the observation of the infrared rotation 
spectrum excludes definitely a plane symmetric structure (point group Dzh', see Fig. lb), since for 
such a structure no dipole moment could arise, it does not exclude an unsymmetrical structure in 
which the molecule just happens to have two equal or nearly equal moments of inertia (for example, 
plane unsymmetrical model of point group Czv, or pyramidal unsymmetrical model of point group C«). 
But in this case the molecule would have to have six fundamentals, whereas on the assumption of the 
symmetrical pyramidal structure (point group C 31 .) it would only have four fundamentals, two totally 
symmetric (A 1 ) and two doubly degenerate (E) (see Table 3G). The large number of ordinary 
and photographic infrared bands as well as the Raman bands can, however, bo satisfactorily ac- 
counted for on the basis of four fundamentals. There is no evidence at all of two more fundamentals. 
Thus wo can take the symmetrical pyramidal model as proven . 77 


43 On p. 283. 

75 Daure and Kastler (260) found a Raman line of tho gas at 2330 cm” 1 . Kastler (note added 
to reprint of Daure-Kastler) found a Raman lino of liquid C 2 N 2 at tho same place within their 
accuracy (=fc5 cm -1 ). 

78 This difficulty may be duo to tho fact that tho Raman spectrum was observed in the liquid 
state. 

77 If this had been found for NHj alone it might conceivably have been due to an approximate 
coincidence of two pairs of normal frequencies. But the fact that ND 3 also shows only four funda- 
mentals proves tho point conclusively. 
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In Table 72 arc given the fundamentals of NH 3 and ND 3 as obtained from the infrared and 
Raman spectra. The numbering of the frequencies is that used in Fig. 58 and in Table 38. 80 
According to the selection rules (Table 55) all four fundamentals arc both infrared and Haman active. 
The fact that the degenerate vibrations va and v\ have not been observed in the Raman spectrum is 
in agreement with the usual weakness of Haman linos corresponding to non-totally symmetric vibra- 
tions. At the same time, this consideration together with the fact that the Raman line 3334.2 is 
polarized confirms the correlation of 3334.2 and 950 cm -1 with vi and v% rather than 1/3 and v\ t quite 
apart from the structure of the infrared bands. The weakness of vz of NH 3 in the infrared is perhaps 


TaBLK 72. FUNDAMENTALS OF GASEOUS Nil 3 AND ND3 AS OHSEliVED 
IN HIE INFRARED AND IIAMAN SPECTRA 



NH 3 | 

ND, 


Infrared, 

Raman, 


Infrared, 

Haman, 



^vacuum 

AVvacMium 

References 

^vacuum 

A^vacuum 

References 


(cm -1 ) 

(cm -1 ) 


(cm -1 ) 

(cm -1 ) 


fi(«i) 

3335.91 

3337.5 J 11 S ‘ 

3334.2 v.s. (pol.) 

f (281) (42) 

\ (576) (267) 

2419 || 

2420.0 s. 

(624) (385) 

vzM 

931.581 

934.0\ 

1(785) (42) 

748.61 

(780) w. 

(624) (385) 

908.08 s ' 

964. 3 J m * 

1(576) 

749.0 J 11 

vM 

(3 4 14)™ J_ 

— 

(106) 

2555 X 

— 

(624) 

fi(c’) 

1027.5 _L v.s. 

— 

(106) 

1191.0 ± 


(624) 


less easily understood. It is partly only apparent since vz is overlapped by the strong band pj. 
The value given is obtained from combination bands . 81 A further check on the essential correctness 
of the fundamentals in Table 72 is obtained when they are substituted into the Teller-Redlich 
product rule (II, 313). 

A very notable feature of the totally symmetric fundamentals v\ and V 2 of NH3 is that they aro 
double. For ND3 the splitting occurs for j/ 2 but is much smaller than for NH 3 and is apparently too 
small to bo detected for fi. As has been discussed earlier (p. 221), this doubling is due to the fact 
that there are two equilibrium positions for the N atom at the two sides of the H 3 (or D 3 ) plane 
( inversion doubling). As we have seen previously (p. 222 ), all vibrational levels are split into two 
sublevels, a lower positive and an upper negative level, the splitting being relatively the largest for 
those levels in which the height of the pyramid changes most during the vibration. In the infrared 
the selection rule is + — (see p. 257), hence each band has two components whose separation 

is the sum of the splittings of the upper and lower levels (see Fig. 78) ; in the Raman spectrum, where 
the selection rule is + +» the separation is the difference of the splittings of the upper 

anti lower levels. Thus the two components of a Raman vibrational band should not agree exactly 
with those of the corresponding infrared band. Although such a difference has been observed for 
V 2 (see Table 72), the accuracy of the available Raman measurements is not sufficient to obtain 
from this difference reliable values for the splittings of the upper and lower levels. 

However, the individual splittings can be determined in the following way: The selection rule 
— holds also, of course, for the pure rotation spectrum, and therefore every line of the rotation 
spectrum is double (see the observed spectrum in Fig. 12a, p. 33), the line splitting being again the 
sum of the splittings of the upper and lower states. But hero the splitting is the same in the upper 
imd lower states, and therefore the line splitting is just twice the splitting in the vibrational ground 

78 These two values were obtained by the author by interpolating the band origin between the 
doublets of the P and R branch given by Dennison and Hardy (281). 

79 Not very certain; see Sutherland (826), who suggests 3450 cm” 1 , since it fits much better 
with the isotope relations. 

80 It should be noted that Dennison and his collaborators use a different numbering, exchanging 
v% and vz. 

81 In the earlier literature one or the other of these combination bands at 5053 or 4433 cm ” 1 
was taken to be f s . See the discussion by Howard (459) who first suggested the lower value. 
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state, which is thus found to be 0.66 cm"" 1 . Subtracting this from the splitting of the infrared bands 
vi and V2, wo get the splittings 0.9 and 35.84 cm -1 for their upper states 1, 0, 0, 0 and 0, 1, 0, 0 re- 
spectively. The same splitting of the ground state is also obtained by the observation of the transi- 
tion from the lower to the upper sublevel in the region of short radio waves (0.8 cm -1 ) by Cleeton 
and Williams (215) (see p. 257). From these splittings, as has been mentioned previously (p. 224), 
the height of the NH 3 pyramid has been determined to bo 0.38 X 10” 8 cm. 

In Table 73 are given the wave numbers, band types, and assignments of the considerable 
number of overtone and combination bands that have been observed for NH 3 . The assignments are 
essentially those given by Wu (26). The series of bands vi, 2vi, 3vi, 4vi, 5 pi, 6 vi is most prominent. 
However, since vz is close to vi the bands vi + vz and 2vz overlap 2v \ ; 2vi + vz , v\ + 2^3. '&vz overlap 


Table 73. overtone and combination bands op oaseous NH3. 82 


J'vficuum* 




observed 83 

Band type 

Assignment 

References 

(cm” 1 ) 




629.3 

I. 11 (w.) 

2V2—V>* 1 

(785) 

1922 


R. (w.) I. (v.w.) 

2 *i(,li)“ 

(42) (770) 

2440.1 1 
2472.61 

I. X (w.) 

Vz—V2 Or J/2+^4 80 

(106) 

2861 

! 

I. 11 (v.w.) 

3k 2 (.1 .) 87 

(770) 

3219.1 

It. (w.) [1 11 (m.)] 

2 p 4 [Ai( + 2 £)] 

(576) (106) 

4176] 

42161 

t* 

I. II (ni.) 

V 2 +2i/ 4 [Ai( -\-E) ]? 

(106) 

42691 

4302! 

1* 

I. II (s.) 

P 1 +V 2 CA 1 ) 

(106) 

4433] 
4505 J 

l- 

I. JL (s.) 

vz-)rvz(E) 

(106) 

6053" 

! 

I. X (s.) 

*'3+*'4[(-4l'' + /?] 

(809) (105) 

6016 


I. X (m.) 

vz+vz+viLXA 1 ) +/?]? 

(883) 

65961 
6624 J 

\ 

I. II? (m.) 

2v\{2vz , V 1 +F 3 ) 

(883) 

7665' 

7899 


I. ? (w.) 

P.I. ? (w.) 

| 2 „ 3 +x 2 (A,+A’)? 

(883) 

(899) 

81771 
8202 J 


(P.)I. ? (w.) 

2 i'i+j'iCK)? 

(883) (899) 

8460 ' 


(P.)I. ? (w.) 

2vz +vi(Ai +2E) 

(883) (899) 

9760.4* 

P.I. II (m.) 

3^i(Ai) 

(196) (592) 

10099.7* 

10104.9* 

P.I. II (w.) 

P.I. II? (W.) 

| vi-\-2vz(Ai-\-E) t t 

(196) 

11364 


P.I. X? (w.) 


(75) (592) 

12609.2* 

12619.8* 

P.I. 11 (W.) 

P.I. II (W.) 

| 4vi(Ai), 2 *'i+ 2 i' 3 [Ai( +/£)]. • • • 

(75) (196) 

15440 


P.I. ? w. 

5^i(Ai), 4vi+vz(E), * • • 

(65) (477) 

18150 


P.I. ? (v.w.) 

6 i/i(Ai), 5^i +vz(E), • • • 

(65) (477) 


82 Amaldi and Placzek (42) give two further very weak Raman bands at 2210 and 2270 cm” 1 , 
which are difficult to interpret and of which they themselves say that a confirmation would lie desirable. 

83 The wave numbers with an asterisk are zero lines of the bands, obtained from actual fine- 
structure ana lysis or from definitely identified Q branches. Tho other values are band centers which, 
because of the extent of the bands, are not very accurate. 

84 This is only the transition 2 + 1”. 

85 This is only tho transition 2” 0 + (infrared) and 2“ 0” (Raman) respectively. 

88 Tho latter is tho assignment of Sutherland (826), who takes vz ~ 3450 instead of 3414 
[[Barker (106)]. 

87 This is only the transition 3“ **“ 0+ 
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Svi] and so on. While vi , 2vi, 3vi, • • • are parallel bands, that is, have M z 7 ^ 0 (the upper state has 
species A 1 ; see Table 55) , the bands overlapping them are perpendicular bands, that is, have M « =» 0 
(the upper state has species E ), or they consist of parallel and perpendicular sub-bands. For ex- 
ample, since vi has species A\, vz species E, according to Table 31 the upper state of vi + vz has 
species E , and therefore the corresponding band is a perpendicular band. The upper state of 2v% 
has two sublevels, of slightly different energy and of species A\ and E (see Table 32), and therefore 
the band 2vz consists of two sub-bands, a perpendicular and a parallel one. Thus, in the region of 
6600 cm -1 (2v{), wo would expect two parallel and two perpendicular bands. Similarly, in the region 
of 9800 cm” 1 (3vi), we would expect throe parallel and three perpendicular bands, and in the region 
of 12600 cm” 1 (4v\) four parallel and five perpendicular bands. This explains the great complexity 
and the considerable extent of these “bands.’* They have been analyzed only partly and the band 
origins given for some refer to only one or two of the component bands, mostly of the parallel type. 
Much more work remains to be done before a satisfactory formula for the vibrational levels can be 
developed, particularly since resonance between certain sublevels of the states 3 fi, 2vi + vz, vi + 2vz, 
Svz and similarly 4vu 3vi + vz, ' • * will be quite important. 

For ND 3 apart from the fundamentals, only the difference bands 2 v2 — V 2 , 3^2 — V 2 , 3i>2 — 2v 2 , 
4v2 — 2v 2 and 4v 2 — Sv 2 have been observed [Migeotte and Barker (624) ]. Instead of giving these 
explicitly we give in Table 74 the energy levels 0, v 2 , 0, 0 of both NH 3 and ND* as far as they have 


Table 74. energy levels 0, v 2 , 0, 0 of NII 3 and ND 3 according to dennison (280). 


Level (v 2 ) 

NH 3 

nd 3 

G{ 0, v 2 , 0, 0) cm” 1 

G( 0, v 2t 0, 0) cm” 1 

0+ 

0 

0 

0“ 

0.66 

^0 

1+ 

932.24 

745.6 

1” 

968.08 

749.0 

2+ 

1597.4 

1359 

2” 

1910 

1429 

3+ 

2380 

1830 

3” 

2861 88 

2113 

4 + 


2495 

4” 


2868 


been observed, according to Dennison (280) [see also Sheng, Barker, and Dennison (785)]. For a 
few of the levels, data on the ultraviolet absorption spectrum by Benedict (136) have been used. 

Migeotte and Barker (624) have also obtained the fundamentals v 2 of NH 2 D and NHD 2 at 894 , 
874, and 818, 808 cm” 1 respectively, showing intermediate values of the inversion splitting. 

Trihalides of phosphorus, arsenic, antimony, and bismuth. Thus far only the Raman spectra 
of the trihalides of phosphorus, arsenic, antimony, and bismuth have been investigated, and these 
only in the liquid state [PF 3 by Yost and Anderson (968); PC1 3 and PBr 3 by Braune and Engel- 
brecht (176), Yenkateswaran (895), Cabannes and ltousset (191), Nielsen and Ward (670); AsF 3 by 
Yost and Sherborne (973); AsC 1 3 and AsBr 3 by Braune and Engelbrecht (176), Yost and Anderson 
(969), Brodskii and Sack (182) and Cabannes and Rousset (191); SbCl 3 by Braune and Engelbrecht 
(176) and Gupta (406) ; BiCl 3 by Bhagavantam (144)]. All these molecules show four fairly strong 
Raman lines which have been given in the previous Table 38. The occurrence of just four Raman 
lines is best explained by the assumption that these molecules, like NH 3 , form symmetrical pyramids 
(point group C 3 »), since in this case we have to expect just four fundamentals which are all Raman 
active. If the molecules had a plane symmetrical form (point group Dzh) there would also be four 


88 This level has not been given by Dennison, but follows from the assignment of the infrared 
band at 2861 cm” 1 in Table 73. 
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fundamentals but only three would be Raman active. Thus, this latter model is excluded. 89 An 
unsymmetrical model is, of course, extremely unlikely, but such a model is not easily eliminated 
on purely spectroscopic reasons. It would lead to six Raman active fundamentals, but two might 
bo weak and a few additional very weak Raman lines have indeed been found for some of the com- 
pounds. However, the state of polarization of the Raman lines is also in agreement with the sym- 
metrical pyramidal model, two Raman lines being partly polarized, the other two completely de- 
polarized. The fact that reasonable values for the force constants and the valence angles are obtained 
on the assumption of this model (sec Tables 38 and 43) is further proof for it. Finally, it has been 
confirmed for some of the molecules by electron diffraction experiments [see Brockway (179)]. 

The degree of depolarization of the Raman lines has, of course, also been used to decide which 
observed frequencies correspond to the totally symmetric (p n < r) and which to the degenerate 
normal vibrations (p„ = t). 


Boron trifluoride, BF3. The two most plausible models for BF3 are the pyramidal and the plane 
symmetrical form (point groups C iv and D ih respectively). In both cases, there would bo four 
fundamentals, of species 2Ai + 2 E in the first and A\' + M” + 2#' in the second case (see Table 
36) , but, according to Table 55, in the first case all four would be active in both the infrared and 
Raman spectrum, whereas in the second case, the (only) totally symmetric vibration (species A 1') 
would be inactive in the infrared, the antisymmetric vibration (species A 2 ") would be inactive in 
the Raman effect. Observation shows three infrared-active fundamentals [Oage and Barker (344)] 
and two strong Raman lines [Yost, DeVault, Anderson, and Lasettre (970)], only one of which 
coincides with one of the infrared bands. While this result favors the plane model, it might be 
argued that the fourth fundamental (which gives the strongest line in the Raman spectrum) is weak 
only and not missing in the infrared, and thus the pyramidal model might still be correct. 

However, unambiguous proof for the plane model (excluding at the same time all unsymmetrical 
models) comes from the isotope effect. Boron has two isotopes B 10 and B 11 , of abundance ratio 1 : 4. 
For the pyramidal model (as well as for any unsymmetrical model), the B atom has a non-zero ampli- 
tude for any one of the normal vibrations and therefore every fundamental should be a doublet 
consisting of bands of relative intensity 1:4. In a plane model, as a glance at Fig. 63 shows, the 
B atom does not move in the totally symmetric vibration iq(Ai'), and therefore this vibration, unlike 
the other three, should not show an isotope splitting. Actually, it. is found that while the three 
infrared-active fundamentals are such isotopic doublets with the correct intensity ratio, the one 
Raman active fundamental (888 cm -1 ) that does not appear in the infrared is single, thus proving 
the plane model and at the same time identifying the Raman line at 888 cm -1 as the totally symmetric 
fundamental v\. 

The assignment of the other observed fundamentals (Table 75) to the normal vibrations of 
Fig. 63 is simple on the basis of the previous isotope relations (Chapter II, section 6). From (II, 313) 
we have: 

CQ2(H 10 Fa) 

W2(B 11 Fj) 


■4 


m rii win 10 + 3m jt _ 

mijio ran 11 + 3mp (a>3a>4)B n F3 


(III, 65) 


The only pair of frequencies (see Table 75) that gives the proper ratio for —• is 719.5 and 091.3 

cm” 1 , giving the ratio 1,0408, whereas the value of the square root is 1.04087. Ihe other two 

frequencies 90 give = 1.039. The overtone and combination bands are easily interpreted on 

V3V4 

the basis of these fundamentals and the selection rules of Table 55. They are given in Table 75. 
It is noteworthy that the second overtone 3g 2 of the antisymmotric vibration v% seems to be present, 
whereas 2 vt is absent in agreement with the selection rules of the plane model (2 >ja) but of no other 


model. 

As has been pointed out previously (see Table 44 and accompanying discussion), the application 
of the valence force system leads to a satisfactory representation of the observed fundamentals of 
BF3 with reasonable values of the force constants, if the plane model is assumed. 


89 While it might be that a molecule with three Raman-activo fundamentals has four fairly 
strong Raman lines because of Fermi resonance (see p. 266), it would appear to lie impossible that 
such a resonance would occur for a whole group of molecules. 

90 The smaller of the two is by definition vt, the larger V 3 . v* of B 10 Fs is less accurately measured. 
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In a way similar to the above, the molecules BC1 3 and BBr 3 have been found to have the plane 
symmetrical structure. Their fundamentals are given in the previous Table 44 (for references, see 
Table 78). For all three boron halides, this structure has been confirmed by electron diffraction 
experiments [see Pauling (17)] and for BF 3 and BC1 3 also by measurements of the dielectric constant 
which show that the dipole moment is zero [see Ncspital (651) and Linke and llohrmann (580)]. 


Tad lb 75. infrared and raman spectra of gaseous BF 3 . 


^vacuum? C 
(cir 

B ll F, 

>1 .served 43 
i->) 

b 1o f 3 

Band typo 

Assignment 

References 

480.4 

482.0 

I. (s.) R. (m.) 

*4(0 

(344) (970) 

691.3 

719.5 

I. (8.) II 

F2(« 2 ") 

(344) 

91 

711.3 

I. (W.) 

*2+*4““ *4 

(344) 

888 

888 

R. (s.) 

Fi(ai') 

(970) 

1178 j 

I. (w.) 

792 

(91) 

1445.9 

1497 

I. ( v.s.) 

*3(0 

(344) 

1831 

1928 

1 . (w.) 

*3 +Pa(E / ) [or *1+2*4 (E')2 

(91) 

2058 

I. (w.) 

3*2 (;1 2 ") 

(91) 

2250 

T. (w.) 

vi+pAE') [or 2 *i+* 4 (/0] 

(91) 

2903.2 

3008.2 

I. (w.) 

2*3(20 

(344) 

32G0 

[ 

I. (w.) 

2* 1 -f* 3 (£') ? 

(91) 


Phosphorus, P 4 . Up to now, only the Raman spectrum of the P 4 molecule has been investi- 
gated, [Vcnkateswaran (890)]. Three Raman shifts: 3G3, 4(i5, and GOG cm -1 have been found in the 
liquid. 92 * 4 The lines corresponding to the first two shifts are completely depolarized; that is, they 
correspond to non-totally symmetric vibrations, whereas the lines with a shift GOG cm -1 , which are 
the most intense, have a degree of depolarization p n — 0.05 (which is 0 within the accuracy of 
the measurements). 

One would expect the P atoms in the P 4 molecule to bo equivalent. The only models for which 
this would be the case are the plane square model (point group D 4 a) and the tetrahedral model (point 
group To). In the first, case there would bo (see Table 30) five fundamentals, one each of species 
A i f/ , /fiff, B\it, E u , of which the three even ones (g) would bo Raman active (Table 55). In the 
second case there would bo only three fundamentals of species Ai r E, and F 2 , all of which would 
be Raman active. Thus, in both cases, three Raman lines are to bo expected for each exciting lino; 
two of them should be depolarized, as observed. 

An unambiguous decision between the two models on a spectroscopic basis would only be possible 
if the infrared spectrum were investigated, since with the first model no infrared band should coincide 
with a Raman band, whereas, in the second case, the only infrared-active fundamental (species F 2 ) 
should agree with one of the two depolarized Raman lines. But there arc two arguments based on 
the available Raman data only which strongly favor the tetrahedral model, even though they do 
not definitely prove it: (1) For this model the degree of depolarization of the Raman lino correspond- 
ing to the totally symmetric vibration should be zero (sec p. 271), as it seems to be, whereas for the 
plane square model it would have a value between 0 and 7 . (2) On the basis of the central force 

system the ratio of the frequencies for the tetrahedral model should bo 1 : ^2 : 2, with the totally 
symmetric vibration highest [see equation (II, 177)], whereas for the square model [on the basis 


43 On p. 283. 

91 Overlapped by CO 2 absorption. 

92 This band would fit *2 + *4 but since the upper state would have species a 2 "*c' 1=5 E" (see 
Table 31), this combination is forbidden according to Table 55. It has not been found by Gage 
and Barker (344). 

na Venkateswaran has found these shifts also in solid yellow phosphorus, and the last two in 
phosphorus vapor. 
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of valence forces; seo Kohlrausch (14)] the totally symmetric vibration should have approximately 
the same frequency as one of the other Raman-active vibrations. The actual fundamental fre- 
quencies do at least approximately fulfill the first condition. Bhagavantam and Venkatarayudu 
(153) have treated the tetrahedral model on the basis of the valence force system, which gives an 
even better representation of the frequencies than the central force system since two (rather than one) 
force constants are used. The investigation of the electron diffraction by phosphorus vapor [Max- 
well, Hendricks, and Mosley (G06)] has led very definitely to the conclusion that the molecule is 
tetrahedral. 

Formaldehyde, H2CO and D2CO. The formaldehyde molecule has always been assumed to 
have the plane symmetrical Y form (point group C 2w ; see Fig. 24), although a priori (except for 
considerations of directed valence) a pyramidal form with only one plane of symmetry (point group 
Ci) would also appear to be possible. However, the latter form is definitely excluded by the observa- 
tion of an intensity alternation (3 : 1) in the rotational structure of the infrared and ultraviolet 
bands [see p. 479f. and (288)]. On the basis of the vibrational spectrum of H 2 CO alone, it would 
be difficult to arrive at such a decision, since for both models all six fundamentals (seo Fig. 24) aro 
active both in the infrared and Raman spectrum (seo Table 55). While there would be some differ- 
ences between the two models in the infrared activity of the combination vibrations and in the 
polarization of the fundamentals in the Raman spectrum, the available data 93 do not allow a decision 
on this basis. The only evidence from the available data on the vibration spectrum that definitely 
favors the plane model is that the product relations (see Chapter II, section G) applied to the ob- 
served frequencies of H 2 CO and D 2 CO are well fulfilled on the assumption of the plane model. In 
what follows we shall assume this model. 

Seven fairly strong infrared absorption bands have been observed for II 2 CO as well as D 2 CO 
by Nielsen (662) and Ebers and Nielsen (295) (29G). The wave numbers of these bands are given 
in Table 76. One of them must be a combination or overtone band. Since only two C — H (C — D) 
sti etching vibrations are expected (seo p. 190), one of the three high-fiequcncy bands must bo the 
combination or overtono band, and it is natural to choose the weakest of the three, which has tho 
shortest wave length. Its frequency is indeed very nearly double that of the band at 1503 cm -1 
for II 2 CO and 1105.7 cm -1 for D 2 CO . 94 Thus the six remaining strong bands must bo the funda- 


TaIILE 76. INFRARED VII1RATION SPECTRUM OF GASEOUS HoCO AND D 2 CO 
AFTER EH E ItS AND NIELSEN (GG2) (295) (29G). 


Assignment 

Type of band 

IlaCO Pvucuum 95 

I)*CO P vacuum 

F6(& 2 ) 

I. 1 s. 

1167 95 ” 

938 ,J5b 

Ffi(5l 

I. ± s. 

1280 9611 

99095b 

F3(«l) 

i. ii*. 

1503 

1105.7 

F 2 («l) 

I. II v.s. 

1743.6 950 

1700 

2f„(Ai)? 

I. 1 1 w. 

208 1 98 

— 

viM 

1. 11*. 

2780 

2055.8 

V\ (&i) 

I. _L v.s. 

2874 

2159.7 

2v 3 (A\) 

I. II s. 

2973 

2208 


98 The Raman spectrum of aqueous solutions of H 2 CO which has been investigated is of no help 
here, since H 2 CO certainly does not remain unchanged in solution. 

94 It would also fit v% + vs, but this would be a ± band whereas the observed band is a || band. 

95 For H 2 CO, Salant and West (759) give in addition the weak bands 4590, 5240. 5430, 5650, 
6940, 7140, 8000 cm” 1 measured under low dispersion. They are easily interpreted as v\ + ?2 (or 
P 2 + F4>, fi + 2fb, 2fi, 2p4, 2pi + vs, 2 va 4* vz, Svi respectively. 

9Btt Ebers and Nielsen give 1165 and 1278 cm -1 for these bands. However their values do not 
refer to the zero lines but to the first lines of the P branches. 

9Bb These values are not zero lines but refer simply to prominent features of tho bands. 

900 This is the value given by Nielsen (662) (corrected for vacuum). In the paper by Ebers and 
Nielsen (296) the value 1750 is given instead. 
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mentals, if it is assumed that there are no further strong infrared hands beyond the region investi- 
gated. Of the two high-frequency fundamentals, the parallel-type hand corresponds obviously to 
the symmetrical C — II stretching vibration v\ % the perpendicular-type band to the antisymmetrieal 
C — H vibration vk (see Fig. 24). The two low-frequency fundamentals are naturally assigned to 
the two bending vibrations v$ and v&. Of the remaining two parallel vibrations, the higher one, 
which shows only a small isotope shift, must bo considered as the vibration v*, which is essentially 
a O — O vibration, whereas the other, with a large isotope shift, is the C — II bending vibration y 8 . 
The great intensity of the first overtone 2i/ 3 of v 3 is probably due to Fermi resonance with v\ (see p. 266). 

Using the valence force relations for the frequencies, (II, 214)-(II, 219), Ebors and Nielsen 
have obtained, from the assumed fundamentals of II 2 CO, values for the force constants which appear 
to be quite reasonable. In addition, using these force constants, they have calculated the funda- 
mentals of D 2 OO, with results in fair agreement with the observed. While this is a fairly strong 
argument in favor of their choice of fundamentals, it must be pointed out that the electronic band 
spectrum seems to lead to different frequencies for the bending vibrations vb and v 3 [see Herzberg 
and Franz (435), Gradstein (397), Sponer and Teller (802), and footnote 90)]. 

Hydrogen peroxide, H2O2. A number of different models have been suggested at one time or 
another for the II 2 O 2 molecule. Up to now, the investigations of its spectrum, because of great 
experimental difficulties, have not led to an unambiguous result as to its structure. But these 
investigations do rule out definitely some of the proposed models and make others unlikely. Table 
77 gives the observed Raman spectrum of the liquid [Simon and Feher (791)] and the infrared 
spectrum of the vapor [Bailey and Gordon (88), Zumwalt and Gigucre (977)]. It is seen that the 
two strongest Raman lines occur also as infrared bands, proving that the H 2 O 2 molecule does not 
have a center of symmetry (see p. 250), 97 This excludes definitely the linear symmetric and the bent 
model of point group C 2 * (I and II in Fig. 86 for acetylene). Three other models that have been 
suggested are given in Fig. 88. Since the degree of depolarization of the Raman lines other than 877 
cm -1 and the type of the infrared bands is not known, it is not possible to decide between these 
three models on the basis of the vibration spectrum alone. According to Penney and Sutherland 
(091), the third model (c), in which the H atoms are in two different planes through O — O approxi- 
mately at right angles to each other (point group C 2 , see Fig. 2a), is strongly favored by the theory 
of directed valence; however, according to Ilellmann [p. 2G7 in (7)] model (b) is equally possible 
according to this theory. Bailey and Gordon (88) have interpreted the available data on the basis 
of model (c). They obtained reasonable values for the force constants, assuming valence forces. 


TaULF. 77. INFRARED AND RAMAN SPECTRA OF II 2 O 2 . 


^vHcuimn vapor 
(infrared) (cm -1 ) 

APvaruum» liquid 
(Raman) (cm -1 ) 

Assignment 
(Bailey and Gordon) 

References 

870 (m.) 

877 (v.s.) (pol.) 

va(o) 

(88) (893) (2G2) (791) 
(895) 


903 (v.w.) 

spurious 

(893) 

1370 (s.) 


vt(b) 

(88) 


1408 (w.) 

Vi(a) 

(791) 


1435 (w.) 

V 2 ( 0 ) 

(791) 

2869 (m.) 


v\(a) 

(88) 

3417 (s.) 

10283.7 (v.w.) 

3407 (m.) 

V6(&) 

(88) (791) 

10291.1 (v.w.) 

) 

3 vb(B) 

(977) 


96 This band, while not mentioned by Eliers and Nielsen (295), was found by Patty and Nielsen 
(G84) and according to a private communication by Nielsen is still considered by him to be a genuine 
H 2 CO band. However, its suggested interpretation as 2v& requires a suspiciously large anharmonic 
term arcs. 

97 For the liquid the infrared spectrum gives complete numerical agreement of the two frequencies 
[see Bailey and Gordon (88)]. 
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Their assignments are given in the third column of Table 77. Hut these assignments must bo 
considered as decidedly tentative. 



Fio. 88. Suggested models of H 2 0 2 . — (e) is non-planar, seo Fig. 2(a). 


More recently Zumwalt and Gigu^ro (977) have investigated the fine structure of two photo- 
graphic bands on the basis of which they consider both model (a) and model (b) excluded. However, 
tr.oir published photometer curve does not appear very convincing. They have interpreted the 
occurrence of two equally intense bands, close together, as due to ail inversion doubling, which would 
only be possible for model (c). 


Table 78. further four-atomic molecules . 63 




Structure 

References 

Molecule 

Point 

group 

Description 

Raman 

spectrum 

Infrared 

spectrum 

C 2 I 2 

Co,. 9 " 

non-linear in solution (?) 

(377) 

(304) 

ph 3 , pd 3 

Cu 

pyramidal, 

(732) (968) (459) 

(740) (338) (572) 

AsII 3 , AsD 3 

Ci v 

valence angle 99° ,J,J 
pyramidal, 

(421) (830) 

(450) (830) (273) 

(074a) (572) 

NFt 

c 3u 

valence angle 97.5° 
pyramidal, 

(421) 

(U2) 

cio,-, Bror, ior 

Civ 

valence angle ? 110° 
pyramidal, 

(784) (545) (750a) 

(083) (21) 

BCla, BBr 3 

Dih 

valence angle 89° 
plane symmetric 

(52) 

(195) 

S<) 3 

D, h 

plane symmetric (?) 

(350) 

(348) 

NOsT, C( V 

Dih 

plane symmetric. 

(707) (49) (720) 

(765) (764) (928) 

Cl 2 CO 

Cl V 

plane symmetric 

(037) (199) 

(545) 

(48) 

(89) (852) 

C1*CS 

C*, 

plane symmetric 

(844) 

(852) 

f 2 so, Cl 2 SO 

c a ? 

pyramidal 

(142) (003) (890) 

(887) 

S 2 C1 2 

Cl 

(like II2O2) ? 

(035) 


n 3 h 

Cs 

plane, N 3 group linear 

(306) 

(438) (268) (318) 

HNCO 

C. 

(?) 

(394) 

(319) (18 8) 
(445) 

( nc \ ) 

Civ 

(?) 

(14) (10) (299) 


V N> / 

hno 2 

? 

(?) 

(325a) 

(476a) 


63 On p. 287. 

m y er y probably this molecule is linear in the gaseous state but a change of structure or a viola- 
tion of Raman selection rules occurs in solution, the only state investigated. 

09 Stevenson (806) obtained an angle of 93° from the spectroscopic value for one of the moments 
of inertia and an assumed value for the P — H distance. 
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Tho Raman spectrum of D 2 0 2 has been investigated by Fcher (320), who found the three shifts 
2510, 1009, and 877 cm” 1 . Tho agreement of the last of these with the H 2 0 2 frequency 877 cm -1 
proves that this frequency corresponds mainly to an O — O oscillation. 

Other four-atomic molecules. In Table 78 are given the structures of several further four- 
atomic molecules, as well as references to the more recent work on their Raman and infrared spectra 
on which tho conclusions as to the structures arc based. It should again be noticed that molecules 
with the same number of external electrons have tho same geometrical structure. For example, 
the ions N0 3 “ and C() 3 — as well as the SO* molecule have the same plane symmetrical 
structure (Z) 3A ) as the isoelectronic molecules BF 3 , BC1 3 , BBr 3 . CIO*" Br0 3 ” I0 3 ” have the samo 
pyramidal structure as the isoelectronic PF 3 , AsF 3 . A number of morc-than-four-atomic molecules 
may for certain purposes be considered as four-particle systems, for example N(CH 3 ) 3 , P(CH 3 ) 3 , 
As(CII 3 )*, HC(CH 3 )j, Al(OH*) 3f HCC1 3 , and others [see Kohlrauseh (14) and the more recent work of 
Feh6r and Kolb (321), Rosenbaum and Ashford (744), and Rosenbaum, ltubin, and Sandburg (745)]. 


(c) Five-atomic molecules 

Carbon suboxide, C 3 0 2 . Electron diffraction data [Brockway and Pauling (181), Boersch (157)] 
point to a linear symmetric form for the f 1*0* molecule, whereas the observation of a small (non-zero) 
dipole moment favors an asymmetrical structure [Lo Ffcvre and Le F&vro (573) ]. Valence considera- 
tions strongly favor the linear model and 


(I) 


-8 


therefore, despite the contrary evidence of 
the dipole measurements, it is usually used 
as a basis for tho interpretation of tho 
spectrum. Unfortunately, the available 
Raman and infrared data [Englcr and Kohl- 
rausch (306), Lord and Wright (590)] are 
not sufficiently complete to decide tho ques- 
tion unambiguously. 

Since it appears that the electron diffrac- 
tion data are also compatible with one of tho 
bent forms II (point group C-zh) and III 
(point group C* P ) of Fig. 89, we shall include 

them with the linear model (I in Fig. S9, point group D<„h) in. at least part of our discussion. For 
the three models the number of vibrations of the various species and their activities (I. = infrared 
active, R. = Raman active) are (sec Tables 35, 30, and 55): 



I (Z)^) : 2 23,+(R.) f 2 S tt + (I.), 1 II,(R.), 2 II«(I.). 

II (C 2/l ) : 3 A g ( R.) f 2 A„(I.), 4 7?«(L). 

Ill (C 2r ) : 4 Ai(I., R.), 1 A 2 (R.), 3 77,(1., R.), 1 Z? 2 (I., B-). 


Here the numbers in front of tho symbols are the numbers of normal modes of the particular species. 
For models I and II, since there is a center of symmetry the rule of mutual exclusion should hold. 
Actually there are two fairly close coincidences: the Raman lines 1114 and 2200 and the infrared 
bands 1126 and 2190 cm -1 . It is very doubtful whether the difference is outside the limits of error 
and therefore, at any rate, it is not possible to exclude model III on the basis of tho rule of mutual 
exclusion. 

Five R am an lines have been observed (see Table 79). On the basis of models I and II only 
three fundamentals are Raman active. Therefore two of the Raman lines must be overtone or 
combination bands if one of these models is correct. This assumption is not necessary for model III, 
for which all fundamentals are Raman active. This point favors model HI somewhat, since there 
does not seem to be a Fermi resonance which could make plausible the relatively high intensity of 
the overtone or combination bands in the Raman spectrum. On tho other hand, the observed 
infrared spectrum can be represented by means of four (infrared-) active fundamentals, in agreement 
with model I, whereas models II and III would have six and eight active fundamentals respectively. 
Also, Englcr and Kohlrauseh (306) carried out calculations for model I on the basis of a generalized 
valence force system and, using tho Raman frequencies, the only frequencies then available, predicted 
the infrared-active fundamentals, which turned out to be in rough agreement with those later ob- 
served by Lord and Wright (590). To be sure, similar calculations have not been carried out as yet 
for the other two models. 
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While there is thus no particular point in favor of model II, it seems that the spectroscopic 
arguments for model III have about as much weight as those for model I. Further investigations, 
with higher dispersion, and including polarization measurements of the Raman lines, will be necessary 
to settle this question definitely. 



Fia. 90. Normal vibrations of (a) linear and (b) bent C 3 O 2 (schematic). 


In Fig. 90 the expected normal modes for models I and III are given schematically. The threo 
vibrations v&, ve, and V 7 of the linear model are doubly degenerate. A final assignment of the observed 
infrared and ltaman bands (Table 79) to the fundamentals of Fig. 90 is not yet possible. In Table 
79, three different assignments are given, two based on the linear model (I) and one based on the 
bent model (III). The assignment of the high-frequency fundamentals is fairly uniquo: the fairly 
strong Raman band 2200 cm " 1 must be the symmetric C=0 stretching vibration vi (in either 
model), since its frequency is very similar to that of 1/3 of OO 2 . The strong infrared band 2290 
cm " 1 must be the corresponding antisymmetric 0=0 vibration v 3 in model I and in III (compare 
the similar situation in C 2 H 2 ). Similarly, the strong Raman and infrared band? 843 and 1570 cm -1 
must be the symmetric and antisymmetric C=C vibrations v* and v\ of model I and v*i and vt of III . 100 

100 These two frequencies may bo compared to the similar pair of C=C vibrations in H 2 C==C==CH 2 
which are 1071 and 1389 cm" 1 . 
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The assignment of the bending vibrations is mueh less certain. On the linear model, the third 
strong liaman line 58 6 cm -1 must bo interpreted as *>&. It is difficult to understand why this non- 
totally symmetric vibration should be so strong in the liaman effect. This difficulty docs not appear 


Table 79. raman spectrum of liquid and infrared spectrum of gaseous C 3 O 2 after 

ENULEU AND KOHLUAUHC'H (300) AND LOUD AND WIIIGIIT (590). 




Assignments 101 

p, 

observed 

Band type 

Model I 


(cm -1 ) 



Model III 


Lord and Wright 

ilerzberg 

Herzberg 


544 

I. <s.) 

4vi— V 7 DL *] 102 

2j/ 7 — 1/7 [ii«U 102 

V9+V&—V& [B 2 ] 

557 

I. (v.s.) 

3^(11 u) 

V7(t u ) 

1 * 9 ( 52 ) 

586 

It. (s.) 

VbiTTg) 

Vb(TT a ) 

Vi(ni) 

637 

I. (s.) 

V‘2— V7[II U ] 

Pb(7Tu) 

va(<i\) 

779 

I. (m.) 

v r ,+MX,+) 

I/ 4 — P2[2« + ] 

V0+Pb(lil) 

843 

It. (s.) 

V2(<rg + ) 

M<r a + ) 

V2(ai) 

889 

I. (m.) 

V<l+V 7 — P7[Hu] 

F 4 +P 7 — F 7 —F 5 DU] 

Ps— F 5 D& 2 ] 

909 

I. (m.) 

VdilTu) 

|/4-P 6 [lI„] 


1024 

I. (w.) 

P2t-F7(n tt ) 

2*'5+*/B--*'2[II u]? 


1114 

It. (w.) 

r.+i'rCV', A„) 

2^(S„ + )) 


1120 

I. (w.) 

3^+n(Su + ) 

f I/5+»/7(S tt + ) > 

\2F2-F7[n u ]J 

vs(hi) 

1176 

It. w.) 

2n,(S„+, A 0 ) 

2» S (S„ + , A„) 

2v*(A 1 ) 

1225 

I. (v.w.) 

v2+n -V-,[2 U + '] 

»e+>-6(2« + ) 

F3+F4(A 4 ) 

1387 

I. (m.) 

j/ 7 -i-2j/ 6 (lI«), V2+3*/ 7 (1Iu) 

F2+F7(II«) 

V2-\-Vy(B 2 ) 

1470 

I. (w.) 

F«+*'6(2 tt + ) 

V 2 + p#( 1I u) 

F*+F|(Al) 

1570 

I. (v.s.) 

Vi((T u + ) 

Va(<Tu + ) 

VlQ>\) 

1670 

I. (m.) 

IV2+V7+V!>('2 U + ) 

\3i/ 7 +2i/ r ,(II u ) 

3j/ 7 (1Iu) 

3|/ 9 (B 2 ) 

1760 

I. (m.) 

V'l -b*/fl(llu) 

21/5+^7(11 u) 

Pfi +V7(B 2 ) 

1850 

I. (w.) 

( 21 / 2 + 1 / 7(11 U ) 
1I/3-2I/7DS.+ ] 

2fb+F6(II «) 


1980 

I. (w.) 

P7+2i/ 6 (1U 

3v 6 (n u ) 

V2+Vs(Bi) 

2190 

I. (a.) 

PB +2i/5(II «) 

/2l/2+P7(IIu)] 

1 P4+P5(II«)> 

vi(ai) 

2200 

It. (m.) 

vi (<To + ) 

V\(<T a + ) ) 


2290 

I. (v.s.) 

Vi(<Tu + ) 

P3(<r« f ) 

v*(ln) 

2410 

I. (s.) 

f*/|+*/ 7 (IIu) 

U +^cs« + ) 

P2+P4(S U + ) 

v 2 +v a (Ai) 

3150 

I. (m.) 

Jfi+f*(Hm) 

\ V'i + u 1 ) 

P2 + ^3(S « + ) 

V2+V<l(Bi) 

3380 

I. (w.) 

*/4+2*/6(S„ + ) 

2i/ 2 +i/4(S„ + )? 

i/ 8 +i/ 3 (Bi) 

3790 

I. (m.) 

,/i+i/4(2:« + ) 

^1+^4(S m + ) 

pi+*/ 4 (Ai) 

4590 

I. (w.) 

fi+p 3 (S u + ) 103 

Pl+*'3(S« + ) 103 

2p 6 (Ax) 


101 It should bo noted that our numbering of the perpendicular vibrations of the linear model is 
different from that used by Engler and Kohlrauseh and by Lord and Wright, but is consistent with 
our general practice (see Fig. 90). For difference bands the symbol added in square brackets is not 
the species of the upper state (as for the other bands) but the species of the transition moment. 

102 On the linear model this may also be the maximum of the P branch of 3 1^7 and vi respectively 
whose R branch then would be at 557 cm” 1 , the separation being of the right order of magnitude 
[see Lord and Wright (590) ]. 

103 This band would fit much better as 2 X 2290 = 2v$. But such a transition would be for- 
bidden according to the linear model. This is another argument against the linear model. 
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on the basis of model III. For the other two perpendicular vibrations, pq and 1 / 7 . of the linear model 
Lord and Wright (590) have given two alternative assignments: v-i ~ 200 cm" 1 , pq = 550, and 
pi « 190, pq = 909. The low value of P 7 was based on a theoretical estimate of Engler and Kohl- 
rausch (300). For both choices of p% and P7, Lord and Wright have been able to assign all other 
observed infrared bands. The second of these assignments is given in Table 79. However, in 
both assignments the very strong infrared band at 037 cm -1 has to be interpreted as p 2 — V 7 , whereas 
P 2 + P 7 (which should be stronger than p 2 — pi) is very much weaker (about iV). An assignment 
(based on the linear model) that is not open to such a serious objection is also given in Table 79. 
It assumes that the two very strong long-wave-length bands at 557 and 037 are the two fundamentals 
P7 and Pi lespectively. The conclusion of Engler and Kohlrausch (30G) on which Lord and Wright’s 
assignment is based, that V7 should be much smaller than pb and pq, was obtained under the implicit 
assumption that there is no appreciable interaction between the O — () — C and O — O — () angular 
displacements. However, the similar assumption for C 2 H 2 would lead to pb being smaller than 
whereas a dually it is found to be larger [see Childs and Jahn (200) ]. In addition, Engler and Kohl- 
ruuseh assumed, for want of further information, that the C — C — C bending constant is the same as 
tl d C — C — O bending constant, which is certainly an exceedingly rough approximation. There is 
dierofore no need to assume that p 7 must be as low as 200 cm -1 . 

The assignments of the deformation vibrations based on the bent model (III) given in Table 79 
must bo considered as only tentative. 

Methane, CH 4 and CD 4 . It is usually taken for granted that the four II atoms in CIi 4 form a 
regular tetrahedron whoso center is occupied by the O atom. This assumption is usually based on 
elementary concepts of valence [see, for example, Van Vleek (88*1)]. However it is very strikingly 
confirmed by the structure of the infrared and Kaman spectra. As we have seen in Chapter I, 
section 3, CH 4 does not exhibit a rotational Raman spectrum as does, for example, NH 3 . This is 
only compatible with the tetrahedral model , since only molecules of cubic symmetry have no rotational 
Raman spectra, and since the tetrahedral model is the only possible model of cubic symmetry 
(see p. 42). 

This model is further confirmed by the vibration spectrum. Of the three observed Raman bands 
[Dickinson, Dillon, and Rassetti (2.X7), Mac* Wood and Urey (594)], Ap = 2914.2, 3022, 3071.5, 
the most intense one (2914.2) is completely polarized [Bhagavantom (140)], which again can in 
general occur only for a cubic point group. 104 As discussed previously (see p. 140), a five-atomic 
tetrahedral molecule has only four fundamentals, a totally symmetric (Ai), a doubly degenerate (E), 
and two triply degenerate (Fj) vibrations (see Fig. 41). According to Table 55 all fom are Raman 
active but only the two triply degenerate vibrations p* and v\ are infrared active. It is very significant 
that the infrared spectrum of CH* shows two (and only two) extremely intense bands [see Cooley 
(229), Dennison (270) (2S0)] at 1300.2 and 3018.4 cm -1 and that all the other much weaker infrared 
bands can be interpreted on the basis of these two active fundamentals and two inactive fundamentals. 
If OIL were plane and symmetrical (point group Z) 4 a) or pyramidal 105 (point group C 4 „) there would 
be three and four active fundamentals respectively. Furthermore, one ot the infrared-active funda- 
mentals (3018.4 cm -1 ) is also Raman active (3022 cm -1 ), which would be quite incompatible with a 
plane symmetrical model (D\h) for which the rule of mutual exclusion holds. The rotational struc- 
ture of the bands supplies further confirmation for the tetrahedral model (see Chapter IV). 

According to the above the identification of the three fundamentals v\, vs, vt (Fig. 41) is immedi- 
ately given . 106 Similar reasons also lead to the identification of these three fundamentals in CD 4 . 
For both molecules tho fundatnentals are given in Table 80. The fourth frequency p 2 cannot be 
identified with tho third weak Raman band (3071.5 cm -1 for CII 4 , 2108.1 cm -1 for CD 4 ) : first, because 
this frequency, on account of the form of the vibration involved (Fig. 41), cannot bo as high as those 
of the C — H(C — D) stretching vibrations p\ and p 3 ; and second, because in the infrared spectrum of 
CII 4 , combination bands of the active fundamentals with an inactive vibration of frequency 1520 cm -1 

104 To be sure, polarization measurements are usually not very accurate and even for a non-cubic 
point group a vibration may have a very low degree of depolarization. Therefore the above argument 
alone would not be sufficient to prove the tetrahedral structure of CH 4 . 

106 If tho C atom were not at the center of the H 4 tetrahedron, that is, if the point group were 
Cn Vy there would be six active fundamentals. 

ioe Whether the higher or tho lower of tho infrared-active fundamentals is called vz (or vx) is, 
of course, simply a matter of definition. In agreement with the usual practice we assign the lower 
subscript to the higher frequency. 
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have boon observed. Thus one is led to ~ 1520 cm -1 for CII 4 and it is neecssary to oonsidor the 
Hanian lino .‘1071.5 cm -1 as the first overtone of this frequency. The analogous interpretation for 
ODi gives V ‘2 « 1054 cm l . The fact that for both <H1 4 and CD 4 the lirst overtone 2v» occurs in 
the Hanian spectrum whereas the fundamental (which is Kaman active) has not been observed can 
be easily explained as due to Fermi resonance. It is seen that 2vi is close to jq. Of the two sublevels 


Table 80. fundamental fhequenoies (1-0 tuansitions) of gaseous OH 4 and CD4. 


Assignment 

CII 4 

cd 4 

^vacuum (cm 1 ) 

References 

^vacuum (<*m 1 ) 

References 

vi(a\) 

2914.2 (R.) 

(287) (140) (504) 

2084.7 (R.) 

(594) 



( 010 ) 



V'M 

(152G) 1 “ 7 

(276) 

(1054) 108 

(594) 


3020.3 (I. It .) 109 

(656) (287) (594) 

2258.2 (I. K.) uo 

(594) (658) 

VA(h) 

1300.2 (I.) 

(656) 

995.0 (I .) 111 

(058) 


of the upper state of (having species A 1 and JS; see 'Fable 32) the one of species A\ can resonate 
with the upper state of vi, and since v\ gives the strongest Raman line even a slight interaction will 
cause 2v z to appear much more strongly than it otherwise would. 

The correctness of the assignment of the fundamentals can bo further checked by the isotope 
relations . Taking the observed values for v\ in Table 80 one obtains = 0.7154 (where 

the superscripts D and H refer to Cl >4 and CH 4 respectively), while according to (11,327) 

coi”Aoi n “ V^il/WD — 0.7071. Similarly »' 3 L) i' 4 L> A / 3 II *'i* t = 0.5099, while according to (11,328) 

= 0.5597. Considering the neglect of anharmonicity, the agreement is quite satis- 
factory (compare Table 52) . Con versely, by assuming exact agreement for the zero-order frequencies 
and further assuming that if co * 11 = (1 + or ,)?* 11 for OH 4 , - [l + (w» D /fd t H )tt t ]v* JJ for CD 4 , 
Dennison (280) calculated the zero-order frequencies o)i from the observed fundamentals V{. Ho 
obtained for CHi (in cm -1 ) 

wi = 3029.8, w 2 = 1390.2, 112 w 3 = 3156.9, o > 4 = 1357.6, 

and for CDi (in cm” 1 ) 

coi = 2143.2, o) 2 = 983.4, 112 co 3 = 2336.9, w 4 = 1026.4. 

It must be realized, however, that the second of the above assumptions is only roughly fulfilled [com- 
pare equation (II, 286)], so that the values obtained cannot claim a high degree of accuracy. 

A large number of ooertonc and combination hands of OH 4 have been observed in the ordinary and 
photographic infrared. They are given in Table 81. As mentioned in Molecular Spectra 1 (p. 525), 
some bands oceuriing in the long-wave-length part of the spectra of the planets Jupiter, Saturn, 
Uranus, and Neptune have been definitely identified with bands of CII 4 observed with thick absorb- 

107 This value is not very accurate since it is determined indirectly. The value given here is 

taken from the band + v-i = 4546 cm -1 . It is approximately the average of the value 1520 
frequently quoted in the literature and obtained from V 2 + = 2823 cm ” 1 and the value obtained 

from the Raman band 2 j / 2 = 3071.5 (neglecting anharmonic terms). Dennison (280) has included 
the effect of anharmonicity and obtained a value of 1499.4 cm' 1 . 

108 This is half the frequency of the Raman shift 2108.1 cm -1 observed by Mac Wood and Urey 
(594), assuming that it corresponds to 2v2 and neglecting anharmonicity. Dennison gives 1036.4 
cm ” 1 including anharmonicity. 

109 Average of infrared and Raman values. 

110 Average of Raman and infrared determination. Dennison (280) gives 2259.4 for the infrared 
value but the vacuum corrected value of Nielsen and Nielsen (658) is 2258.4 cm” 1 . 

111 Dennison (280) gives 996.5. Rut this seems to bo a mistake since Nielsen and Nielsen (658) 
give 995.86 and the vacuum correction is —0.27. 

112 From the Raman line 2vi (see Table 81). 
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mg layers in the laboratory [Wilrlt (92 1), Meeke (013), Dunham (294), Adel and Slipher (39)]. 
Sinee the absorbing layers on Uranus and Neptune are muck thicker than ean be obtained in the 
laboratory, the spectra, of these planets give further ( UI4 bands not found in the laboratory, extending 
down to 4400 A. 

The assignment of the higher overtone and combination bands is rather uncertain for several 
reasons: (1) Because of the anharmonicity, the overtones of the triply degenerate infrared-active 
vibrations split into a number of sub-bands whose separations and relative intensities are difficult to 


TaULE 81. OVEIITONE AND COMBINATION BANDS OF OH 4 . 


^vacuum* 



j 

Heferences 

observed 113 

Assignment 

Species of upper states 

(cm -1 ) 




1720 I. 

V 4 -V 3 

F 2 

(224) (205) 

2600 I. 

2va 

(A x+K) +Fi 

(229) 

2823 I. 

l> 2 fV4 

m +f 2 

(229) 

3071.5* R. w. 

2^2 

Ai+R 

(287) ( 886 ) 

4123 I. 

Vi+2va 

(A 1 4- A 2 +2 E 4-Fi) 4-F 2 

(229) (633) 

4216.3* I. 

Vl+V* 

b\ 

(074) (656) 

4313.2* I. 

Vl+V* 

(Ai-\-E -\-F\) 4-F 2 

(656) 

4546* I. 

Vi 4" F 3 

(F,) +F* 

(633) 

5585* I. 


(Ai4-A’4-2F,)4-3F 2 

(674) ( 886 ) 

5775 I. 

1 

FI+FS+F 4 

(F 1 ) 4-F 2 

(674) (633) 

5861 I. 


V'2+Vi+Vl 

(.li+.t 2 + 2 K+ 2 /<’ 1 )+ 2/' , 2 

(633) 

6006*1. 

2j/3 

(A ! +E) 4 -Fi 

(633) (674) 

7514* I. 

V'2 -\~2v$ 

(A 1 4- A 2 4-2 F 4-F 0 4 -F 2 

(074) 

8421 1. 


f'2vi -\-2 va 

(Aj 4-F) 4" Fa 

(074) 

8604 1.,P. I. v.s. 



(4 A 1 4~- 1 2 4~ 3 E 4-3FA 4-6F 2 

(074) (434a) 

8807*1., P. I. v.s. 


( l 2vi+vi 

F 2 

(674) (434a) 

8900 P. I. a. 


<vi+2v 3 

(Ai 4- A’) 4- Fi 

(205) 

9047* P. I. a. 


13f3 

(Ai 4-Fi) 4-2F 2 

(205) 

10114 P. I. a. 
10300* P. I. a. 

\'2vi + V 1 +V 3 
{ J'l+J'2+21'3 

Ii/ 2 +3j/ 3 

(F 1 ) +F* 

(Ai+A!+2K+Fi)4-Fj 
(E 4-3F 1 ) 4-3F 2 

(W>j 

(880) 

11270 P. I. a. 
11620 P. I. m. 
11885 P. I. w. 


3pi +V3 

'2v\ +2 1/3 

Fi ! 

(Ai 4-F) +F 2 

(886) (282) 


vi 4-3^3 

(A 1 4-F 1) 4~2F 2 

(886) 


4^3 

(2Ai+2A’+F,) 4-2F 2 

(886) 

12755 P. I. v.w. 

I'Jvi -J-P3+ V\ 

(Ai4-F+Fi)+F 2 

(886) 

\2 

4-2^3 

(A 1 4" A 2 -\-'2E 4“Fi) 4~F 2 


13790 P. I. m. 


[4 Vl + Vi 

13fi4-2f* 

Fi 

(A 1 4- E) 4-Fa 

(886) 


predict. (2) Since v\ and 2 i/ 2 have approximately the same frequency as v 3 , the combinations 
nv i + mv s, 2kvi + mv 3 are close to (a + m)vj and (k + m)v& respectively. They too are split into 
sub-bands. (3) Perturbations between the sublevels mentioned under (2) and those under (1) will 
occur if they have the same species and bring about further deviations from a simple quadratic 
formula of the typo (II, 281). (4) The centers of the bands, because of the overlapping discussed 

under (1), (2), and (3), are often very ill-defined. For these reasons we have not given in Table 81 
the bands observed in the planetary atmospheres only. The assignment of these bands given by 
Adel and Slipher (39) is certainly not the only possible one, 114 and is not compatible with the assign- 

113 Tbo bands marked with an asterisk have a well-developed central maximum ( Q branch) ; for 
all others the wave numbers given are not very accurate. Satisfactory intensity estimates are possi- 
ble at present only for the photographic infrared bands. 

114 Their assignment of a number of bands as nv\ with n going up to 16 is hardly tenable. 
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mcnt of the laboratory bands given in Table 81, which is an extension of that of Vedder and Mecke 
( 886 ) and Childs (205). In the third column of Table 81 are given the species of all the sublevels 
of the respective upper states, including those that cannot combine with the ground state, the latter 
in brackets. Thus, for example, the upper state of vz + 21/4 consists of seven sublevels, three of 
which (of species b\) can combine with the ground state. The observed band at 5585 cm ” -1 is thus 
presumably a superposition of three sub-bands. Similar considerations apply to the other bands. 

The assignment given for the higher overtones is only tentative and it would certainly be prema- 
ture to give a formula to represent all bands. 

For CI >4 up to the present time only two combination bands are known, at 2992.0 and 3102.8 
cm -1 [Nielsen and Nielsen (658)]. They have been interpreted as v \ + and vz + v \ respectively. 
However, this would require very large anharmonic terms, much larger than for OH4. It appears 
very likely that the first of these bands is a fundamental of ( /D, t H (its frequency agrees exactly with 
Dennison’s (280) predicted value for the O — II stretching frequency of OD3H), 115 and that the second 
band is vi + v \ of CD4 which would imply much smaller anhnrmonic terms. Further work on CD4 is 
desirable and promises to give interesting results. 

CH 3 D, CH2D2, CHD3. The Ham an spectra of the intermediate methanes OH3D, CH^D*, OHD3 
have been investigated by MacWood and Urey (594), the infrared spectra by Oinshurg and Barker 
(362) and by Benedict, Morikavva, Barnes, and Taylor (137). As has been discussed previously 
(see p. 236f.), in going from CH 4 to OIT3D or from CD4 to CHD, { part of the degeneracies are removed, 


Table 82. fundamentals of tub vakious dkute rated methanes. 118 


Mole- 

culo 

V \ («j) 

vt (e) 

*i(/z> 


CH 4 

2914.2 R. 

1526 I* R * 

3020.3 I. R. 

1306.2 I. 

ch 3 d 

2204.6 I. || (R.) 

1476.7 I. _L (R *) 

2982.2 I., 3030.2 I. 

1300.4 I. || (ll.), 110 " 





1150.0 I. J_ (R.*) 

ch 2 d 2 

2139.0 R. 

1450 I. (R.*), ,16b 

2971.2 R., 3020 I., 2255 I. 

1034.4 1. 11., 1235.2 I., 



1285.6 II. 


1090.2 I. (R.*) 

chi > 3 

2141.1 R. 

1299.2 (I.) R. 

2992.0 I. || n7 2268.6 (I.) R. 

9S2 (I.) R.*, 1040 (I.) R. 

cd 4 

2084.7 R. 

1054 R .* 

2258.2 I. R. 

995.0 I. 


each of the triply degenerate vibrations vz and v\ splitting into a non-degenerate and a doubly 
degenerate vibration. All six resulting vibrations (3 A 1 -f- 3/s T ) are infrared active and Raman active. 
For OH 2 D 2 all degeneracies are removed and we have nine different fundamentals, all but one of 
which are infrared active and all of which are Raman active. 

All the fundamentals of the three compounds have been found, most of them both in the infrared 
and in the Raman spectrum. They are given in Table 82 together with those of OII| and OD 4 in 
an arrangement similar to Table 54 (p. 238), so that the correlation of the frequencies is clearly 
shown. In principle the correct correlation can be obtained, according to the correlation rules 
previously given (p. 238), from the band types (whether || or _L, and so on). But actually, since 
the band type has not been established for many of the observed bands, the correlation is based on 

118 The observed spacing in tho fine structure also fits better for CD 3 II than for CD 4 . 

118 R.* refers to fundamentals obtained from observed overtones in tho Raman spectrum. If a 
fundamental has been observed both in the Raman and in the infrared spectrum the value given is 
the more accurate one of the two. Which observation is not used is indicated by putting I. or R. 
in brackets. The average is taken when neither I. nor R. is in brackets. All values are corrected 
to vacuum. 

116a MacWood and Urey (594) give a Raman band at 1330.1 cm” 1 . The difference from the 
infrared band is difficult to understand. 

118b MacWood and Urey (594) give a Raman band at 1332.9 cm ” 1 which may have to replace 
1450 cm -1 in the table. 

117 This is the band ascribed by Nielsen and Nielsen (658) to OD 4 which above on this page 
was shown very probably to be duo to CD 3 II. Benedict, Morikawa, Barnes, and Taylor (137) give 
a CD 3 H band at 3000 cm ” 1 which within their limit of accuracy agrees with the above figure. 
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calculations by Dennison and Johnston (28.3) and Dennison (280). They have? predicted the fre- 
quencies of the intermediate methanes from those of OH* and CD* by computing the most general 
potential constants of CH 4 and using these same constants in deriving the frequencies of (TI 3 D, 
CH 2 D 2 , CHD3 with the help of formulae developed by Rosenthal (747). However, for a few funda- 
mentals these authors have not taken the correlation rules into account. This has been done through- 
out in Table 82. In place of the potential calculations one could also have used the isotope relations 
[for example equation (II, 330) ] to find the correct correlation. It may be left to the reader to 
check whether they are actually fulfilled. 

Childs and Jahn (207) have observed a photographic infrared band of CII*D of the || type at 
9020.8 cm” 1 , which is probably one of the sub-bands of the second overtone of 3030.2 cm -1 . 

Carbon tetrachloride, CCI4. The Raman spectrum of liquid CC1 4 has been investigated by a 
largo number of workers [see Kohlrausch (13) (14)], but no one seems to have investigated the 
spectrum of r.ho vapor in any detail. The infrared spectrum has been investigated by only a few 
authors [most recently by Schaefer and Kern (700) and Barchewitz and Parodi (101)] and also 
only for the liquid state . 118 It seems fairly safe, however, to assume that the difference between 
the spectrum of the vapor and that of the liquid is slight in view of the symmetrical, inert character 
of the molecule. 

Considering the similarity to CH4, it seems natural to assume that OOli also has the symmetrical 
tetrahedral structure (point group Td). But at some times this has been doubted by various investi- 
gators of the spectrum. We shall sec, however, that more recent investigations definitely suppoit 
the tetrahedral model. 

The Raman spectrum yields the eight displacements given in Table 83, some of which occur 
both as Stokes and as anti-Stokes lines (see Fig. 77). Three of the shifts, 145, 434, and 1539 cm” 1 , 
correspond to exceedingly weak Raman lines. They are in all probability overtone or combination 
bands and are indeed very readily interpreted as such (see Table 83). Moreover, a frequency as 
high as 1539 would not be expected as a fundamental of CC1 4 , the vibration frequency of diatomic 
OC1 being 844 cm' 1 . Thus there remain four or five observed Raman-active fundamentals, depend- 
ing on whothei the two lines 702.0 and 790.5 cm ” 1 are considered as a doublet or as two distinct 
frequencies. The first assumption is in agreement wilh the tetrahedral mcdel since for it just four 
fundamentals, all active in the Raman effect, should oc'tir. Furthermore, as it should be for the 
tetrahedral model, one of the Raman lines (with Av = 400 cm -1 ) is almost completely polarized, 
whereas the other three are completely depolarized (see p. 270f.). Dually, the infra? ed spectrum 
seems to show only two fundamentals, the band 305 cm 1 and the doublet band 775 cm -1 , in agree- 
ment with expectation for tho tetrahedral model. While the Raman fundamental 21 S cm ” 1 is 
probably outside the range investigated in the? infrared, the Raman band 400 cm ” 1 is ccriawdy within 
this range and is definitely absent. In consequence of this observation and in view oi the complete 
polarization 119 in the Raman effect, this fundamental must be oonsideiod as the totally symmetric 
vibration v\(a\), Tho two infrared-active fundamentals 775 and 305 cm ” 1 can only bo and 

respectively (see Fig. 41), and thus the fourth Raman-active fundamental at 218 cm ” 1 must 
bo Vi(e). All of the numerous other infrared bands of liquid CT-U found by Schaefer and Kern can 
bo interpreted on the basis of these four fundamentals (see Table 83). The doublet stiucture of 1/3 
is explained in this interpretation without difficulty as due to a Fermi resonance [Placzek (700)] 
between vz and v\ + v\. As can bo seen from Table 83, the upper state of vi + v\ has nearly tho 
same energy as the average of the two doublet components and also has the same species (F*>) as 
the upper state of 1/3. 

Langscth (547) found a fine structure of the Raman lines v\, and v\ of CCl. lf which he thought 
was duo to a deviation from tetrahedral symmetry. But Wu and Sutherland (957) have shown that 
this fine structure can be explained as due to a partly resolved isotope effect, produced by the presence 
of tho isotopic modifications CCI 4 36 (31.6 per cent), CC1 3 35 C1 37 (42.2 per cent) and C( 3j> 35 ( 3 2 37 (21.1 
per cent). 120 This has been further confirmed by intensity measurements in the fine structure carried 
out by Menzies (621). 

118 Schaefer and Kern (766) state that for tho most intense bands they used also the vapor but 
do not give separate measurements. 

119 If the slight observed depolarization of 5 per cent is real it can easily be explained [see Placzek 
(700)] as due to the effect of the isotopes (JC1 3 36 C1 37 and C(U 2 36 (32 37 , for which the polarizability 
change is not exactly spherically symmetric. 

120 Tho molecules CC1 3B C1 3 37 (4.7 per cent) and CCI4 37 (0.4 per cent) are not abundant enough to 
produce a noticeable contribution. 
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While thus nil observations tire in agreement with the symmetrical tetrahedral model, it is 
necessary to inquire whether they are not also in agreement with a less symmetrical model. Vs in 
the case of (JII 4 (see above), the plane symmetrical structure (point group Dak) is immediately ruled 
out by the fact that one of the fundamentals (775 cm -1 ) occurs in the infrared as well as the Raman 
spectrum. 121 Two other conceivable models are a pyramid with the C atom at tho vertex (point 


TaHLE 8,3. RAMAN SPECTRUM AND PART 123 OP THE INFRARED SPECTRUM OP LIQUID CCI 4 . 


Raman shifts 121 

APviWUUIIl* 

(cm' 1 ) 


145 v.w. 

217.9 s. depol. 
314.0 s. depol. 
43 1 v.w. 

(455.1 1 

<458.4 >v.s. pol. 
[401.5J 

7G2.0 m. depol. 
790.5 m. depol. 


1539 v.w. pol. 127 


Infrared 126 



band ; 

Assignment 126 

References 

Pvunmni? 



(cm J ) 




vv — 

(43) 


v 2 (c) 

(547) 

305 

vaM 

(547) (819) (101) 


2 ViUU+K) 

(43) 


oev'ev 7 ) 

(547) 


( Vl.i JB C’l 37 [«,(«,) 

(547) 


ceil 35 J 

(547) 

035 w. 

2v\(A i -f K A~F 2 ) 

(700) 

70S v.s.) 
797 v.s.J 

V3C/2), pi+va(F 2 ) 

(547) (700) 

(547) (700) 

9S2 m. 1 
1000 m.J 

V2+Vj(F 2), Vl+V2+V4(F 2 ) 

(7GG) 

(700) 

1008 w. j 
1107 w.J 

vt+PAUi +P+P2), v 1 +2pa(Ai+E+F 2 ) 

(700) 

(700) 

1218 m.l 
1253 m.J 

ViA-V3(F 2 ), 2piA~Va(F 2 ) 

(700) 

(700) 

1529 m. | 

2 * 3 (Ai+P+F 2 ) 

(700) 

1540 s. > 

2v 1 +2p4(Ai+K+F 2 ) 

1 (710) (700) 

1575 in.] 

vi +iq + *q(Ai -f F H-F 2 ) 

1 (700) 


group Ca,) or a pyramid with an IT atom at the vertex and tho O atom on the axis (point group C 3 », 
for example, when there is only a slight deviation from tetrahedral symmetry, as has at one time been 
assumed). These models would have the fundamentals 2«li -f- 2/ij -f R 2 + 2J5? and 3.4 1 + 37£ re- 
spectively (see Table 30), all of which would be Itaman active (see Table 55). Apart from tho fact 
that the number of observed reasonably strong Raman lines would be less than the number of 
Itaman active fundamentals (even if the doublet at 775 is counted as two fundamentals), tho im- 
portant point is that only one polarized Itaman shift (400 cm -1 ) occurs, whereas for the above two 
models two or three should occur and they should also be tho strongest Itaman lines. Furthermore, 
in the case of the model of symmetry C 3 ,-, if the doublet 775 is counted as two lines 122 the number 
of depolarized Itaman lines is four instead of the three required ones. Thus wo can consider also 
the models of symmetry Ca » and C\ 0 as ruled out. For still less symmetrical models, tho number of 

121 The fact that both components (702 and 790 cm -1 ) occur in both cases excludes the possibility 
of a chance coincidence. 

122 Otherwise* there would be no reason to assume any other but the tetrahedral model. 

123 Only the part below 1000 cm" 1 and only bands with an absorption coefficient Ajmaximum > 4 
are given. 

Yi * For the degree of depolarization see Rao (717) and the literature quoted by him. 

125 Rarchewitz and Parodi (101) give in addition the bands at 217?, 529, 370, 247 cm” 1 observed 
in paraffine solution. 

126 Sublevels of species I<\ are omitted, since they combine with the ground state neither in the 
Raman nor in the infrared spectrum. 

127 Polarization from Rao (718). 
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polui izol Hainan linns would II fortiori not be norrnnt, so wo run consider tlio symmof rinul tet railed ml 
model as pro von. 

It should not bo overlooked that the following difficulty, which is independent of the CC1 4 
model assumed, still remains to be solved: Since the fundamental frequencies of CC1 4 are small, a 
considerable fraction of the molecules is in the states in which one (or even more than one) vibration 
is excited by one or tw'o quanta. This gives rise to comparatively strong anti-Stokes lines, as ob- 
served for CC1 4 . It should also give rise to certain difference hands in the Raman spectrum, which 
however ha'v o not l>eon observed. While the ordinary difference bands such as v\ — V 2 , vz - v z , • • • 
would be expected to be very weak, just as other binary combinations, and therefore are not readily 
observed (only one such band, v\ — v 4 = 14.5 cm -1 , has been found for OCl 4 ), there are others such 
as v i + r 2 — ?2, — vz y • • • whoso intensity, apart from the Boltzmann factor, should be of the 

same order of magnitude as that of the fundamentals vi, vz, • • * respectively. In general, these 
difference bands coincide very nearly with the corresponding fundamentals and are therefore not 
rest)’ ,ed in Kaman measurements, but in the ease of perturbations (Fermi resonance) some of them 
will be widely separated from the fundamentals. In the present case the transition vi + v\ — v\ 
whoso upper state is split because of resonance, should consist of the two lines at 700.5 — 314.0 
=» 476.5 cm -1 and 762.0 — 314.0 = 44S.0 cm -1 , which would be well separated from v \ . According 
to calculations by lloriuti ( 457), they should have about J of the intensity of the strong line 460 cm"* 1 . 
That they have not been found may be duo to the fact that these difference lines are much broader 
than the main line. But more exper 'mental data, particularly for CC1 4 vapor and with long exposuro 
times, are required to clear up this point. 

For a discussion of the force field in < )CU see Tables 39 and 46 and the accompanying discussion. 

Methyl chloride, CH 3 C1. Since, as has been shown, CII 4 is a symmetrical tetrahedral molecule 
one would expect CfI 4 Cl to have a three-fold axis of symmetry (the G— Gl axis); that is one would 
expect it to belong to point group Czv This conclusion is confirmed by the investigation of the 
vibrational spectrum and particularly of the rotational fine structure (see Chapter IV). The sym- 
metrical model ( C.s ,.) has six fundamentals, three totally symmetric ones (Ai) and three degenerate 
ones (/!?), all of which are both infrared and Raman active, whereas any less symmetric model would 
give nine active fundamentals. Actually the infrared as well as the Raman spectrum can be analyzed 
in terms of six fundamentals (see Table 84). Unfortunately, w’ith one exception (see Table 84), 
the Raman spectrum has been investigated only for liquid OIIsCl [first by Dadieu and Kohlrutisch 
(256)], while the infrared data refer to the gaseous state [first studied by Bennett and M»v l ' r (138)]. 
Slight inconsistencies are due to this fact. 

The form of the six normal vibrations is represented in Fig. 91. The totally symmetric vibra- 
tions v\, V 2 , vz (species Ai) give rise to || bands in the infrared (only M s j* 0; see Table 55), the de- 
generate vibrations v\, vti give rise to X bands (il/* — 0). Actual observation shows that there 
are indeed three || and three X bands 128 by whose combinations all other bands can be explained. 
In addition it is found, in agreement with theoretical expectation, that the Raman lines corresponding 
to the |l bands are polarized, those corresponding to the X bands are depolarized. To l>e sure there 
are four strong || bands in the infrared which might be considered as fundamentals, but two of them 
at 2878.8 and 2966.2 eui -1 form a faiily closo doublet whose center coincides very nearly with twico 
the wave number of the X band at 1 453.2 cm -1 . It can therefore be concluded that a Fermi reso- 
nance occurs [Adel and Barker (36)] and that the doublet corresponds to one fundamental only 
(see below). 

Moro detailed calculations show, in agreement with what has been said about group frequencies 
in Chapter II, section 4f, that the two vibrations v\ and v\ of frequency about 3000 cm -1 arc essen- 
tially G — H stretching vibrations, that the lowest || vibration is essentially a C — Cl vibration, that 
the lowest X vibration v 6 is essentially a H 3 “( • — Gl bending vibration, and that the two intermediate 
vibrations are essentially CHa deformation vibrations (see Fig. 91). The observed Gl isotope effect 
is also in agreement with this assignment, at least for the || bands. The largest isotope shift, of 
6 cm"* 1 occurs for vz, the G— Gl vibration [Barker and Plyler (111)]. A much smaller shift, of 
0.8 cm" 1 , has been observed for vz [Nielsen and Nielsen (659)], and the shift for v\ is smaller than 
the resolution used for this band (that is, smaller than 0.8 cm -1 ). The shift for vz agrees well with 
the one calculated by considering GH 3 Gl as a diatomic molecule CH3 — Gl. 

The observed overtone and combination bands of CH3CI are given together with the funda- 
mentals in Table 84. All but two very weak Raman shifts 2683 and 1106 cm“ l are readily explained 


128 How they arc distinguished will bo explained in the next chapter. 
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in terms of the above fundamentals. The Raman shift 2683 may be 2v 2 , but a reasonable explanation 
for the shift 1100 cannot be given. Possibly it might be related to the fact that the Raman spectrum 
refers to liquid rather than gaseous C1I 3 C1 and that in the liquid double molecules occur. 

The resonance between 2v & and v\ mentioned above influences, of course, only the sublevel Ai 
of 2v& whereas 2 v b (E) remains uninfluenced . 134 That is why only two strong || bands appear in this 
region but no JL band of comparable intensity. It should also bo noted that the resonance is not 
very close as indicated by the unequal intensities of the Raman and infrared bands. 



Fio. 91. Normal vibrations of CH 3 C1 (schematic). — Only side views, and only one 
component of each degenerate vibration are given. 

It is interesting that for some of the overtone and combination bands (for example at least 
two of the sublevels of the upper state give rise to sub-bands as indicated in Table 84. The compli- 
cated structure of the photographic infrared bands is probably due to the overlapping of several such 
sub-bands as well as to the approximate equality of v\ and v\, and to the isotope effect. 

Further work on CH 3 C1 is necessary before a satisfactory formula to represent all the vibrational 
levels can be developed. 

CHsF, CH 3 Br, CH 3 I, CD 3 C1, CD 3 Br. The other methyl halides have not been investigated quito 
as fully as C/II3OI. Naturally their spectra are very similar to that of CII3CI. We can therefore 
omit a full discussion and give in Table 85 only the fundamental frequencies according to Bennett 
and Meyer (138) and Barker and Plyer (111). Data about overtone and combination bands are 
given by Moorhead (f>31), Vierling and Mecko (901), Verleger (898), Naud 6 and Veileger (050), 
and Thompson (846). For a discussion of the Raman spectra of the liquids see Wagner (906) and 
the books of Kohlrausch (13) (14) and Ilibben (10). The Raman spectrum of OIIsBr vapor has 
been investigated by Nielsen and Ward (670). The fundamentals of “heavy” methyl chloride and 
bromide (CD 3 C1 and CD 3 Br) recently obtained by Noether (672) are also included in Table 85. 
The Fermi resonance discussed above for CH 3 CI occurs also for the other molecules. Therefore 
both resonating levels have been given in Table 85. As for CH 3 C1, the high-frequency component 
of the doublet is from two to four times as strong as the low-frequency component, indicating that 
the unperturbed v\ is nearer the larger of the two frequencies. 

It is interesting to study the way in which the frequencies change in going from the lighter to 
the heavier halides. For this purpose Fig. 92 gives a graphical representation of the four spectia. 
It is seen that the frequencies iq, v 4 , are remarkably constant throughout the scries of molecules 

134 It may be noted that 2 1/3 very nearly equals 1/5 but no perturbation occurs because the states 
have different species. 
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TABLE 85. FUNDAMENTAL FREQUENCIES OF THE METHYL HALIDES , 136 AFTER BENNETT 
ANI) MEYEK (138), BARKER AND I’LYLKR (111), AND NOETHER (672). 



| ^vacuum ( t>m *) 


ch 3 f 

011 , 01 ** 

OH,15r 7J 

dial 

CDjCl 

CDjBr 

F3(«t) 

1048.2 

732.1 

611 

532.8 

695 

577 

*«(«) 

1195.5 

1015.0 

952.0 

880.1 

775 

717 

I/ 2 («l) 

1475.3 

1354.9 

1305.1 

1251.5 

1029 

987 

Vb(e) 

1471.1 

1454.6 

1445.3 

1410.3 

1058 

1053 

2f 5 (A0 

2861.6 

2878.8 

2861 

2861 

2103 

2088 

fi('Ii) 

2964.5 

2966.2 

2972 

2969.8 

2161 

2151 

Vi(e) 

2982.2 

3041.8 

3055.9 

3060.3 136 

2286 

2293 


CII3X. This is in agreement with their interpietation as C--II vibrations a*»d also follows direetly 
from calculations in which a pure valence force system is assumed [see Wagner (900)] as well as 
when a somewhat more general force system is assumed [Slawsky and Dennison (796), Linnett 
(582)]. The frequency v j decreases considerably in going from CH 3 F to OR 3 l in agreement with 
the assumption that it is a (1 — X vibration, and similarly the bending vibration v 6 deci eases although 



Fia. 92. Observed fundamental vibration spectra of the methyl halides and methane. — The 
broken lines indicate the frequencies 2n(-'li) which are in resonance with vi(ai). The unperturbed 
vi would be between vi and 2vg (see text). 

not quite as strongly. These changes are easily understood on the basis of the change in mass alone 
(the change of the C — X force constant acts in the same direction). However, the cause of the 
appreciable change of the symmetrical C — H bending vibration vi is perhaps less easily visualized. 
The reason for this change is that vz, which has the same species, pushes vi upward. If for a moment 
wc consider the CH3 group as one atom, then v$ would increase up to about 3000 cm” 1 if we were to 
decrease the atomic weight of X to 1 ; that is, the curves vi and v% as functions of the mass would 
intersect each other. Actually, such an intersection does not take place because of the mechanical 

135 The frequencies of the degenerate fundamentals have been corrected as indicated in footnote 
132 on p. 313 including the correction duo to f. All frequencies have been corrected for vacuum. 
The numbering is that of Fig. 91. 

136 This is the value given by Lagcmann and Nielsen (546) (but corrected foi vacuum and for 
the effect of f), Dennett and Meyer’s numbering of the fine structure lines being incorrect in this case. 
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coupling of the motions of tho different atoms (the cross terms in the kinetic energy). In actual 
fact the ( 'll.j deformation frequency v 2 , if wo could continuously decrease the mass of X, would 
eventually go over into the valence stretching vil nation vi — 2914 cm -1 of methane, whereas the 
C — X stretching frequency j / 3 (together with ve) would go over into the deformation frequency i / 4 
of methane [see particularly Wagner (90G)]. This is shown in Fig. 92. 

Tho preceding considerations supply a good example for the previous discussion of the limitations 
of the concept of group frequencies (see p. 199f.). A frequency will remain constant in a series of 
molecules containing the same group (or groups) and can bo assigned to that group only as long as 
no other fn <piency belonging to a normal mode of the same species is in its neighborhood. This condition 
is well fulfilled for iq, j/ 4 , vs in all halides (and even in ("HO but for v 2 and v 3 only for the heavy halides. 
For OIIjI, v* may well be called the C — I vibration frequency and v 2 the symmetrical CH 3 deforma- 
tion frequency, but tho corresponding statement for CH 3 F would have much less significance. 

Chloroform, CHCI3. The infrared spectrum of chloroform is only very incompletely known. 
Mon of the work has been limited to the investigation of liquid (or dissolved) OIIOI 3 with low dis- 
peision particularly in the region of the fundamentals. [Emscliwiller and Lccomtc (304) and Barehe- 
witz and Parodi (101)]. While a number of overtone and combination bands have been observed 
in the shorter-wave-length region, including the photographic infrared [Ellis (302), Timm and Mecke 
(804), Vierling and Mecke (901), Maione (595), Corin (231), Carrclli and Tulipano (194), Rumpf 
and Mecke (751), Ilerzberg and McKay (430) ], we give in Table 80 only the fundamentals. But it 
should bo mentioned that tho scries of overtone bands of the O — II stretching vibration has been 
observed to v ~ 0 far into tho visible region [Kllis (302), llumpf and Mecke (751)]. The series is 
(in the liquid) 

3019, 5900, 8700, 11315, 13860, 10300 cm- 1 . 

The reason why this series stands out so clearly here in contrast to many other cases is t hat there is only 
one C — H stretching vibration, which has a much larger frequency than all the other fundamentals. 


TaULK 86. FUNDAMIONTAL FREQUENCIES OF CHOljj AND CDC"1 3 . 




CHOI-, 


CDCla, 

Assignment 

Infrared, 
^vacuum ( (, Ul 1 ) 

Raman 

R miii a i) 

Liquid, 

Wood and 

Rank (954) 137 
Aiwiiiim (cm -1 ) 

Vapor, 

Nielsen and 
Ward (670) 

AFvacuum (cm J ) 

Liquid, 

Wood and 

Rank (954) 137 

Ay vacuum (cm J ) 

F. C< V> 

260 138 

262.0 (v.s. depol.) 

261 

262.0 (v.s.) 

F3 ( ' ( ' lj («l) 

36 P« 

365.9 (s. pol.) 

363 

366.5 (s.) 

F 2 CC1 (Ul) 

C67» 

668.3 (s. pol.) 

672 

650.8 (s.) 

F. ccl (r) 

700 1 ® 

761.2 (s. depol.) 

760 

737.6 (s.) 

vi(e) 

1205 139 

1215.6 (m. depol.) 

1217 

908.3 (m.) 

Fl CII («l) 

3033 l, ° 

3018.9 (s. pol.) 

3030 

2256.0 (s.) 


The Raman spectrum of liquid (TICK has been investigated by many investigators [for detailed 
references sec Kohlrausch (13) (14) and Jlibben (10)] and recently also the spectrum of the vapor by 
Nielsen and Ward (670). There are six strong Raman shifts, as given in Table 86. In addition, 
a very weak line occurs for the liquid with a shift of 1505 cm” 1 very probably corresponding to the 
first overtone of the band 761.2 cm* 1 . Thus the number of Raman fundamentals is in agreement 
with that expected on tho symmetrical (C 3v ) model. Furthermore, three of the strong Raman bands 

137 Independent values of similar accuracy have been obtained by Redlich and Pordes (731a). 

138 Measured by Barchewitz and Parodi (101) in CHC1 3 dissolved in paraffine. 

139 Measured by Emsch wilier and Lecomte (304) in liquid CIIC1 3 . 

140 Measured by Ginsburg, according to a footnote in Voge and Rosenthal (903), in CHC1 3 vapor. 
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are partly polarized, the other three completely depolarized [see (191) and Fig. 82, p. 270], as 
should be the case. Thus, as in the case of the methyl halides, the first three can bo assigned to 
vi, V 2 , f 3 , the other three to v\ % Fr», in order of decreasing frequency. Further confirmation of this 
assignment is obtained if the fundamental frequencies of CHCla are calculated by assuming the same 
force constants as in CH 4 , CII 3 C1, and COL*. This has been done by Voge and Rosenthal (903), 
who found very satisfactory agreement with the observed frequencies. Finally, the Raman spectrum 
of “heavy” chloroform CDCI3 has also been investigated and is included in Table 80. The funda- 
mentals of ODCLi observed in this way also agree with those predicted from the force constants 
[Voge and Rosenthal (903) ]. 

Most of the fundamental frequencies of CHCla may be ascribed fairly definitely to certain Ixrnds 
or groups (sec Fig. 91 and Table 80). v\ is without doubt essentially a C — H stretching vibration. 
V 2 is essentially the symmetrical C — Cl stretching vibration (corresponding to vz of OII 3 OI) and v& 
the corresponding degenerate frequency, vn and v& are the symmetrical and degenerate COl.* de- 
formation vibrations and finally Vi is the bending vibration of the C — H group against the rest of 
the molecule. In agreement with this interpretation, the isotope shifts for CDCI3 are practically 
zero for vz and vt , are small for v 2 and 1/5 but very largo for w and iq. 

Methylene chloride, CH 2 C1 2 . There can hardly be any doubt, considering the structures of 
CII4, CH3OI, C1IC1 3 , CCI4, that methylene chloride has a tetrahedral structure of point group C 2 * 
(similar to CH 2 D 2 , see above). The infrared and Raman data thus far available do not contradict 
this assumption but they are hardly sufficient to prove it definitely. Besides, the assignment of 


Table 87. infrared 141 and raman spectra of liquid CH 2 C1 2 after 
COKIN AND SUTHERLAND (233) AND WACJNKR (90S). 


Assignment 1 12 

Infrared 

Fvamum 

(cm -1 ) 

Raman 

APvaoiuiTii 

(cm- 1 ) 

Assignment 142 

Infrared 

Fviimuin 

(cm” 1 ) 

Raman 

AFvmMium 

(cur l ) 

X4 CCll ("i) 

113 

283 (s. pol.) 1 " 

F2+F4(Ai) 

1548 (w.) 

-- 

F3 CC1 («l) 

704 (v.s.) 115 

700 (v.s. pol.) 141 

Fs+m/f i) 

1613 (w.) 


va CCl (J) 2 ) 

737 (v.s.) 115 

736 (s. depol.?) 

Fr> +F7( /f 2 ) 

2057 (w.) 

--- 

Vi (50 (rocking) 

899 (m.) 

898 (v.w. depol.?) 

V2+V9 Uh) 

2136 (w.) 


vz i) 

935 (w.) 

— 

F2+F7(R|) 

2314 (m.) 

— 

V\ “b* / 9(/f 2 )? 

10(10 (w.) 

1057 (v.w. pol.?) 146 

F5+Fn(/fl) 

2414 (w.) 

— 

Fs(« 2 )?(torsion) 

1155 (w.) 

1148 (w. depol.) 

2fh(Ai) 

2524 (w.) 

— 

F4+F7(Rl) 

1192 (w.) 

— 

F2+F S ( B») 

2673 (w.) 


P3+2jm(Ai)? 

1222 (w.) 

— 

2 fsM,) 

— 

2822 (v.w.) 

vh (h 2 ) (rocking) 

1266 (v.s.) 

1255 (v.w.) 

X, <: “(«|) 

2984 (s.) 

2985 (s. pol.) 114 

F 2 clI ‘(ai) 

1429 (s.) 

1417 (in. depol.) 


3048 (s.) 

3045 (s. depol.) 

2f 9 (Ai) 

— 

1464 (v.w.) 

4pi, 4f 6 ? 

11309 (v.w.) 147 



141 In addition, some very weak bands below 3049 and some weak bands above 3049 cm -1 have 
been found and assigned by Gorin and Sutherland (233). Between 525 and 1450 cm -1 the absorp- 
tion spectrum has also been measured, apparently under lower dispersion, by Lecomto (505) and 
Emschwiller and Lecomto (304). 

142 For somewhat different assignments see Gorin and Sutherland (233) and Wu (25). 

143 Outside the region investigated, except in the work of Barchewitz and Parodi (101) on 0H 2 C1 2 
in paraffine solution. They give the bands 263, 500, 312, 222 cm' 1 in the order of their intensities. 
It appears doubtful whether these bands belong to CH 2 C1 2 . 

144 In the vapor, according to Nielsen and Ward (670), these lines occur at 280, 712, and 2997 cm 

146 These two bands are duo to Leoomte (565). Emschwiller and Lecomto (304) give 714 instead 
of 704. 

116 This band is not given by Wagner (908) but is given by both Trumpy (875) and Kolilrausch 
and Ypsilanti (534). 

147 This band was found by Timm and Mecke (864) and Vierling and Mecko (901) in the photo- 
graphic infrared. 
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the fundamentals is still somewhat controversial. With one exception all infrared and Raman 
investigations refer to the liquid state. 

As for CIIiDs. there arc nine fundamentals distributed over the various species as follows (see 
Tables 13 and 35 ) : 

4Ai + Az + 2Bi + 2 B 2 . 

They are given qualitatively in Fig. 03 , where it has been assumed that the CII2 plane is the xz 
plane (parallel to the plane of the paper) and the two-fold axis the z axis. According to our experi- 
ence with ITjCO and other molecules, we expect three vibrations characteristic of the CH 2 group 
(two symmetrical ones, a stretching and a deformation vibration, and one antisymmetrical stretching 



Ficj. 03 . Normal vibrations of CH2CI2 (schematic). — The CH2 plane is parallel, the OOI2 plane 
perpendicular to the plane of the paper (shown in oblique projection). In vt, the H atoms move 
perpendicularly to the plane of the paper. In vi, vi the Cl atoms move perpendicularly to the 
CCI2 plane, that is, parallel to the plane of the paper; in all others they move in the CCI2 plane. 

vibration) and three similar vibrations characteristic of the CCI2 group. They arc the vibrations 
iq(ai), V2(fli), ^e(fti) and vi(a 1), ^(aj), ^9(62) respectively of Fig. 03 . This leaves the three vibrations 
Vb(a,2) t vi{bi) t and ^8(^2) which cannot be localized in a particular group, refas) is the torsion oscilla- 
tion about the z axis mentioned previously (p. 240 ) ; vi and va are the rocking vibrations of the CH2 
and COI2 groups respectively against the rest of the molecule. 

All nine fundamentals are active in the Unman effect and all but Vb((i‘>) are active in the infrared. 
Table 87 gives the observed Raman and infrared bands. Five of the fundamentals arc easily identi- 
fied. The three lowest observed frequencies arc obviously the three CCI* vibrations, since we know 
from the discussion of CCI4, HCCI3, and CII4CI that the C — Cl stretching vibration has a frequency of 
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about 700, and since the 0C1 2 deformation frequency must be appreciably lower. This assignment 
also fits with the observed degrees of depolarization, only one of the three vibrations [Vg(6 2 )] being 
non-totally symmetiic. Furthermore, it fits calculations assuming a valence force system in a 
triatomic system Cl — CII 2 — Cl [see Kohlrausch (14)]. The two high-frequency Raman shifts 
and infrared bands 2985 and 3047 cm -1 evidently are the O — II stretching frequencies of tho CH a 
group: one, jq(tti), totally symmetric and therefore polarized, and the other, vcC&i), anti-symmetric 
with respect to the CC1 2 plane and therefore depolarized. 

By comparison with the vibration spectra of H 2 GO and tho methyl halides, it would be expected 
that tho fairly strong Raman and infrared band of CI1 2 C1 2 at 1423 cm -1 would correspond to the 
CH 2 deformation vibration v 2 (ai). Against this assignment the objection may be raised that in tho 
Raman effect this frequency is completely depolarized, whereas should be partly polarized. 

However, a very similar frequency has been observed in many other methylene compounds in which 
it is polarized [see Wagner (908) ], and as has been pointed out earlier, polarized Raman lines may 
in exceptional cases have degrees of depolarization up to r . 

The assignment of the three remaining frequencies * 5 (^ 2 ) (torsional oscillation), vj(bi) (rocking 
of CH 2 in its plane), vg (h 2 ) (rocking of CH 2 perpendicular to its plane) is much less certain. In 
Table 87 for v& and vg the assignment by Wagner (908) has been adopted; Wagner has carried out a 
detailed calculation on the basis of a somewhat generalized valence force system and has also com- 
pared CH 2 C1 2 with a number of other methylene compounds. The fact that nfas) seems to occur 
(though weakly) in the infrared, contrary to the selection rules, must bo explained as due to tho 
influence of the neighboring molecules. It should not occur in the infrared spectrum of the vapor . 148 
For 1 / 7 ( 61 ) Wagner has left the assignment open, suggesting that vi is overlapped by 1 / 9 . In Table 87, 
following Corin and Sutherland (233), the frequency 898 cm -1 has been chosen for vt ( 61 ) since this 
is a fairly strong infrared band that cannot be explained as a combination or overtone band. 



Fig. 94. Correlation of the fundamental vibrations of CH 4 , CH 3 C1, CH 2 C1 2 , CHClg, and CC1 4 . 

— The broken correlation lines correspond to vibrations that are antisymmetric with respect to the 
(only) plane of symmetry that is preserved in going from CH3CI or from CHCI3 to CH 2 C1 2 . 

The other observed infrared and Raman bands are easily assigned as overtone and combination 
bands, as indicated in Table 87. 

In Fig. 94 the fundamental vibration spectra of CH 4 , CHaCl, CH 2 CI 2 , CHCI 3 , CCI 4 are repre- 
sented graphically on the basis of the data of Tables 80, 83, 84, 86 , 87. Frequently in tho literature 
attempts have been made to correlate tho frequencies in these and similar molecules, but quite often 
such correlations have been made without regard for the non-crossing rule of vibrations of the same 
species (see p. 200 ). It must be realized that tho correlation between CH 4 and CH 2 CI 2 is different 

148 Wu (962) assigns vg(a 2 ) to 898 cm -1 which seems much less likely since it occurs with medium 
intensity in the infrared. 
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depending on whether one imagines two of the H atoms of CH 4 to be simultaneously transformed 
into ( ’I atoms or whether one imagines first one H atom transformed into Cl (giving CH 3 CI) and then 
the other. In the first correlation there are throughout the transition two planes of symmetry, in 
the second only one. In the first case, therefore, intersections of vibrations of different species of 
Civ may take place, whereas in the second ease only vibrations of different species of the common 
point group C a may intersect. This second case is the one represented in Fig. 94. In order to 
carry out this correlation one has to realize that the e vibrations of CH 3 CI split into one symmetric 
(«') and ono antisymmetric (a") vibration of C a (indicated by solid and broken correlation lines 
respectively,, while ai vibrations go over into a' vibrations. On the other hand, since it is the CCI 2 
plane that remains a plane of symmetry, the n\ and h 2 vibrations of CH 2 CI 2 go over into a' vibrations 
of C a while «2 and b\ go over into a". With this and the non-crossing rule, the correlation in the 
upper part of Fig. 94 is given. The correlation of CC1 4 — OHOI 3 — CII 2 CI 2 (lower part of Fig. 94) 
is similar, except that the plane in common is now the CII 2 plane; therefore a\ and hi go over into 
o', and «2 and h* into o". Fig. 94 shows that in this correlation none of the vibrations of CH 4 goes 
over ompletely into the corresponding vibration of COI 4 . Kohlrausch and Wagner (531), as well as 
Wu (902), have given a correlation similar to Fig. 91 including as further intermediate steps OH 3 D, 
CII3F, CH 2 FCI, CH FCI2, CDCI3, CF( U 3 . However, their assignments for CH2CI2 are slightly different 
from that assumed here. 

CHCbBr and CHClBr*. A number of halogen derivatives of methane with two different halogens 
as well as hydrogen have been investigated in recent years, particularly by Glockler and his collabora- 
tors. As examples we choose bromodichloromethanc and chlorodibromomethanc. Ono would ex- 
pect these molecules to have one plane of symmetry only (the CHBr and CHC1 planes respectively), 
that is to belong to point group C a . On this assumption each would bo expected (see Table 35) to 
have six normal vibrations that are symmetric with respect to the plane of symmetry (species A 9 ) 
and three that are antisymmetric to it (species A"). All fundamentals are active both in the llaman 


Table 88. comparison of tiie fundamentals of OHCI3, OHCl 2 Br, CHClBr 2 , 

AND (TIB |\1 AS OBTAINED FROM THE RAMAN SPECTRA OF THE LIQUIDS. 


Assignment 

CHCL 119 

CIIClsBr 150 

1 

OlIClBra 150 

CHBr, 161 

MO 

262.0 (v.s.) 

(214.6 (s.) 

\ 220.4 (v.s.) 

108.3 (8.) 1 
201.1 (s.) / 

153.8 ( 3 .) 

V.\(il\) 

365.9 (s.) 

329.6 (s.) 

279.4 (v.s.) 

222.3 (v.s.) 

Fa(«i) 

668.3 (s.) 

601.7 (s.) 

568.9 (s.) 

538.6 (s.) 

MO 

761.2 (s.) 

f 718.8 (m.) 

1 760.0 (m.) 

658.7 (m.) 1 
749.5 (m.) J 

656 (s.) 

MO 

1215.0 (m.) 

f 1170.8 (m.) 

\ 1214.3 (w.) 

1145.5 (w.) 1 
1193.8 (w.) / 

1142 (m.) 


3018.9 (h.) 

3020.5 (m.) 

3022.0 (s.) 

3023 (s.) 


effect and in the infrared. The Raman spectra of liquid CTIOLBr and OHClBr* have been investi- 
gated by Kohlrausch and Koppl (522) and (llockler and Leader (374) (370), and the infrared spec- 
trum of liquid ClK'lBrs by Emschwillcr and Lecomte (304). For each molecule nine Raman shifts, 
which are presumably all fundamentals, have been found, and for CHClBr 2 four infrared bands which 
coincide within the rather large uncertainty of the measurements with four of the Raman shifts. 
Since no polarization data aro available and the infrared data have been obtained with low dispersion, 
it is not possible to decide definitely which of the frequencies correspond to the antisymmetric 
vibrations. 

However, a comparison of the spectra of CHCLBr and CHClBr 2 with those of OHCI 3 and 
CIIBrs is very helpful in finding out to what modes the observed frequencies of the former corre- 
spond, since to a certain very rough approximation CIIClgBr and CIIClBrs may be considered as 
isotopic molecules of CIICI3 in which one or two Cl atoms are replaced by Br, or of CHBra in which 


149 From Table 86 . 

160 These data are from Glockler and Leader (376). 

161 These data are from Redlich and Stricks (732). 



INDIVIDUAL MOLECULES 


321 


III, 3 

two or one Br atoms are replaced by Cl atoms [see Wu (20) ]. This comparison is given in Table 88. 
Here it should be noted that every degenerate vibration of CHCla or CIIBr 3 splits into two different 
frequencies in CHCl 2 Br and CHCLBr 2 , which one would expect to be intermediate in frequency be- 
tween those of CHCI3 and CHBr3. This is seen to be the case from Table 88. One component of 
each such doublet is an antisymmetric vibration, but as mentioned above it is impossible at present 
to decide which one. The analogues of the totally symmetric vibrations of CIICI3 and CIIBr 3 
also have, of course, intermediate frequencies. 

It is seen from this comparison that while the three highest frequencies of CHCloBr and CIIClBr 2 
may definitely be identified as O — H stretching and bending (rocking) vibrations it is not possible 
to ascribe any one of the others to a definite carbon-halogen band. One can say only that the three 
lowest are bending frequencies and that the three intermediate are stretching frequencies of the 
CCl 2 Br and CClBr 2 groups. 

Formic acid, HCOOH and HCOOD. The investigation of the infiared and ltaman spectra of 
formic acid is complicated by the fact that at room temperature the vapor consists mainly of double 
molecules and only a small fraction of single molecules. 16 * In order to asceitain which bands belong 
to the single molecules (and also to avoid too much overlapping by the bands of the double molecules), 
it is necessary to investigate the spectrum at an elevated temperature as well a.-* at room temperature. 
This has been done for the infrared absorption by Bonner and Hofstadter (167 > (455), both for light 
and heavy formic acid, and for the Hainan spectrum of the former by Bonner and Kirby-Snnth (108). 
The Raman spectrum of the liquid, investigated by many authors [see Kohlrausch (14)] is probably 
mostly duo to the dimer. Table 89 gives the observed spectra. 


TaIILE 89. INFRARED AND IlAMAN SPECTRV OF MONOMERIC IICOOH AND HCOOD VAPOR 
AFTER BONNER AND IIOFSTADTER (107) (155) AND BONNER AND KIHBY-SMITH (108). 



HCOOH 

HCOOD 

Assignment 

Infrared 

Raman 

Infrared 


Fvaruum ( cm 1 ) 

APvaruuin (cm *) 

^vacuum (cm *) 

v(0 — H torsion)? 

658 (m.) 

232 

007*“ (w.) 



919 

953 (w.) 

980 (v.s.) 




/ 1030 (s.) 

0 

1 

o 

N-/ 

St 

1093 (v.s.) 

1200 l63a 

1346 

(llG3 (v.s.) 

p(C=0) 

1740 (v.s.) 


1761 (v.s.) 

2105 151 (w.) 


2325 (m.) 


2346 161 (w.) 

F(CII) 

2940 (s.) 

2945 

3002 (m.) 

*(011)0(01))] 

3570 (m.) 

3566 

2066 (s.) 

3f(OII) 

10202. 8 156 (w.) 



4f(OI1) 

13285 188 (v.w.) 




182 For detailed data about the association equilibrium, see Ooolidgo (230). 

183 This band does not occur in Hofstadter’s (455) main table but only in his Table 2. 

153a This band is due to Herman and Williams (430), who also give slightly different wave numbers 
for some of the other bands 

154 Possibly due to the dimer. 

158 This photographic infrared band was first observed by Ilerzbcrg and Verleger (445) and later 
studied in more detail by Bauer anti Badger (128). 

166 Observed by Thompson (848). 
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Tahle 90. further five-atomic molecules . 63 




References 

Molecule 

Structure 



Raman spectrum 

Infrared spectrum 



SiII 4 

T ( i (tetrahedral) 

(815) 

(807) (817) (8(5.5) (800) 

CeH 4 

T,i (tetrahedral) 


(808) (570) (818) 

CF 4| SiF 4 

T ( i (tetrahedral) 

(971) 

(93) 

SiCl 4 , TiCl 4 , OeCl 4 , SnCl 4 

T,i (tetrahedral) 

(4 l(i) (873) (14) (191) 

(763) 

CBi-4 

Ta (tetrahedral) 

(547) 

(101) 

SiBr 4 , CeBr 4 , SnBr 4 

T,i (tetrahedral) 

(874) (832) (14) 


»() 4 — f Se0 4 — 

Tj (tetrahedral) 

(14) 


Si<) 4 

T ( i (tetrahedral) 


(004) 

cior, ior 

T,i (tetrahedral) 

(325) (58) (541) (727a) 


Cr0 4 — , Mo0 4 , Wo0 4 — 

Ta (tetrahedral) 

(071) (2(54) (356) (2G2) 




(842) 


PO, , AsO, 

Td (tetrahedral) 

(792) (321a) (<S2(S) 


CdBr 4 

T d ? 

(275) 


nh 4 + 

Td (tetrahedral 9 ) 

(022) (456) (47) (234) 

(705) (99) (335) 



(335) 


HCF 3i HCBr,, Df'Brj.l 

nci, / 

Cj,. (tetrahedral) 

(13) (14) (786) (369) 

(732) 

(595) (304) (901) (864) 
(101) 

HSiClj, HSiBr., 

C 3r (tetrahedral) 

(175) (425) (273) (274) 


II(leCl ;j , JICleBrs 

C 3 i, (tetrahedral) 

(904) 


IIKnCls, HSnBrs 

C 3l . (tetrahedral) 

(832) 


CIO Bra, B rOO] 3 

C 3 „ (tetrahedral) 

(955) (509) 


foci 3 , ok;f 3 

Csu (tetrahedral) 

(372) ( 484) 


BrSi( 11 j 

Ci V (tetrahedral) 

(420) 


OYCh 

Civ 

(547) (191) 


SPC1 3 

Ci„ 

(839) 


OH 2 F 2 

C 2 „ (tetrahedral) 

(373) 


OII 2 Br», CH .Ia 

Ctv (tetrahedral) 

(870) (880) (534) (64) 

(868) (301) d>01) (864) 



(908) (070) 

(101) (97) 

CF 2 Cl 2f CF 2 Br 2 

Civ (tetrahedral) 

(175) (374) 


OCl 2 Br 2 

Civ (tetrahedral) 

(509) 


CH 2 CIF, Oll 2 ClBr,1 
CII 2 CII, ClI 2 BrIJ 

C* (tetrahedral) 

(307) (04) (908) 

(304) 

CHFCla, CHCIF 2 

C„ (tetrahedral) 

(366) (37(5) (370) (175) 


CHBrF 2f CIIFBra 

C« (tetrahedral) 

(365) (370) 


CIIBrCIF 

Ci (tetrahedral) 

(370) 


so 2 ci 2 

C iv ? 

(191) 


H 2 C=CO 

C 2v 

(536) 

(354) 

HNOs, DNO 3 

Ci V ? 

(41) (57) (199) (198) 

(925) (67) (476a) 



(821) (90) (731) (792a) 


HjN— CN 

c, ? 

(478b) 



A study of the fine structure of a photographic infrared band seems to show (sec Chapter IV) 

O 

S 

that HOOOII is a plane molecule of the form II — C H [sec Bauer and Badger (128)]. Of the 

\ / 

o 

nine fundamentals, according to Table 35, seven are vibrations in the plane of the molecule and 
two are perpendicular to it. However, the available data are not sufficient to give a complete 


63 On p. 287. 
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assignment. The most one can do is to ascribe certain observed frequencies to certain bonds by 
comparison with other molecules and by consideration of the isotope effect. This is indicated in 
Table 89. 

The infrared spectrum of DCOOH and DOOOD has been investigated by Herman and 
Williams (430). 

Other five-atomic molecules. A large number of further five-atomic molecules have been in- 
vestigated. Most of them have the same structure as one of the examples treated in the foregoing. 
However in almost all cases the data arc less complete. Table 90 gives references to recent work on 
the Hainan and infrared spectra of most of these molecules. The structure of tho molecules is also 
indicated although in many cases it is not unambiguously established. The observed fundamental 
frequencies of some of the tetrahedral molecules are included in the previous Table 39. 

Certain vibrations of a number of more than five-atomic molecules may bo considered essentially 
as due to a five-atomic system. For example, in tho neopen tone molecule C(CII 3 )4 we expect to 
find four vibrations that can be attributed to the vibrations of the CH 3 groups as a whole against tho 
central carbon atom, just as in, say, OCli [see Hank (71 0, Kohlrausch and Koppl (521), Hank and 
Bordner (715), Wall and Fddy (910), Silver (787) (788), Ballaus and Wagner (95)]. These skeletal 
vibrations have also been discussed for Si(CH 3 )4 by Hank and Bordner (715), Wall and Eddy (910), 
and Silver (787) (788); for Si(r , 2 IIf J )4 by Anderson (50); for Sn(dl 3 )4 by Pai (682) and Anderson 
(50); for Pb(CH 3 )i by Duncan and Murray (293), Pai (682), and Anderson (50); for Pb(CjH »)4 by 
Duncan and Murray (293) and Pai (682); and for [N(CII 3 ) 4 ] + by Edsall (298) and Silver (788). 
In addition to the skeletal vibrations there are, of course, the “inner” vibrations of the CII 3 groups. 167 
Apart from the tetrahedral molecules there are many other less symmetrical molecules that may bo 
considered as five-particle systems, such as ClfiOH, (W-N, (CH 3 )C<3 3 , CH 3 *CH 2 *OOH and soon, 
if the Oil, ON, CH 3 , • • • groups are considered as one particle [[see Kohlrausch (14)]. 

(i d ) Six-atomic molecules 

Diacetylene, HC=C — CfeCH. On the basis of valence considerations one would expect 
diacctylene to be a linear molecule. But a definite spectroscopic proof of this is still lacking, although 
electron diffraction data [Pauling, Springall, and Palmer (687) ] are in favor of this assumption. For 
the linear model there are the following normal vibrations, which are represented in Fig. 95: 

3S/(R.), 22 U +(I.), 21I„(R.) f 211 n(I.) ; 

that is, there are five non-degenerate 1 1 vibrations and four doubly degenerate _L vibrations. Since 
there is a center of symmetry the rule of mutual exclusion should hold. While this is found to bo 
the case it may bo due to the fact that tho infrared spectrum has not been investigated below 600 
cm -1 , where three of the Kaman lines lie. 

The five Raman lines of liquid C 4 II 2 observed by Timm and Mecke (862) (see Table 91) cannot 
be interpreted as the five Haman-active fundamentals vi, V 2 , vs, va, V 7 , since v\ certainly is the sym- 
metrical CH frequency which must have a frequency of about 3350 cm -1 (from analogy to C 2 II 2 ; see 
Fig. 95) and which is not observed. One may, however, interpret tho five observed Hainan 
bands as the fundamentals v*, 1 % ^ 9 , vi (in order of their frequency), 168 if one assumes that the 

Raman-inactive frequency vg occurs in the liquid because of the interaction with other molecules 
(see also C 2 I 2 , p. 302) or that in the liquid state the molecule is not exactly linear as it probably is 
in the gaseous state. At any rate it seems hardly possible to interpret the frequency 411 cm 1 as 
anything but a fundamental. 

In the ordinary and photographic infrared of gaseous C4H2, a number of absorption bands have 
been found by BartholomG (119), Bartholomrt and Karweil (122), and (liinswcin and Mecke (316). 
By comparison with O 2 H 2 the infrared active || vibrations v\ and v$ are easily identified as tho bands 
3350 (C — H vibration) and 2023 cm -1 (C“==C vibration). Assuming that the Raman band 411 cm” 1 
is vq, there are three possibilities for v%: 690 cm -1 , 708 cm -1 , and 1235 cm -1 , all of which are very in- 
tense infrared bands. In favor of v% = 1235 cm -1 is the fact that it is the most intense band. But 
1235 appears altogether too high for a _L vibration of a linear molecule. We therefore choose 

167 Tho latter have l>een included in the detailed theoretical treatment by Silver (788). 

168 Timm a nd Mecke (862) have interpreted the three Raman lines of lowest frequency as vg, 
(vz — Pa), V 7 respectively, of which the first two are forbidden. In addition, it is hard to understand 
on this assignment why v$ + vg is not observed. 
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„ 8 = 70 R t considering the maximum 690 cm” 1 as due to vs + V 7 — V 7 which, because of the smallness 
of V 7 and the double degeneracy of the lower state, should have almost the same intensity as r B . 
The interpretation of the other bands on this basis is given in Table 91. The assignments of Timm 
and Meeko (862) are added in square brackets. 



Fia. 95. Normal vibrations of diacetylene (schematic). 


While vi has not been observed, it is clear that it must have a magnitude very similar to v\ 
( =3350 cm -1 ), since even in C 2 II -2 the frequencies of the two O — II vibrations are close together 
(3288 and 3374 cm -1 ) and since here the two G — II groups interact still less with each other (see p. 196). 

The frequency of the C — C vibration v 3 obtained from the Ttaman spectrum is very low compared 
to the — G frequencies of molecules such as (ON)*, CaH#, and others. If, on the basis of a general- 
ized valence force system including interaction terms between nonadjacent atoms, the valence 
stretching-force constants are evaluated from tho observed frequencies of the || vibrations [see 
Bnrtholom£ and Karweil ( 122 ) and Wu and Shen (964) **®], it is found that the C G force constant, 
in consequence of tho low value of v 3 , comes out more than 20 per cent lower than for O 2 H 8 and 45 
per cent lower than for tho isosteric G 2 N 2 . On the other hand, according to the electron diffraction 
data mentioned above, the 0 — G single bond distance for C 4 H 2 is smaller than for O 2 II 8 and about the 
same as for O 2 N 2 , indicating a tighter bond than for Gallc- Further work on the Raman and infrared 
spectra is required to clear up this difficulty. It does not seem entirely impossible that V 3 as well 
as v\ has escaped observation and that the observed Raman frequency 644 cm -1 is not v%. On tho 
other hand, the work of Woo and Chu (951) on the ultraviolet spectrum seems to show that 644 cm -1 
is a fundamental frequency of the electronic ground state. 

159 Wu and Shen have also given formulae for the perpendicular vibrations [see Wu (26)]. 
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TABLE 1)1. RAMAN SPECTRA OF LIQUID AND INFRARKD HFKCTKUM OF GASEOUS HC-— O <*--( Tl 

AFTER TIMM AND MECKE (862) , BARTHOLOMH AND KAKWEIL (122). 

AND GANSWEIN AND MKCKE (340). 


Fvaruiun 

(cm -1 ) 

Descrip- 
tion of 
band 

Assignment 

^vacuum 

(cm -1 ) 

Description 
of band 

Assignment 

231 

411 

488 

644 

690 

708 

1235 

1444 

2023 

2183 

2950 

2980 

3030 

R. (v.w.) 
R. (w.) 

R. (m.) 

R. (m.) 

I. (B.) 

I. (b.) 

I. (v.s.) 

I. (ill.) 

I. (s.) 

R. (v.s.) 

I. (w.) 

I. (w.) 

I. (m.) 

F7(f®)[f«] 
vy (ir u ) [vz-vy~\ 

M*u) L v il 

P3 C “ C K + ) 
VH+V7— F 7 (II U ) 

?'8 (Wu) [^ 7 +^ 9 ] 
F«+F8(S u + ) [F7+Fs] 

*6 + *>8 + V 7 (U u ) [p 6 +F»] 
Vh C " C (<T„ + ) 

F 2 CSC W) 

F2+F8(Hu) 

„ & +2p 6 (2 u + ) 

F»'fF7+F8(S ll + ) 

3120 

3350 

( 3350 ) 

3550 

3920 

6500 

8950? 

116SS 

117S2 

11809 

11865 

12147 

12199 

12236 

12706 

I. (m.) 

I. ( 8 .) 

not obseived 
I. (v.w.) 

I. (m.) 

T. (v.w.) 

I. (v.w.) 

P.I. (w.) ] 

1 \I. (v.w.) 1 
P.I. (v.w.) 
P.I. (v.w.) 
P.I. (v.w.) I 
P.I. (v.w.) } 
P.I. (v.w.) j 
P.I. ( 111 .) 

iq+Fs+FeOl./) or v 4 — ^7(H.i) 

* 4 C,, (<r« + ) 

»l CH (<r<r + ) 

F4+F7(ll«) 

F3+F 4 (2« + )? 

f,+f 4 ( 2 m + ) 

V\ +F2+F4 (2 U + )? 

F2+3f 4 (2„ + ) 

V\ H-2v 4 +F5(2J u + ) 
+*' 6 ( 2 u + ) 

2 iq -f-F2+F 4 (S lt + ) 

F2+3f 4 +f 6 (IU? 

V\ +2f 4 -+-I /6 +F 6 (IIh)? 

3fi -f F 5 +f«(II u )? 

fi+3f 4 (2„ + ) 


Ethylene, C 2 H 4 and C 2 D 4 . Valence considerations suggest the 'plane symmetrical form (point 
group Vh ) for the ethylene molecule. Observation shows that there are no bands that occur in the 
Raman as well as the infrared spectrum of ( ' 2 II 4 gas , 180 proving that the molecule has a center of sym- 
metry (see p. 250 ). While this does not necessarily imply that 0 2 II 4 has the symmetrical plane form, 
any other form with a center of symmetry but the symmetrical plane form seems very unlikely on the 
basis of valence considerations [see for example Penney ( 090 )]. At any rate the fulfillment of the 
rule of mutual exclusion fairly definitely rules out the model in which the two CH 2 groups arc in 
plant's at right angles to each other, and the model in which the four H atoms are in a plane parallel 
to but not coinciding with the C — C axis. It does not rule out the model in which the II 4 plane 
intersects the C — O axis at the mid-point (see model II of C 2 H 2f Fig. 86). Although the other Raman 
and infrared data at present available are not sufficient to decide unambiguously against this model, 1 ® 1 
we shall, in what follows, assume the plane symmetrical model, which has been taken for granted 
by most investigators. 

In Table 92 are given the observed infrared and Raman bands of C 2 H 4 and O 2 D 4 . As we have 
seen previously (p. 150, Fig. 44), C 2 H 4 (C 2 D 4 ) has twelve normal vibrations of the following species 
and activities: 


3 A 0 (R.), Au(inactive), 2 Ri a (R.), B U (I.), 2 R 2 m (I.), 2R 3 «(I.) 

(assuming as previously that the z axis is perpendicular to the plane of the molecule and the x axis 
is the C=C axis). The numbering of the vibrations in Table 92 is in agreement with our general 
practice (see p. 272) and is defined more particularly by Fig. 44, except that in the table either CH, 
CG, or OH* is added as a superscript to the symbol whenever the vibration considered is known to 
be essentially a C — H or C=C stretching or CH 2 deformation vibration . 1 ® 2 

160 For liquid C2H4 a few coincidences have been found which can be explained as due to a break- 
down of the selection rules in consequence of intcrmolecular forces. 

161 On this model there would be four instead of three totally symmetric fundamentals, that is, 
four instead of three polarized Raman lines corresponding to fundamentals, while only three are found. 

182 It appears that hardly any two authors use the samo designations for the vibrations of C 2 H 4 . 
Conn and Sutherland (226) give a comparative table of the various notations. Even though the 
notation used hero is different from any suggested before, it appears to be necessary to introduce it, 
for the sake of consistency with the designation for the other molecules treated here. It must also 
be kept in mind that the designation of the species is not unique (see p. 108), since it depends on 
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TaRLE 92. INFRARED ANI) HAMAN HANDS OF C 2 H 4 AND ( < >D 4 163 [AFTER LEVIN AND MEYER 
(574) AND G ALLA WAY AND DARKER (245) (C 2 H 4 AND C 2 I-) 4 , INFRARED, (!A«) | DICKINSON, DILLON 
AND KAHETT1 (2S7), AND RHAGAVANTAM (148) (C 2 H 4 , RAMAN, GAS) ; GLUCK LEH AND RENFREW (378) 
(C 2 II 4 , RAMAN, LIQUID); AND DE HEMPTINNE, JUNGERS AND DEFLOSSE (422) (C 2 D 4 , RAMAN, LIQUID)]. 


Assignment 

c 2 h 4 

C 2 I>4 

Infrared (gas) 

P vacuum ( ( ‘ ni 1 ) lfll 

Raman 165 
APvacuuiu (cm -1 ) 

Infrared (gas) 
Pvacuum ( cm 1 ) 184 

Raman (liquid) 
APvueUUIIl (cm *) 

vi(a u ) 

(825) 166 

(580) 1,7 



943 (w.) liquid 


780 (w.) 

v,(b lu ) 

949.2 (v.s.) Q m 


720.0 (v.s.) G“* 


2f7— F7 



723.4 (m.) 


vio(b- 2 U ) 

995 (m.) 


(712) 107 ' 169 


Vd(bi ti ) 


(1050) 170 


O 

00 

00 



1342.4 (v.s.) gas, 


981 (m.) 



pol. 



v\'!'Khu) 

1443.5 (a.) || Q m 


1077.9 (s.) || Q m 


»2 CO (ii2c:«— c ls n s ) 


1002 (v.w.) liquid 



«'2 C0 (a„) 


1623.3 (v.s.) gas, 


1515 (v.s.) 



pol. 



2v 4 (Ag) 


1050 (w.) gas 



V7+V* (/Lm) 

1889.6 (m.) || Q m 


1495.7 (m.) || Q m 


P6+PI0 (/*3m) 

2047.0 (w.) || Q 1GH 


1595.1 Q 


P3 +F 10 (/Jsai) 

2:125 (w.) m 




2 v\'"HA 0 ) 


2880.1 (w.) gas 



v\\ U (b*u) 

2989.5 (s.) || G 168 


2200.2 (m.) 1| G 168 


pi CII (II 2 C 12 -=C 13 II 2 ) 


2997 (v.w.) liquid 



vi CU (<i t/ ) 


3019.3 (v.s.) gas, 


2251 (v.s.) 



pol. 



V9 CU {b iu ) 

3105.5 (s.) 

3075 (w.) liquid 

2345 (v.s.) 


2 n c %l g ) 


3240.3 (v.w.) gas 



Pr» C,I (^i,/) 


3272.3 (v.w.) gas 


2304 (w.) 

VI+V7 (Bi„) 



2909 (s.) 172 Q 


V3+2V7 -\-V\o(B‘iu) 

4200.7 (w.) 




P&+P10 (/f.l«) 



3049.0 Q (w.) 


V3 +3P|o(/f»u) 

4323.1 (m.) 


3204.3 (w.) 


Vi+vv>(lhu) 



3345.3 Q (m.) 


Pfi+Pl 2 (/f 2 .i) 

4514.3 (m.) 


3387.8 (w.) 


P 2 \-VyVhu) 

4727.7 (v.w.) 


3802.8 (v.w.) 


PI +3p 7 (/*i„) 



4129.5 Q (w.) 


Pj +Pn(/f:Li) 



4478.0 Q (w.) 


Pfi +P«(/Lm) 



4028.0 Q (w.) 



which are called x, y, and z axes. Our choice has the advantage that the z axis is the axis of largest 
moment of inertia, the x axis the axis of smallest moment of inertia. This choice of axes agrees with 
that of Kohlrauseh. 

168 figures in brackets are not directly observed Raman or infrared bands. Photographic infrared 
bands are not included (see text). 

104 It has been assumed that the data given by Gallaway and Barker (345) were corrected for 
vacuum, although this is not explicitly stated in their paper and although they took over some of 
Meyer and Levin’s data without correcting them for vacuum. Q indicates a central maximum 
which is to be expected for species B\ u and B$ u (see Chapter IV, section 3). 

185 All Raman lines observed for the gas have also been observed in the liquid with very slightly 
smaller shifts. (Footnotes continued on following page ) 
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The three strongest (and polarized) Raman lines 3019.3 ( 1623.3, and 1342.4 cm ” 1 can only be 
identified with the three totally symmetric vibrations v\ (a g ), v 2 (a g ), vz(a g ). This is also in agreement 
with the fact that the first is expected to be essentially a C — H vibration the second a C=C 

vibration (y 2 CC ), and the third a symmetrical CH 2 deformation vibration (v 3 CIl2 ) t for which the 
frequencies observed are reasonable values. The correctness of this identification is further con- 
firmed by the fact that the three strongest Raman lines of C 2 D 4 also fit this assignment: we have 
large isotope shifts for the vibrations v \ CH and va 0112 but a small isotope shift for V 2 CC and the isotope 
relation (II, 314) is fulfilled satisfactorily. 

The high-resolution work of Gallaway and Barker (345) has shown that the strong infrared 
bands 2989.5, 1443.5 cm ” 1 of C 2 H 4 and 2200.2, 1077.9 cm " 1 of C 2 D 4 have the dipole moment oscillat- 
ing in the direction of the C=C axis (|| bands, M x ^ 0 ; see Chapter IV, section 2b). Therefore 
they must be identified with the two vibrations of species Z? 3 u (see Fig. 44), which are essentially 
C — H (C — D) stretching and CII 2 (CD 2 ) deformation vibrations (i£ H and . The considerable 
shift between C 2 Il 4 and C 2 D 4 is in agreement with isotope relation (III, 319). Similarly Gallaway 
and Barker (345) have shown that for the remaining strong infrared bands 3105.5 and 949.2 cm " 1 of 
C 2 H 4 and 2345 and 720.0 cm " 1 of C 2 D 4 the dipole moment is oscillating perpendicular to the C=C 
axis, for the higher frequency in the plane, for the lower frequency perpendicular to the plane of tho 
molecule. Therefore they must be interpreted as tho C — II (G — D) stretching vibration vg CII (& 2u ) 
and the whole-molecule -bending vibration P 7 (bi„). The isotope shift of the latter, which is tho only 
one of its species, is in agreement with the isotope relation (II, 317). Tho only remaining infrared- 
active vibration v\o (5 2m ) for C 2 II 4 is very probably to be identified with tho _L band at 995 cm" 1 , 
which is badly overlapped by the much stronger band 949.2 cm ” 1 and therefore not very accurately 
measured. For C 2 D 4 tho corresponding band has not been separated from tho overlapping band 
720.0 cm" 1 . 

The remaining four fundamentals v\{a u ), Vb(b lg ), v&(bi„), and v*(h 2g ) are much less definitely 
identified. One of them, tho Raman-active v$(bi g ), is a C — H vibration (see Fig. 44) and should 
have a frequency of about 3000 cm" 1 . But, curiously, in addition to tho very strong Raman lino 
iu CH = 3019.3 cm" 1 , as many as five weaker Raman lines have been found in this region. Two of 
these (2880.1 and 3240.3 cm" 1 ) are readily explained as first overtones of v[ i ,** 2 and V 2 CC respectively, 
which have probably “borrowed” some of their intensity (by Fermi resonance) from vi CH , all threo 
upper levels having symmetry type A g . The line 2997 cm " 1 is very probably the v\ band of the iso- 
topic molecule H 2 C 1 % =C 13 II 2 , just as tho weak line 1602 cm " 1 corresponds to v 2 of this molecule [sco 
Glockler and Renfrew (378) ]. Thus two possibilities remain for v b (bi g ) : 3075 and 3272.3 cm” 1 . Tho 
latter seems more likely to the writer, since it appears in the gas whereas the former does not, and 
since otherwise it would have to bo explained as a ternary combination, which is extremely unlikely 
to occur in tho Raman spectrum . 173 The line 3075 cm " 1 could then bo interpreted [Glockler and 
Renfrew (378)] as ^ 9 CII (^ 2 «) occurring weakly in liquid C 2 H 4 because of a breakdown of the selection 
rules. In C 2 D 4 the Raman line 2304 cm " 1 would have to bo taken as v^{bi g ). 

The two remaining Raman-active fundamentals v&(bi g ) and v»(b 2 a ), which represent wholo- 
molecule-bcnding vibrations (Fig. 44) would be expected to have low frequencies. It seems, there- 
fore, plausible to identify the Raman line 943 cm " 1 of C 2 II 4 as one of these fundamentals, very prob- 
ably ps( b 2 0 ), particularly since the corresponding lino 780 cm " 1 of C 2 D 4 fulfills the isotope relation 
(II, 318) fairly well. This identification also leads to a very satisfactory interpretation of the 


166 From tho interpretation of the Raman band 1G5G cm" 1 . (See also p. 328). 

167 This value is obtained from the corresponding one for C 2 II 4 by means of the isotope relations. 

168 Tho wave numbers given for these bands refer to the band centers (zero linos, seo Chapter IV) ; 
flio wave numbers of the maxima of the Q branches are slightly different. 

169 Conn and Sutherland (22G) give a fairly strong maximum at 727 cm” 1 which has not been 
confirmed by Gallaway and Barker (345) . The latter authors give a value 740 cm" 1 for this vibration. 

170 From the interpretation of the infrared bands 2047.0 cm” 1 and 1595.1 cm" 1 respectively. 

171 This band is due to Goblentz (224). 

172 This band is given by Conn and Sutherland (22G) but not by Gallaway and Barker (345). 

173 However Conn and Sutherland (22G) as well as Burcik, Eystcr and Yost (183), and Gallaway 
and Barker (345) prefer the assignment i^ CU (&ifl) = 3072.3 cm" 1 . 
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infrared band 1889.6 cm ” 1 of C 2 H 4 (and 1495.7 of C 2 D 4 ) as vj + vs, since the upper state of this com- 
bination has species Bzu , leading to a || band in agreement with observation . 174 

No Raman lines are left to be assigned to vs(bi 0 ). Its value can be obtained from an interpreta- 
tion of the || band 2047.0 cm -1 of C2II4 (and similarly 1595.1 of C 2 D 4 ) as vs + v\q(B* u ). This ac- 
counts for the character of the band and gives a frequency v% (1050 cm -1 for C2II4, 883 cm ” 1 for 
O 2 D 4 ) in agreement with the expectation that it should bo of similar magnitude to v\o . 

The last remaining vibration, the twisting vibration iq (a u ), is active neither in the Raman nor 
in the infrared spectrum. Combination bands containing iq may of course be active, and thus may 
bo used for its determination, although it is difficult to be quite sure about the assignment. The 
weak Raman lino 1656 cm -1 observed in the gas can hardly be interpreted other than as a binary 
combination containing jq. Conn and Sutherland (226) have assumed it to be v\ + vi(Bi a ), giving 
1/4 700. However, vi is a weak Raman line and no strong Raman line of species B\ g occurs. On 

the other hand, Wu (26) has suggested 1656 = 2v\. This seems much more probable because the 
species of the upper state of 2iq is A a and another level of the same species giving rise to a very strong 
Ra nan line (1623.3) is very close to it, so that 2 im may be strengthened by Fermi resonance. Thus 
we obtain jq ~ 825 cm” 1 . Measurements of the specific heat of O 2 II 4 at various temperatures have 
also led, in a way that will be explained in Chapter V, to a torsional frequency of about 800 rather 
than 700 cm ” 1 [Eucken and Parts (313), Burcik, Eyster, and Yost (183) ]. 176 

Very recently Rasmussen (724) has found in C 2 H 4 a very weak infrared absorption band at 800 
cm” 1 which cannot be a combination band. 175a While he interpreted this band as yioCtau) (for which 
Gallaway and Barker found 995 cm” 1 ), it seems very likely that his band represents the torsional 
oscillation which can be made weakly active for the higher rotational levels on account of Coriolis 
interaction with the vibration vio(b 2u ) (see p. 467). 

Some further weak infrared bands and their interpretations as overtono and combination bands, 
mainly after Gallaway and Barker (345), are given in Table 92. A number of photographic infrared 
bands have been found by Badger and Binder (72), Bonner (163), Ganswcin and Mecke (346) [see 
also Thompson (849) and Wu (25) ]. They are not included in Table 92. 

On the whole, it appears that the fundamentals chosen in Table 92 are reliable, with the possiblo 
exception of v&(bi g ). The force constants obtained from them on the basis of a simple valence force 
potential are given in the previous Table 47. On the basis of older assignments Manneback and 
his co-workers [Del fosse (272), Manneback and Verleysen (598), Manneback (596), Verleysen and 
Manneback (900), Bernard and Manneback (139), de Hemptinne and Manneback (423)], as well as 
Wu (26), have calculated force constants for the O 2 II 1 molecule. 

The Raman spectra of partly deuterated ethylenes [O 2 H 4 D, O 0 H 2 D 2 (three forms), mid C 2 HDj] 
have been investigated by de Hemptinne, Jungers, and Delfosse (422). Their results are in general in 
agreement with the calculations of Manneback and coworkers, quoted above [see also Wu (959) ] ; 
however they aro not as yet quite complete. 

Tetrachloroethylene, C 2 CI 4 . It is to be expected that tetrachloroethylene has the same sym- 
metry (V/,) as ethylene. Raman and infrared spectra support this assumption although they do not 
unambiguously prove it. In Table 93 the observed infrared and Raman bands are given. With 
one exception (782-784 cm” 1 ), the rule of mutual exclusion is fulfilled. In view of the fairly largo 
number of frequencies and the consequent likelihood of a chance coincidence, and in view of the fact 
that the Raman data refer to the liquid state only, this exception cannot be considered as evidence 
that the molecule does not have a center of symmetry. On the contrary, the lack of any other 
coincidences is fairly strong evidence that a center of symmetry exists. The three strong polarized 
Raman lines 1571, 447, and 237 cm ” 1 must correspond to the three totally symmetric vibrations vi f 
V2, V3. Unlike O2H4, hero vi (that is, the largest of the three) is the C— C vibration. The assign- 
ment of the other Raman bands and the infrarod bands is much less certain, particularly since the 
infrared spectrum of the gas has not been investigated below 600 cm” 1 . A tentative assignment is 
given in Table 93. For the Raman lines it is essentially that of Wittek (948). 

174 If one had chosen 943 cm ” 1 as vs(b\„), the infrared band at 1889.6 cm ” 1 could not be inter- 
preted as vs + V7 since the upper state of this combination would havo the species A u and thus could 
not be reached in infrared absorption. 

178 A further confirmation of the higher value, if such were necessary, could be obtained by measur- 
ing the state of depolarization of the Raman line 1656 cm” 1 . 

i76a Note added in proof: Still more recently this band has also been reported by Thompson and 
Harris (855a). 
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Some Torre constants obtained from the pro post'd fundamentals are given in the previous "Pablo 
47. However, in view of the uncertainties of the assignments, it seems premature to draw far- 
reaching conclusions from them about the electronic structure of C 0 CI 4 , as has been done with older 
assignments by several authors. 


Table 93. infrared and raman bands of C 2 C1 4 after wu (958), duchesne 
AND PAHODl (292), AND WITTKK (948). 


Assignment 

Infrared 

(gas) 

^vacuum 

(cm" 1 ) 

Raman 

(liquid ) 178 

APvaruum 

(cm" 1 ) 

Assignment 

Infrared 

(gas) 

^vacuum 

(cm -1 ) 

Raman 

(liquid ) 178 

APvacuum 

(cm -1 ) 

V'l—V 3 


218 (v.w.) 

F«+F*.\/* 2 i»)? 

755 (in.) 




237 (a.) pol> 

di vbiu) 

782 (v.s.) 


P7(5i M )(or mo?) 

332 (solution) 


Vs +^ 6 (Rli/)? 


784 (v.w.) 



347 (m.) depol. 

V 2 +V\ 2 (B Au )? 

802 (s.) 


vnOhuYi 

387 (solution) 



913 (v.s.) 




447 (v.s.) pol. 

V5 CC1 (biu) 


1000 (v.w.) 

2 v a (A u ) 


401 (w.) 

2 n(A,) 


1025 (w.) pol. 



512 (m.) depol. 

V2~hv-,(Bi a )? 


1441 (w.?) 

Vi 


574 (w.) 

v/' C ((tg) 


1571 (s.) pol. 

P12+PI0? 


031 (v.w.) 

vi+vs(A„), 






2 V,(A 0 ) 


1819 (w.) 

vi -\-vvsUh u )l 


720 (v.w.) 

VI +V 2 (A U ) 


1998 (w.) 


Cis and trans C 2 H 2 CI 2 . As is well known, there arc three isomers of dichloroethylene which 
may be written: 


Cl 

h 

Cl 

Cl 

Cl 

H 

\ 

/ 

\ 

/ 

\ 

/ 

o=-c 

C-=C 

C— o 

/ 

\ 

/ 

\ 

/ 

\ 

Cl 

ii 

H 

H 

H 

Cl 

unsymmetrie 

cis 

trans 


The spectrum of the first, unsymmetrieal one has as yet been investigated only in the infrared from 
525 to 1450 cm -1 under low dispersion [Emschwiller and Lecomto (304)]. But numerous investiga- 
tions of the Raman spectrum of cis and trans CbPM 'U have been made, as well as two investigations 
of their infrared spectra. Also the corresponding deutero compounds, cis and trans C 2 D 2 CI 2 , have 
been investigated [Trumpy (879) ]. 


Table 94. number, species and activity of fundamentals of cis and trans O 2 II 2 CI 2 : 

CORRELATION TO POINT GROUP V hit ' 2 H 4 AND C 2 C1 4 ). 


(Ms C 2 II,( 3 2 (C 2 ,) 


Trans C 2 1I *C1 s (C S a) 

Number 

Species 

Activity 

Correlation 

to V k 

Number 

Species 

Activity 

Correlation 

to Vk 

5 

Ai 

R.,I. 

3A f , +2J5 2 u 

5 

Ag 

R. 

3A 0 A~2B\ g 

2 

a 2 

R. 

A „ A-Btg 

2 

A u 

I. 

A u ~\~Biu 

4 

Bi 

R.,I. 

2B\„ + 2B3 U 

1 

13„ 

R. 

Big 

1 

Bo 

R., I. 

Bin 

4 

B u 

I. 

2 B 2u +2J534 


178 The polarization data are from Ilcidenreich (420), who used circularly polarized light. 
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If wo assume that the diohlorocthylenes have as high a symmetry as possible trans C 2 II 2 CI 2 
would l>elong to point group C 2 h whereas cis C 2 II 2 CI 3 would belong to C 2 ». The number of funda- 
mentals of each speeies and their activities are indicated in Table 94 (compare Table 35). Table 94 
contains also the species of V\ into which the vibrations of these molecules would go over if the 
masses of the two H atoms or the two Cl atoms were gradually changed, transforming the molecules 
into C 2 CI 4 and C 2 H 4 respectively (see Table 53). For the spectrum of trans C 2 II 2 CI 2 , since it has 
a center of symmetry, the rule of mutual exclusion (p. 25G) should hold, whereas for cis C 2 H 2 CI 2 , 
it should not. This is indeed observed as shown by Table 95, which gives the infrared and Raman 


Table 95. infrared and raman spectra of cis and trans C 2 H 2 CI 2 (below 4000 cm *), 
AFTER WU (958), 177 TUUMPY (876), AND PAULSEN (688). 



Cis C 2 lhC\ 2 


Trans C 2 H 2 OI- 

1 


Infrared 

Raman 


Infrared 

Raman 

Assignment 

(gas) 

(liquid) 

Am 178 

^•'vacuum 

Assignment 

(Kas) 

(liquid) 


^vacuum 


F vacuum 

APyacuum 178 


cm -1 

cm -1 


cm” 1 

cm - " 1 

P-oM 


173 (s.) pol. 

pbM 


349 (s.) pol. 

viM 


406 (s.) dcpol. 

PeOiu) 

620 (m.) 


Pn(bi) 

570 (s.) 

563 (m.) depol. 

Ps(f)„)? 


758 (m.) pol. 

Fll(&l) 

694 (s.) 



820 (s.) 


F4 CC1 («l) 

(71 1)? 179 

711 (s.) pol. 

vi cc, K) 


844 (s.) pol. 

2r 7 (A0? 


807 (v.w.) 

Pll(ku) 

917 (s.) 


1 ) 

857 (s.) 


P™ C \b u ) 

1200 (s.) 


p«(ft 2 ) 


876 (w.) depol. 

*3 C1IC1 K) 


1270 (s.) pol. 

* 0,ICl <«l) 


1179 (s.) pol. 

P2 CC (Ug) 


1576 (s.) pol. 

P9 Cllcl (ln) 

1303 (s.) 


2^12 (Ay) 


1626 (v.w.) pol. 

P2 CC (ai) 

1591 (s.) 

1587 (s.) pol. 

P3+Ph(Ag) 


1692 (w.) pol. 

2pio(AO? 


1689 (w.) depol.? 



3071 (s ) pol. 

pi cll (m) 

3086 (s.) 

3077 (v.s.) pol. 

P» CU {b u ) 

3089 (h.) 


ph 011 ^)? 2p 2 (A,)? 


3160 (w.) depol. 

2Pi(A a >? 


3142 (w.) depol.? 


spectra of the two molecules. Furthermore, the number of observed Raman lines of trans CsHjCls 
is smaller than that of cis C 2 H 2 CI 2 , as is to be expected from Table 94. More particularly the number 
of depolarized Raman lines for trans C 2 H 2 CI 2 should be much smaller than for cis C 2 H 2 CI 2 there 
being only one such fundamental for the former. Indeed, only one depolarized Raman line is found 
for trans C 2 H 2 CI 2 , whereas five are found for cis C 2 TI 2 CI 2 . 

The five totally symmetric vibrations of the two molecules are easily identified as corresponding 
to the strong polarized Raman lines. They are numbered pi, ••*,*'& in order of decreasing fre- 
quencies. The only remaining Raman-active fundamental v*(h a ) of trans C 2 H 2 CI 2 should be de- 
polarized. Since it is a (low-frcqucncy) bending vibration perpendicular to the plane of the molecule 
(see Fig. 96), it cannot bo identified with the only observed depolarized (?) Raman line 3142 cm -1 . 
Wu (959) has used 758 for it, apparently assuming that the measured degree of depolarization 0.70 
(given by both Trumpy and Paulsen) is actually jf — 0.86. It may just as well be that v% is not 
observed and that all the Raman lines of trans C 2 H 2 CI 2 other than v\ 9 •••,ps are combination and 
overtone bands. It seems probable that of the strong infrared bands of trans C 2 H 2 CI 2 the four 
highest ones are those of species B u (pq, • • • , P12), since they are vibrations in the plane of the molecule 
(see Fig. 96), whereas the two vibrations p& and pi of species A u are vibrations perpendicular to the 

177 The infrared spectrum of the liquid between 525 and 1450 cm” 1 has been studied by Lecomte 
(565) and Emsch wilier and Lecomte (304). The agreement with the spectrum of the vapor obtained 
by Wu is not very good. 

178 The values given are averages of Trumpy ’s and Paulson’s figures with slightly higher weight 
given to the latter because of the higher dispersion used. 

179 No band is given here in Wu’s original paper, but one is given in his book (26). 
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piano, which one would expect to have smaller frequencies. One of the latter, vg(a u ) t is probably the 
infrared band 020 cm"' 1 , while the other is likely to be below 500 cm” 1 , a region not yet investigated. 
A tentative interpretation of the remaining Raman bands as combination and overtone bands is 
indicated in Table 95. It should perhaps be emphasized that it is not impossible that one or two 
of the observed infrared bands are actually overtones or combinations involving low fundamentals 
not yet found. 

Whilo the assignment for trans O 2 H 2 CI 2 is comparatively straightforward and fairly definite, 
this is not so for the non-totally symmetric; vibrations of cis CsHsCls. A plausible but tentative 
assignment is given in Table 95. It is obtained: (a) by assuming that the two weak Raman lines 
1689 and 807 cm -1 are not fundamentals (the former since no fundamental frequency is expected in 
this region and the latter since it is a very weak Raman lino and fits 21 / 7 ) ; (b) by correlating the two 
remaining lo west-frequency Raman lines 406 and 876 cm” 1 not occurring in the infrared with 1 * 7 ( 02 ) 
and va(a z ) tsco Table 94) ; and (c) by assuming j*i 2 ( 6 2 ) to bo smaller than >*«••• 1 * 11 ( 61 ). 

In Fig. 90 the normal vibrations of cis and trans OvlIzOls arc represented schematically. It will 
be ' lear from previous considerations that the exact foim of the vibrations cannot be given without 
very cumbersome calculations. However, from the magnitude of some of the observed frequencies 
it is possible to correlate them to certain groups in the molecule. For example, the frequencies near 
3100 cm ” 1 are obviously O — H frequencies and the frequencies near 1580 cm ” 1 are C=C frequencies, 
both having about the same value as for C 2 H 4 . The O — Cl vibrations are less definite but, as 
suggested by Wu (959), we may ascribe three frequencies of about 830, 1230, 3089 cm ” 1 to the CHC1 
group. They split into two frequencies each in C 2 H 2 CI 2 , one symmetric, the other anti-symmetrio 
with respect to the center of symmetry (in trans C 2 H 2 CI 2 ) or the plane of symmetry (in cis C 2 H 2 CI 2 ). 
The splitting is slight for trans O 2 II 2 O 2 , somewhat larger for cis C 2 II?Cl 2 . T 110 two vibrations near 
830 cm ” 1 ( 1*4 and 1*12 in trans, v\ and 1*10 in cis C 2 H 3 CI 2 ) may be considered essentially as C — Cl 
stretching vibrations (see Fig. 90), while the two vibrat ions near 1230 cm ” 1 (1*3 and **io in trans, »* 3 
and vg in cis C 2 H 2 CI 2 ) are essentially CUCl deformation vibrations. This interpretation is well con- 
firmed by the Raman spectra of cis and trans C 2 D 2 CI 2 observed by Trumpy (879) [see Wu (959)]. 

On the basis of Table 94 the reader may carry through for himself the correlation of the fre- 
quencies of C 2 II 2 CI 2 to those of Coll 4 and C 2 CI 4 . In this correlation it must bo observed that vibia- 
tions of the same species (in C 2 H 2 CI 2 ) cannot cross. Thus, the lower of the two vibrations of species 
A u of trans C 2 II 2 CI 2 and species A 2 of cis C 2 II 2 CI 2 corresponds to the torsion oscillation 1 * 1 (a u ) of 
C 2 II 4 , since the latter is the lowest C 2 II 4 frequency. A correlation of the vibrations of cis to those 
of trans C 2 II 2 CI 2 can be made via thoso of O 2 H 1 or via those of C 2 CI 1 , but does not necessarily lead 
to the same results in the two cases. 

A number of higher overtone and combination bands have been found in the near infrared spec- 
tra of the liquids by Yeou (967) and in the photographic infrared spectra of the liquids by Timm 
and Meckc (864) and Yierling and Mecko (901) [see also Wu (36)]. 

CH3CN and CH3NC. From the fact that HCN is linear it would appear very likely that in 
CII 3 CN the C — Ci_=N chain is linear , that is, that the molecule has a three-fold axis just as CII 3 CI. 
Although for CII.jNC such a symmetry is doubtful from valence considerations, the Raman spectrum 
is strongly in favor of it. 

In Table 96 are given the Raman spectra of the two substances. Unfortunately no polarization 
data are available. Except for some bands in the photographic infrared spectrum of the vapor 
[Badger and Bauer ( 68 )], only low-dispersion infrared data of the liquids are available [Ooblcntz 
(224), Bell (134), Gordy and Williams (392), Barehewitz and Parodi (102 ), 180 Badger and Bauer (68)]. 

If CH 3 CN and CII 3 NO have a three-fold axis of symmetry they would have, according to Table 
36, four totally symmetric («i) and four doubly degenerate (c) vibrations, which wo number 1*1 • • • v\ 
and i *5 •• • 1*8 respectively. All of them would be Raman active. Eight Raman lines have indeed 
been observed for CII 3 NO (see Table 96). Whilo ten Raman lines have been observed for CH 3 CN, 
two of them, at 2287 and 2725 cm” 1 , which are weak, can readily be explained as overtones which 
have borrowed their intensity from neighboring fundamentals. If the G — C=N or C — N— O 
chains were not linear, there would be twelve instead of eight Raman-active fundamentals. Tho 
agreement of the number of observed Raman-active fundamentals with that expected on the sym- 

180 These authors give a considerable number of bands below 390 cm” 1 , most of which they also 
find in OII 3 I. It appears very unlikely that these bands are due to OII 3 GN or CH 3 I. No intensity 
estimates and no absorption curves are given. 
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metrical model (Car) is of course by no means a very strong argument, for this model ; but. the following 
considerations support it further. 

As for CHjGl, one would expect for GH 3 GN and OH 3 NG a totally symmetric, and a degenerate 
C — H stretching vibration and a similar pair of CH.i deformation vibrations. These are indeed 


Table 96. raman spectra of GIIjCN and CH 3 NG after reitz and 
SKKABAL (738) AND DADIEU (252). 


Assignment 

GllaGN m 

AFviicuuim 

cm -1 

GII 3 NC 

APvaouunit 

cm” 1 

ph(c) 

380'® (s.) 

290 (s.) 

P4 C0 ('M), P4 C_ ^(rtl) 

918*® (s.) 

928 (m.) 

P 7 (c)GH 3 rocking 

1124'“ (v.w.)? 

1041 (w.) 

»j CH »(ni) 

1376 (m.) 

1414 (m.) 

Vb C,I j (<0 

1440'®'"" (m.) (b.) 

1456 (w.) 

v£ ' ^(,.|) 

2249'“ (s.) 

2161 182 (s.) 

2X7? 

2287 (w.) 



2725 (w.) 



2942 (v.s.) 

2951 (s.) 

x. 0,, (<) 

2999'“ (a.) (b.) 

3002 (w.) 


observed (Table 96), lsfl with nearly the same frequencies as for G1GG1 (see "fable 84). Tor GII,jGN 
one would further expect a G~N vibration similar to that of UGN, for which it is at 2089 cm -1 , 
and a G — C vibration similar to that of Gollo, for which it is at 998 cm -1 . Those arc indeed observed 
for GII 3 GN at 2249 and 918 cm -1 . 1 * 7 The two remaining frequencies 1124 and 380 cm -1 are ap- 
parently those of the two remaining degenerate vibrations vi and p«, which correspond essentially 
to the two bentling vibrations of the linear system (11.0 — C — G~rN). The first of these is mainly 
an H<»=G — C bending vibration, or in other words a CH* rocking vibration (analogous to the bending 
vibration p 8 = 1016 cm -1 of GII.<G1) ; the second is mainly a G — C^N bending vibration (analogous 
to the bending vibrations pb — 326, pi = 506 cm "" 1 of G 2 N 2). 188 

If GH3GN and GU. { NG did not have a three-fold axis there should be two adjacent Raman lines 
in place of every one of the lines pr„ p«, v-i , p*. The fact, that this is not observed might be compatible 
with a non-linear model in the case of p& and P6, which are GH3 vibrations and for which the splitting 
would be expected to be slight. But the fact that no such splitting occurs for the whole-molecule 
vibrations vi and p* is strongly in favor of the symmetrical model. 

181 b. refers to broad Haman lines. 

182 These bands have also been observed in the infrared. 

183 In place of this an infraied band has been found at 1040 cm -1 . 

184 In their Table 1 Reitz and Skrabal (738) give the value 1445 cm -1 for this band. 

186 In plaeo of these two bands Gordy and Williams (392) have found in the infiared two strong 
bands at 2283 and 3077 cm -1 . The shift in wave length in both cases is about the same and it 
appears very likely that the infrared and Raman bands are really identical, particularly since Bell 
(134) gives 2980 cm ” 1 for one of the infrared bands. Linnett (582) makes this assumption only for 
the band 2249-2283. 

186 Linnett (582) considered the strong Raman line 2999 cm ” 1 as a combination band which has 
borrowed intensity from the fundamental 2942, and he took the infrared band 3077 cm ” 1 as 

(see footnote 185). However, there is no binary combination in this region and it would be difficult 
to understand a ternary combination having such a great intensity. Also the Raman line 2999 
cm -1 is distinctly broad, indicating a degenerate upper state (see Ghapter IV), which is not com- 
patible with Linnett 's explanation. We assume therefore that the frequency found for pb in the 
low-dispersion infrared work is too high, just as that found for P 2 . 

187 It is of course also possible that 1124 cm ” 1 is the G — C vibration. A decision would be possible 
from polarization measurements. 

188 It is significant that the frequency p 8 of GH3GN is just about half-way between va and pb 
of C 2 N 2 , the difference between v\ and pb in G 2 N 2 being due to resonance. 
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Crawford and Brinkley (210) have predicted the* fundamentals of ClIaCN from force constants 
taken from other molecules. Their predicted values agree within 2.5 per cent with the fundamentals 
of Table *10, except for the very weak and doubtful Hainan line 1124 cm' 1 . 1111 ' 

It is particularly noteworthy that the C^N frequency undergoes only a slight change in going 
from OHaON to CF 3 M1. indicating that the CN groups in the two molecules are very similar to 
each other. This fact, which cannot bo understood on the basis of elementary valence theory, 
shows that the free valency of the CN radical is essentially not localized at one atom (G) but is a 
property of the radical as a whole. It can occur at either end without changing the character of 
the CN group. 

Methyl alcohol, CHjOH and CH, { OD. The fact that the II 2 0 molecule is bent suggests st rongly 
that the O -0--II chain in CII 3 OlI is bent as well. This conclusion is confirmed by the spectrum 
of the noucculo, although more definitely by the rotational fine structure (see Chapter IV) than by 
the vibrational structure. Ono would expect the II atom of < >11 to be located in one of the planes 
oi -jmmotry of the Oils group, so that the molecule would have just one plane of symmetry, the 
0—0 — H plane (point group C«). According to 'fable 35 there should be eight vibrations symmetric 
with respect to this plane («') and four antisymmeti ic («"). Four of the symmeti ie vibrations should 
be close to the four antisymmetric vibrations, since if C — O— II were linear they would coincide and 
form four doubly degenerate vibrations. The splitting would bo expected to be slight if detectablo 
at all for the internal vibrations of the CH* group, but it should be large for the deformation vibra- 
tions of tho (II.,) — O—O — II chain. This is in fact observed, as shown by Table 97. In order to 
bring out the relations to the symmetrical model wo use the designation of the vibrations appropriate 
to the latter model (see CH. { CN), distinguishing the two components into which a doubly degenerate 
vibration of the symmetrical form splits by ' and " if they are resolved. 

Four strong Raman lines are observed in the region of the C— II vibration (2900 cm' 1 ). Two 
of them are easily explained as a combination and an overtone respectively made strong by Fermi 
resonance with the two fundamentals v 2 cn and [sec Wu (20)], although it is not impossible 

that ono is tho second component of vr>. The two infrared bands at 1-455 and 1177 cm - * 1 are not well 
resolved, but are readily explained as corresponding to and ^c^ 113 of ClIjON. There is also 

an indication of the expected doubling for yc C1Ij (J)« Tho strong Hainan line and strong || infrared 
band at 1034 cm -1 obviously is the C — O vibration corresponding ro C4 CC of 011/ -N. The vibration 
vy corresponding to a swinging of tho whole II 3 group perpendicular to the O— -O axis (for which a 
larger splitting is to be expected) may be assigned to any two of the three Raman lines 105(1, 1112, 
and 1171 cm -1 . 

There remains the bending vibration of the Oil group against O — 0. Clearly here tho splitting 
should be largest: The bending in the C — O — II plane should give a frcouency of the same ordei as 
the bending vibration in II-jO (of course modified by the different distribution of masses). It may 
be identified either with the polarized Raman line 105(1 cm -1 or the infrared band 1340 cm -1 . Tho 
latter alternative, suggested by Noether (073), is perhaps slightly more probable on account of tho 
existence of a corresponding band in CH/)D with approximately the eonect isotope shift. The 
structure of this band is apparently of the hybrid type (see Chapter IV, section 2b), as it should 
be since the dipole moment changes neither exactly || nor exactly _L to the axis. Tho bending vibra- 
tion perpendicular to the O ~0— II plane, which may also he considered as a torsion oscillation of 
OH about tho O — O axis, would be expected to have a much smaller frequency. According to Koehler 
and Dennison (517) it corresponds to the strong region of absorption at 270 cm -1 found by Lawson 
and Randall (500). Tho potential energy ns a function of the anglo of the O—O — II plane with 
a fixed plane of symmetry of tho Glia group would be expected to have three identical maxima and 
minima, and if the maxima are not very high, as seems probable, even for comparatively small 
energies this torsional oscillation will go over into a rotation. This seems to he indicated by tho 
wide absorption region 380-800 cm" 1 , as suggested by Borden and Barker (see also p. 494 and p. 498). 

The O- — H stretching vibration corresponds obviously to the infrared band 3082 cm" 1 , which has a 
frequency very similar to that of the symmetrical OH stretching vibration v\ of HaO. The very 
considerable difference between the frequency measured in the Raman spectrum and that measured 
in the infrared spectrum is due to the fact that the Raman frequency refers to the liquid. The infra- 
red spectrum of the liquid shows tho ( )H hand at 3400 cm" 1 , j ust as does tho Raman spectrum [Errera 
and Mollct (307), Buswell, Deitz, and Itodehusli (ISO), and others]. The great difference between 
the liquid and gaseous Oil frequency is due to association of CII3OII molecules in consequence of 

189 Tho agreement is better than with Linnctt’s choice of fundamentals (see footnote 186). 
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hydrogen bonding (see the references just quoted and Chapter V, section 2). Sinco the hydrogen 
bonding is due to the Oil groups, the frequencies not involving the OH group are affected by 
the transition from vapor to liquid by not more than the usual amount. 

The second overtone of the OH vibration 3 »m 011 has been observed by Herzberg and Verlegcr 
(445) in the photographic infrared at 10530 cm -1 . The third overtone of the OH and the second 


TaULE 97. RAMAN ANl) INFUAKK1) SPECTRA OF CH.jOlI AND CHjOD HE LOW 4000 cm" 1 , AFTER 
HALFORD, ANDERSON, AND K1SSIN (407), BORDEN AND BARKER (109), BARKER 
AND HOSSeiHETER (109), AND NOETHER (073). 



(TI.,011 

(UIjOD 

Assignment 

Human 150 

Infrared 

Raman 

Infrared 


Apyiruum 

^vacuum 

Al'vJUMlUIll 

vacuum 


(liquid) 191 

(gas) 

(liquid) 

(gas) 


cm -1 

cm _1 

enf 1 

Cllf 1 

j» g "(f')OH twisting 


270 (s.) 192 



2*/s, • • • 


3S0-SG0 (m.) 



x, (X V) 

1029 (s.) 

1033.9 (v.s.) || 

1033 (s.) 

1040.3 (v.s.) 

i/ 7 '(c)CHj rocking 

1050 (m.) pol. 


912 (ni.) 



1112 (m.) 


1071 (m.) 



1153 (w.) 


1154 (w.) 


P 7 "(e)<'H» locking 

1171 (m.) 


1179 (m.) 


vi+v*"'! 


1209 (v.w.) 193 


1207 (w.) 



1200 (v.w.) 19,1 

1220 (w.) 

1232 (v.w.) 193 

iV(r;)OH bending 

1370? pol. 

1310 (in.) (JL) 


803 (s.) 



(1430)? (w.) lw 


1427 (m.) 

v.1 011 '(«')/ 

1458 (s.) dcpol. 

f 1455 (m.) 

(1477 (m.) 

1405 (s.) 

1.459 1 . . 

14.80 J S ‘ 

2w°° 

i'e+i'7? 

2588 (w.) 

2053 (w.) || 

| 

2591 (w.) 

2004.8 (m.) || 

I»2 CI V) 

2837 (v.s.) pol. 

2814 (s.) |[ 

2830 (v.s.) 

2849 (s.) || 

xa+Xd" (or x f ,"?) 

2911 (s.) 

oven lapped 

291 1 (s.) 


2x 0 "UO 

2912 (v.s.) pol. 

ovei lapped 

2947 (v.s.) 


x;, CH (e) 

2987 (s.) 

2977 (s.) _L 

2988 (s.) 

2901 (s.) ± 

xi OI V) 

3400 (s.) 

3082 (in.) 

2494 (s.) 

2719.7 (s.) 


ovcitone of the Oil vibration have been found in the photographic infrared at 13700 and S230 cm -1 
respectively by Badger and Bauer (00), who have also reinvestigated 3n UI * and found several other 
weaker bands. 

The spectrum of OH3OD also given in Table 97 confirms to some extent the above conclusions 
and assignments. Only the frequencies associated with the OH group are appreciably altered. The 
Raman and infrared spectra of CHoDOD have been investigated by Halford, Anderson, and Kissin 
(407) and Barker and Bosschieter (109), the infrared spectrum of CD3OH and the infrared and 
Raman spectia of CD3OD by Noether (073). 

Other six-atomic molecules. In Table 98 are given references for the infrared and Raman 
spectra of further six-atomic molecules that have been investigated, as well as the structures, if any, 
that have been suggested. Again one may deal with the skeletal vibrations of molecules such as 
02(0113)4 by considering them as six-particle systems of the ethylene typo. 

iso The polarization data are from Trumpy (877). 

191 Nielsen and Waid (070) give for the vapor the three shifts 1032, 2845, and 2955 cm b 

192 Obtained by Lawson and Randall (500). 

193 These “bands,” given only by Noether (073), are only very slight humps on his transmission 
curves. 
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TaBBK 98. FURTHER SIX-ATOMIC MOLECULES . 63 


Molecule 

Structure 

References 

Raman spectrum 

Infrared spectrum 

C 2 Br4 

V h (plane) 

(709) 


Cis, trans C 2 II 2 Br 2 

C 2v , Cih (plane) 

(258) 

(304) 

Ci?, srans ( -all *12 

C 2vt C 2h (plane) 


(304) 

0G1 2 CF 2 

C 2 „ (plane) 

(415) 


GiHjOl, CjHjBr, C 2 H,X 

C H (plane) 

(530) 

(304) (958) (864) (901) 

CiHCIi 

C 8 (plane) 

(13) (408) 

(958) (864) (901) 

CsHsO, (glyoxal) 

Cth (plane)? 


(850) 

CsiOgGls (oxalylchloride) 

C»h (plane)? 

(750) (525) (841) 
(533a) 


(0*O 4 )~ 

Vh (plane)? 

(405) 


N 2 ()4 194 

Vh (plane)? 

(823) (290) 

(822) (769) (412) 

n 2 ii 4 

no symmetry 

(479) (395) 

(332) (334) 

NHsCOH (formamidc) 

C a 

(755) (524) (840) 

(102) 

C1H 2 C — CN, C1 2 IIC— CN 

c. 

(201) 

ChC— CN 

c Av 

(201) 


CHjSH 

c s 

(906) 

(846) (860) 

PC1 6 

Du (bipyramid with P at 
center) 

(038) 


SbClfi 

Ci„ (quadratic pyramid?) 

(728) (730) 


HCIO 4 

AgC10 4 

C. (like CH 3 OH) 

(325) (727a) 

(649a) 


HsSeOs 

two forms? 

(891) 


HtCNOH 

C* (plane) 


(975) 

BO s -OH-Cl 

no symmetry 

(C03)(t»7l) 

(888) 


(e) Seven-atomic molecules 

Sulfur hexafluoride, SF 6 . Electron diffraction measurements [Braune and Knoko (177), Brock- 
way and Pauling (180)] first strongly suggested that in sulfur hexafluoride the sulfur atom occupies 
the center of a regular octahedron whose corners arc occupied by the fluorine atoms (see Fig. 3d). 
This highly symmetrical structure has been fully confirmed by Raman and infrared investigations 
[Yost, Steffens, and Gross (974), Euckcn and Ahrens (310)]. 

None of the bands observed in the Raman spectrum is observed in tho infrared. This indicates 
that the molecule has a center of symmetry (see p. 256) 196 as has the octahedral model. If we did 
not accept the electron diffraction evidence that this is the correct model we might also consider a 
plane symmetrical model of point group Du- For tho octahedral model there are (sec Table 36) 
six normal vibrations of tho following species and activities: 

lAi a (R.), lE g (R.), 2Fi„(I.), lF 2 „(R.) f IF 2u (inactive). 

For tho plane hexagonal model there are ten normal vibrations of the species and activities 

lAiyfR.), liii„(I.) v lBi g (inactive), lRiu (inactive), 1B 2u (inactive), 

2E T iu(I.), 2E 2y (R.), 1 E 2u (inactive). 

Tho observed infrared and Raman bands are given in Table 99. The observation of three Raman 
lines is compatible with either model. But the fact that there are only two infrared bands of out- 

63 On p. 287. 

m See Table 47, p. 184. 

196 The objection that the infrared bands corresponding to the Raman bands may be weak (and 
vice versa) can hardly be raised in tho case of a molecule which would have 15 fundamentals if it 
had not a high symmetry. 
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standing intensity, that is, two infrared-active fundamentals, and the fact that all other inf ruled 
bands can be interpreted as combinations of these fundamentals with the three ltaman-active funda- 
mentals and just one inactive fundamental is strongly in favor of the octahedral model. 

The form and designation of the fundamentals of an octahedral XYe molecule have been given 
in the previous Fig. 51. In view of the rule that totally symmetric vibrations give rise to the strongest 
Raman lines, it appears certain that the very strong Raman line 775 cm' 1 corresponds to the only 


Table 99. infrared and raman spectra of SF 6 after eucken and ahrens (310) 

AND YOST AND STEFFENS AND GROSS (914). 


^vacuum ( f * m *) 

Assignment 

^vacuum ( Pm *) 

Assignment 

(363) 19 ® 


965 I. gas (v.s.) 

Pi(flu) 

524 R. liquid (w.) 

V&U 20 ) 

1163 I. gas (v.w.) 

P 4 +Ph(F i u ) 

545 I. gas (w.) 

V2+Vb— F4? 

1206 I. gas (v.w.) 

Pi + P 4 —Pt‘! 

617 I. gas (v.s.) 

PA(flu) 

1262 I. gas (s.) 

Pt+PA+PQ—Pt 

644 R. liquid (w.) 

V2 (e g ) 

1282 I. gas (s.) 

P2+P4(Flu) 

730 I. gas (w.) 

P3+P6—Pi! 

13S0 I. gas (v.w.) 

PI+P4(Fi„) 

775 R. gas (v.s.) 

Pi(fU„) 

1578 I. gas (m.) 

P2+Pz(Flu) 

830 I. gas (v.w.) 

P2~{~Pb F(J? 

1703 I. gas (in.) 

Pl+P.\(Flu) 

885 I. gas (v.w.) 

Pb b* , e(F ia) 




totally symmetric fundamental PiOhu). The two weak Raman lines, 644 and 524 cm' 1 are then 
V‘i(e 0 ) and Pb(h 0 ) % respectively (since from Fig. 51 one would expect v 2 > P 5 , the latter being a sort 
of deformation vibration) . The two strong infrared bands at 905 and 017 cm -1 are p s (/i u ) and p 4 (/i m ) , 
and the remaining weaker infrared bands can be assigned as indicated in Table 99, according to 
Eucken and Ahrens (310) (with a slight modification). It is significant that in agreement with the 
selection rules (see p. 202) the first overtones of the infrared-active fundamentals, 2p 3 and 2v 4t do 
not occur in the infrared spectrum. The assignment of the four weak infrared bands at 545, 730, 
830, 1205 cm -1 as difference bands is not satisfactory, since the corresponding summation bands do 
not occur. The frequency of the inactive vibration p 6 is taken from specific heat measurements 
[see Eucken and Ahrens (310)]. Its value is not very certain since it is confirmed only by rather 
weak combination bands. Further work on the infrared spectrum, particularly at longer and 
shorter wave lengths than investigated by Eucken and Ahrens and with higher dispersion, would bo 
very desirable. 

Methyl acetylene, CH3 — C=CH. In view of the linearity of acetylene, it is to be expected that 

in methyl acetylene the four atoms ^C — C~CH are arranged in a straight line. This is confirmed 

by the vibrational structure of the infrared and Raman spectra as well as by the fine structure of 
the infrared bands (sec ( Chapter IV) . The observed Raman and infrared bands arc given in Table 100. 

If the symmetrical model is correct we have a case very similar to CH 3 ON (see p. 332), except 
that there is one more atom in the linear chain (the two molecules have the same number of electrons). 
Instead of four totally symmetric and four doubly degenerate vibrations, there are now five of each 
species. The additional totally symmetric vibration is essentially the C — H stretching vibration of 
the C^C — H group and is readily identified as the infrared band 3429 cm -1 , 197 whereas the additional 
degenerate vibration is essentially the C — II bending vibration of the 0=C — II group, which by 
comparison with C 2 H 2 (see p. 290) is easily identified as the very strong infrared band (and strong 
depolarized Raman line) 642 cm -1 . The other fundamentals have magnitudes very similar to those 
of CH 3 ON and are consequently easily identified as given in Table 100. Since we number the 
vibrations of a given species in the order of their magnitudes, the numbering here is somewhat different 
from that for CH 3 CN. The character of the oscillations (0=0 stretching, and the like) is indicated 
in Table 100. The remaining infrared and Raman bands (except the photographic infrared band 
and the Raman bands at 2128 and 2134 cm -1 ) have been interpreted by Crawford (237) in the way 

196 From specific heat data [Eucken and Ahrens (310)]. 

197 The large shift in going to the liquid (Raman line 3305 cm' 1 ) is indicative of a large effect 
of the intcrmolecular field. 



Table 100. raman and infrared spectra of CH 3 C£e=CH, after glockler and davih (30$), 
GLOCKLER AND WALL ( 386 ), AND CRAWFORD ( 237 ). 
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given in Table 100. It should be noted that, as for the other methyl compounds, the overtones 
and of the OII3 deformation vibrations occur with a fair intensity in the Raman spectrum, duo 
to Fermi resonance with V 2 CH («i). The latter is, therefore, actually higher than it would be without 
this resonance. 

A full discussion of the force constants in CH 3 — C=GH has been given by Crawford (237) and 
Crawford and Brinkley (240). These authors have also been able to predict the vibration frequencies 
by assuming force constants as observed in C 2 H 2 , CH 3 X, C 2 H 6 , obtaining a very satisfactory 
agreement with the observed figures. 

Allene, CH2=C— CH2. Allenc is an isomer of methyl acetylene. From valence theory one 
would expect that the C=C=C chain is linear but that the two CII 2 groups lie in planes at right 
angles to each other and passing through the C=C=C axis, that is, that the molecule belongs to 
point group Vd (sec Fig. 2m). The infrared and ltaman data thus far available can be interpreted 
on this basis but are hardly sufficient to prove the Vd structure. However this structure is also sup- 
ported by the observation that the dipole moment is zero I Watson, Kane, and Ramaswany (912a)]. 

The numbers, species, and activities of the fundamentals on the assumption of point group Vd 
arc (see Tables 36 and 55) 

3A,(R.), 1Ri(R.), 3J5 2 (R., I.)» 4E(R.,I.); 

that is, all eleven fundamentals are Raman active and seven of them are infrared active. The 
observed spectrum is given in Table 101. 


Table 101. raman and infrared spectra of CHo --C— O il*, after linnktt 
AND AVERY (584) AND EYSTElt (317). 20,11 


Assignment 

Raman 

(liquid) 

APvacuum 

(cm” 

Infrared 

(gas) 

P vacuum 

(cm -1 ) 

Assignment 

Raman 

(liquid) 

Ai*vacumn 

(cm" 1 ) 

Infrared 

(gas) 

^vacuum 

(cm -1 ) 

pii(c) (C=C— C 

353 (m.) 


Xl Cll («l) 

2993 (v.s.) 200 


bending) 






2**n(di,R,,Z2 2 ) 

705 (w.) 


v 8 ciI (0 

3061 (s.) 206 

overlapped 

i *4 (hi) (twisting) 

r (820) 20s 





pio(c) (C — C=C 

< 838 (m.) 


IM+XsC/S) 20 "? 


4200 (v.w.) 

bending) 

1 

852 (v.s.) 

Svi i(Hs) 


8739.0 (w.) 

j*s(c) (CII 2 rocking) 


1031 (m.) 

2l*l +J*s(i*2) 


8776.6 (w.) 

»3 C=C (Ol) 

1071 (v-s.) 20 * 


? 


S922 209 (v.w.) 

1*4 +1*11 (A’) 


1165 (v.w.)? 

2i*8 -\-v&(B») 


8978 (w.) 

v, cu nb 2 ) 


1389 (s.) 

2l*8 + Vl (Bz) 


9012 (w.) 

>> 2 cl, 2 (nt) 

1432 (s.) 206 


3 »**,(/£, E) 


9076.7 (w.) 

2i*io(di, Bi, B*) 

1084 (w.) 

1700 (m.) 

) 


9718 (v.w.) 

x» c ~ c (5 2 ) 

1956 (v.w.) 

1980 (s.) 

? 


10420 (v.w.) 

117 +»»(/?) 


2420 (w.) 

2l*5+Pl+Pc(R2) 


10710 20U (v.w.) 

2k 2 (Ai) 

2858 (w.) 


3i*f, +2i* 7 (/fo) 1 


11418 (w 

x s cu (W 


2960 (m.) 207 

3i*g + 1*7 +j* 9 (# 2 , B») ] 


11*110 \\\ m f 




5l*fi(/?2) 


13904 (v.w.) 


2 ° 4 a Note added in proof: In a recent paper Thompson and Harris (855a) have reinvestigated the 
infrared spectrum under somewhat higher dispersion. From the observed contours they have con- 
firmed that the bands 1389 and 1700 cm -1 are 1 1 bands and the bands 852 and 1031 cm -1 are _L bands 
as required by the assignment given in Table 101. Thompson and Harris’ wave numbers differ 
slightly from those of Linnett and Avery given here. 

206 From specific-heat data (see text). 

208 These figures are the averages of the values given by Linnett and Avery (584) and Kopper 
and Pongratz (537). 

207 Broad band. 

208 A number of ternary combinations would give better agreement. 

209 These are misprinted in Eyster’s paper. 
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The throe totally symmetric vibrations, vu V 2 , **3, are essentially the two symmetrical 011 2 vibra- 
tions (O— H stretching and bending) taking place in phase, and the analogue of the vibration v\ of 
00 2 considering the CH 2 groups as one particle each. They are readily identified with the strong 
Hainan lines 2993, 1432, and 1071 cm” 1 . The first two are similar to the corresponding C 2 H 4 
vibrations (Table 92) and the third agrees well with the value one obtains from the equations for a 
linear triatomic system using the same force constant for the C — C bond as found for G 2 H 4 [[see 
Kopper and Pongratz (537)]. 

Two of the 6 2 vibrations are similar to vi CH (fli) and v 2 CH2 («i) except that the atoms in the two 
CH 2 groups move with a phase shift of 180°. The third & 2 vibration corresponds to vz of C0 2 . These 
three vibrations are to be identified with the infrared bands 29G0, 1389, and 1980 cm" 1 , respectively. 
The last is again in almost exact agreement with calculations on the basis of the 0=C force constant 
of (J 2 II 4 . Of the four degenerate fundamentals one is essentially a vibration in which in both CH 2 
groups the antisymmetric C — H stretching vibration (vz in Fig. 25a) takes place. It can only be 
ido' C'fied with the strong Raman lino 3061 cm” 1 . The three remaining degenerate fundamentals 
are essentially the three bending vibrations of a linear five-particle system (H2=C=C— C~ =H 2 ). 
They are most probably to be assigned as indicated in Table 101. The last remaining fundamental 
iq(5i) is the twisting vibration of the two C1I 2 groups about the 0=0—0 axis. From specific heat 
data, assuming all the other fundamentals as known, Linnett and Aveiy (584) obtained for it 820 
cm " l . They assumed that the Raman lino 838 cm' 1 is a superposition of v\ (which is Raman active 
only) and vio(e) = 852 cm' 1 (which is known from the infrared spectrum). A plausible interpreta- 
tion of the other infrared and Raman bands as combinations and overtone bands is given in Table 101. 
On the whole, the assignment appears to be very satisfactory. 

If the agreement between the two Raman lines 1684 and 1956 cm -1 with the infrared bands 1700 
and 1980 is not a chance coincidence it would exclude a plane model of the allene molecule, since that 
would have a center of symmetry and therefore the rule of mutual exclusion should hold. However, 
it has to be considered that the Raman lines are weak, that the agreement is not very good, and that 
the Raman spectrum refers to the liquid rather than to the gaseous state. Further work, particularly 
an investigation of the Raman spectrum of the gas, is necessary to decide this question unambigu- 
ously. Also an investigation of the degree of depolarization of the Raman lines would be desirable. 

Ethylene oxide, C 2 H 4 0. Valence considerations lead to the expectation that in the ethyleno 
oxide molecule the threo heavier atoms form an isosceles triangle anil the two CII 2 groups form planes 
at right angles to the C 2 0 plane. Again the Raman and infrared spectra can be interp.etcd on this 
assumption, but they do not supply an unambiguous proof for it. Under the above assumption the 
point group is C iv and the distribution of the fifteen fundamentals over the four species is 

5Ai(I., R.), 3A 2 (R.), 4R,(I., 11.), 3R 2 (I., R.), 

where (I.) and (R.) indicate infrared and Raman activity. 210 

For each symmetry type there is one vibration that is essentially a C — H stretching vibration 
which must be of the order 3000 cm' 1 : The two CH 2 groups may oscillate in phase or with a 180° 
phase difference, performing either the symmetrical or the antisymmetrical CH 2 vibration (vi and 
vz of Fig. 25a). While four Raman lines are observed in the 3000 cm -1 region (Table 102), only one 
of them is depolarized, whereas of the four fundamentals mentioned all but one should be depolarized. 
It is therefore necessary to assume that the four fundamentals coincide in pairs as indicated in Table 
102, and that the two remaining Raman frequencies 2915 and 2958 cm" 1 are overtones strengthened 
by Fermi resonance. 

In a similar way tho CH 2 deformation vibration may take placo in phase or with 180° phase shift 
in the two CH 2 groups, giving rise to two frequencies, p 2 (ai) and pio(&i)» in the 1450 cm” 1 range. 
That one of these frequencies is rather higher than in C 2 H 4 (see Table 92) is due to tho fact that here 
it is pushed up by the lower fundamental, r3^ a ^(rti), whereas in C 2 H 4 it is pushed down by the higher 
fundamental V 2 CC (a 0 ) of the same species (see p. 200). 

Three further fundamentals would bo expected to correspond essentially to the deformations of 
the C 2 0 ring [[or in other words to tho vibrations of a three-particle system (CH 2 ) 2 0]. They should 
give rise to strong Raman lines and it is plausible to identify them with tho three strongest Raman 
lines below 2000 cm' 1 : 1267, 863, and 806 cm” 1 , as has always been done in tho literature. This 

210 If the H atoms were in the C 2 0 plane, the point group would also be C 2v , but the distribution 
over the species would bo 6A1, 2 A 2, 5B\, 2 (sec Table 34) 
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leads indeed to very reasonable values for the C — C and C — O force constants (similar to those in 
C 2 II 8 and OH3OH) but, as has been emphasized by Kohlrausch and Reitz (527), it appears to be in 
disagreement with the degree of depolarization of one of the lines (806 or 863 cm” 1 ), since only one 
of the three should be depolarized. To be sure, for totally symmetric vibrations the degree of de- 


TaBLE 102. RAMAN AND INF HARED SPECTRA OF ETHYLENE OXIDE (C 2 H 4 O), AFTER 
KOHLRAUSCH AND REITZ (527) 211 , BONNER (165), AND LINNETT (581). 212 



Raman 

Infrared 


Raman 

Infrared 

Assignment 

(liquid) 

(gas) 

Assignment 

(liquid) 

(gas) 


Avvaruum 

^vacuum 


A7 vacuum 

P vacuum 


(cm* 1 ) 

(cm -1 ) 213 


(cm” 1 ) 

(cm” 1 ) 213 

VU— 105? 

501) (v.w.) ? 


+CIB (P 2 ) 


1948 (w.) 

7ib( 5 2 )CH 2 twisting 

704 (v.w.)? 

685 (w.) 214 

7|l+7| 2 (Ai) 


2021 (m.) 

^6 C,0 («i) 

806 (s.) depol. 

808 (w.) 

73+7i 2 (Bi) 


2118 (w.) 


863 (s.) depol. 

865 (v.s.) 216 

Vi+vu(H\) 


2290 (m.) 214 

twisting 

1023 (v.w.) 


Flod-Fll(/ii) 


2635 (w.) 

iM(ai*)CH 2 bending 

1120 (m.) pol. 


V2-\-Vi(Al) 


2785 (v.w.) 

vi4(&2)CH 2 rocking] 

1153 (w.) depol. 

1151 (s.P 11 

27,o(Ai) 

2915 (s.) pol. 


Fn(&i)Cir 2 bending / 

2r 2 (A,) 

2958 (s.) pol. 



K» C, °(Ol) 

1267 (v.s.) pol. 

1263 (s.) 216 


3007 (v.s.) pol 



77 ( 02)0112 rocking] 

1379 (v.w.)? 

1469 (v.w.) depol. 


fo CII (bi) 1 


3029 (v.s.) 

27 15 (A!) J 

1453 (w.) 

vt CII (aj),l 

v\?W> / 

3061 (m.) depol. 



y 2 clI *(ai) 

1487 (w.) pol. 

1495 (m.) 

v\ +712, \ 


3875 (m.) 

27 B (A,) 


1G16 (w.) 

79+712, * * ‘ / 


75+7l 2 (Pl) 


1G38 (m.) 

7i+ra, 79 + 73 


4291 (m.) 

2ci2(Ai) 


1727 (w.) 

V2 +7ls(B 2 ) 


4586 (w.) 

Vs+WiitidA 

Vi + JMsCdi) / 


1844 (v.w.) 

! ' 

27fl(Ai), 1 

27 lJ (A 1 ), .../ 


6171 (w.) 


polarization may have any value between 0 and f ■ It may occasionally be so close to t that a polar- 
ized line cannot be distinguished from a depolarized one. Another explanation would be that tho 
CH 2 twisting vibration 7 S (a 2 ) (see below) has the same frequency as Pa C 2 °(«i) and predominates in 
the Raman effect [see Linnet t (581) ]. 218 However, heat-capacity measurements by Kistiakowsky 
and Rice (513) do not seem to bo compatible with two fundamentals at 806 cm ” 1 (if all the other 
fundamentals are correctly identified). 

In addition to the CH 2 and 0*0 frequencies there are tho frequencies in which the whole molecule 
is bent or twisted. First, wo expect two vibrations in which the C1I 2 groups remain perpendicu lar 
and symmetrical to the C 2 0 plane but are bent symmetrically or antisymmetrically with respect 
to the yz plane [CH 2 bending, v \( a \), and pu(5i)]. Then there are two vibrations in which the CH 2 
groups move in their planes [CII 2 rocking, 77 (n 2 ) and 7i4(& 2 )[], and finally two vibrations in which 

211 Other Raman data have been obtained, previous to Kohlrausch and Reitz, by Timm and Mecke 
(8G3), Ananthakrishnan (46) and Bonner (165), but are not as complete. The values given are not 
averages but those of Kohlrausch and Reitz only. 

212 Some further bands in the photographic infrared have been found by Mecke and Vierling 
(617) and Eyster (316). 

213 Average of Bonner’s and Linnett’s data wherever both are available, except above 3000 cm” 1 , 
where Linnett’s data are given since his dispersion seems to have been much greater. 

214 For these bands tho data of Bonner and Linnctt diverge rather more than corresponds to 
their stated accuracy. 

215 These bands have three maxima corresponding apparently to P, Q, and R branches. 

216 Kohlrausch and Reitz (527) have suggested that the two lower 0*0 vibrations coincide at 
863 cm” 1 . But then the infrared band of the gas at 808 cm ” 1 would be difficult to explain. 
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the (3H 2 groups arc twisted with respect to their symmetry axis [CII 2 twisting, *>»( 02 ) and ^ 15 (^ 2 )]. 
A tentative assignment of these vibrations is given in Table 102. 217 

The interpretation of the other infrared and Raman bands as overtono and combination bands 
[[mostly due to Linnctt (581)] is given in Table 102. 

Some authors have used the frequencies of the C 2 0 ring deformation vibrations to calculate, on 
the assumption of a central (or valence) force system, the anglo at the vertex of the C 2 0 triangle. 
Rut apart from the uncertainty in the assignment of these frequencies, and apart from the limitations 
of these frvco systems, such calculations neglect the fact that those CH 2 vibrations that have the 
same specie;* as the C 2 0 vibrations push tho zero-approximation C 2 0 frequencies up or down as 
the case may be. 

Other seven-atomic molecules. In Table 108 aro given references for the Raman and infrared 
spectra of some further seven-atomic molecules. The suggested structures, which are indicated in 
the J v,l,lo as obtained from the spectra, are in most cases less certain than for the molecules considered 
in detail above, and also the fundamentals are less definitely identified. 


Tahle 103. further seven-atomic molecules. 




References 

Molecule 

Structure 



Raman spectrum 

Infrared spectrum 



SeFe, TeFfl 

Oh regular octahedron 

(1174) 

(754) 

Si IV, Hn<V, PbClr 

Oh regular octahedron (?) 

(820) (728) (720) (402) 


SnBr 6 “ 

Din octahedron (?) 

(730) 


SbClfi- 

On regular octahedron (?) 

(728) (729) 


B(OH)s 

C Ah plane ? 

(478) (025) 

(775) 

n 2 o& 

? 

(197) (200) 6821) 


HoSOj, H 2 SeO 1 

? 

(14) 


CTIaf J— (K'l, Br, I 

Cdv 

(218a) 


CH3NH2, CIIsNDa 

Cs 

(518) (500) (299a) 

(213) (0X0) (861) 




(8«> (79) (214) 

CII3N3 

C„ 3 linear) 

(482) 

(156) (319) 

CII3NCO 

C„ (Nf( ) linear?) 

(537) (394) 

(319; 

CH 3 N() 2 , C, DaNOj 

C a 

(089) (915) (019) (915a) 

(915) (945a) 

(XU3NO2, (’Br 3 N() 2 

C a 

(918a) 


cchcor 

c* 

(948a) 


OII3COII, CD3COD 

c * 

(520) (952) (350a) (350b) 

(347) (855) (035a) 

CII3COCI, Cll 3 COBr 

S 

/\ 

c. 

(305) (524) 


CU T Clh 

C 2w (like C 2 H 4 0) 

(854) 

(316) (854) 

Hc~c~ca( in 

C 8 (HCfeC— C linear) 

(753) 


C 2 HjCN 

C 8 (plane ?) 

(863) (738) 


+ IIsN— NII 2i 1 
+D,N-ND, / 

C 9 

(298) (299a) 



(/) Eight-atomic molecules 

Ethane, C 2 Hc and C 2 D 6 . The most important eight-atomic molecule is the ethane molecule. 
Considering the previous results about the structure of the methyl group, there can bo no doubt that 
in C 2 TT 6 f ho C — C axis is a three-fold axis of symmetry. The only question as to the structure is whether 
there is in addition a plane of symmetry perpendicular to the axis ( eclipsed model, point group Dsn) or 

217 This is essentially the assignment of Linnett (581) but takes into account the new weak llaman 
lines found by Kohlrausch and Reitz (527) and the results of the heat-capacity measurements of 
Kistiakoi skj and Rice (513). 
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a renter of symmetry (n ttmuered model , point group Dm), or whether there is free rotation of the two 
(-II3 groups relative to each other about the C — C axis. 

The assumption that there is free rotation (or nearly free rotation) is definitely ruled out. by tho 
work of Kemp and Pitzer (49(5), Kistiakowsky, Lacher anil Stitt (509) (510) and Wilson (938) on 
the entropy and the low-temperature heat capacity of C 2 H 6 and C 2 Dg [see also Schaefer (7(58) ]. 2W 
At the temperature of liquid air the contributions to the specific heat of all vibrations except tho 
torsional oscillation are negligible. The excess over the ordinary translational and rotational specific 
heat (3i?) is thus entirely due to the torsion of the two OII 3 groups with respect to each other. If 
there were free rotation (or nearly free rotation) this contribution should be %R (or somewhat larger 
for nearly free rotation), whereas for larger frequencies of the torsional oscillation (that is, for strongly 
hindered rotation) the contribution would go to zero (see Chapter V, section 1, in particular Fig. 170a). 
Tho fact that it is found to be about 0.3/2 shows definitely that the rotation is not free. From the 
heat capacity data, the first two levels of tho torsional oscillation in C 2 He were found to be at 275 
cm -1 and 520 cm -1 . A third level at 725 cm -1 is rather uncertain. These energy levels can be 
represented by a cosinelike potential curve for the torsicn with a barrier height of 905 cm” 1 (2750 
eal/mole). The barrier height, however, depends considerably on the assumed form of the potential 
(see Chapter II, section 5d). 

Taking now a non-zero torsional vibration as proven, we need only discuss the eclipsed (Dm) 
and the staggered (Dm) forms of C 2 H 6 . Table 104 gives for both forms tho designation, species, 


TAllLE 104. DESIGNATION, SPECIES, ACTIVITY, AND DESCRIPTION OF THE 
NORMAL VII* RATIONS OF VUE TWO MODELS OF C 2 H<j. 


Desig- 

nation 

Description 

Dm (eclipsed model) 

Dm (staggered model) 

Species 

Activity 

Species 

Activity 

V\ 

(41 stretching 

Ax’ 

R. pol. 

A \ 0 

R. pol. 

V‘2 

CII 3 defoimation 

Ax’ 

R. pol. 

Aif, 

R. pol. 

Vz 

O — C stretching 

Ax’ 

R. pol. 

Ala 

R. pol. 

V\ 

Torsion 

Ax" 

inactive 

A i« 

inactive 

Vb 

CI1 stretching 

a 2 " 

1.11 

A 2» 

1. 11 

V* 

(TI 3 deformation 

A 2 " 

i - 11 

a 2 u 

1 . 11 

v 7 

CII stretching 

E’ 

I. _L,R. depol. 

E u 

1.1 

Fs 

Clla deformation 

E' 

I. JL, R. depot. 

E u 

1.1 

V9 

Bending 

E' 

I. ±, R. depol. 

E u 

1.1 

FI0 

CII stretching 

E" 

R. depol. 

Eu 

R. depol. 

I'll 

CTT 3 deformation 

E” 

R. depol. 

E„ 

R. depol. 

Wl 

Bending 

E" 

R. depot. 

E a 

R. depol. 


activity, and description of the fundamental vibrations. The form of the vibrations is easily visual- 
ized if it is realized that the four fundamentals of (TI* (sec Fig. 45) occur once with both CH 3 groups 
vibrating in phase and once with these groups vibrating in opposite phase and that in addition there 
are tho O — O stretching vibration, two bending vibrations of Hafe/ — C fell 3 similar to those of 
C 2 H 2 (see p. 181), and the torsional oscillation. These vibrations have been illustrated in the 
previous Fig. 49. It should be noted that in order to avoid having different numberings for the two 
models the order of the symmetry types for Dm in Table 104 is not the usual one, as it is for 2> 3 a- 

It is seen from Table 104 that of the twelve fundamentals in the staggered model (Dm) only six 
arc Raman active, whereas for the eclipsed model (Dm) nine are Raman active. 'While eight or nine 
Raman-lincs have been observed for tho gas , 219 this is not sufficient evidence to exclude the staggered 
model, since some of them may correspond to overtone or combination bands. 

The observed infrared and Raman bands for both C 2 H 6 and C 2 lle are given in Table 105. In 
the last two columns an assignment is given for both assumptions about the structure of the molecule 
[see Crawford, Avery, and Linnett (239) and Stitt (810) ]. 

218 The fine structure of tho infrared bands leads to the same conclusion [see Howard (461) 
and Chapter IV]. 

219 Tho additional lines observed for tho liquid may be due to a violation of tho selection rules. 
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TaIILK 105. Vllilt \TION Sl'KCTll V OF (? 2 H« AND C 2 I)fl. 




Assignments 220 

C 2 H8 

CiD« 



P vacuum (cm *) 

^vacuum (cm *) 

Du 

Du 

Infrared : m 



v*(p») 

820.82 X (a.) 

^601 (s.) 

f 9 (c/) 

1J7O.0 || (w.) 

~1072 (s.) 


F6 CHa (tt2 u) 

1414 X (w.) 


VA+vn(E') 

V\-\-V\2 (E u ) 

1486.0 J_ (s.) 

~1102 (s.) 



1740 ? (w.) 


F4+*'ll(/i V ) 

va +fu(^m) 

2330 X ? (w.) 


2lfv>(E') } V2 +Vq(E') 

F2+F9(/^t*) 

2302 || ? (w.) 222 

1654 (w.) 

Vq -f*Fll(A 2 ") 

F9+Fll(A 2u , E u ) 

2368.7 |l ? (w.) 

1907 (w.) 

Vi 4-* , e(A 2 ,/ ) 

F3+F6(A 2 „) 

2660 _L (w.) 


v,+2v,(.K')™ 

Vs +F12 (A 2m , Eu) 

2753.3 || (m.) 


V2 4-Ffl(A 2 ") 

V2-\~Vs (A 2 u) 

2894 || (m.) 

2087 (s.)l 

vs +*mi(A 2 ") 

F8 +F1I (A 2 u) 

V&^H((l2 u) 

2954 || (a.) 

2111 (8.)/ 

n cll («t") 

2994.3 J_ (m.) 

2236 (s.) 

p 7 Cll (c') 

V7 CU (e u ) 

3006 H (m.) 


fve+ZMAi") 

[ V’i -\-v$ +vi 2 (A 2 ") 

V3 +F»d“Fl 2 (A2u. E u ) 

3100-3150 J_ (w.) 


fs+2 E f ) 

Vs~\-2vtj (A 2u , E u , E u ) 


(2I/4+F8+FI2L12") 

2va + Va + Fi 2 (A 2w , Eu) 

3185 || (w.) 


\v2-\-va-\-v<3(E') 

V2~\-V3+V<)(E v ) 


2414 (w.) 

va +^io (E') 

va-\-vio(Eu) 

3222 || (w.) 


vs-\-v<)-\-vn(A‘i') 

F3+*'9+Fll(A 2u , E u ) 

2710 ? (w.) 

v\ -f" v^E f ) 

Vl -\~Vq(Eu) 

Inactive (from specific 




heat) i 224 



va((J U ) 

275 

200 

vttan 

Raman : 226 



2va(Ai 0 ) 

617 liquid (v.w.) 22fi 


2pa (Ax') 

813 liquid (v.w.) 


^9(c') 

[v 9 (e u ) ] 

975 (w.) 


f 3 (C 12 — C 13 ) 

*|(0“~ C 13 ) 

993.0 (s.) pol. 

852 (s.) pol. 

»3 C “ C 0«l') 

V3 C “ C («ia) 

(1155) indirect 

~970 (w.) depol. 


vn(e B ) 

1344? 


impurity? 



220 Only the symmetry types of the active components are given. 

221 For C 2 H«, with several exceptions, this is the list given by Crawford, Avery, and Linnctt (239), 
who have incorporated in addition to their own data those of Levin and Meyer (574) and Bartholom6 
and Karweil (123). The five bands 1379.0, 1486.0, 2368.7, 2753.3, and 2994.3 cm" 1 are from tho 
more accurate measurements of Smith and Woodward [(798) and private communication for which 
tho author is greatly indebted to Dr. Smith], tho band 820.82 cm" 1 from Owens and Barker (081). 
A few further very weak bands given by Avery and Ellis (63) are not included. For C 2 D6 the data 
are duo to Stitt (810). 

222 This band may bo identical with 236S.7 cm" 1 since it is given only by Bartholom6 and Karweil 
(123) who do not mention the 2368.7-cm" 1 band. 

223 This is the assignment by Bartholom6 and Karweil (123). That by Crawford, Avery, and 
Linnett (239) as vio — v\ is not compatible with the fact that this band does not disappear at liquid-air 
temperatures [see Avery and Ellis (63) ]. 

224 See Kistiakowsky, Lacher, and Stitt (510). 

225 Except where otherwise stated, the data for C 2 H fl refer to the gaseous state and are taken 
from Bhaga van tarn (145) and Lewis and Houston (576). The liquid data for G 2 H 2 are from Glockler 
and Renfrew (379) and Goubeau and Karweil (396). The data for C 2 D« are those of Stitt (810), 
which refer to the liquid state. 

226 Specific-heat data give 2va = 520 cm" 1 . 
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Table 105. — Continued . 


C 2 II 6 

c 2 r>6 

Assignments 220 



^vacuum (cm 1 ) 

^vacuum (cm J ) 

D-Ah 

D A d 

(1375) calculated 

1158 (m.) pol. 

Fj Cir «(rtiO 

y 2 ClI »(Ul g) 

1460 (m.) dcpol. 

1055 (m.) depol. 

*n Il3 (e") 

v[\ lh) (?g) 

1491 liquid (w.) 


*, CI V) 

[x 8 c,I >(« u )] 


1930 (v.w.) 

2v\ 2 (A\\ E ') 

2j'i 2 (Ai </ , Eg) 

2744 (w.) 

<~2300 (w.) pol. 

2n(Ai1 

2v 2 (Ai 0 ) 

2778 (v.w.) 


2n(Ai') 

2vt(Alg) 

2899.2 (s.) pol. 

2083 (s.) pol.! 


vi Cn (<iig) 

2955.1 (s.) pol. 

2147 (s.) pol.J 

1 2xi, (-di') 

2vn(Ai 0 ) 

2939.5 (w.) 


U+„„(B") } 
l2x a (A,', E') } 

2va(Aig , Eg) 

2963 liquid (w.) 

2225 (s.) depol. 

xf 0 H (e") j 

x'io'K) 


There can bo no doubt that the strong polarized Raman doublet of C 2 H# at 2800-2955 cm" 1 
(for C 2 D 6 at 2083-2147 cm -1 ) is due to resonance between the totally symmetric O — H vibration v\ 
and the overtone of one of the CH 3 deformation vibrations, most probably 14(H) cm -1 , since only one 
totally symmetric fundamental is expected in this region for both models. The other strong polar- 
ized Raman line, 003.0 cm -1 (852 for C 2 D b ), is obviously v 2% that is, essentially the (l — O stretching 
vibration. The third totally symmetric vibration, y 2 cll -», does not seem to appear in the Raman spec- 
trum of C 2 H 6 , unless one wants to correlate it with the questionable line 1344 cm -1 , which according 
to Crawford, Avery, and Linnett is due to C 2 H 4 . However v% does appear for C 2 Dg as the medium- 
intense polarized Raman lino 1158 cm -1 . For C 2 Il6, v 2 CH * = 1375 cm -1 is obtained from the very 
plausible and apparently only reasonable assignment of the infrared 1 1 band at 2753.3 cm -1 as v 2 + 

The two fundamentals v& and should give rise to parallel infrared bands (see Table 104). 
They are most probably to be identified with the infrared doublet 227 at 2054-2804 cm" 1 (2111-2087 
cm -1 for (^Da) and the band at 1379 cm -1 (1072 cm” 1 for C 2 D«) respectively. The appearance of a 
doublet rather than a single band must again be due to resonance (see Table 105). 

The three fundamentals v<r t v%, vg should give rise to _L infrared bands. Since there are no other 
such fundamentals they have to be identified with the only three medium or strong _L infrared bands 
2994.3, 1480.0, and 820.82 cm" 1 , respectively (2230, 1102, and 001 cm -1 for C 2 OG) which also have a 
very reasonable magnitude. 

Of the three Raman-active fundamentals vio, imi, F 12 , only is readily identified as the medium- 
strength depolarized Raman lino 1460 cm” 1 (1055 cm” 1 for C 2 L>8). The C — H stretching vibration 
vio may be any one of the four weak Raman lines 2744, 2778, 2930.5, and 2963 cm” 1 . Karweil and 
Schaefer (485) used 2778, whereas Crawford, Avery, and Linnett (239) as well as Stitt (810) chose 
2963. In Table 105 the latter choice is adopted since it seems to lead to a somewhat simpler assign- 
ment of the combination and overtone bands. 228 The corresponding C 2 D 6 band is the strong de- 
polarized Raman line 2225 cm" 1 . The frequency v\ 2 has been called the “uncertain frequency” of 
C 2 H 0 . Specific-heat data excludo the possibility that it has a value below 1000 cm" 1 [see, for ex- 
ample, Schaefer (768)]. No Raman line above 1000 cm" 1 that might be identified with this fre- 
quency has been observed. Crawford, Avery, and Linnett (239) have assigned the infrared band 
1414 cm" 1 as v\ + v\ 2 (E', E u ) where vk is taken as 275 cm" 1 from specific-heat data (see above). 
This gives a value of about 1140 for v\ 2 . A similar value, 1170 cm" 1 , is obtained if the Raman band 
970 cm" 1 of C 2 D 6 is interpreted as v\ 2 and the product rule applied to determine vi 2 of C 2 H6 [see 
Stitt (810)]. We shall therefore use an average value 1155 cm" 1 for v\ 2 of C 2 He. 

It is seen from the above that we can use the same fundamentals on the assumption of either 
model {D-ih or Du) of C 2 Ha. One way to decide which model is correct would be to establish whether 

227 The close coincidence of this doublet with the Raman doublet 2955-2899 cm" 1 is very strange, 
since they cannot possibly correspond to the same transition. 

228 A more definite decision would be possible by a measurement of the state of polarization of 
the four Raman lines in question. 
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or not the fundamentals v 7 , vs, and v<j observed in the infrared occur in the Raman spectrum as well, 
since, according to Table 104, for Dm they should but for Du they should not occur. According to 
the assignment in Table 105 the infrared band vi seems to be definitely absent in the Raman spectrum. 
But there are two weak Raman bands at 1491 and 813 cm" 1 that agree fairly well with the infrared 
fundamentals v 9 = 1480 and v 9 » 821 cm" 1 . However, it would be premature to conclude that this 
proves the correctness of the eclipsed model (Dm), since the Raman lines in question have been ob- 
served in liquid C 2 Ile only, and it may be that they are due to a violation of the selection rules for 
Du caused by intermolecular forces. It is necessary to observe these Raman lines in the gas in 
order to obtain an unambiguous decision. 229 A decision would also be possible through the observa- 
tion of overtone or combination bands which are forbidden for the one but allowed for the other model. 
For examplo, for Dm, one component of 2v\z is infrared active, whereas for Du both components are 
inactive (see Tables 32 and 55). The infrared band 2230 cm" 1 does indeed fit the interpretation 2v\z 
but is not suitable for a proof of the model Dm as was thought by Karweil and Schaefer (485), since 
foi Du it can also be interpreted as v% + v*(E u ), although perhaps not as well. 

The interpretation of the other infrared and Raman bands on either model is indicated in Table 
105. It is essentially that of Crawford, Avery, and Linnctt (239) and Stitt (810). Since there is 
as yet no band that can definitely not be interpreted on the basis of either model, the question as 
to which is the correct model is still open. The agreement of the calculated and observed values 
for the overtone and combination bands is perhaps somewhat better for Dm than for Du • 23 ° Some 
higher overtone and combination bands have been observed by Levin and Meyer (574), Adel and 
Slipher (39), and Giinswein and Mecke (346). 

Theoretical calculations of the potential hill opposing free rotation, by Gorin, Walter, and 
Eyring (393), point to Dm as the more probable model, whereas the heats of hydrogenation of 
unsaturated cyclic hydrocarbons according to Conn, Kistiakowsky, and Smith (228) favor Du- The 
latter model is also suggested by the fact that in disubstituted ethanes the trans form is the stable 
one (see below) and that apparently in cyclopentane the C atoms are not all in one plane [see Aston, 
Schumann, Fink, and Doty ((52) (01) and Pitzer and Gwinn (G97)]. Some more direct evidence 
from the spectrum of C 2 IIg would of course be very desirable. 

Detailed formulae for the relation between force constants and fundamental vibrations in C 2 H fl 
have been discussed by Howard (460), Glockler and Wall (384), Stitt (810), and Crawford and 
Brinkley (240). 

C 2 H 4 C1 2 , C 2 H 2 C1 4i and the question of rotational isomerism. The fact that there is no free 
rotation in ethane suggests that in substituted ethanes likewise freo lotation does not exist. If this 
is true one would expect two (rotational) isomers of, for example, 1,2-diehloroe thane (CH 2 C1 — CII 2 C1) 
or 1 ,2-tetraehloroethano (CHC1 2 — CHC1 2 ), with different relative orientations of the two halves of 
the molecule with respect to each other, somewhat similar to the eis and trans isomers of dichloro- 
ethylene (CIICL=C11CI) . That such rotational isomers have never been separated chemically is 
easily explained as due to the smallness of the potential hill separating the modifications. If it is 
of the same order (3000 calories) as for C 2 H 6 , unlike the case of the dichloroethylenes, a transformation 
can readily take place at ordinary temperatures. 

Raman and infrared spectra do indeed give rather definite indications of the presence of at least 
two rotational isomers in these substances [see Kohlrausch (14)]. There are many more strong 
Raman lines than would be expected if only one modification (with 231 or without free rotation) were 
present, and at low temperatures a considerable number of these disappear, indicating that at low 
temperatures the thermodynamically stabler isomer predominates [for C 2 H 4 C1 2 and other dihalo- 
ethanes, see Mizushima, Morino, and co-workers (629) (G30) (631) (538) ; for C 2 H 55 CI 4 , see Langseth 
and Bernstein (549)]. 

Up until 1940 only the cis and trans isomers, illustrated in Fig. 97a and d for the case of C 2 H4C1 2 , 
were usually considered. These two forms belong to point groups C 2 „ and Cm, respectively. How- 
ever, if the forces opposing torsion of the two CH 2 C1 (or CHCl 2 ) groups with respect to each other 
are at all similar to those in ethane, one would not expect that both the cis (eclipsed) and the trans 

229 Coriolis interaction with active fundamentals (see p. 458) cannot cause a violation of the 
selection rules in this case. 

230 A somewhat different assignment for the fundamentals hiis l>een suggested by Barker (107), 
but a number of strong arguments against it have been given by Stitt (811). 

231 Thr statement by Kohlrausch (14) that if there were completely free rotation the Raman lines 
would no bo shitrp appears to be incorrect. 
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(staggered) forms could be stable, but rather that there arc either three stable eclipsed (Fig. 97a, b, c) 
or three stable staggered (Fig. 97d, e, f,) configurations , that is, that there are three potential minima 




Fig. 97 . Conceivable rotational isomers of C2H4CI2. 



separated by approximately 120°, as indicated in Fig. 98. Unlike the case of C 2 He, there are no 
longer any reasons of symmetry requiring the angle to be exactly 120°, but the angle should be the 
same between a and b as between a and c (and simi- 
larly between d and e as between d and f). 232 In 
the unsymmetrical forms there is still a two-fold 
axis of symmetry perpendicular to the C — C axis 
and therefore they belong to point group C 2 . For 
brevity we shall henceforth call them the C% forms 
(eclipsed or staggered). The two eclipsed C 2 forms, 
and similarly the two staggered C 2 forms, can be trans- 
formed into each other by an inversion followed by a 
rotation about the C — C axis. They are optical isomers 
(see p. 224) and, since they have identical potential 
minima, they have the same energy levels and therefore 
the same spectrum and the same chemical properties. 

For all practical purposes they may be considered as 
one modification. Of course, on account of the finite 
height of the potential barrier separating the C 2 forms, 
each level is split into two sublevels (each of which 
corresponds to both configurations ; see p. 221), but this 
splitting will bo noticeable only for the higher levels of 
the torsional oscillation. 

In both cases when the cis or when the trans form 
has a minimum, two possibilities have to bo dis- 
tinguished: of the three minima, either the minimum 
corresponding to the cis (or trans) form is the lowest (Fig. 98a) or the (identical) minima cor- 
responding to the C ‘2 forms are lowest (Fig. 98b). 



Fig. 98 . Potential energy as a func- 
tion of the angle of twist about the C — C 
axis in C2H4CI2 (a) when the symmetri- 
cal cis or transform is the more stable 
one, (b) when it is less stable than the 
C2 forms. 


232 There is, of course, a remote possibility that the deviation from 120° is so great that the two 
minima corresponding to the C 2 forms coalesce. This would correspond to the old idea that the cis 
and trans forms are both stable. 
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Thus the following questions present themselves: (1) Are there one or two isomers in the di- and 
tetrahaloethanes? (2) If there is only one, is it the eis or trans form, or the one with completely 
free rotation? (3) If there arc two isomers, are they the cis and trans, the eis and C 2 , or the trans 
and C 2 forms? (4) Which one of the two forms has the lower energy? 

As mentioned above, the answer to the first question can be given fairly definitely on the basis 
of the Raman spectrum. As shown in Table 100, 23 Raman lines have been observed for C 2 H 4 CI 2 
and 24 for C 2 II 2 CI 4 , while there are only 18 fundamentals. Even if all fundamentals aro Raman 
active, as they would be for the cis and C 2 models (see below), the difference in the above numbers 
can hardly be explained as overtone or combination bands, particularly if it is remembered that usually 


Table 106. iiaman and infrared spectra of liquid 1,2-dichloroethanb 
and 1,1,2,2-tetrachloroethane. 


C 2 II 4 C1 2 

c 2 h 2 oi 4 

Raman 233 

Infrared 234 j 

Raman 235 

Avvaemim ( ( ‘ m ') 

^vacuum ( r ' rn 1 ) 

AVvaeiium (cm 4 ) 

124 (m.) depol. 


88.2 (s.) pol. 

264 (m.) pol. 


173.0 (s.) pol. 

301 (s.) pol. + 


183.6 (m.) 

410 (m.) depol. 


226.0 (m.) - 

454 (v.w.) 


241.7 (s.) pol. + 

653 (v.s.) pol. 

656 (s.) 

288.8 (s.) depol. + 

676 (in.) depol. 

670 (s.) 

294.6 (m.) - 


707 (s.) 

352.9 (v.s.) pol. + 

753 (v.s.) pol. + 


366.7 (in.) - 


759 (w.) 

546.4 (m.) depol. -f- 


818 (v.w.) 

648.1 (s.) pol. + 

881 (w.) depol. 

878 (m.) 

765.1 (m.) pol. — 

943 (m.) pol. 

937 (m.) 

801.6 (v.s.) pol. 

991 (v.w.) + 


812.1 (m.) 

1032 (v.w.) pol. 

1015 (w.) 

1018.1 (m.) 

1054 (w.) pol. + 


1028.1 (w.) 


1092 (v.w.) 

1118 (v.w.) 

1143 (w.) depol. 


1171 (v.w.) 

1207 (m.) pol. 


1203.1 (w.) 


1243 (m.) 

1217.0 (m.) depol. 

1263 (w.) depol. + 


1245.2 (m.) 

1302 (m.) pol. + 


1278.8 (w.) 


~1400 (m.) 

1307.3 (w.) 

1428 (m.) depol. 


2989.1 (m.) pol. 

1442 (w.) depol. + 



2845 (w.) 



2873 (w.) pol. + 



2956 (v.s.) pol. + 



3002 (m.) depol. -f 




~3000 (s.) 



2JS Raman shifts as given by Kohlrauseh and Wittek (533) on the basis of their own and earlier 
measurements. A + indicates that the line does not disappear in the solid at —40° C according to 
Mizushima and Morino (028). 

234 According to Cheng and Lecomto (204). 

235 The frequencies are those of Langseth and Bernstein (549). The polarization data are from 
Trumpy (878) (879). He gives an additional polarized Raman lino at 395 cm" 1 . A + indicates 
that the intensity of aline increases at lower temperature, a — that it decreases according to Langseth 
and Ber istem. The abovo authors have also investigated the corresponding deutero compound. 
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not all allowed fundamentals do occur. In addition it is found that a considerable number of lines 
of both substances disappear or become decidedly weaker at lower temperatures (see Table 106). 
This can hardly bo explained except by assuming two modifications, one of which is thermodynami- 
cally less stable (higher potential minimum in Fig. 98) than the other. Indeed, in the case of C2H2OI4, 
by careful intensity measurements at different temperatures, Langseth and Bernstein (549) havo 
determined the energy difference between the two isomers as 1100 cal /mole ( =385 cm' 1 ). This is 
also in agreement with the fact that at room temperature the Raman lines of the less stable form are 
all weaker than those of the more stable form. 

It does not appear to be possible to assume, as has been done at one time by several investi- 
gators, that the appearance of additional Raman lines at higher temperatures is due not to a second 
isomer but to the fact that with increasing amplitude of the torsional oscillation the selection rules 
break down. The selection rules aro rigorous for any amplitude of vibration as long as the equilibrium 
position is the one for which they are derived (see p. 253f.) and as long as the interaction of vibration 
and rotation is slight. However, in agreement with the selection rules new lines may appear, whose 
lower states are higher vibrational levels ; but the strongei of these lines should all lie close to the low 
temperature lines unless large anharmonicities or strong resonances occur (see p. 312). Since this 
is not the case we consider the existence of two isomers as established. 

In order to be able to answer the third and fourth questions on the basis of the spectrum, it is 
necessary to know the species and activities of the fundamentals of the various forms. On the basis 
of Tables 35 and 55 one finds for the cis form of either C2H2OI4 or C2H4CI2 

(point group C 2r ) : OARR., I.), 4A 2 (R.), 5Ri(R., I.), 3R 2 (R., I.) ; 

for the trans form 

(point group C 2 a): GA tf (R.), 4A u (I.) f 3R ff (R.), 5R tt (I.) ; 

and for the C 2 form, either staggered or eclipsed, 

(point group C 2 ) : 10A(Ii. t I.), 8R(R., I.). 

It is v^ry significant that for C 2 H 4 C1 2 ten Raman lines persist at low temperatures. Six of these 
are polarized, three arc depolarized, and for one the degree of depolarization has not been measured. 
This is in almost perfect agreement with the predictions for the trans form, which requires nine Raman- 
active fundamentals (six giving polarized, three depolarized lines), whereas it would be difficult to 
reconcile with either of the other two models, for both of which all eighteen fundamentals are Raman 
active. Assuming the trans form, one Raman line has to be explained as an overtone, and this is 
very readily possible for the lino 2873 cm -1 , which is almost certainly tho first overtone of 1442 cm -1 , 
and is strengthened by resonance with 2956 cm -1 (similar to C 2 Hfl; see above). In support of the 
conclusion that the trans form is the one that is stable at low temperatures is also the fact that none of 
the Raman lines persisting at low temperature has a corresponding infrared band (tho rule of mutual 
exclusion must hold for C 2 a). 

The above conclusion, based entirely on spectroscopic arguments, is in agreement with tho results 
of dipole measurements, which give a value zero at low temperatures, and with electron diffraction 
data [see Beach and Palmer (131) and Beach and Turkevich (132) 236 ]. 

The question whether tho less stable form of C2H4CI2 is the cis or C 2 form cannot be so definitely 
answered at the present time. In principle a decision would be possible from the number of polarized 
and depolarized Raman lines (6 and 12 for C 2 », 10 and 8 for C 2 ). But thus far, not all Raman funda- 
mentals of this model have been found, probably due to the comparatively small concentration of 
the second isomer at room temperature. Four of the Raman lines disappearing at low temperatures 
are polarized, eight are depolarized, which is in agreement with either model. As mentioned above, 
theoretically the staggered C 2 structure seems much more plausible for the second less stable form 
of C2H4CI2 [see also Langseth, Bernstein, and Bak (550) and Edgell and Glockler (297)]. 

Assuming the cis structure for the less stable isomer, Wu (960) and Kohlrausch and Wittek 
(533) have given detailed assignments of the observed Raman and infrared bands. Even though 
it would bo easy to change the assignment to fit the C 2 model wo shall not give it here, because of 
the large uncertainties involved. 

236 The assertion of these authors that there is no other potential minimum than that correspond- 
ing to the trans configuration cannot be considered as definitely proven since the concentration of 
the other isomer at room temperature may be small. 
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In the case of tetraehlorocthanc Langseth and Bernstein (549) have concluded, on the basis of 
the number of Raman-active vibrations below 400 cm -1 , that neither of the two forms that exist (as 
shown by the temperature dependence) can be the trans form and that the modification of lowest 
energy is the cis form. However, without detailed calculations (which they have not carried out), 
it would not appear to be possible in molecules as complicated as these to determine the number of 
fundamentals with a frequency below a certain value . 237 Electron diffraction work by Schomakcr 


Table 107. further eight-atomic molecules. 




References 

Molecule 

Structure 

Raman 

Infrared 



spectrum 

spectrum 

s« 

Did (puckered octagon) 

(140) (153) (891a) (897) 

(114) 



(673c) 


C 2 C1 6 , C 2 Br 6 

Du or Du (like C 2 Hb) 

(13) (420) (027) (48) 




(407a) (532a) 


Si 2 H 6 , Si 2 Cl fl 

Du or Du (or free 

(810) 



rotation) 



b 2 h 6 

Du or Du (like Call®)? 

(51) (813) 

(814) 

A1 2 (H 6i AljBr, 

V k 

(743) (350c) (532a) 


CH 3 NH 3 + , CH,NI)j + 

Du or Du? 

(298) (299a) 


+H 3 N— Nila' 1 , + D 3 N— NTV 

Du or Du? 

(298) (299a) 


CH 2 Br — CII 2 Br , CH 2 I— CII 2 I 

C*h and C 2 

(14) (424) (190) (028) 

(204) 

CHaOHOla, CH,CHBr,,\ 
CH 3 CIII 2 / 


(481) 


c. 

(483) 

(304) 

C 2 H 2 Br 4 

Cu and C 2 

(14) 


C 2 F 4 CU 2 , C 2 F 4 Br, 

Cu and Ci 

(383) 


CKUjCFCl, 

C-ih and C 2 ? 

(382) 


C 2 F 4 H(U 

C s , and Ci 

(383) 


C 2 H 4 ClBr, C-AUCn 

C 8 , Ci 

(14) (190) (905) 

1204) (905) 

Clh—CCh, (III,— CF, 

Civ 

(403) (115) (522) (752a) 


CCh—CVi 

C;t v 

(383) 


CHClj -CIIsCl, 1 
CHBr>— CIIjHrJ 

C 8 ? 

( 722) (463) (483) 


CF*C1— CFC1 2 

C B and Ci 

(383) 


C 2 H Ch 

C s 

(13) (14) 

(966) 

CoIItCl, C 2 H 5 Br, C 2 H 5 1 

C 8 

(14) (907) (424) (908) 

(249) 

ClI 2 D(TI 2 Br 

C a and Ci 

(551) 


CCbCIIFCl 

Ci 

(383) 


C 2 II,FClBr 

Ci 

(375) 


CFaClOIIFCl, 1 
CF 2 BrOFClBr J 

Ci 

(383) 


(COOH ) 2 

C 2u ? or F a ? 

(59) (451) (721) (756) 


CNCH— CHCN 

C 2 A 


(737) 

CH 3 COOH 

W 

(14) (786) (755a) (300) 

(361) (70) (429) 

CCl 3 COOII 

c 8 ? 

(300) 

(269) 

CHCl 2 COOII 

Ct 

(300) 


(NH 2 ) 2 CO 

C u 

(14) (679) (739) 

(494) (495) 

(NH 2 ) 2 OS 

C 2p ? 

(532) 


o 2 h,— c ~ c ~ 11 

C 8 plane? 

(368) (862) 

(122) (346) 

(’all .Nil 

Cs 


(316) 

(’ll, NO, 

Cs 

(199) (948b) (508a) 

(568a) 


237 AIf j they have not proven the assignment of all Raman lines to the different isomers but only 


those inu^ated by + or — in Table 106. 
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and Stevenson (771a) seems to show very definitely that in C 2 H 2 CI 4 the staggered (trans and To) 
configurations occur and not the cis form. This work does not allow a decision as to which of the 
two staggered forms is the more stable one, but a proper modification of Langseth and Bernstein’s 
arguments makes it appear probable that it is the trails form. 

Summarizing, we can say that it appears certain that there are two rotational isomers of C2H4OI2 
as well as of C2H2CI4, and that, at least for C2H4CI2, the trans form is the more stable one. Tho 
latter conclusion very probably applies also to C2H2CI4, and in both cases it is very likely that tho 
second isomer has the C 2 form. 

Rotational isomerism occurs, of course, in many other similar cases, not only when Cl is replaced 
by another halogen but also in cases such as C2H4XY where X is any halogen and Y is CH 3 , C2H5, 
and so on. In fact, it was the observation that in C3H7X, C4H9X, • • • the C — X stretching vibration 
is split into two whereas it is single in CHsX and C2H5X that first led Kohlrausch and his co-workers 
to the assumption of rotational isomerism. 


Table 108. designation, description, species, and activity of the normal vibrations 

OF CYCLOPROPANE; AND COMPARISON WITH THOSE OF C2H4O. 


Dcsig- 

Description 

Dih 


c.„“ 

Corresponding 
vibration of 

nation 





Species 

Activity 

Species 

Activity 

C2H4O 

v\ 

(TI stretching 

Ai' 

R. pol. 

Ai 

I. R. pol. 

»i CII («i) 

P 2 

CII2 deformation 

Ai' 

R. pol. 

A 1 

I. It. pol. 

F2 Cll2 (ni) 

vz 

ring deformation 

A\ 

It. pol. 

Ai 

I. R. pol. 

F3 Ca °(Rl) 

v\ 

CH2 twisting 

Ai" 

inactive 

A 2 

R. depol. 

Ps(a 2 ) 

P& 

OH2 bending 

A 2' 

inactive 

Bi 

I. R. depol. 

Pn(bi) 

P6 

CH stretching 

A2" 

1. 11 

£2 

I. R. depol. 

>£ n (« 

V 7 

CH2 rocking 

A 2 " 

Ml 

b 2 

I. R. depol. 

vu(b 2 ) 

PS 

CH sti etching 

E' 

I. _L R. depol. 

Ai+Bi 

I. It. pol. -f depol. 








+, 9 CH (M 

P 9 

CII 2 deformation 

E' 

I. _1_ R. depol. 

Ai+R, 

I. R. pol. +depol. 

V2 CH, <«l) 








no 

CH2 bending 

E f 

I. J_ R. depol. 

Ai-fRi 

I. It. pol. +depol. 

*4(ni) +>>ii(f>i) 

pn 

ring deformation 

E f 

I. _L It. depol. 

AlABy 

I. It. pol.+depol. 

» 5 Cj °(Ol) 







+r , I J°(b,) 

P12 

CH stretching 

E" 

R. depol. 

A2+B2 

I. It. depol. 

^6 CIl ('*2) 







+»C TI (i>2) 

pu 

CII2 rocking 

E" 

R. depol. 

At+Bt 

I. R. depol. 

Pi(ai) A-Puibi) 

PU 

CHo twisting 

E" | 

R. depol. 

A»+Bo 

I. It. depol. 

P*(a 2 ) +1/16(62) 


Other eight-atomic molecules. A large number of further eight-atomic molecules have been 
investigated. Table 107 gives references to the more recent work on a number of these molecules 
as well as tho most probable structures. The information about most of these molecules is less 
complete than for those discussed above and the conclusions as to the structure are necessarily less 
certain. 

Tho molecules C2CI6, S^He, S^Cle, and B2H6 would be expected to have a structure similar to 
C 2 Il6. The Raman spectra do not contradict this conclusion but are not sufficient to establish it 
beyond doubt. The infrared spectra, except for BoIIg, have not as yet been investigated and con- 
sequently not all fundamentals are as yet known. Tho question as to the potential hill preventing 
free rotation in these molecules has also not been definitely settled. 238 

Unlike tho case of the di- and tetrahaloethanes discussed above, for CF2OICHFCI and similar 
halocthanes one would expect three rotational isomers [see Glockler and Sago (383) ] but the spectro- 
scopic evidence is not yet sufficient to establish this. 

238 For B2H6 Stitt (814) obtains a potential hill of between 4000 and 5000 or 15,000 cal /mole 
depending on tho interpretation of the spectrum. 

239 Tho plane of tho three C atoms is assumed to bo tho xz plane. 
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( g ) Nine-atomic molecules 

Cyclopropane, CgHe. The cyclopropane molecule ia related to the ethylene oxide (C2H4O) 
molecule treated earlier, differing from it only in that the oxygen atom is replaced by the isoelectronic 
CH2 group. Since the three C atoms in cyclopropane are equivalent one would expect them to 
form an equilateral triangle and as in C 2 H 4 0 the CH 2 groups would be expected to be in planes at 
right angles to that of the triangle. Thus the point group would be Dzh> This is confirmed by the 
investigation of the Raman and infrared spectra. 

In Table 108 are given the designations, descriptions, species and activities of the fundamental 
vibrations of cyclopropane, assuming point group Dzh (see Tables 22, 36, 55 and Fig. 36). Also the 
con expending species and activities of point group C 2u are given to provide for the possibility that 
this represents the symmetry of the molecule, and at the same time to facilitate the correlation to 
C 2 H 4 0. The last column gives the corresponding vibrations of G 52 H 4 O (see Table 102). The assign- 
ment of 4 Jhe observed frequencies to the theoretically expected fundamentals can bo carried out in 
much the same way as for C 2 H 4 0. It is therefore not necessary to give a detailed discussion. Table 
109 gives the observed infrared and Raman spectra with essentially the assignments given by Linnett 
(581), as modified by Kistiakowsky and Rice (512) and Smith (797). The two Raman- and infrared- 
inactive fundamentals vi and v§ and one of the e" fundamentals, which has not been directly observed, 


Table 109. raman and infrared spectra of cyclopropane (O 3 H 6 ). 


Assignment 

Raman, 

liquid 240 

Al'vaeuumi 

Infrared, 

gas 241 

V vacuum» 

Assignment 

Raman, 

liquid 210 

Ai'vaouum* 

Infrared, 

gas 241 

^vacuum. 

P13 —vu(Ai') 

382 (v.w.) 


V2~\~Vlo(E')} 


2493 (w.) 

V2 —I'll? 


654 242 (w.) 

Vb+v 9 (E')f 



vg-vu? 


694 242 (w.) 

P3+Py (E f ) 


2631 (w.) 

vu(e") twisting 

740 (w.) depol. 


2vg(Ai' -\-E') 

2854 (w.) pol. 


•£(■') 

866 (v.s.) depol. 243 

868 (v.s.) 

4ni(.4i' +2F')? 

2952 ( w.) pol. 


viiat") rocking 


872 (v.s.) 

2vi(Ai) 

3011 (s.) pol.- 43 


p 4 (ai") twisting 

(1000) 

»- 8 CI V) 

1 

3024.4 (v.s.)JL 

vio(c') bending 

1022 (w.) 

, 1027.6 (s.)_L 

F! CU (aiO 

3029 (s.) pol 2w 


VbW) bending 

(1070) 1 


3080 (m.) dtp. 


vn(e”) rocking 

(1120) 


vb cu {o,n 


3103.0(v.s.)|| 

w c *(aiO 

1189 (v.s.) pol. 243 


P 2 +P 5 +rio (L v )? 


3580 (w.) 


1435 (m.) depol. 

1432 244 (s.) 

v\-\-vi\(E ')! 


3845 (w.) 

•2vu(A i’+E') 

1454 (m.) 


I'ad vu(E') J 


n CH ’(a ,') 

1504 (w.) pol. 


vz+vtiA*")] 


4200 246 (w.) 

va+vh(.&) 


1739 (m.) 

Vz +P8 ( E ') ) 



Vl+Vu(E') 


1779 (w.) 

V\ +V 9 (E')} 


4450246 ( m ) 

fio+»'ii(Ai' + /£') 

1873 (v.w.) 

1888 (s.) 

v» 4-» 'g(E') J 



Vb-\-vio(E') 


2084 (s.) 

V(i+2v b (A 2 "), etc. 


5130 (v.w.) 

*'9+l'14(A 2 ") 


2178 (w.) 

2 v*{E f ), etc. 


6020 (w.) 

Vi +vu(E') 

1 

2330 (w.) 





240 Average of the data of Ananthakrishnan (46) and Harris, Ashdown, and Armstrong (410), 
wherever both are available. The polarization data are from Ananthakrishnan (46) and Linnett (581) . 

241 Average of the data of Bonner (165) and Linnett (581) except for the bands 868, 872, 1027.6, 
3024.4, 3103.0 cm -1 taken from the higher dispersion work of Smith (797) and 3580 cm -1 observed 
only by King, Armstrong, and Harris (503). For photographic infrared bands see Eyster (316). 

242 These two absorption maxima which possibly form one band have been observed by Bonner 
(165) only, although Linnett (581) looked for them. They are therefore possibly due to an impurity. 

243 Also observed in the gas. 

244 This band has two maxima (PR?). 

245 These two bands were resolved by King, Armstrong, and Harris (503) only, whereas Bonner 
(165) and Linnett (581) measured them as one band. 
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are based on rather doubtful identifications of overtone bands. Otherwise the assignments are quite 
satisfactory. The selection rules are well observed, a fact which strongly supports the assumed 
model (2 >sa). The observation of both a strong || and a strong _L infrared band in the 3000 cm“ l 
region would not be compatible with a completely plane model if the two bands are both funda- 
mentals. This supports the assumption that the OH 2 planes aro at right angles to the plane of the 
three C atoms. An evaluation of the force constants from the observed fundamentals on the basis 
of a generalized valence force system has been carried out by Saksena (754a). 

A number of photographic infrared bands have been observed by Eystcr (316). Their assignment 
is not very certain. 

Dimethyl ether, (CH 3 ) 20 . The dimethyl ether molecule (OH 3)20 is also in some respects similar 
to C 2 H 4 O f except that there is no bond between the two C atoms and that there are CH 3 instead of 
CH 2 groups. One would expect the point group to be C 2v unless, as is unlikely, there is completely 
free rotation of the OH 3 groups about the C — O bonds. The designation, species, character and 
activity of the 21 fundamentals are given in Table 110. In this table the designations symmetrical 


Table 110. designation, character, species, 246 and activity of 

THE NORMAL VIBRATIONS OF (CH 3 )20. 


Description 

Ai 

a 2 

Bi 

b 2 

C — II non-symmetric stretching 


VH C11 (a 2 ) 

W) 

«£»(&*) 

C — II symmetric stretching 

v^iai) 

— 


— 

CHs non-symmetric deformation 

X3 0,, ’(«t) 


vW'Hln) 


CH 3 symmetric deformation 

^4 CTI:5 («l) 

— 

WHbi) 

— 

CH 3 _L rocking 247 

— 

^ 10 (^ 2 ) 

— 

v 2 o(b 2 ) 

CH 3 || rocking 217 

J'.'ifat) 

— 

Via(h 2 ) 

— 

C — O stretching 

F6 C °(fll) 

— 

^;°(bo 

— 

C — O — O bending 

F7 Cl °(«l) 

— 

— 

— 

CII 3 twisting 

— 

JMl(«2) 

— 

v 2 i(b 2 ) 

Activity 

R. pol. I. 

R. depol. 

R. depol. I. 

It. depol. I. 


and non-symmetrical stretching and deformation indicate that the displacements within the CH 3 
groups are essentially the totally symmetric and degenerate vibrations respectively of free CH 3 
(pi, v 2 and P 3 , Vi respectively in Fig. 45). Of course, if both CH 3 groups in (CII 3 )20 carry out, for 
example, a symmetrical stretching vibration, then unlike the case of free CH 3 the amplitudes of 
the six II atoms will not be exactly the same, but those of the two H atoms in the C — O — C piano 
will be somewhat different from those of the other II atoms. As emphasized before, an exact dis- 
tinction between vibrations of the same species, particularly if they havo similar frequencies, does 
not exist. 

Table 111 gives the observed Raman and infrared spectra of (CH 3 ) 20 . The three C — O — C 
vibrations are easily identified as indicated in this table by comparing with the C — O vibration of 
CH 3 OH and by considering the state of polarization of the Raman lines. The weaker bands ac- 
companying the strong C — O bands 1122 and 940 cm -1 in the infrared are apparently transitions 
from excited vibrational levels. That these secondary bands agree better with the Raman bands 
than the main infrared bands is probably due to the shift between liquid and vapor. If the O — O — C 
frequencies are substituted into the valence force equations of a triatomic system, very reasonable 
values for the C — O stretching- and bending-force constants as well as for the C — O — C angle (116°) 
aro obtained [see Kohlrausch (14)]. However, it would be wrong to place too much reliance in 
the accuracy of the values obtained, since the neighboring CH 3 vibrations of the same symmetry 
type will shift the O — O — C frequencies somewhat from the values they would have if the CH 3 
groups were single particles. 

The other fundamentals cannot as definitely bo identified. A tentative assignment is given in 
the table. All the six OH 3 deformation frequencies seem to be superimposed at about 1450 cm -1 , 


218 The C — O — O plane is assumed to be the xz plane. 
247 _L and || respectively to the C — O — C plane. 
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all infrared-activo C — H stretching frequencies in the broad band at 2914 cm' 1 . The assignment 
of the two CH 3 twisting oscillations vn and v% i is particularly uncertain, it may be the pair of 
Raman lines 160 and 300 cm'” 1 [as has been suggested by Pitzer (696) ], or the pair 702 and 583 cm -1 , 
or neither one of them. Indirect information about these twisting vibrations may be derived from 


Taiile 111. raman and infrared spectra of (OH 3)20. 


Assignment 

Raman 

Av 248 

•'vacuum 

(liquid) 

Infrared 

^vacuum 

(gas) 219 

Assignment 

Raman 

A » 218 

vacuum 

(liquid) 

Infrared 

^vacuum 

(gas) 249 

?x, .('•:) 7 260 
•Jx,,^)? 260 

xj ( °(ai) 
?ni(W 
?Fn(a 2 )? 

F6 C0 (ai) 

v[' 7 °(b0 

V&i FlO, Vu, V 20 
V3, Vi, V 9 , JM4.1 
F15, VU J 

V~ ~t* V‘20 

160? (w.) pol. 
300? (v.w.) pol. 
414 (w.) pol. 
583? (w.) 

702? (v.w.) 

918 (s.) pol. | 

1100 (w.) | 

1155? (w.) depol. 

1448 (s.) depol. 

(below 440) 
610 (w.) 

920 (m.) 
940 (s.) 
1102 (w.) 
1122 (m.) 
1180 (s.) 

1466 (v.s.) 

1605 (w.) 

V3+V7, Vi+V7, • * • 

F3+F21, Vi+VU, * * * 
v$-\-vn(Bi) 
V-i+Vt, F4+^6, • • • 
Vli+VQ, VU + V6, 

Fl9+F 6 

no-fyis, • • • ? 
X 2 C1I («,) 

2f 4 ? 

2viS v ra V vn v cn 

^15. " 12 , , ^ 18 

2V3? 

V 2 +V 3 ! 

} 

2812 (v.s.) pol. 
2863 (s.) pol. 
2916 (s.) pol. 
2950 (s.) pol. 
2986 (s.) pol. 

1861 (m.) 
2032 (m.) 
2100 (s.) 

2324 (w.) 
2399 (m.) 

2652 (w.) 

>2914 (v.s.) 

4273 (m.) 


thermodynamic data. By assuming the assignment of Table 111 with the exception of vu and vn, 
Kistiakowsky and Itice (513) obtained from the heat capacity of (CT1 3 ) 2 0 a potential barrier opposing 
free rotation of 2500 eal/mole, while Kennedy, Sagenkahn, and Aston (498) obtained from the entropy 
3100 eal/mole (see Chapter V, section 1). The frequency of the twisting vibrations is therefore by 
no means zero but of the same order as in ethane (see Table 105). 

Propylene, CH 3 — CH=CH 2 . The propylene molecule, even in its most syinineti'cj] configura- 
tion, has only one plane of symmetry (point group C,). It would be difficult to establish the piesenco 
of this plane of symmetry from a study of the vibration spectrum. Even when this is assumed, on 
account of the lack of symmetry, the determination of the fundamental frequencies from the ob- 
served Raman and infrared spectra is by no means an easy task. In order to accomplish it, Wilson 
and Wells (945) have calculated the fundamentals below 2000 cm -1 from assumed values of the 
force constants taken from other molecules (including many interaction terms in the valence force 
treatment) and have used the calculated values as an aid in assigning the observed bands. In this 
case a knowledge of only the order of magnitude of the stretching and bending vibrations is not 
sufficient on account of the large number of vibrations and the fact that their interaction is very 
little restricted by symmetry. 

In Table 112 are given the observed Raman and infrared spectra of propylene. There are 
fourteen fundamentals symmetric with respect to the plane of symmetry (species A f ) and seven anti- 
symmetric ones (species A "), all of which are infrared and Raman active. The assignment of tho 
fundamentals below 2000 cm -1 in Table 1 12 is essentially that of Wilson and Wells. Their calculated 
values are also given. The assignment of the fundamentals above 2000 cm -1 is essentially that of 
Fox and Martin (330), who have obtained them by comparison with similar molecules containing 
GH, CH 2 , and CH3 groups. The descriptions of the vibrations given in the table are similar to 
those used previously. The assignments for the rocking and twisting vibrations are rather uncertain, 
as are the interpretations of the overtone and combination bands. 

2 48 Average of Kohlrausch’s (518) and Ananthakrishnan’s (48) data. Values with a question 
mark have been observed by one observer only. 

249 After Crawford and Joyce (245). 

250 The tentative assignment of these bands is due to Pitzer (696), who realized that it contradicts 
the observed polarization of the bands. 
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If the fundamentals of Table 112 (except the CH 3 twisting frequency) are assumed to be correct 
the height of the potential barrier opposing free rotation of the CH 3 can be calculated from heat- 
capacity data (see Chapter V, section 1 ). The value obtained by Wilson and Wells (945) and con- 
firmed by Telfair and Pielemcier (835) (834) is 2100 cal/mole (740 cm -1 ). 

Table 112 . infrared and raman spectra of propylene (Oils — CH=CH 2 ). 


Assignment 


Infrared 251 
^vacuum ( cm l ) 


Itaman (liquid ) 252 
AVvacuum (cm 1 ) 


Calculated 

(cm -1 ) 


V 2 i («") C-CHj twisting? 
vu(a') C—C — O bending 
j/ 2 o(<i") C---CII 2 twisting 
^ 2 o-|- F 21 (A')? 
viz(a') C — C stretching 
j/i 9 (a") C — H bending 
Fl4 + » / 2 o(A")? 
vi*(a") CH 3 rocking ? 
vu(a') OH 3 rocking ? 
j/i 7 (a") OH 2 rocking ? 
vn(a') CH 2 rocking ? 

pio(a') CH bending j 

vg(a') CH 3 symmetric deformation 
F^(a') CH 2 deformation 
vi(a') CH 3 noil-symmetric deformation 
i/ 16 (a") CH 3 non-symmetric deformation 


F19+F20(A.') ? 

vt i(a') C=C stretching 
Pu+PaoCA') ? 

2 vn(A') 

2vih(A') ? 

V7+V2o{A'yt 

2vn(A') ? 

2 vi 0 (A') ? 

^ 8 +Vio(A') ? 

PT+^K^A') ? 

2 v 9 (A') ? 

2vh(A ') ? 

Pfi(o') CH 3 symmetric stretching 1 

2vt(A') J 

1 / 4 ( 0 ') (TI 3 non-symmetric stretching j 
2vie(A') 

j/, 5 (a") CII 3 non-symmetric stretching J 
vv(a') CH 2 symmetric stretching 
Vi(n') CH stretching 

va+vn(A') ' \ 

vi(a') CH* non-symmetric; stretching J 


432 (m.) pol. 

580 (w.b.) depol. 

920 (s.) pol. 


1297 (v.s.) pol. 

1415 (m.) pol. 
1448 (w.) 


1048 (v.s.) pol. 


2732 (w.) pol. 
2703 (v.w.) 
2795 (v.w.) 
2823 (w.) pol. 
2857 (W.) pol. 
2890 (m.) pol. 
2924 (v.s.) pol. 

2956 (v.w.) 
2990 (w.) pol. 
3010 (s.b.) pol. 

3087 (w.) 


251 Except for the bands marked by * these arc the data for the gas given by Wilson and Wells 
(945). The three bands at 930, 963, and 1043 cm -1 were measured by Avery and Ellis (03) in the 
solid at -195° and the bands above 2800 cin -1 by Fox and Martin (330) in solution in CC1 4 . 

252 Data of Ananthakrishnan (45), except for the weak line 1448 cm" 1 which was only found by 
Bourguel and Piaux (173). 

253 From tho interpretation of the band 755 cm" 1 , very uncertain. 
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Other nine-atomic molecules. In Table 113, references to Raman and infrared investigations 
of other nine-atomic molecules are given, as well as the structures derived. However it must be 
understood that in no case can these structures be considered as established beyond doubt. 


Table 113. other nine-atomic molecules. 


Molecule 

Structure 

References 

Raman spectrum 

Infrared spectrum 

Ni(CO ) 4 

Td (tetrahedral ) 254 

(293) (932) 

(87) (243) 

(CH 3 ) 2 S 

C u [like (OH,)-/)] 

(518) (620) (326) 

(326) (851) 

(CH 3 ) 2 So 

C-,„ [like (CH,) 2 0] 

(289) 


( ,H 4 0 (furan) 

Cu (plane) 

(14) (736) 

(600) (601) (693) 

C 4 H 4 5 (thiophene) 

C20 (plane) 

(14) (736) (894) 

(600) (601) (100) (117) 

C 2 H 5 OH 

C a 

(14) (907) (773) 

(67) (308) (773) (974a) 

c 2 h 6 sh 

Cs 

(907) 


C 2 H 6 SeH 

Cs 

(254) 


CsHiCN, C 2 H 6 NC 

Cs 

(14) 


ch 3 — CO— nh 2 

Cs 

(14) (762) (478a) 


ch 3 — cs— nh 2 

Cs 

(532) 


CCI 3 — co— nii 2 

Cs 

(948a) 


(CH 3 ) 2 Zn 

DzhC) 

(894) (682) 

(859) 

(CJI 3 ) 2 Hg 

DzhC) 

(682) (858) 


CH 2 C1— ch 2 oh 

Cs ? 

(632) 


CNCIIs — COOH 

C a ? 

(252) 



( h ) Ten-atomic molecules 

Dimethyl acetylene, CH 3 — C=C — CH 3 . From our previous discussion of methyl acetylene it 
is practically certain that in dimethyl acetylene (CH 3 — C^C— CH 3 ) the four C atoms lie on a 
straight line, that is, that the molecule has a three-fold axis of summitry. As for C 2 H6, we have the 
throe possibilities for the structure of CI1 3 — C=C — CII 3 * point group Dzh, point group Dzd, or free 
rotation of the two CH 3 groups about the C — C=C — C axis. In fact, if the potential barrier op- 
posing free rotation in C 2 II 6 is due to the interaction between the H atoms one would expect the 
potential barrier to bo very slight in CH 3 — C^=C — CIl 3 because of the much larger distance of the 
two CH 3 groups from each other. Specific heat and entropy determinations [Crawford and Rice 
(246), Osborne, Garner, and Yost (678), Kistiakowsky and Rico (513)] do indeed point strongly 
to free rotation. 

If there is free rotation, the symmetry of the molecule is Z) 3 in a general position of the two CH 3 
groups (see Fig. 2j). However, since in this event an internal rotation by an arbitrary angle does 
not change the potential energy, the symmetry types of the normal vibrations are the same as for 
a special position of the CH 3 groups, for example those corresponding to Dzh, as has been shown in 
more detail by Howard (460), who called this symmetry Du . For instance, whereas for a molecule 
of symmetry D 3 (without free rotation) there is only one species of degenerate vibrations (see Table 
15), in the present case there are two just as for Dzh (or D 3 j). In one of them the atoms on the 
axis move symmetrically, in the other anti-symmetrically, with respect to tho plane perpendicular to 
the axis through the mid-point, oven though this plane is not an element of symmetry of the molecule 
in its most general position. We can therefore use the same nomenclature as for Dzh- Also the selec- 
tion rules are found to be the same as for Dzh [see Howard (460)]; they are not as stringent as 
those for Dzd • 

Table 114 gives the designation and description of the normal modes of dimethyl acetylene for 
both Dzh and Dzd , the former including the case of free rotation. The torsional oscillation for the 

254 This structure was confirmed by Crawford and Horowitz ( J . Chem. Phys. 16 , 147 (1948)). 
[Added in fourth printing.] 
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Table 114. designation, character, species, and activity of the normal 
VIBRATIONS OF CH 3 Cc==0 OH 3 . 


. N ' s \ Dzh' 

Ai 

At" 

A 2 " 

E ' 

E" 

Description \ . 

A 1 g 

Aiu 

a 2u 

E u 

Eg 

\ 3d 





C — II stretching 

n CH 

— 

, e c “ 

*. cu 

cn 

v n 

C=C stretching 


— 

— 

— 

— 

CH 3 deformation 

,3 CH ’ 

— 

„CH, 

* 7 * 

yt'Hj 

V \l 

CH 3 rocking 

*- 

— 

— 

vu 

FIB 

C — C stretching 

»4°-° 

— 

F« C ~ C 

— 

— 

C — C—C — C bending 

— 

— 

— 

Vl 2 

F16 

CH 3 twisting (torsion) 

— 

Vb 




Activity, Dzh and free rotation 

R. pol. 

inactive 

1 . II 

I. _L, R. depol. 

R. depol. 

Activity, Dzd 

R. pol. 

inactive 

1 . II 

I. JL 

R. depol. 


case of free rotation has, of course, zero frequency. There is one more vibration of each species than 
there is for C 2 H 6 except of species Ai"(Ai„) which corresponds to the internal rotation or torsional 

oscillation. 

In Table 115 are given the observed infrared and Raman spectra of tho CII 3 — C=C CH 3 
molecule. Its interpretation is greatly facilitated by our knowledge of the spectra of ethane and of 
acetylene. Of the six observed polarized Raman lines only four can bo fundamentals. Two can 
indeed easily be explained as first overtones (see Table 115) which occur strongly because of Fermi 
resonance. The remaining four have a plausible magnitude for v\, v 2 , v 2 , and v A . Tho strong infrared 
band at 2975 cm -1 is obviously the superposition of the two infrared-active C — II stretching vibra- 
tions j/ 6 (« 2 ") and v 9 (e'). Because of the small interaction between the two CH 3 groups one would 
expect the two CH 3 deformation vibrations f 3 (<*i') and v 7 (cn") (whose only difference is that in one 
tho two CH3 groups vibrate in phase, in the other in opposite phase) to have very nearly tho same 
frequency. Similar conclusions hold for vio(e') and vu(e") as well as for Pn(e') and vn(e"). With 
these considerations in mind, the identification of the C — H stretching and bending vibrations is 
easily made as given in Table 115. Because of the larger interaction between the C — C bonds tho 
pairs Vi, p 8 and vu, via would be expected to have a considerably larger separation. The assignment 
given seems plausible, although that for v* and vu does not appear to be unique. 

By using the force constants of the Oils groups as determined from C 2 H 8 , and by using five of 
the fundamentals to determine the remaining force constants of a valence-typo potential (with certain 
interactions), Crawford (235) has calculated the other frequencies and found very satisfactory agree- 
ment with tho observed frequencies [see also Crawford and Brinkley (240) ]. In particular, nearly 
the same frequencies are found for each of the two members of the pairs mentioned above. This 
agreement is good evidence that tho assumed model is correct. However it does not provide an 
answer to the question whether or not there is free rotation of the CII 3 groups (see above). It 
is interesting to note that the force constant for the C — C bond in CHs — C^C CH 3 , just as in 

qjj 3 C=C — H, is appreciably higher than in C 2 H 8 . This corresponds to the fact that the inter- 

nuclear distance is smaller (seo Chapter IV) . 

The remaining infrared and Raman bands have been assigned by Crawford (235) as combination 
and overtone bands, as indicated in Table 115. 

Azomethane, (CH 3 ) 2 N 2 . Because of the similarity of tho electronic structure of N 2 and CO, 
one might expect azomethane to have a Y structure similar to that of acetone (CH 3 ) 2 CO. However, 
the absence of a dipole moment [West and Killingsworth (921)] definitely excludes this possibility. 
Instead, one has to assume that the two CH 3 groups are symmetrically placed on either end of the 
N 2 group. This is confirmed by the Raman and infrared spectra, since there are only two (probably 
chance) coincidences of infrared and Raman bands, whereas many more would be expected for a Y 
structure. Two possibilities remain: Tho linear structure CH 3 — N=N — CH 3 or the bent trans 
/CH3 

structure N==N / ^ . Valence theory and electron diffraction data [Boerseh (158)] favor 
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the second structure but the question cannot yet be regarded as settled. In cither case one would 
expect free rotation of the CII* groups about the N— G axes. In the first model we have exactly 
the same symmetry as for CII*— C==C— CIIj, that is, the same species and the same number of 
fundamentals of each species. In the second model in the general position of the GH 3 groups there 


TaBLK 115. RAMAN AND INFRARED SPECTRA OF GH 3 C— C OHg AFTER 

OLOCKLER AND DAVIS (36S) 255 AND CRAWFORD (235). 


Assignment 

Raman 256 

(liquid) 

APyaruum ( pm J ) 

Infrared 

(gas) 

FyurilUtil 

(cm l ) 

Assignment 

Raman 266 
(liquid) 
AFyjicUUm (cm 

Infrared 

(«as) 

Fvacuum 

(cm” 1 ) 

Fie — VVI ? 

144 (w.) 267 


Fl2 ”f" Fl4(A 2 ,/ ) 


1064? 


213 (w.) 


Pi +F16 (E') 


1763 (w.) 

V\ *“ Fie ° 

351 (w.) 268 


pa+ph (A 2 ") 


1841 (m.) 

m(«") 

374 (v.s.) depol. 269 


Pi +F12 4"Flft(A V ) 

1 

1919 (w.) 

2fi2(A 1 ', E') 

400 (v.w.) 


F 3 +Fl 2 +Fl6(A 2 ") 

1 


V\ —V12 ? 

508 (v.w.) 267 

507 w. 

2pi b (E'), 

1 

2065 (s.) 

V\2 -f*Vl6(A 2 ,/ ) 


568 (s.) 200 

P\\ + Fis(A 2 ") 

/ 



) 


Fs -{-Plb(E') 


2139 (w.) 

i'll Fie, 

V\ +F12 — Fl2 

>G87(m.) 

671 (v.w.) 

2 F« f (G 13 isotope 1 

2201.4 (w.) 


*4 C_( W) 

\ 697.4 (s.) pol. 


f 2 \ bands) / 

2280.2 (w.) 


2pu(Ai' -\-E') 

J 773.5 (s.) pol. 


2fk(Ai') 

2234.6 (v.s.) pol. 


? 

788.5 (m.) 


F 2 c==c (a i') 

2312,7 (v.s.) pol. 


Fll — F12 {E') 

834 (v.w.) 257 

835 (w.) 

F 3 + Fs(A 2 ") 


2500 (s.) 

F12 +F15 Fl6 


877 (w.) 

2f 3 (Ai'), 2f 7 (Ai') 

2736.8 (in.) 


? 

971 (w.) 258 


Ffi — Fl 2 , F9 — Fi 2 


2785 (w.) 

F15(C") 

1029 (m.) depol. 


2fi 4 (A!', E') 

2861.8 (s.) 


Fll(c') 


1050 (m.) 

Fl CIl («l') 

2920 (v.s.) pol. 


v* C ~ C {a 2 ") 


1126 (w.) 


2961 (s.) 


fi2+fi UAS'.E") 

1243 (v.w.) 

1240 (m.) 

F6 C1I (n2"),V9 C1I (e') 


2975 (v.s.) 

F12+3F16 ? 


1340 (w.) 

F 2 -f F 4 (Aj') 

2996 (v.\* l 25 " 

i 


1379 (v.s.) pol. 269 


f 2 Tfs(A 2 ") 


3450 (w.) 

V7 ch H«,") 


1380 (m.) 

3f 7 (A 2 // ) 


4140 (w.) 

I'll 


1425 (w.) 

Fo +Fl i(E'), 

1 



1447 (s.) depol. 


P<t "f*Fl4(A 2 ")» 


1425 (m.) 



1468 (s.) 

Fy+Flo(^ V ) 

J 


10 ' ' 



2 V*{E') ? 


6100 (w.) 


is no element of symmetry. However, for special positions of the CH 3 groups there is a center of 
symmetry (C») or a plane of symmetry (C.) or both (C 2A ). The latter symmetry also applies to 
the G — N— N — O group. If the potential energy does not depend on the angle of rotation of the 
CH 3 groups, the normal vibrations will fall into species exactly analogous to those of point group Cu- 
These are uniquely related to those of Du and therefore also Du, in the following way (see p. 237) : 


Du- 

Ai', 

Ai", 

a 2 ', 

At", 

E\ 

E”\ 

Du- 

A if/, 

Aim, 

A 2</» 

A»u, 

E u , 

Eg ; 

C 2 h- 

A g , 

A u , 

Bg, 

Bu, 

A« + B u , 

A 0 + B t 


265 As corrected by Gloekler and Renfrew (381). 

268 Most of the frequencies are from Gloekler and Davis (368), the polarization data from 
Crawford (235). 

267 These lines are reported only by Kohlrausch, Pongratz, and Seka (526). 

258 These lines are reported only by Gredy (400) . 

269 These lines are accompanied by sequences (see p. 267), as can bo seen on Gloekler and Davis’ 
spectrogram. However, these authors do not give the frequencies of the accompanying bands. 

280 This band has two maxima with a separation of 14 cm” 1 , probably corresponding to a P and 
an R 1 ranch. 
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Because of this relation we may use the same designation of the fundamentals for the two models, 
namely that given in Table 114 for dimethyl acetylene. Of course, for every degenerate vibration 
of the linear model there are two non-degenerate ones of the bent model. The activities of the 
vibrations for the models Dzh and Du are given in Table 114. For the C^h structure, A g and B a 
would be Raman active (the former polarized) and A u and B u would be infrared active. For free 
rotation all transitions would be allowed. 

Unfortunately, the Raman and infrared spectra of azomethane are not nearly as completely 
known as those of dimethyl acetylene. A tentative assignment is given in Table 116. It is sig- 


Table 116. 


Assignment 


2 [viet^/) ](A„) 
vid^g) 

VviO>u) +^ 16 (^t,) 
VV2(<lu) +^16 (« ff ) 
*4 <J - N (C1„) 
vi 

vn(rz M +b M ) 

V8 C “ n (M 

2[vifl(«,,)](.l„) 

P 7 CU *(J> u ) 

v\» ( a V 
Vio(^u 
K. N - N («.) 


RAMAN AND INFRARED SPECTRA OF AZOMETIIANE AFTER 
WEST AND KILLINGS WORTH (921). 


Raman 
(liquid, —60°) 
Avyacuum 
(cm -1 ) 


548 (w.) 

596 (s.) pol. 


922 (m.) 

1023 (w.) 

1182 (m.) 

1376 (s.) 

1442 (v.s.) pol. 

1576 (m.) 


Infrared 
(gas, +20°) 
Vvacuum 
(cm -1 ) 


700 (w.) 
730 (w.) 

1013 (s.) 
1110 (s.) 

1430 (v.s.) 


Assignment 


V4+Vll(A w +R u ) 

V8 +vi6(A M -fR«) 
v 3 -fvn (A u -\-B u ) 

V8+V14 (Ak+Bu) 

2 r7°"*(A,) / 

2/ i ; n *(A,) 


V9 


vc ( 

‘ C1I («u+M d 


l (K) 


Vi +V10, Vc +V3 
Vl+V6(R«) ? 


Raman 
(liquid, —60°) 
A Vyacuum 
(cm -1 ) 


Infrared 
(gas, +20°) 

Vvacuum 

(cm -1 ) 


2733 (w.) 

2854 (w.) 

2914 (v.s.) pol. 

2985 (s.) depol. 


1922 (w.) 
2189 (m.) 
2391 (m.) 
2596 (m.) 


3030 (v.s.) 

4360 (m.) 
5650 (w.) 


nificant that the O — II stretching, C1I 3 deformation, and rocking vibrations can be assigned satis- 
factorily to frequencies that are nearly the same as those in (Tl 3 — 0=0 — OII 3 . While one would 
not expect the degenerate C — H or CH 3 frequencies of the linear model to split appreciably in tho 
non-linear model, the two C — N=N — C bending frequencies should split very considerably. Bend- 
ing in the C — N — N — C plane should be opposed by a greater restoring force than bending perpen- 
dicular to the plane. It would indeed be difficult to interpret the four observed infrared and Raman 
bands below 800 cm" 1 by means of only two bending frequencies, whereas with the assumption of 
four such frequencies a very reasonable assignment is possible, as shown. 261 This is a fairly strong 
argument in favor of the bent model. The four bending frequencies are, according to this assignment* 

vi 2 (««) = 134, vi s(b g ) = 274, vu(b u ) = 426, Vi a(a g ) = 596 cm" 1 . 

Further investigation of azomethane would bo very desirable in order to settle this point definitely. 

Other ten-atomic molecules. Table 117 gives references to work on tho Raman and infrared 
spectra of further ten-atomic molecules. While the structures given are probably correct, tho 
spectroscopic data in almost all cases are not sufficient to establish them unambiguously. 


(£) Eleven-atomic molecules 

The number of eleven-atomic molecules for which both infrared and Raman data are available 
is very limited. We consider only the propane molecule. 

Propane, CH ; < — CH 2 — CH 3 . From the fact that there is no free rotation in ethane one would 
conclude that there is also none in propane. Therefore one would expect propane to belong to point 

261 It must be realized that the infrared spectrum has not been observed below 500 cm" 1 . There- 
fore vn{a u ) and vi 2 (6«) have not boon directly observed, but only their combinations with vie. 
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Table 117. further ten-atomic molecules. 


Molecule 

Structure 

References 

Raman spectrum 

Infrared spectrum 

(CHa)aCO 

Civ 

(14) (300) (774) (480) (219) 

(232) (707) (774) 

C 4 H« (butadiene) 

Ctk or C 2r 

(255) (174) 

(122) (346) (724b) 

C4H4NH (pyrrole) 

Civ planar 

(14) (894) (159) (160) (736) 

(976) (601) (588) 



(588) 


c 2 h 5 nh 2 

C s ? 

(14) (10) (907) 


CiHsNOa 

C 8 

(948a) 


CaHsCOH 

c a ? 

(520) 

(493) 

C 2 H 6 COCl, C 2 H 5 COBr 

c a ? 

(523) (524) 


C2H5NCO 

c a ? 

(537) 


CiHaSCN, C*H 6 NCS 

c s ? 

(252) 


CaH 4 (OH)a 

Civ ? 

(14) (10) 

(07) 

C 2 H 4 (CN)a 

c,„? 

(534) 


C 2 H 4 (OH)(CN) 

c a 

(534) 

(845) 

C*H 4 (OH)(8H) 

? 


(845) 

C3H5CN (cyclopropyl- 

c 2 „? 

(738) 


cyanide) 




(OII 3 ) 2 NH 

c a 

(518) (298) 


H 2 C=0H — CHaOH 


(M) (10) 

(67) 

C + (NH 2 ) 3t C + (ND 2 ) 3 

C 3A ? 

(679) (495) 


ClaC— C(OH)a 

I 



(269) 

1 

H 




C 2 H 6 C=hCII 

c a 

(218b) 


CaH s C=sOBr, 0 2 H 6 C“CI 

c a 

(649b) 

! 

CH 2 =C(CH 3 )(ON),l 

r 



CNGH=OHCH 3 / 

Ls 

(737) 1 



Table 118. designation, character, species and activity of the 

NORMAL VIBRATIONS OF PROPANE C^Hr. 


Description 

Ai 

Ai 

Bi 

Bi 

CH 2 stretching 

pi cii («i) 




OII 3 non-symm. stretching 

Q 



4i H (60 

CII 3 symm. stretching 

I/ 3 ^ W (d]) 


f£ h (6i) 


CH 2 deformation 

I/4 U,l2 («l) 




CII 3 non-symm. deformation 

w on >(«0 

v C ii l3 M 

f[' h 3(5i) 


CH 3 symm. deformation 

X 6 CIIs («l) 



OH a rocking 



vMln) 

V2b (hi) 

CII 3 rocking 

Vl(d\) 

V\i{(li) 

Vio(b\) 

V2*(bi) 

O — C stretching 

l/ 8 c ~ c («l) 


V 2l - C (h l ) 


C— C — C bending 

F9 C3 (ai) 



CH 2 twisting 


v\ s(fla) 



CH* twisting 


»i4(«a) 


Vii (b 2 ) 

Activity 

R. pol. I. 

R. depol. 

R. depol. I. 

R. depol. I. 
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group C 2 r • the three C atoms forming an isosceles triangle, one II atom of each of the CH3 groups 
lying in the plane of this triangle and the other H atoms being arranged in pairs symmetrical with 
respect to this plane. The available spectroscopic data are not sufficient to prove this structure. 
Rather we shall interpret these data on the assumption that the symmetry is C 2t >. 


Table 119. raman and infrared spectra of C3H8 (propane). 



Raman 

Infrared 


Raman 

Infrared 

Assignment 2811 * 

APyacuum 262 

^vacuum 263 

Assignment 

AVvaouum 262 

^vacuum 263 

(cm” 1 ) 

(cm” 1 ) 

(cm -1 ) 

(cm -1 ) 


(liquid) 

(gas) 


(liquid) 

(gas) 

Fl4(tt 2 ) ? 

(33: 

J)264 

^8 +^*21(^1) 


1730 (w.) 

F9 C3 («l) 

375 (w.) 


P20 +’P2i(Ai) 


1936 (w.) 

Vio — vu[. Bi\ 


720 (m.'l Q 

> / 8+* , l8(Rl) 


(2640) 

Vitibi) 


748 (s.) Q 

2uu(Ai) 

2725 (m.) 




864 (w.) Q 

vn-\-vu(Bi) 

2761 (v.w.) 


P8 C—C («i) 

867 (s.) 

870 (w.) 

2 n(Ai) 

2872 (v.w.) 



(940)*“ 

922 (m.) Q 

«£"(*»> 


2885 (m.) <3 



925 (m.) Q 

K3 cn (ai) 7 

2903 (a.) 206 


P20(&l) 

1054 (m.) 

1053 (m.) Q 

2 Vt , 2v 5 • • • ? 

2920 (a.) 266 


P7(ai), Pi9(bi) 

1152 (w.) 

1152 (m.) 


2946 (a.) 

2960 (m.) 

P25(5 2 ) 


1179 (m.) Q 

v, 01I (a.). 

2967 (m.) 



1278 (w.) 




2968 (s.) Q 

P6 CH3 («i) 


1338 (m.) Q 
1370 (m.) 

<£ 2 n (W 


2980 (m.) 

3190 (w.) 

/ 8 Ha (6i) 


1375 (a.) 



3350 (v.w.) 

F11 C ll ®(n 2 ) , P6 CH3 (ai) 

1451 (s.) 




v\' 7 n \b0 


f 1465 (3.) Q 




VA CH2 («.) 


{ 1468 (a.) 




ViFKb-i) 


Il470(v.a.) Q 





The number, species and activity of the fundamentals of C3H8 on the assumption of the C 2 ® 
structure is, according to Tables 34 and 55: 

9Ai(I., R. pol.) , 5A 2 ( R. depol.), 7Ri(I., R. depol.), 6R 2 (I., R. depol.). 

The vibrations will be similar to those of (CH 3 )20 (sco Table 110) except that the O atom is replaced 
by a CH2 group, and therefore we expect in addition to the stretching, deformation, rocking, bending, 
and twisting oscillations of the CH 3 groups also those of the CH 2 group while the vibrations of the 

261“ Note added in proof: In a very recent paper Pitzer (G96a) has reviewed the assignments for 
propane. The main differences of his assignment from that of Table 119 are: (1) that he considers 
the doubtful Raman line 940 cm -1 as vn(ai) and as distinct from the infrared band 922 cm -1 while 
he uses 1278 cm -1 [[which is vn(ai) in the table] as vn(ai) for which the above table does not give 
an assignment, (2) that ho considers the infrared band 1338 cm -1 as a fundamental, namely vwibi), 
and (3) that he considers the infrared band 720 cm -1 as y 2 i — vu and therefore obtains vu — 202 
cm” 1 while ho derives from thermodynamic data vn(Jbi) = 283 cm -1 . 

262 Average of the data of Kohlrausch and Koppl (521) and Bhagavantam (145). 

263 Wave numbers given by Wu and Barker (965), except for the bands 1730, 3190, and 3350 
cm” 1 given by Bartholom6 (119). For the last two bands, as well as for the band 2640 cm” 1 , Wu 
and Barker only give contours but do not list the wave numbers. Q means that a sharp central 
maximum is observed. 

264 From the difference band 720 cm” 1 . 

265 This Raman band has been given as a strong one by Dauro (265) only, whereas Bhagavantam 
and Kohlrausch and Koppl, who find more lines otherwise, do not report it. It is probably due to 
an impurity. 

266 These two lines were measured as one at 2914 cm” 1 by Kohlrausch and Koppl (521). 
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C — C — C chain replace those of the C — 0 — C chain. Table 118 gives the resulting designations 
an/1 descriptions of the various vibrations. It should bo realized, however, that for a molecule with 
so many atoms tho division of the vibrations of each species indicated in this table may be a very 
poor approximation. In particular, vibrations of tho same species that are expected to have a 
similar magnitude, such as vi(ai) and vn(ai) (corresponding to GH 3 rocking and G — C stretching), 
may be considerably mixed; that is, for example, vi is actually a combination of a OII 3 rocking and 
a C — C stretching motion, and is a different combination of the same motions. 

Table 119 gives the observed ltaman and infrared spectra up to 3400 cm -1 . Further infrared 
bands at higher frequencies are given by Bartholom 6 (119) and Wu and Barker (965) and two 
photographic infrared bands by Gsinswein and Meeke (346). The eight G — II stretching vibrations 
are expected in the frequency range 2700-3100 cm -1 , the CII 3 and GH 2 rocking vibrations in tho 
range 1200-900 cm -1 , the two G — C stretching vibrations near 900 cm -1 , and tho C— G — G bending 
vibration and the twisting vibrations below 500 cm -1 . A further guide in the assignment may be 
found in the rule (to which numerous exceptions occur) that tho totally symmetric vibrations (Ai) 
give the strongest Raman lines, and the consideration that a sharp central maximum in an (unre- 
solved) infrared band (indicated by Q in Table 119) indicates that the dipole moment is perpendicular 
to the axis of smallest moment of inertia (see Ghapter IV, section 4), which in the present case means 
that the dipole moment has species or B 2 . The assignment given in Table 119 takes all tlieso 
considerations into account. It is essentially that of Wu and Barker (965). In view of the lack 
of polarization data for t he Raman spectrum and the large number of fundamentals of each species, 
the assignment can only be considered as tentative. 

Other eleven-atomic molecules. References to work about other eleven-atomic molecules are 
given in Table 120. 


TAHLE 120. FURTHER ELEVEN-ATOMIC’ MOLECULES. 


Molecule 

Structure 

References 

Raman spectrum 

Infrared spectrum 

GbIIsN (pyridine) 

C‘ 2 v, planar 

(14) (10) (44) 
(141) (428) 
(515a) (430a) 

(224) '567 a) (880a) 
(515a) 

GgHa (cyclopentadiene) 

C 2 im planar 

(735) (730) 


H 3 C • HG=GII • GOII (crotonaldehyde) 

CJ 

(524) 


G 2 II 5 GOOH 

110 symmetry 

(14) (10) 

(429) 

HGOOG 2 H 5 

? 

(14) (10) 


CH 3 — COOGHj 

? 

(14) ( 10 ) 


C/HeO (cyclobutanone) 

C 2v ? 

(529) 


CH 3 GII 2 GH 2 OI, Br, I 
CH 3 CBr 2 CH 3 , CH 3 GI 2 CH 3 and other 
halo-propanes 

OH • OII 2 • CH 2 • NH 2 (ethanol amine) 

? 

(14) (632) 

(14) (483) 

(845) 

HOOC — OH 2 — GOOH (malonic acid) 

g 2 h 6 no 3 


(14) 

(948b) 

(322a) 


(j) Twelve-atomic molecules 

For twelve-atomic molecules higher symmetries are possible than for ten- and eleven-atomic 
molecules. In such cases fewer fundament uls occur, and since there are more different symmetry 
types the vibrations are better determined by symmetry alone. The best example is the benzene 
(CgHb) molecule which will be the only one to be considered here in detail. 

Benzene, CeHg and CeD*;. The question of the structure of benzene is one that has occupied 
chemists for many decades. K 6 kul 6 ’s model explains most of the chemical evidence. On this 
model OeHr, would belong to the point group Dm* However, modern valence theories suggest a 
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still more symmetrical model in which all C — C bonds are equivalent and consequently there is a 
six-fold axis of symmetry. Assuming the H atoms to be in the plane of the C atoms and in their 
most symmetrical position the point group of this model is Du (see Fig. li). Other models that have 
been considered at one time or another arc the puckered ring of symmetry Du and the model in which 
the H atoms are in a plane different from that of the C atoms, that is, in which the point group is C flr . 

Since the point group Du has all the symmetry elements of Du, Du, and Cu, we can obtain 
the normai vibrations for these lower symmetries from those of the Du model (see Table 53). Ac- 
cording to Table 23 there are twelve different species for Du> The numbers of vibrations of each 
species 267 are for CgHeCCeDs) : 

2Ai g , OAiu, li'Uy, lA-iu, OBi a , 2Bi u , 2Bi u , 2 B-i u , lEi y, 3A’i u , 4:Et 0t 2E 2u . 


TaHLE 121. DESIO NATION , 2 ® 8 DESCRIPTION, SPECIES, AND ACTIVITY 269 OF THE 
NORMAL VIBRATIONS OF IIENZKNE (Celle). 


Description 270 


O — II stretching 
C — C stretching 
C — II || bending 
C— H JL bending 
C — C- C 1 1 bending 
C— O— C JL bending 


Du 

Du 

Cgv 


Du 


Ai a (ft- I>ol.) 


A 2m (I.) 

Bu(-) 


». r ". DO 

— 

— 

1 1 

5 

a, 

— 

n cc . CO 

— 

— 

— 

— 

— 



— 

— 


— 

_h 

— i 

— i 

— 

[5] 


— 

— 

i — 
M 

1 

— 



-- 

— 

1 — 1 

1 1 

A\' (ft. pol.J 

A,'(-) 

A,"(l.) 

A\ (It. pol.) 

A*"{ I.) 

A\a (ft- 1><>!-) 

Au(-) 

A-> u { I.) 

AU I-) 

At a (K.pol.) 

A] (R. pol., I.) 

A.>(-) 

Ai (R. pol., I.) 

B i(-) 

^i(-) 


Table 121. — Continued. 


Description 270 

Du 

Hu(-) 

Eia (It. dep.) 

A, U (I.) 

E 2u (ft- dep.) 

E 2u (-) 

C — 11 stretching 

G — C stretching 

0 — TT || bending 

G— II _L bending 

C — C — G || bending 

O — 0 — O JL bending 

[14] 
pIS". [15] 

p| , i J -. [10] 

p*,? 1 . [18] 
p}?\ [io] 
p” 11 . [20] 

p£ H . [O 
pj; c , [8] 

PB". DO 

pf.". [0] 

i — i r— i 

I> o 

1 1 

Du 

A/(-) 

E" (R. dep.) 

li' (U. dep. I.) 

E f (It. dep., I.) 

E" (R. dep.) 

Du 

Au(-) 

Eg (K. dep.) 

Eu(l-) 

E g (H. dep.) 

*’«( I-) 

Cfl v 

JH-) 

Ei (U. dep., I.) 

Ei (R. dep., 1.) 

E 2 (ft. dep.) 

E 2 (It. dep.) 


267 Here we assume that the C 2 axis (not the C 2 axis) goes through a C — II group (see Table 23). 

268 The numbering is in accordance with our usual practice (see p. 272). However for the con- 
venience of the reader the numbering used by Wilson (930) and adopted by several others has been 
added in square brackets. 

269 (—) means inactive both in the Ham an and infrared spectrum. 

270 || and _L refer to the plane of the molecule. 
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There are only twenty fundamentals, ten non-degenerate and ten doubly degenerate. In order to 
obtain a rough idea of the frequencies and forms of these oscillations we may again distinguish C— H 
and C — C stretching and bending vibrations. The bending may occur in the plane or perpendicular 
to the plane of the molecule. In this way we obtain the characterization of the fundamental vibra- 
tions given in Table 121. A graphical representation is given in the previous Fig. 50. It should 
be remembered that the diagrams give the exact normal modes only for those species for which there 


Table 122. raman spectrum of liquid Celle and C 6 De after 
ANOUS, INOOLD, AND LECK1E (5G). 


Assignment 271 

C 6 H 6 

c 6 d 6 

\»J 272 

•AFvncuum 

(cm' J ) 

Intensity 273 

Polar- 

ization 

Aw 271 

•'vacuum 

(cm -1 ) 

Intensity 273 

Polar- 

ization 

i — 

N 

V 

it 

& 

; 

404 

w. 

? 

337 

w. 

? 

v^\ci a ) 

605.6 

2.1 

depol. 

576.7 

1.2 

depol. 


685 

w. 





Vn X (ci a) 

848.9 

0.9 

depol. 

661.2 

1.4 

depol. 

F2((V 2 C 13 1I 6 ) 

984 

0.6 275 


939.5 27<j 

1.0 



991.6 

10.0 275,i 

s. pol. 

944.7 

10.0 

s. pol. 


999 

w. 

? 




MV'Wj 

1030 

w. 





^n'K) 

1178.0 

2.2 

depol. 

867.2 

2.3 

depol. 

Pfl+F2o(F| „) 

1404 

w. 





1 — 1 

3 

C - 

1 

1478 

w. 


1327 

w. 


1 

1584.8 

1.9 

depol. 

1558.6 

2.0 

depol. 

V<L-\-Vi*(Eo a ) J 

1606.4 

1.6 

depol. 




Ezg) 

1693 

w. 


1327 

w. 


2fio(Aj (/ ) ? 

2293 

w. 




j 

2^3 (A ia ) 

2454 

w. 


1931 

V'. 


Pi3 “h fh(^1 i f/i Eta) 

2543 

w. 


2145 



VlO-+-Vl3(E‘2a) 

2618 

w. 





vv+vuibh a) ? 

2925 

w. 





2vu(A\ a , Ez g ) 

2948 

w. 






3046.8 

4.8 

depol. 

2263.9 

6.1 

depol. 

a) 

3061. 9 277 

10.6 

pol. 

2292.3 

10.6 

pol. 

F2+Fl6(fi’2(/) 




2461 

w. 


2Fi 6 (Aiy, Eta) \ 

3164 

w. 


3110 

w. 


2 F 2 'b 2 ^l 8 (Al g , Etg) J 

3187 

w. 

pol. 




y 




2739 

w. 



271 Assignments corresponding to forbidden transitions assumed to take place because of inter- 
molecular forces in the liquid are put in square brackets. 

272 These are averages of the values of various investigators as given by Angus, Ingold, and Leckio 
(50). A number of further very weak Raman bands have been observed by Grassmann and Weiler 
(399) and Ananthakrishnan (44), [see also Angus, Ingold, and Leckie (56)]. 

273 For the stronger lines the integrated intensities as measured by Angus, Ingold, and Lcckie (56) 
are given. 

274 A number of further weak bands corresponding to the very weak CeH« bands not given 272 are 
omitted. 

276 This datum is from Cheng, Hsueh, and Wu (203). 

276a Paulsen (688a) gives 26.8 as the intensity of this line. 

276 From Langseth and Lord (552). 

277 Observed in the vapor at 3069 cm -1 by Bhagavantam and Ran (152). 
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is only ono vibration. Table 1121 also shows the correlation to the less symmetrical models as well 
as the activities in all cases. 

The number and degeneracy as well as the approximate frequency of the fundamentals is the 
same for all four models. In order to decide which model is correct one has to see with which of 
the four sets of selection rules the llaman and infrared spectra agree. Since the selection rules for 


Table 123. infrared spectrum of CeHe and CgD® vapor after bailey, 
HALE, INGOLD, AND THOMPSON (90). 




C.H. 


C«D« 

Assignment 278 

^vacuum 279 

Intensity 

Type*™ 

^vacuum 

Intensity 

Type 280 


(cm 1 ) 



(cm *) 



Fl«— Fl3[#lw] 

87 281 

v.w. 





P2+* , 18— ^^[^Itt] 

117 s81 

v.w. 





P 17 — Fl4[i£l U ] 

140 281 

v.w. 





vn—v\[_E\ u ~\ 

lGS* 81 

v.w. 





pJ 1J "(a2u) 

671 

s. 

PQR 

503 

8. 

PQR 

Vtf— P2o[^i2«] 

793 

v.w. 

PR 




? 

962 

v.w. 


826 

V.W. 


»£"(*„) 

1037 

s. 

PQR 

813 

s. 

PQR 

? 




926 

V.W. 


Vj~~ Fsq[2?1h] 

1143 

v.w. 





? 




1009 


PR 

Pll+P 2 o[/£l„] 

1240 

v.w. 





? 

1377 

w. 





P17+P2o(A2u) 




1212 

v.w. 



1485 

s. 

PQR 

1333 

m. 

PQR 

va-\-vu(Eiu) 

(1529) 



1154 

w. 

PQR 

VU-\-Vls(El u) 

1617 

w. 


1385 

v.w. 


u) 

(16G9) 



1450 

m. 


P18+F19(A2u) 

1807 

m. 


1616 

m. 


? 




1630 

v.w. 


Pll+FM(A2it) 

1906 

v.w. 





vn-\-vu(Ei u ) 

19G4 

m. 


1692 

w. 


VlO+V\7(Eiu) 

2288 

w. 





F 9 ~\~vn(E\ u ) 

2856 

v.w. 





F1I+Fh(/?1m) 1 

3045 282 

s. 

PQR 




P2"t~* , 16 -\-Vih(Ei„) > 

3073 282 

w. 





^(eiu) i 

30QQ282 

s. 

PQR 

2293 

s. 


Vl-\-Vl2(E\ u ) 




4544 

w. 



278 For the difference bands the species given (in the square bracket) is that of the dipole moment 
of the transition, not of the upper state; for all other bands it is the species of the dipole moment as 
well as that of the upper state (see p. 267). 

279 Values in parentheses have been observed in liquid Cglle only. 

280 Some bands have been resolved into two or three maxima, apparently representing the maxima 
of rotational branches. This is indicated by PR and PQR, The frequency given refers in these 
cases to the central maximum or the moan frequency of the two branches. 

281 From Barnes, Benedict, and Lewis (116). The gap between this group and the other bands 
is probably not real but due to lack of observations. 

282 These three bands are from Loberknight (5G1), who apparently used higher dispersion, the 
weak band at 3073 cm -1 being taken from his absorption curve since ho does not give it in his table 
for the vapor. The same three bands with different relative intensities and without the P and R 
maxima occur also in the liquid and solid [see Leberknight (561) ] as well as in solution in CCU 
[see Fox and Martin (328)]. 
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the Dm model are the most stringent [a vibration that is Raman (infrared) active for 2>e/» is also 
active for the other models; some vibrations that are inactive for Dan become active for these other 
models], it is best to start out by trying to fit the observed spectrum to the Dan model and then see 
whether contradictions to the selection rules occur that can bo explained by assuming a lower 
symmetry. 

The Raman and infrared spectra of CeHe have been investigated by a largo number of investiga- 
tors [for the former see Kohlrausch (14), Hibben (10)]. Probably the most complete data are duo 
to Ingold and his co-workers who have also investigated the spectrum of CeDe* Their results are 
given in Tables 122 and 123. 

Since the plane regular hexagon model of Celle (Dan) has a center of symmetry, the rule of mutual 
exclusion should hold for the Raman and infrared spectra. The fact that a number of coincidences 
actually occur (compare Tables 122 and 123) was at one time taken as evidence that the Dan (as 
well as the Dzd) model was incorrect. 283 However, the Raman data given refer to the liquid state, 
vnercao the infrared data refer to the gaseous state. As we have seen in some of tho previous ex- 
amples, the molecular fields in the liquid may bring about a slight breakdown of the selection rules. 
Indeed, Ingold and his co-workers found that if they compared the inflated spectrum of the liquid 
with its Raman spectrum the number of coincidences was greatly increased. By a detailed con- 
sideration of every individual coincidence they showed that there is no coincidence that is sufficiently 
significant to rule out the Dan model. In particular, in the only case of an apparent coincidence of 
a strong Raman line of the liquid with a strong infrared band of the vapor (3045 cm -1 ), measurements 
of tho infrared spectrum of the liquid yield 3032 cm -1 [see Lebcrknight (501)], which does not 
coincide with the Raman shift of tho liquid. 281 

The preceding considerations, of course, do not by any means prove the Dah model. They show 
only that the observed coincidences may not be genuine and do not rule out the Dan model. It 
will be remembered that the D 3 j model also requires the absence of such coincidences. We have 
now to see whether all the infrared and Raman bands can be understood on the Dan model. 

The only two strong polarized Unman lines , 992 and 3002 cm” 1 , correspond obviously to the only 
two totally symmetric vibrations v 2 CC and vj CU of Dan- The corresponding frequencies for C 6 D 6 
arc 945 and 2292 cm” 1 . For any other model there arc more totally symmetric, vibrations and there- 
fore there should be further polarized Raman lines. (Of course, they might be some of the weak 
lines whoso states of polarization have not been measured.) The five remaining non-totally sym- 
metric Raman-active fundamentals are readily identified with five of the six fairly strong depolarized 
Raman lines if it is assumed [Wilson (931)] that the pair 1585-1006 cm -1 is a resonance doublet of 
the fundamental i^g 0 ~ 1590 cm -1 and the combination -)- v\ r ' ~ 1597 cm -1 (both have tho 
same species E 2 0 ). This assumption is confirmed by the fact that for CeDa only one line instead of 
the pair is observed, since hero 18 considerably smaller than and no resonance occurs. 

The great difference between the frequencies of the two carbon stretching vibrations, V 2 and via, is 
due to the fact that in the former (the (<« “breathing” vibration) the C atoms do not move in tho 
direction of the C— C bonds but toward or away from the center. A more detailed calculation gives 
indeed very nearly the observed frequency ratio. 

There are four infrared-active fundamentals for the Dan model: jq, vu, vn, vn- These are readily 
identified with the five infrared bands of outstanding intensity 071, 1037, 1485, 3045, and 3099 cm -1 , 
the last two forming a resonance doublet of the fundamental and the combination vf' 6 c (e 2 ff ) 

+ j^ir^iu), one °* whoso sublevels has the right species. Since via itself forms a resonance doublet 
with v% + m (see above), we expect a third infrared band V 2 -h vm + vn(E\ u ) of comparable in- 
tensity which is observed at 3073 cm -1 . 285 Only one band is observed in this region for CeD 6 , since 

283 More coincidences are found if some of tho very weak linos omitted in the tables are included 
in the comparison. 

284 It may be mentioned that Bailey, Hale, Ingold, and Thompson measured the two infrared 
bands of the vapor at 3045 and 3073 cm -1 as one band at 30(50 cm -1 , which coincides closely with tho 
strongest Raman line 3062 cm -1 of the liquid. But the Raman spectrum of the vapor [Bhagavantam 
and Rao (152)] gives 3069 cm -1 for this line. 

285 Rumpf and Mecke (751) consider tho fact that three infrared bands are observed near 3000 
cm -1 when only one fundamental is expected in this region for the Dan model as “unambiguous 
proof” that the Dan model is incorrect. They do not consider tho possibility of Fermi resonance, 
which has been amply proven in many instances. In the present case the resonances assumed must 
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neither resonance occurs for it. This represents a strong argument in favor of the interpretation 
for Celle. It is very satisfactory that the infrared frequencies vj 3 < , and ^[ 2 H have similar 

magnitudes to the Raman frequencies yj*- 1 -, yp fl c , and which have similar characters (see 
Table 121). 

It is very significant that none of the Raman frequencies vn, v\t, vn, PisC^) of CeHe and CgDg 
have been observed in the infrared spectrum of the vapor, whereas for the Dzh model they would be 
infrared active (see Table 121). Further strong ovidenco for the Dm model (and at the same time 
for the correctness of the assignment of the active fundamentals) is supplied by the application of 
the Redlich-Teller product relations to the active CeHe and CgDg vibrations (see Chapter II, section 
6). It is found that for all five active species the observed product ratios agree within 1 or 2 per cent 
with the theoretical values 286 [see Ingold and co-workers (55) ]. A final argument in favor of the 


Table 124. calculated inactive fundamental frequencies of CgHg 
AND CgDg after LORD AND ANDREWS (587). 



CgHg 

CgDg 


CgHg 

CgDg 

Designation 

^calculated 

^calculated 

Designation 

^calculated 

^calculated 


(cm -1 ) 

(cm" 1 ) 


(cm -1 ) 

(cm -1 ) 

»?'W 

1190 

930 

»i’°(l>2„) 

1854 

1844 


3063 

2294 


1145 

816 


1008 288 

960 288 

»'}V L (C2u) 

1160 

1070 


1520 

1480 

>'£o J -(C2«) 

404 observed 

314 


538 

395 





Dm model may be derived from a study of the Raman spectra of benzene derivatives [Kohlrausch 
(519)]. It is found that of the disubstitution products the 1, 4 substituted benzenes are decidedly 
less rich in lines than the 1, 2 and 1, 3 benzenes, and that of the tetrasubstituted products the 1, 2, 4, 5 
benzenes are less rich in lines than the 1, 2, 3, 4, and the 1, 2, 3, 5 substituted benzenes. This is 
obviously because the 1, 4 and 1, 2, 4, 5 substituted benzenes are more symmetrical (point group Vh) 
than the others, and therefore a number of Raman lines are forbidden for them, whereas for tho 
others all Raman lines are allowed. However, such a difference in symmetry is possible only if 
Cell e has tho plane regular hexagonal structure. 2 * 1 From all these arguments wo may tako the Dm 
model as proven. 

The observed Raman and infrared spectra give us directly only eleven of the twenty fundamentals 
of benzene. Because of the largo number of inactive fundamentals it would be almost hopeless to 
determine them from observed combination bands. However, Wilson (930), on tho assumption of 
a valence force system, has derived formulae for all the frequencies in terms of six force constants 
(corresponding to the six types of motion in Table 121. Kohlrausch (517a) (519) and Lord and 
Andrews (587), have determined five of these force constants from five of tho observed fundamentals. 
The sixth constant (tho C — C — C_L bending constant) cannot be determined immediately, since the 

necessarily occur if V 2 , vis, and vn have been identified correctly; there is no ad hoc assumption. 
Also Rumpf and Meeke do not seem to realize that even on their proposed Did model (H atoms 
alternately above and below the Cg plane) only two C — H stretching vibrations arc infrared active 
(as is also the case for the Dm and Cg„ models; see Table 121) so that in any case at least one of the 
three observed bands would have to bo considered as a binary combination strengthened by resonance. 
Finally, Rumpf and Meckc seem to have overlooked the fact that for CgDg only one band is observed 
in the region of the C — D stretching vibrations, a fact that lends strong support to tho Dm model. 

286 In each case the observed ratios of tho products of the CgDg frequencies of a given species to 
tho products of the corresponding CgHg frequencies are larger than tho theoretical ones, as may bo 
expected because of the influence of anharmonicity (see p. 232). The intensity ratio of corresponding 
lines of CgHg and CgDg is also in agreement with theoretical expectation, as has been shown by Lord 
and Teller (589). 

287 For the trisubstitution products tho symmetrical one (1, 3, 5) is distinguished from the others 
also for the other benzene models (Dm, Did, Cg v ). 

288 Ingold and co-workcrs give 766 and 730 cm -1 , respectively, for this vibration. 
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two C — C — C_L bending vibrations, va and v 2 o, are both inactive. Lord and Andrews (587) have 
given various reasons for assigning the weak Raman lino 404 cm -1 of liquid Celle to one of these 
vibrations, namely v^fau)] particularly because it cannot be assigned as any allowed difference 
band. This assignment has been confirmed by the agreement obtained with it between the calcu- 
lated and observed heat capacity of solid CeH 6 at low temperatures [Lord, Ahlberg, and Andrews 

(586) J, as well as by work on the electronic spectrum [Sponer, Nordhoim, Sklar, and Teller (800) ]. 
It is then possible to determine the sixth potential constant and to predict all the other frequencies. 
Table 124 gives the values for the inactive frequencies thus obtained, according to Lord and Andrews 

(587) . From the agreement of calculated and observed values (not shown here) for those active 
frequencies that are not used for the determination of the force constants, it may bo concluded that 
the inactive frequencies are correct within ±50 cm" -1 . 


Ta»LE 125. FURTHER TWELVE-ATOMIC MOLECULES. 




References 

Molecule 

Structure 

Raman 

spectrum 

Infiared 

spectrum 

BaNJle 

Dm 

(244) 

(244) 

(PNC 3 - 2)3 

D, h ? 

(323) 


C«H„1'\ Cl, Br, I 

C‘ 2 v 

(14) (10) (519) 
(799) 

(5G6) (101) 
(490a) 

C 0 H 4 CI 2 , Br 2 , FC1, otc. 

C‘ 2 v or Vh 

(14) (519) 

(688a) (522a) 
(799) (673b) 

(568) 

C fl H 3 Cl 3 , Bra, ClaBr, etc. 

D Ah or C 2v or C„ 

(14) (10) (519) 

(567) 

CflH-iCU 

Vh or C 2y 

(259) (648) 


C 6 IIC1 5 

C 2l> 

(259) (648) 


CeGlfl 

D*h 

(259) (648) 


CiHs (cyclobutane) 

Dih 

(945b) 

(945b) 

C 2 H 4 (NH 2 ) 2 

C 2 „ ? 

(14) (10) 


(OH 3 CO) 2 (diacetyl) 

c 2 , ? 

(417) (525) 


C 2 Il 50 2 II 3 (butene 1) 

c, ? 

(530) (173) 


cis, trans CH 3 C 2 H 2 OH 3 (butene 2) 

C 2t , and C*h ? 

(355) 

(355) 

C 3 H 5 COOH (cyclopropane carbonic acid) 

c,? 

(528) 


(CII 3 ) 2 C— N — OH acetoximo 

Cu ? 

(140) 


CH 3 (CH 2 ) 2 01T, (CH 3 ) 2 CH0II 


(14) (261) (774) 

(67) (974a) 

OII 3 (OH 2 ) 2 CN 


(14) 



Recently Pitzer and Scott (699) have tried to identify some of the weaker bands in the Raman 
and infrared spectra of liquid Celle and C 6 De with the inactive fundamentals. Many of the values 
adopted by them differ by more than 100 cm -1 from the calculated values in Table 124. Therefore, 
and since the samo bands can also bo interpreted as overtone and combination bands (seo Table 122 
and 123), the question of the exact values of the inactive fundamentals cannot be considered as 
definitely settled. 

A tentative assignment of some of the other infrared and Raman bands as overtone and combina- 
tion bands of the active and inactive fundamentals is indicated in Tables 122 and 123, essentially 
according to Ingold and co-workers. The calculated values of the inactive fundamentals v*, vio, vn , 
V 7 , and V 9 are confirmed by those observed overtone and combination bands. Further infrared 
bands at shorter wave lengths have been given by Leberknight (561), Barnes and Brattain (117), 
Barchewitz (98), Battista (126), and in the photographic infrared by Rumpf and Mecke (751). 

The weak Raman line 984 cm” 1 accompanying the strong line 991.6 cm*” 1 was first interpreted 
by Gerlaeh (353) as due to Cr^C^He. This has been confirmed by Cheng, Ilsueh, and Wu (203) 
and Rao (719), who found the intensity of tho satellite to be 6 per cent of that of the main line, as 
is to bo expected for tho isotope line. Langseth and Lord (552) found the corresponding line for 
CeDe md gave a satisfactory explanation of the fact that the observed isotope shift is in both cases 
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somewhat larger than the calculated: In the vibration 11 has the same symmetry as p 2 ' c 

(both are totally symmetric), and therefore presses v-z downward, whereas in Ca^He they have differ- 
ent symmetry and do not influence each other. Langscth and Lord have also given an explanation 
of several further very weak satellites of 992 cm -1 . 

The partly deuterated benzenes have been investigated by Redlich and Stricks (731b), Klit and 
Langseth (516), Langseth and Lord (553), and Ingold (467). As far as the data go at present they 
support the above interpretation of the CeHa, CaDa spectra. 

Other twelve-atomic molecules. The number of further twelve-atomic molecules whoso infrared 
and Raman spectra have been investigated is very large. Tablo 125 gives references for some of 
the more important ones. The molecule TLNaHe (triborine-triamine) is particularly interesting since 
it is isoelectronio with benzene, and seems to have a very similar structure. The spectrum has been 
analyzed fairly completely. For few of the other molecules are very complete data and analyses 
available. 

While we conclude our discussion of the vibration spectra of individual molecules with the twelve- 
atomic molecules it should be stressed that a very considerable amount of work has been done on 
more-than-twelve-atomic molecules. In many instances very interesting and definite conclusions 
about their structure have been derived even though frequently the situation is more complex than 
for the molecules treated here. 

As one particularly striking example of the help given by the study of vibration spectra in the 
analysis of molecular structure the recent investigations of cyclohexane, CeHi 2 , may be mentioned 
[Kohlrausch and Wittek (533a), Rasmussen (724a)]. It appears to follow rather definitely both 
from the Raman and the infrared spectrum that cyclohexane has the “chair” form of point group 
Du (puckered Cq ring) rather than a planar (Dm) or a “cradle” ( C 21 , ) form. This result confirms 
incidentally the greater stability of the staggered arrangement of the substituents about a C — G single 
bond indicated above for the di- and tetra-haloethanes (p. 351). 

Then' is no question that further study of vibration spectra will greatly increase our knowledge 
of molecular structure. 



CHAPTER IV 


INTERACTION OF ROTATION AND VIBRATION, 
ROTATION-VIBRATION SPECTRA 

Thus far we have considered rotation and vibration as independent motions of 
the molecule. Naturally, rotation can take place simultaneously with vibration and, 
as for diatomic molecules, this gives rise to the fine structure of infrared and Raman 
vibration bands. The investigation of this fine structure, whenever it is well re- 
solved, leads to very accurate and reliable information about the structure of the 
particular molecules. From this fine structure can be determined moments of 
inertia, internuclear distances, and valence angles, in many cases with greater 
accuracy than by any other method. 

1. Linear Molecules 

(a) Energy levels 

Elementary treatment. In a first rough approximation the energy of a linear 
molecule carrying out simultaneous rotation and vibration is simply the sum of 
the rotational and vibrational energy, as discussed in Chapters I and II : 

T = G(v lt v 2 , - +F(J) 

where G and F are given by the relations (II, 281) and (I, 1) respectively. Actually, 
as for diatomic molecules, the interaction of vibration and rotation manifests itself 
in that the rotational constant B = hlSw 2 cI occurring in F(J) (sec Chapter I, section 1) 
has a slightly different value for the different vibrational levels . This Is because the 
moment of inertia / changes during a vibration in such a way that the average value 
of l/I is not exactly the same as its value in the equilibrium position. In first 
approximation one would expect a formula to hold similar to that for diatomic 
molecules, 

B Vl v 2 r 3 ... = B e — ai(vi + J) — a 2 (v 2 + 2 ) — * * *, (iv, 1) 

where the a* arc small compared to B e , which is the rotational constant for the 
equilibrium position, and where in higher approximation higher powers of (?>; + ?) 
would occur. 

Since the a* for the two components of a degenerate vibration are the same, the 
corresponding terms in (IV, 1) can be taken together and we can write 

B W =B e -E «.(”■ + f), (IV, 2) 

where di is the degree of degeneracy of the vibration Vi {di = 1 for non-degenerate, 
di = 2 for doubly degenerate vibrations; see p. 82) and [>] stands for all the vibra- 
tional quantum numbers. The summation in (IV, 2) extends over all vibrations 
(the degenerate ones counted only once). The constants ai are usually positive for 
the t on -degenerate vibrations, as for diatomic molecules, but may be positive or 
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negative for the degenerate vibrations since the average moment of inertia does not 
necessarily increase during a perpendicular vibration. 

The interaction of vibration and rotation is also responsible for the introduction 
of the rotational constant D (see Chapter I, section 1), which represents the influence 
of centrifugal stretching . This influence, just as for diatomic molecules, will be slightly 
different for the different vibrational levels; that is, we have to use D v instead of D 
in (1, 1) and expect a formula similar to (IV, 2) to hold for D v . However, since D 
itself is always only a very small correction term, its dependence on v can usually 
be neglected, at least in all practical cases known thus far. In fact, only in very 
few cases of linear polyatomic molecules has even the influence of D been established. 

According to the above, the rotational energy of a linear molecule in a non-degenerate 
vibrational state is given by 

F[ U ](J) = + 1) - D[ V ]J 2 (J + l) 2 , (IV, 3) 

where in future we shall usually neglect the term D[ v ] J 2 (J + l) 2 . 

If the molecule is in a degenerate vibrational state (II, A, • • •) there is a vibrational 
angular momentum 1(}i/2t)(1 = 1, 2, ••■) about the internuclcar axis and, just as 
for diatomic molecules (see Molecular Spectra I, p. 122f.), the symmetric-top energy 
formulae have to be applied; that is, apart from an additive constant, 

F [V] (J) - B [v £J(J + 1) - Z 2 ] - D [V] U(J + 1) - Z 2 ] 2 , (IV, 4) 

where the second term is usually negligible, and where B [v ] is given by (IV, 2). 
The additive constant is usually taken into the term £ g^l 2 of the vibrational 
formula for this case. One may also take the term —B^l 2 in (IV, 4), which is 
constant for a given vibrational level, into the vibrational formula and may therefore 
use (IV, 3) instead of (IV, 4) also for the degenerate vibrational levels. However, 
it must be realized that for the degenerate vibrational levels (just as for diatomic 
molecules) J must be larger than or at least equal to l: 

J = Z,Z + l,Z + 2, (IV, 5) 

that is the levels J = 0,1, ■ • •, l — 1 do not occur. 

According to the preceding discussion, the total energy of vibration and rotation of 
a linear molecule is thus given by 

T = G(v i, ?>2, • • •) + F [ V ](J) 

= £ ^ V L + ^ + £ Qid 2 

+ B [V] J(J + 1) - DmA/ + l) 2 . (IV, 6) 

For every vibrational state we have a set of rotational levels as in Fig. 4, p. 15, but 
with slightly different spacings in the different vibrational levels, and for degenerate 
levels with the first rotational levels (up to l — 1) missing. 

It should be emphasized that in consequence of (IV, 2) the B value of the lowest 
vibrational level B[ 0 ] is different from B e , the B value for the equilibrium position. 
For an accurate determination of the equilibrium moment of inertia and the equi- 
librium internuclcar distances , B e has to be used. Any moments of inertia or inter- 
nuclcar distances determined from B[ Q ] are average values averaged in a certain way 
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over the various positions assumed by the nuclei during the zero-point vibrations. 
The intiTiiuclear distances determined from electron or X-ray diffraction are, of 
course, also averages for the Vi = 0, v 2 = 0, ••• state. However, the difference 
between the r 0 and r e values is always very small, much smaller than the limit of 
error of electron diffraction measurements. While in principle the difference can 
easily be detected spectroscopically, oidy in a very few cases arc all data (that is 
all a values) known for a determination of B e from B [ 0 ]. 

Symmetry properties of rotational levels. As we have seen in Chapter I, section 
1, the rotational levels of linear molecules are positive or negative depending on whether 
the total eigenfunction remains unchanged or changes sign for an inversion . In 
the lowest vibrational level (as in Chapter I) and in all totally symmetric excited 
vibrations! levels (species 2+) of the electronic ground state, the even rotational 
levels are positive, the odd negative (see Fig. 4). This holds assuming that the 
electronic ground state is also totally symmetric. In vibrational levels (just as 
for electronic states of diatomic molecules), the even rotational levels are negative, 
the odd positive. In II, A, • • • vibrational levels (as for II, A, • • • electronic states 
of diatomic molecules), for each value of J there is a positive and a negative level 

of very slightly different energy (sec below) whose order alternates thus: H , h, 

-| f ... or b, H , K This is shown in Fig. 99a. 

In the case of linear molecules with a center of symmetry (point group D^ hl for 
example C0 2 and C 2 ll*), the positive rotational levels are symmetric , the negative 
antisymmetric with respect to a simultaneous exchange of all pairs of identical nuclei 
for all vibrational levels that are symmetric with respect to an inversion (species 
2,,“, H,„ A„, • • •), while the reverse is the case for all vibrational levels that are 
antisymmetric with respect to an inversion (species H u , A„, • • •)• Fig. 99b 

gives a few examples. All these relations are the same as for the various electronic 
states of diatomic molecules and the proof is quite analogous to that given in Mo- 
lecular Spectra I (p. 260f.) if the electronic eigenfunctions considered there are re- 
placed by the vibrational eigenfunctions. For diatomic molecules the vibrational 
eigenfunctions arc always totally symmetric; here the electronic eigenfunction is 
assumed to be totally symmetric. While the latter is practically always true for 
the electronic ground state, it is not generally the case for excited electronic states, 
for which, therefore, different rules apply. 

The ratio of the statistical weights of the symmetric and antisymmetric rotational 
levels is determined by the spins of the pairs of identical nuclei in the way discussed 
in Chapter I, section 1 (see Table 2, p. 18). As an important example it may be 
noted that, for Bose statistics of the identical nuclei, in a state the even and in 
a state the odd rotational levels have the greater statistical weight (and conversely 
for Fermi statistics). 

More detailed theory of the rotational constants a,-; Coriolis interaction. In the 

case of diatomic molecules the variation a of the rotational constant B with the 
vibrational quantum numbers is, in a first approximation, due to two reasons (see 
Molecular Spectra I, p. 116): (1) the fact; that even for harmonic oscillations the mean 
value of 1/1 (which is, apart from a constant, the mean B) is not equal to 1 //« al- 
though the mean value of r is tv; and (2) the fact that in consequence of the an- 
harmonieity of the vibrations (cubic and higher terms in the potential energy) the 
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mean value of r during a vibration is larger than r e . These same influences act also 
in the (linear) polyatomic molecule. But there is in addition a third reason, the 
presence of the Coriolis interaction. 


-+*(“) 6 . 


■ -a (s) 6l 


--a(s) 4s 


(s) 'Am 

-+s(«) 2. 

o: 


-+»(«) 3s 


Fig. 99. Symmetry properties of the rotational levels in various species of vibrational levels 
of linear molecules (a) of point group C or , (b) of point group D^.h . — In (b) the symmetry properties 
for vibrational levels that are antisymmetric with respect to the center of symmetry (a) are added 
in brackets. 


As is well known, if the motion of a particle is referred to a uniformly rotating 
coordinate system, apart from the acceleration produced by the acting forces, two 
additional accelerations appear, the centrifugal acceleration and the Coriolis ac- 
celeration, which may be thought of as due to two apparent forces, the centrifugal 
force and the Coriolis force respectively. The magnitude of the former force is 
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given by 

the magnitude of the latter by 


^centrifugal = mrc »\ 

V 

F Coriolis = 2?7 lV a 03 sill <p , 


(IV, 7) 
(IV, 8) 


where m is the mass of the particle, v a its apparent velocity with respect to the moving 
coordinate system, r its distance from the axis of rotation, a> the angular velocity 
of the coordinate system with respect to a fixed coordinate system, and <p the angle 
between the axis of rotation and the direction of v a . The Coriolis force, unlike the 
centrifugal force, occurs only for a moving particle ( v a ^ 0) and is directed at right 
angles to the direction of motion and at right angles to the axis of rotation (in such a way 
that a right-handed screw progressing in the direction of F corioiis w iN carry v a into o> 
over the smaller of the two angles between them). 

\Vhen we consider the motion of a polyatomic molecule as an independent super- 
position of a rotation with an effective moment of inertia and a vibration, we im- 
plicitly assume that the vibration is referred to a coordinate system rotating with 
the molecule, and neglect the influence of the centrifugal force and the Coriolis force. 
Introduction of the former simply changes the equilibrium positions somewhat and 
gives rise to the usually very small D correction discussed previously, which occurs 
even for the non-vibrating molecule. Introduction of the Coriolis force leads to an 
additional coupling between rotation and vibration ( Coriolis coupling) which is in general 
much larger than the effect of the centrifugal force [compare (IV, 7) and (IV, 8)] 
since the velocity due to vibration ( v a ) is usually much larger than that due to rota- 
tion (rco). However, this interaction occurs only in the vibrating molecule ( v a ^ 0). 

In order to visualize the influence of the Coriolis force more clearly let us con- 
sider, first classically, its effect in linear symmetric XY-j [se*' Jahn (470)]. Consider 
the vibration v$ in the rotating molecule. The displacement vectors (solid arrows 

in Fig. 100c) give at the same time 
the relative velocities at any in- 

* p j y ^ Vi stant, for example, when the nuclei 

v x ? pass through the equilibrium posi- 

tion. The Coriolis force on each 
4 nucleus is proportional to this 

I ^ I velocity but perpendicular to it, 

^ ^ ** and, for a counter-clockwise direc- 

tion of rotation, always toward the 
right when looking in the direction 
\ of motion. These forces arc *ndi- 

M ?-— ■* ► ?”► v * cated by the broken-line arrows in 

, Fig. 100. It is seen from this figure 

arrow indicates the direction of rotation. that during the Vibration V$ these 

forces tend to excite the perpen- 
dicular vibration but with the frequency of v 3 . Conversely, when the vibra- 
tion V 2 is excited in the rotating molecule the Coriolis forces are as given in Fig. 
100b and tend to excite the parallel vibration but with the frequency V 2 . 

If the frequencies of V 2 and v% were nearly the same, a strong excitation of one 
of the two vibrations would take place if the other were first excited, in consequence 
of this Coriolis coupling. However, this excitation will be very weak when, as is 
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usually the case, v% and have widely different frequencies. In any case it will lead 
to the effect that, in the rotating coordinate system, the nuclei will not move in straight 
lines when, say, the vibration P 3 is excited, hut in ellipses which are the flatter the 
smaller the coupling, that is, the smaller the velocity of rotation or the larger the 
difference in frequency between V 2 and 1/3. This motion is indicated in Fig. 101 for 


the three fundamental vibrations of 
linear symmetric XY 2 . Since the el- 
lipses for one particular vibration are 
traced out by each nucleus in the 
same sense, it is clear that an addi- 
tional, vibrational , angular momentum 
arises which involves a change of 
energy. In the case of the vibration 
vi the Coriolis force does not produce 
any coupling with another vibration; 
it produces only a coupling with the 
rotation (see Fig. 100a). It is the 
same effect that occurs also for dia- 
tomic molecules and produces a devia- 
tion of [l//] aV cr ago from 1 / 1 0 even for 
strictlj' harmonic oscillations [(1), p. 
372]. It is usually not considered as 
a Coriolis coupling. 



0 B — 0 ' 


C^> 1 

Fio. 101. Classical motion of nuclei in linear 
XY 2 on account of Coriolis interaction. — This is not 
an oblique, but a perpendicular projection. The 
heavy arrows indicate the instantaneous velocities 
of the nuclei referred to a coordinate system rotat- 
ing with the molecule. The molecule is assumed to 
be rotating in a counter-clockwise direction about 
an axis perpendicular to the plane of the paper. 
The width of the ellipses representing the path of 
the nuclei is greatly exaggerated. With decreasing 
speed of rotation this width decreases to zero. 

The energy 

calculation treating the difference between the 


In order to take account of the interac- 
tion of vibration and rotation in the ware 
mechanical treatment of a polyatomic mole- 
cule, we have to use in the wave equation (II, 275) the (jcncral Hamiltonian (II, 276). 
levels are obtained by carrying out a perturbation 
general Hamiltonian (IT, 270) and the harmonic oscillator-rigid rotator Hamiltonian, 


H = 


II. 
2 /* 




+ \ 2 pk 2 + J 2 Xji£jt 2 , 


(IV, 9) 


as the perturbation function (sco p. 20Sf.). 

If in this perturbation calculation, the anharmonic terms in the potential energy and the de- 
pendence of the pap (that is, essentially of the moments of inertia) on the normal coordinates are 
neglected, the influence of the Coriolis interaction is obtained. The Hamiltonian is then (II, 279) 
with V = l 2J X*£* 2 . Its only difference from (IV, 9) consists in the replacement of P x , P y , P z by 
Pjc — px, p ,1 — py , Pz — pz , where p x , p, h p t aro the components of the vibrational angular momentum 
operator. The latter quantities are defined by 

p x = tn % {yJU — Zi ?/i), py = 2J ni % (ziX% x x z t ), p g = y% x%) (IV, 10) 

where x »*, m, Zi arc the displacement coordinates and Xi , ilu z x are the velocity components of nucleus 
i with respect to a coordinate system rotating with the molecule. In transforming to normal coordi- 
nates one obtains [sco Wilson and Howard (944) and Jahn (470)] 

p* = 2 p/>-» = 2« - l*M. (iv, li) 

%<k i<k 


and similarly for p y and pz, where the fS, $ are constants depending on the masses, tho equi- 
librium internuelear distances and tho force constants, 1 and where the pk and pi are linear momentum 
operators corresponding to the normal coordinates £& and & [see equation (II, 277)]. 

1 For explicit formulae for the see Jahn (468) who calls them C 
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In agreomcnl w’tli I hr pnvedmg elassii-.-d treatment, a vibrational angular momentum arises 
from the Coriolis lnlciartmii of two normal vibrations. 'Hie total vibrational angular momentum 
is the sum of contributions from each pair of internet mg vibiations, as shown by equation (IV, 11). 
As always, introduction of this perturbation into the waves equation leads to a mutual repulsion of 
the two “original” vibrational levels which increases, in the present case quadra tieally, with in- 
creasing rotational quantum number •/. In other words the higher of the two vibrational levels has a 
larger, the lower a smaller B value , than without this interaction ; that is, there is a negative contribution 
to the a, corresponding to the higher of the two interacting vibrations and a positive contribution 
to the on corresponding to the lower vibration. The magnitude of this contribution is inversely 
proportional to the difference in frequency of the two vibrations , since the vibrational angular momentum 
is the smaller the more the frequencies of the two interacting vibrations differ (see above). 

Apart from this, not every pair of vibrations will give a contribution. As we have seen above 
(Fig. 100), for linear XY 2 the Coriolis force produces an interaction only between v 2 and vs but not 
between vi and vs and not between v\ and v 2 . The general rule specifying the vibrational states 
between which a Coriolis interaction can take place has been given by Jahn (470). It follows im- 
med'ately f om vIV, 10) if it is realized that the p k have the species of £* and that the species of p Xt 
p„, p z is that of the rotation about the x, y, or z axis. Therefore, two vibrations will interact in conse- 
quence of Coriolis forces in the rotating molecule only when the “ product ” of their species (see Tables 31 
and 33) contains the species of a rotation. Thus for v 2 and vs of linear symmetric X\ j, *ir, t X cr u + = II?, 
which is the species of the rotation about an axis perpendicular to the internuclear axis; but for vi 
and vs we have <r f/ + X <r u *■ = S u + , which is not the species of any rotation (see Table 24). Similarly 
one finds that for linear symmetric X 2 V 2 only the pairs of vibrations vi anil i/ 4 , v 2 and jm, vs and v 6t 
interact (see Fig. 04), but none of the other pairs. 

If in the general Hamiltonian (II, 270) the vibrational angular momenta p x , p :tt p z , as W'cll as 
the anharmonie terms of the potential energy, are neglected, but not the dependence of the moments 
of inertia on the normal coordinates, one obtains the “harmonic.” contribution to the a* mentioned 
under (1), p. 372. If the anharmonicity is then introduced but the vibrational angular momenta 
are still neglected one obtains an additional contribution to the a t which in general, as for diatomic 
molecules, is the largest of the three contributions. 

Summarizing, we can thus write, for the rotational constants oti which represent 
the main influence of the coupling of rotation and vibration [see Herzberg (434)], 

a* = a, (bm ' + a,'*** + a™ (IV, 12) 


where the superscripts refer to the three contributions discussed above. By actually 
carrying out the perturbation calculation the on can be expressed in terms of the 
potential constants and the internuclear distances. For linear symmetric XY 2 mole- 
cules such formulae have been given by Dennison (280) la [correcting earlier results 
of Adel and Dennison (38)], for linear XYZ molecules by Nielsen (654a), and for 
linear symmetric X 2 Y 2 molecules by Shaffer and Nielsen (779) [correcting earlier 
results of Wu (961)]. For the general case of linear molecules (as well as non-linear 
molecules) detailed formulae have been given by Nielsen (666) [see also Sayvctz 
(762b)]. We give here only the formulae for the linear XY 2 molecule: 


«i 


(harm.) _ 

GB, 2 

— f 

m 

„!<“»•> = 

24 B^L' am 
cor* he 1 

oti 

(harm.) _ 

B 2 

U 2 

a2 (anh.) = 

8 0:122 
0)1 2 0)2 he 9 

a* 

^harm.) __ 

21V 2 

_j_ 

0)3 

„ (anh.) _ 
c*3 

8 B*IJ <*133 
coi 2 o )3 he 9 

Q!3 ( 


(Cor.) = 

(«3 2 ~ W2 2 ) 

87?, 2 co 3 

(«3 2 — C02 2 ) 


(IV, 13) 




la It should bo noted that Dennison’s on are our a % /B t 
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In these equations I e is the moment of inertia in the equilibrium position and am, <*122, 
and ai33 are the anharmonic potential constants in (II, 263). 2 As explained above, 
the contribution of the Coriolis interaction to on is zero. The other two contribu- 
tions to ai agree exactly with those for diatomic molecules (see Molecular Spectra I, 
p. 116). As expected, the Coriolis contributions to 0:2 and <*3 are opposite in sign, 
and depend on the difference of the frequencies 0)2 and 0*3- By using the above 
formulae, if B e and the c a are known, the anharmonic potential constants can be 
determined from the observed a values (see also below). 

It should be mentioned that according to Nielsen and Shaffer [(668) and private 
communication] the terms here called a2 (harm) and a! 3 (harm - ) are also due to Coriolis 
interaction; that is, for linear XY2 the harmonic contributions to the «2 and a 3 are 
zero. However, the terms here called a2 (harrn ) and a 3 (harm) arc at least formally of 
a different type from a2 (Cor,) and <X3 <Cor,) in that they do not depend on the separation 
of o>2 and 0)3. It appears that there is room for divergence of opinion as to the correct 
interpretation of the various terms even though there is no disagreement about the 
correct formulae for the a t . 

/-type doubling. As we have seen previously, the IT, A, • • • vibrational levels of 
linear polyatomic molecules are doubly degenerate on account of the equivalence of 
the two directions of the angular momentum /. Just as for the II, A, • ■ • electronic 
states of diatomic molecules, this double degeneracy is removed with increasing 
rotation; that is, a splitting into two components for each J occurs whose separation 
increases with increasing J . This is indicated, greatly exaggerated, in Fig. 99. 

Qualitatively there are two reasons for this /-type doubling [see Hcrzbcrg (434)]. 

(1) As wo have seen previously, when a _L vibration (species II) is singly excited in a linear 
molecule we may take as the two component motions either (a) the vibrations in two planes at right 
angles to each other or (b) the rotational vibrations about the symmetry axis in the clockwise and 
counter-clockwise directions (see Fig. 27a) with angular momentum / = =fc 1. If m the former scheme 
the molecule is rotating, for a vibration in a plane (o-,, 11 ) paiallel to the axis of rotation no change of 
moment of inertia of the molecule will take place as long as the vibrations are harmonic, since the 
nuclei move parallel to the axis of rotation. Hut for a vibration in a plane (a„ x ) perpendicular to 
the axis of rotation the moment of inertia about the axis will change, since it is the sum of the original 
moment of inertia and that about the symmetiy axis of the molecule (which is not zero in a displaced 
position). Thus we expect slightly different effective li values for the two component vibrations. 
If we use scheme (b) we have, when the nuclei are swinging around the symmetry axis, essentially 
the same situation as in a molecule with slightly bent equilibrium position; that is, w'e have a slightly 
asymmetric top for which the double degeneracy of levels with K 0 of the coi responding symmetric 
top is removed, the splitting increasing with ./ (see Fig. IS). In the present case K is identical with /. 
Thus on either scheme (a) or (b), a doubling is expected on account of the fact that in the displaced 
position the molecule is a slightly asymmetric top. 

(2) Since the Coriolis force , according to (IV, S), depends on the sine of the angle between the 
axis of rotation and the velocity v a of the particle (in the rotating coordinate system), it is clear that 
the component vibration in the plane o-J 1 is unaffected by it, and only the component vibration in 
a A is affected (see also Fig. 100). Since the Coriolis force is proportional to the speed of rotation 
we expect a splitting that increases with increasing J. 

On the basis of the above considerations and the close analogy to the A-type 
doubling of diatomic molecules, we conclude that the 1 -tgpe splitting in a vibrational 

2 Dennison gives his formulae in terms of potential constants which are referre d to c ertain di- 
mensionless normal coordinates a t which are related to the rf, in (II, 2(»3) by or* = 2ir rp. Hero 

it must be remembered that the ij % in (II, 2(i3) aie normalized to unity. 
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II state is given by 

Av = qJ(J + 1), (IV, 14) 

where q is of the order a, (harra ' ) + a/ Cor ’ > tiie subscripts i referring to the ± vibration 
that is excited in the II state. ^ 

In a more formal way tho Z-type doubling may also bo explained as a spooial case of the perturba- 
tions to be discussed below. Since only levels of equal parity ( +, — ) and equal J influence one 
another, a 2 + vibrational state will affect only one set (1I + ) of component levels of a II state, namely 
that for which tho oven levels are + and tho odd — , while the other set (II“) is uninfluenced (seo 
Fig. 99). If, as usual, the 2J + state is above the II Btato (cos > 012 for XY 2 ), the IL ** component is 
shifted down (incieasingly so with increasing J ) while the 11“ component is unchanged. 

A more detailed theory of tho Z-typo doubling has been given by Nielsen and Shaffer ( 008 ). 
They consider the whole effect as due to Coriolis interaction. However, their resultant formula 
for q shows no dependence on tho frequency difference between the two interacting vibrations, as 
one would expect for Coriolis interaction. Also, in the few cases in which experimental data aro 
available [see Herzberg (434)], Nielsen and Shaffer’s formulae gives q values about twice tho ob- 
served values. It therefore appears not definitely decided whether there is also a contribution duo 
to tho asymmetry of the displaced position. 


Perturbations. The interaction of rotation and vibration, which causes the above 
systematic changes of the energy levels, may also cause somewhat more irregular 
changes — perturbations — similar to the perturbations found in diatomic molecules, 
where, however, they can only be produced by the interaction of rotation and elec- 
tronic motion. Just as for diatomic molecules, these perturbations are always 
produced by the mutual interaction of two states of nearly the same energy , of the same 
J value, and of the same parity ( + , — ) and symmetry with respect to an exchange of 
identical nuclei [see Molecular Spectra I, p. 313, and Kronig (542)]. But while 
for diatomic molecules these two states always belong to two different electronic 
states, here they may belong to the same electronic state (ground state) but different 
vibrational states. We may subdivide the perturbations according to their appear- 
ance into vibrational and rotational perturbations (just as for diatomic molecules), 
and according to their cause into Fermi perturbations and Coriolis perturbations [or 
homogeneous and heterogeneous perturbations; Mullikcn (642)]. 

A vibrational perturbation consists of a shift of a vibrational level from its normal 
position accompanied by a change of the effective B value from its normal value; or 
the latter effect alone may occur. The shift of a vibrational level even without 
rotation, as we have seen previously, is always due to Fermi resonance, that is, to 
an interaction with another vibrational level which lies close to the one considered, 
and has the same species. If the molecule is rotating this Fermi interaction will in 
general also produce a change of the effective B values of the two interacting levels. 
According to Adel and Dennison (38) we have, for the actual B values of two resonating 
levels n and i, 


B n = a 2 B n ° + VB?, 
Bi = b 2 B n ° + a 2 BP, 


(IV, 15) 


where B n ° and B t ° are the unperturbed B values [as obtained from (IV, 2)] and 
where a and b are the fractional contributions of the unperturbed to the perturbed 
vibrational eigenfunctions according to the previous formula (II, 293). Since 
a 2 + b 2 = 1 , it follows that 

B n + B,= B,* + BP. 


The sum of the B values is unchanged by the perturbation. 


(IV, 16) 
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A second type of vibrational perturbation can be produced by Coriolis inter- 
action. If two vibrational levels of different species lie close together they cannot 
interact in the rotationless state; but there will be an increasing repulsion of the 
rotational levels of the same J with increasing J if the two vibrational levels can 
have Coriolis interaction (see p. 37G); that is, the effective B values will be changed 
as compared to the unperturbed values even though there is no shift of the pure 
vibrational levels. For example, such a perturbation could occur between a 
and a II M vibrational level, or between S,, 4 " and 3T f/ , and so on. However, it must 
be realized that this interaction will affect only one component of a II state if the 
interaction is with a 2 state; that is, the II state will show an anomalously large (or 
small) Z-type doubling. Such an anomalously large Z-type doubling has been found 
(but not explained) by Funke and Lindholm (342) for the upper state 2vi + v$ + v\ 
of the C 2 II 2 band at 10,413 cm” 1 , for which q ~ 0.0084 cm” 1 , whereas for all other 
observed states in which the vibration ^(IIJ is singly excited q is between 0.0059 
and 0.0067 cm” 1 . The perturbing state in this case is probably v\ + 2v2 + va(2 u + ). 
Certain observed irregularities in the B values of C 2 II 2 arc probably also due to 
Coriolis interaction. 

Both causes, Fermi interaction and Coriolis interaction, may also lead to typically 
rotational perturbations. If the Fermi interaction between two states of the same 
species is very slight and yet the two states are very close together (which may 
happen for the higher vibrational levels), and if at the same time the B values are 
such that the unperturbed term curves plotted as functions of J intersect each other 
(see Fig. 124, p. 312 of Molecular Spectra I), then only the levels in the neighborhood 
of this point of intersection will be perturbed, and we have a typical rotational 
perturbation. 

Similarly, when the two vibrational states have different species but can have 
Coriolis interaction (AZ = db 1), near the point of intersection of the term curves 
this Coriolis interaction will produce a shift of the energy levels from the normal 
positions, that is, a rotational perturbation. The difference from the preceding 
case is, however, that since the Coriolis interaction increases with increasing J the 
shift from the normal position does not go back to zero for large J even though the 
difference in energy between levels of the same J is then fairly large. 

Both types of rotational perturbations have been observed by Funke (340) in 
the rotation- vibration spectrum of C 2 II 2 . Just as for diatomic molecules, extra 
lines appear in the perturbation region because of the mixing of the eigenfunctions 
(see Molecular Spectra I, p. 318). 

(b) Infrared spectrum 

Selection rules. As in the diatomic case, in a good approximation, the selection 
rules for the pure vibration spectrum and for the pure rotation spectrum are not 
changed by the interaction of vibration and rotation (for a proof see section 2b). 
Thus also for the rotation-vibration spectrum in the infrared only those vibrational 
transitions occur (see Table 55) for which M z has the species 2 M 4 ’ or M x and M y have 
the species II tt (where the subscript u is to be dropped for point group Coo®), that is, 


AZ - 0, ± 1, 2 + <+>2- 




u <+> u, 


(IV, 17) 
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and only those rotational transitions for which 

AJ = 0, db 1 (J = 0 <•>./ = 0); -I- < > - ; * k‘>«. (IV, 18) 

However, while in the rotation spectrum only AJ = + 1 is significant, here AJ = 0, 
and —1 are also significant. But, as for diatomic molecules, AJ = 0 is forbidden 
when l = 0 for both upper and lower state (2) — 2 transitions). 

Since for all known linear polyatomic molecules the electronic ground state is *2 
we need not discuss the influence of a possible electronic angular momentum A on 
the rotation-vibration spectrum. Its place is taken by the vibrational angular 
momentum 7, and therefore the structure of the infrared hands of linear polyatomic 
molecules is similar in all respects to that of the corresponding electronic hands of diatomic 
molecules . 

it, may be noted that the rotational selection rules (IV, IS) do not restrict the vibrational transi- 
tions any further than the vibrational selection rules (IV, 17). On the other hand, transitions that 
are forbidden according to the vibrational selection rules 2+ <+> 2", <+**/, a ++> u also lead to 

conflicts with the rotational selection rules. Even when the interaction of vibration and rotation 
is very large the rotational selection rules hold rigorously for dipole radiation, and since in the 
infrared the intensity of quadrupole radiation is 10 -9 of the intensity of dipole radiation, we cannot 
expect to observe any forbidden transitions of the type u <-» g or u <-> u in absorption in the gaseous 
state. However, for extremely large interaction of vibration and rotation, transitions violating the 
rule Al =0, rtl (for example, A <-» 2) or the rule 2 *+-> 2 “ may occur weakly. Hut no sm‘h case 
has as yet been observed. 

Types of infrared bands. According to the above selection rules the following 
three types of infrared bands of linear molecules can occur. 

(1) Transitions for which l = 0 in both the upper and lower state (|| bands, 2 — 2 
transitions). For these bands only A J = ± 1 can occur; that is, they have only 
one P and one R branch but no Q branch. They are of exactly the same type as 
the rotation-vibration bands of diatomic molecules with '2 ground state, or as 
*2 — 1 2 electronic bands of diatomic molecules (compare Molecular Spectra I). 

(2) Transitions for which Al = zb 1 (J- bands, II — 2, A — II, • • • transitions). 
For these bands AJ = 0 as well as AJ = d= 1 is possible, and therefore in addition 
to a P and an R branch a Q branch appears which is, in fact, stronger than either the 
P or R branch. There is no analogue of these hands in the rotation-vibration spectra 
of diatomic molecules, since for the latter the angular momentum about the inter- 
nuclear axis cannot change. However, these _L bands are of exactly the same type 
as HI — 1 2, l A — *2, • • • electronic bands of diatomic molecules. 

(3) Transitions for which Al — 0 hut l ^ 0. (|| bands, II — IT, A — A, • • • transi- 
tions). For these bands, also, AJ = 0, =k 1 is possible and therefore they also have 
a Q as well as a P and an R branch. Here, however, since only M z ^ 0, the Q branch 
is weak , the intensity decreasing from the first line instead of reaching first a maximum 
as for the P and R branches. These bands are exactly analogous to the rotation- 
vibration bands of diatomic molecules with a II (or A) ground state and to HI — HI, 
*A — l A, • • • electronic bands. 

For any linear polyatomic molecule all three types of bands occur. 

£ — £ bands [Hype (I)]. In the case of unsymmetrical linear molecules (point 
group Coo V ), vibrational bands 2 + — 2 + and 2“ — 2“ will have a structure of type (1); 
in the ease of symmetrical linear molecules (point group A©/*) the vibrational bands 
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2 m + — v (/ + > — V, t + , — 2,,-, 2„ - — w U “ (whore the upper state is written first) 
will have this structure. Of these the most important ones and the only ones thus 
far observed are the 2+ — 2+ and — 2„ + bands respectively. For C xo molecules 


the strong 1 — 0, 2 — 0, • • • transitions of 
the || vibrations, for A*,/, molecules the 
1 — 0, 3 — 0, • • • transitions of the anti- 
symmetric || vibrations are of the — 
2 + type. In addition, certain combina- 
tion bands will have this type. Fig. 102 
shows in an energy-level diagram the 
possible rotational transitions for 
and the resulting spectrum. This diagram 
also represents 2 + — 2*' transitions for 
molecules if the difference between a and 
s and between heavy and light lines is 
disregarded. 

As for diatomic molecules, the. formulae 
for the two branches R and V corresponding 
to AJ = + 1 and — 1 respectively are 

R{J) = v 0 + 2/i' + (37*' - 

B")J + (7*' - 7*").7 2 , (IV, 19) 

7 '(./) = *o - (7*' + 7*")./ 

+ (7T - 7*")J 2 , (IV, 20) 

where, as usual, J is the rotational quan- 
tum number of the lower state (^ J") and 
vo the band origin. Higher terms in J 3 
and J A have to he added if the D correc- 
tion is not negligibly small (sec Molecular 
Spectra 1, p. 191). The two branches can 
also be represented by the single formula 

v = vo + (/*' + 7 V')m 

+ (7 V - 7*")m 2 , (IV, 21) 

where m = J + 1 for the R branch and 


J 



m = _ J for the P branch. Thus we may 
also say that we have a single scries of 
lines in which one line is missing ( zero 
gap) t this missing line separating the two 
branches. For the fundamentals, IP — B ,f 
is very small and therefore the lines are 
almost equidistant.. 

As examples, observed spectrograms of 
N a O, IICN, C() 2 , and C 2 I h are reproduced 
in Figs. 103, 104, 105, and 106. It is seen 
that in each branch the intensity first in- 
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Fig. 102. Energy level diagram for S M + — S a + 
bands of linear polyatomic molecules. — The B 
values in the upper un«l lower state have been 
assumed lo be the same. At the bottom the 
resulting spectrum is shown schematically. 
The intensity alternation indicated refers to 
molecules like (< 2 H 2 with Fermi statistics as 
’‘resultant” statistics of the nuclei (see p. 17). 
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creases to a maximum and then decreases, in agreement with the thermal distribu- 
tion of the rotational levels discussed in Chapter I. Also, Fig. 106b shows that at 
lower temperature the intensity maxima in the P and R branches are closer to the 
zero gap. For the D^h molecules, since the rotational levels are alternately sym- 
metric and antisymmetric and have different statistical weights (see Table 2), the 
lines in each branch show a characteristic intensity alternation indicated in Fig. 102 
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Fig. 103. Fine structure of the fundamental v\ of N 2 0 at 7.77/z Rafter Plylcr and Barker (703) ]. 
— The length of the absorbing path was 0 cm. at a pressure of lo cm. Unlike the data in Table 58 
the wave nundiers in this figure have not been converted to vacuum. 

by heavy and light lines. In the case of C0 2 , since the spins of the identical nuclei 
are zero, alternate lines with odd J are completely missing. That this is actually 
the case can be recognized in Fig. 105 from the fact that the R lines do not form the 
continuation of the scries formed by the P lines but lie half way between the lines 
of this continuation. For C 2 II 2 the ratio of the statistical weights should be 1 : 3 
and the lines with odd J should be the more intense (see Table 2). The latter con- 
clusion is immediately seen to be correct from Fig. 106. Careful intensity measure- 
ments by Childs and Mecke (200) have indeed shown that the intensity ratio is 
1 : 3.0 =fc 0.1. For C 2 D 2 , whose bu nds have not as yet been observed under sufficient 
resolution, one would expect an intensity alternation 2 : 1 with the even lines the 
stronger. It would also be interesting to study the intensity alternation in C 2 u Il 2 , 
which should be 5 : 3 if the nuclear spin of C 13 is \ (see Table 2). 

It may be noted that for 2 — 2 bands of D^h molecules a Q branch is not only 
forbidden by the same selection rules as for C^ v molecules (see above) but in addition, 
as can be seen from Fig. 102, by the very strong rule symmetric^ antisymmetric, 
which holds just as strictly as the ortho para rule for 1I 2 . Therefore, even under 
extreme conditions, as in the liquid state, this Q branch cannot occur. At various 
times the observation of a Q branch in a 2J — 2 band of a D^h molecule has been 
claimed. But in all such cases it can lie explained as due to an overlapping band, 
usually a II — II difference band (see, for example, the line near the zero gap in Fig. 
106a). Similarly, transitions (for example the first or third overtone of v z 

of C0 2 or C 2 TI 2 ) cannot occur without violation of the s*+* a rule, at least not with 
the normal P and R branches, 3 and all interpretations of infrared bands as such 
transitions cannot be correct. 

If one nucleus of a pair of identical nuclei in a linear molecule of point group 
D xh is replaced by an isotope , that is, if the two nuclei arc no longer exactly identical, 
the reason for the distinction between symmetric and antisymmetric rotational levels 
disappears, and no intensity alternation should occur. This has indeed been found 

8 The Q branch could occur as quadrupole radiation or enforced dipole radiation. 
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for C 2 IID [Ilerzbcrg, Patat, and Spinks (437)], as shown by tlio spectrogram in 
Fig. 107. 

As we shall see, neither symmetrical-top nor spherical-top nor asymmetric-top 
molecules can give infrared bands consisting of a single P and R branch separated 
by a zero gap. Conversely, therefore, if for a molecule such a simple structure is 
found it shows unambiguously and without any detailed measurements that the mole - 



Fig. 105. Fine structure of the combination band v — 2v« of CO» at 9.40ju [after Parker and 
Adel (108)]. — An absorbing path of 700 cm. and atmospheric: pressure was used. 


cule is linear . In this way it follows, for example from the fine structures reproduced 
in Fig. 103—106, that the molecules N 2 0, HCN, C0 2 , and C 2 H 2 are linear. (By 
“linear” we mean, of course, that the equilibrium configuration is linear. Due to 
the zero-point energy of the _L vibrations, which is present even in the lowest state, 
the nuclei are not usually exactly on a straight line at any one time but are so only 
on the average). 

It will be recalled from the examples in the preceding chapter that it is not easy 
to prove the linear structure of a molecule from the coarse structure of the vibration 
spectrum alone, particularly since the failure to observe certain bands may be due 
to their weakness and not to their non-occurrence. Tin* proof of linearity from the 
fine structure of the vibration bands does not have this objection. 

Moreover, the presence or absence of an intensity alternation in such a simple 
band proves unambiguously whether the linear molecule is symmetric (point group D^h) 
or not (point group C Q or ). Thus it was first proven [Plyler and Barker (703)] that 
N 2 O has the structure N — N — 0 not N — O — N (see Fig. 103). Similarly, the ob- 
served intensity alternation and missing of alternate lines for C 2 H 2 (Fig. 106) and C0 2 
(Fig. 105) respectively proves that these molecules are symmetrical. 

II — E bands [type (2)]. Bands of the second type are the II — II — 2)“, 
A — II • • •, 2) + — II, 2“ — II, II — A, • • • vibrational transitions, where for D^h mole- 
cules the subscripts g and u have to be added and the rule g <-> 11 applies. Only 
II — 2+ transitions (II M — for D^h molecules) have as yet been completely resolved 
and we shall restrict our considerations mainly to these. The fundamentals of the 
infrared-active perpendicular vibrations are of this type as well as their even over- 
tones 3v ± , 5v ± , • • • (the odd overtones 2v x , 4v ± , • • • which are active only for C xv 
molecules give bands of the first type). 

Fig. 108 shows in an energy-level diagram the transitions allowed according to 
the selection rules for n u — 2 { ,+. The main difference from the first type is that in 
addition to the P and R branches we obtain a strong Q branch . The formula for 
the Q branch is 


Q(J) = v 0 + (B f - B")J + (B' - B")J\ 


(IV, 22) 
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For the fundamentals and low overtone and combination bands, B f — B" is very 
small and therefore all lines of the Q branch fall practically together, giving rise to 
a very strong 11 line 13 in the center of the j 
hand . Fig. 109 and 110 give as ex- 


amples the observed fine structures of 
the fundamentals V 2 of IICN and v$ of 
C 2 II 2 . For higher combination bands 
the Q lines no longer coincide but form 
a separate branch. Such bands have 
been found in the photographic infrared 
spectrum of C 2 H 2 [Funke and Hcrzberg 

(341) , Funke (339) (340), Mecke and 
Ziegler (618), Funke and Lindholm 

(34 2 ) ]. 

According to Fig. 108, in addition to 
the line P(0) the line P( 1) should likewise 
he missing . This is, however, difficult 
to ascertain when the Q branch is not 
resolved, since it usually tails off toward 
longer wave lengths and overlaps the 
place where P( 1) would be if it oc- 
curred (see Fig. 109 and Fig. 110). 
For 2) — II transitions, instead of P(l) 
the line R(0) will be missing near the 
band origin (compare the completely 
analogous cases of electronic bands of 
diatomic molecules, Molecular Spectra 
I, Chapter V, 3b). 

Fig. 108 shows clearly that on ac- 
count of the Z-type doubling and the 
selection rule + — the upper states 

of the Q lines are slightly different from 
those of the P and R lines . For most 
purposes this difference can be neg- 
lected since the Z-type splitting is very 
small, but for very precise measure- 
ments it must be taken into account. 

It is also seen from Fig. 108 that 
for Dnh molecules in every branch of 
n — 2 (and similarly 2 — II) bands, there 
is an intensity alternation , just as for 
2 — 2) bands. This is seen clearly in 
the C 2 H 2 fundamental Pg of Fig. 110. 
It must, however, be stressed that for 
A — II and II — A bands, which otherwise 
would be quite similar to the II — 2 and 
2 — II bands, such an intensity alterna- 
tion would not occur, since for them 
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Fig. 10R. Energy level diagram for II u — 2 g + 
bands of linear polyatomic molecules. — See cap- 
tion of Fig. 102. I 11 the schematic spectrum be- 

low, the lines of the Q branch have been spread out 
even though actually, since IV = B " is assumed, 
they should all coincide. The magnitude of the 
/-type splitting in the upper state has been greatly 
exaggerated. 
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each rotational level of both upper and lower state is a close doublet of a sym- 
metric and antisymmetric level and therefore each “line” is a close doublet of a 
weak and a strong line [sec also type (3)]. 



I.).U » ■ — 1 

\Yu\e- Length (m) 


Fig. 109. Fine structure of the fundamental v»(ir) of HCN at 14.04/* [after Choi and Barker 
(210)]. — The length of the absorbing path was 2.5 cm at a pressure of 350 eni for the main curve 
and at a pressure of 3 mm and 1 mm for the curves a and b respectively. 



Fig. 110. Fine structure of the fundamental Vb (ir M ) of C 2 H 2 at 13.71 n [after Levin and Meyer 
(574)]. — The absorption cell was 4 cm long and “partly filled. “ 

Even when the available resolution is not sufficient to resolve the branches of a 
band of a linear polyatomic molecule, it is possible to decide whether the band 
considered is of the || or _L type, as long as the dispersion is not too small, since in 
the first case there is a minimum in the center of the envelope, in the second case a 
strong maximum. As examples the unresolved CO 2 bands in Fig. 83 may be con- 
sidered: all bands in the lower strip are clearly || bands whereas the fundamental v 2 
in the upper strip is clearly a _L band. In this way, in many cases, the types of 
the bands of the linear molecules discussed in Chapter III have been determined. 

It should be realized that the || bands of symmetric top molecules also consist of 
a 1\ a Q, and an R branch (see section 2 of this chapter). The observation of such 
a baud with three branches, in itself, is therefore not sufficient proof for the linearity 
of a molecule. 
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II— 11 bands [type (3)]. Bands of the third type are the II — II, A — A, 
vibrational transitions, of whieh, however, up to now only II — II transitions have 
been observed. No fundamentals are of this type, but only difference bands belong- 
ing to a sequence that starts out with a 2 — 2 band (see p. 267). For example, when 





v 


Fig. 111. Energy level diagram for II „ — bands of linear polyatomic molecules. — Seo cap- 
tions of Figures 102 and 108. The two strips at the bottom give schematically the spectrum for the 
case of Ccot> and D m h molecules respectively; in the latter case under the assumption that the anti- 
symmetric levels have the greater weight (as in C 2 H 2 ). 

in the upper and lower state of the 1-0 transition of a || vibration a _L vibration is 
singly excited, we obtain a II — II band whose wave number is of course very close 
to that of the 1-0 transition (2 — 2 band). The II — II bands can be observed in 
absorption only when an appreciable fraction of the molecules is in the first excited 
state of a ± vibration, and even then they are strongly overlapped by the much 
stronger 2 — 2 band to which they belong. The first case of this type was observed 
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by llerzberg and Spinks (441) for C 2 II 2 and can be soon in Fig. 106a (short loading 
lines at bottom); Fig. 100b shows that at low temperature the II — IT band disappears, 
since then the fraction of molecules in the first excited state of the ± vibration 
is too small. 

Fig. Ill shows in an energy-level diagram the transitions allowed according to 
the selection rules for 1I M — II*,. If we neglect the Z-typo doubling it is seen that, as 
for the second type of band, there is a P, a Q, and an R branch. However, here, 
since this is a || band with only M z 0, the lines of the Q branch have an intensity 
that decreases very rapidly with increasing J. Therefore, even though most of the 
lines of the Q branch coincide, they will not form a particularly strong “line” as 
for type (2), but only a “line” whose intensity is comparable to that of an individual 
line of the P or R branch. In addition, it is seen from Fig. Ill that on both sides 
of tlrs Q “line” a line is missing in the series formed by P and R branch [namely, 
the lines 72(0) and P(l)]. Further lines would be missing for A — A, • • • transitions. 

It is particularly important that for D^h molecules this type of band will not 
exhibit an intensity alternation [unlike types (1) and (2)] as long as the Z-type doubling 
is not resolved, since for all J values a strong and a weak line coincide (see Fig. 111). 
This lack of an intensity alternation can be seen clearly in the — 11^ band of C- 2 H 2 
in Fig. 106a, and is quite generally a very useful means of identifying such II — II 
bands in D^h molecules. 

With very large resolution, as can be seen from Fig. Ill, each line of a II — II 
band will consist of two components whoso separation is equal to the difference of 
the Z-type doubling in the upper and lower state. Such a doubling has indeed been 
observed for the 3^3 + v\ — Vi band of O 2 H 2 by Funke (340). In the case of zero 
nuclear spin (or / = £ if only the strong lines are observed), this doubling will 
manifest itself only in a “staggering” of the lines of the P and the R branch (see 
Molecular Spectra I, p. 294). 

Combination differences, evaluation of rotational constants. Until fairly recently, 
infrared spcctroscopists determined the rotational constants by fitting a formula of 
the type (IV, 21) to the observed R and P lines, thus obtaining B' + B" and B' — B" 
and therefore the B values of the upper and lower state. However, it appears that 
this method does not lead to very accurate B values [see Herzbcrg (433)]. Thus 
for CO 2 different bands have led to values of B [ 0 ] differing by as much as 0.6 per cent. 
The method of combination differences and related methods, which are always used 
in the analysis of the electronic spectra of diatomic molecules (see Molecular Spectra 
I, p. 191f.), give a much better (up to ten-fold) accuracy of the B values. 

It is easily seen from the definition of P and R branches (A/ = — 1 and +1 
respectively) that 

R(J) - P(J) = F'(J + 1) - F\J - 1) = A 2 F'(J), (IV, 23) 

R(J - 1) - P(J + 1) = F"(/ + 1) - F"(J - 1) = A 2 F"(J); (IV, 24) 

that is, by forming these differences it is possible to separate the upper and lower state. 
If now (IV, 3) is substituted for F(J), 

A 2 F(J) = 4 B(J + \), (IV, 25) 

where the D correction has been neglected, as is usually although not always possible 
for linear polyatomic molecules (for its inclusion see Molecular Spectra I, p. 198). 
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According to (IV, 25), the observed A 2 F(J) for the upper and lower state should fall 
on a straight line if plotted against J , and 4J3' or 4 B” is immediately obtained as the 
slope of this line, or as the average of the [A 2 F(J)I{J + J)] values. The formation 
of the combination differences also gives an extremely valuable and critical check 
on the correctness of the analysis and on the consistency of the data if two or more bands 
with the same lower or the same upper state have been measured, since the A 2 F(J) 
values for the common state formed from the two or more bands must agree for every 
J value within the accuracy of the measurements. The B value of the common 
state is then, of course, determined from the average of the respective A 2 F{J) values. 

The difference of the B values B f — B " for a given band can be obtained (from the 
same data) with still greater accuracy from R(J — 1) + P(J) or, if a resolved Q 
branch is present, from Q(J). According to (IV, 19) and (IV, 20), 

R(J - 1) + P(J ) « 2vq + 2 (B' - S'OJ 2 ; (IV, 20) 

in other words, when R(J — 1) + P(J) is plotted against J 2 a straight line is ob- 
tained whose slope is 2(71' — B") and whose intercept on the ordinate axis gives an 
accurate value of vo, that is, of the zero line. Similarly, according to (IV, 22), when 
Q(J) is plotted against «/(/ + 1) a straight line of slope ( B ' — B") and intercept 
vo is obtained. 

It is usually advisable to determine only one B value from the combination differ- 
ences, and all others by finding first the B' — B n value from R{J — 1) + P(J) or 
Q(J). This gives a greater relative than absolute accuracy of the B values for the 
various vibrational states and therefore the rotational constants a, which involve the 
differences of B values, can be obtained more reliably than if each B were determined 
independently (see the examples below). 

In the case of accurate measurements of II — 2 bands it must be realized that 
from R(J) — P(J) or R(J — 1) + P(J) one obtains only the B value of one l-doubling 
comporient of the II state, whereas the Q branch, if resolved, gives that of the other 
component. The difference of these two B values is the constant q of the Z-type 
doubling [see equation (IV, 14)]. It can also be obtained from the combination 
differences R(J) — Q(J) and Q(J + 1) — P(J + 1), which have been discussed in 
more detail in Molecular Spectra I, p. 201 and p. 278. 

If a sufficient number of B values has been determined, the B e and at in (IV, 2) 
follow immediately. 

In the case of unresolved bands a rough B value may nevertheless be obtained if 
the maxima of P and R branch can be measured (see Fig. 83). The formulae for 
the intensity distribution [see equation (1, 10)] give, for the separation of the maxima , 

Av = JMl = 2.358 VzTfl (cm- 1 ), (IV> 27) 

’ he 

.vhcrc T is the absolute temperature. 

Examples. As an example for the agreement of combination differences, Table 
126 gives the A 2 F(J ) values for the lowest state of HCN as determined from the 
bunds v 2 at 14 p and 3v& at 1.04 p (see Table 59), the first measured by the ordi- 
nary infrared methods and the second measured in the photographic infrared. 
It is seen that the agreement is very satisfactory indeed. In Fig. 112 the values 
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Table 126. combination differences &2F"(J) = — 1) — P(J + 1) for the bands 

V2 AND 3V3 OF HCN, AS DETERMINED FROM THE DATA OF BARTUNEK AND 
BARKER (125) AND HEUZHEKG AND SPINKS (442). 


J 

A 2 F"(.7) « R(J 

- 1 ) - + 1 ) 

J 

A 2 #' v '(./) = li{J - 

- 1) - 1\J + 1) 

Vi band 

3v* band 

p 2 band 

3 P 3 band 

1 

— 

8.86 

12 

74.06 

73.89 

2 

14.63 

14.80 

13 

79.75 

79.78 

3 

21.21 

20.75 

14 

85.69 

85.72 

4 

26.53 

26.64 

15 

91.63 

91.58 

5 

32.53 

32.53 

16 

97.56 

97.46 

6 

38.42 

38.46 

17 

103.48 

103.36 

/ 

44.43 

44.30 

18 

109.16 

109.24 

8 

50.45 

50.26 

19 

115.09 

115.16 

9 

56.15 

56.15 

20 

120.66 

120.92 

10 

62.16 

62.10 

21 

127.05 

120.92 

11 

68.12 

67.95 

22 


132.73 



Fio. 112 . A 2 F curve of HCN in its lowest state. — Circles represent photographic, infrared 
measurements of 3 ^ 3 , crosses represent ordinary infrared measurements of p 2 . 

A2 F(J) — 5.5 (J + i) are plotted 4 against ,/. It is seen that the photographic infra- 
red measurements of 3^3 (circles) are somewhat more consistent than the far infrared 
measurements of V 2 (crosses), since they give a smoother curve. From the slight 
deviation of the curve from a straight lino the rotational constant 7) can be deter- 
mined (see Molecular Spectra I, p. 199). The slope of the curve (for ./ = 0) gives 

4 5.5 is an approximate value of 4 B. If A 2 F itself had been plotted, the accuracy of plotting in 
a graph of this size would not allow detection of small deviations from the straight line. 
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4/f[o] — 5.5. One obtains B[ {) ] = 1.4784 cm” 1 and 6 * 8 1) = 3.3 X 10” 6 cm” 1 . Using 
this 1) value also for all the other bands whose fine structure has been measured, the 
B values for the various vibrational levels as given in Table 127 have been obtained. 


Table 127. B values for the various vibrational levels of HON, from the 
DATA OF HEKZHERO AND SPINKS (442), AND LINDHOLM (579). 8 


Cl 

r, 1 

n 

//[,.] , observed 

//(,.], calculated 

Vi 

r 2 l 


/?[i,j, observed 

//[,.], calculated 

0 

0° 

0 

1.4784 

1.4784 

1 

l 1 

3 

1.4365 

1.4374 

0 

l 1 

0 

1.4789 

1.4791 

0 

0° 

4 

1.4343 

1.4352 

1 

0° 

2 

1.4477 

1.4475 

0 

1* 

4 

1.435s 

1.4359 

0 

0° 

3 

1.4403 

1.4400 

1 

n« 

4 

1.423 

1.4259 

0 

l l 

3 

1.4472 

1.4407 

0 

n 

5 

1.423 

1.4244 

1 

0° 

3 

1.4300 

1.1307 







They can be represented by the formula 

B [v] = 1.4878 - 0.0093(^1 + ’) + 0.0007(?; 2 + 1) - 0.0108(y 3 + i). (IV, 28) 

The values calculated from this formula are also given in Table 127. The agreement 
is very satisfactory. It could be somewhat further improved by introduction of a 
small term with (z> 3 + J) 2 [sec Lind holm (579)]. 

From (IV, 28), the rotational constant for the equilibrium position is 

7*,(TICN) * 1.4878 cm” 1 , 

and from it the moment of inertia in the equilibrium position is found to be [see 
equation (I, 2)] 

7, = 18.816 X 10 -40 gin cm 2 , 

which may be compared to the average moment of inertia in the lowest vibrational 
state as obtained from 2?ooo in Table 127: 

/[o] = 18.935 X 10- 40 gin cm 2 . 

It is interesting to note that from the measurements of the vt band (Fig. 109) by Bartunek and 
Barker (125) one obtains from /*(./) + R (J — 1), in the manner described above, B ' — B" = 0; 
a result that does not agree well with the ifoio and Booo values obtained from the photographic infra- 
red bands (Table 127). The reason for this apparent discrepancy is not a lack of accuracy of the 
infrared measurements [as Lindholm (579) assumed], but lies in the Z-type doubling. The 2?oio 
value in Table 127 is obtained from a II — II band, and therefore represents an average of the B values 
of the two /-doubling components, while the Boio value from V 2 refers to the upper level of the P and 
R 1 minches only (see Fig. 10N). The Boio value of the upper level of the Q lines of p 2 would therefore 
be greater than Uoio of Table 127 (approximately 1.4794). It follows that the Q branch should bo 
slightly shaded toward shorter wave length even though P and R lines are perfectly equidistant. 
Such an asymmetry of the Q branch can indeed be seen in Fig. 109. The fact that > B™ 
(and not the reverse) is also in agreement with expectation. 


6 This D value is the average of the values given by Herzborg and Spinks (442) and Lindholm 

(579). The latter autlioi unfortunately does not give the wave numbers of the band lines measured 
by him, so that it is impossible to take the average of all combination differences. 

8 In order to have a consistent set, Lindholm’s B values for some of the levels have been increased 
by 0.0005 cm -1 , since he used for them a smaller D value, which changes the resulting B value by 
about this amount. 
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As a second example wo consider the infrared spectrum of the OO 2 molecule. The 72ooo value 
can lx i obtained from the combination differences A 2 l\J) of the bands v-> and vs. However, it appears 
that the resonance pair of difference bands vs — 2vi, vs — v\ has been measured with much greater 
accuracy [Barker and Adel (108) Therefore it is better to start out from the state 0, 0, 1. In 
Fig. 113 the values A 2 F'(J) — 1.4000(7 + J) are plotted for this state as obtained from the three 
bands n, v% — 2v2, vs — vu It is seen that the consistency of the A 2 F'(7) from vs — 2 vi and vs — vi 

A 2 F'(J)-1.4€00(J+X) 



Ficj. 113. A 2 F curve of C0 2 in the state 0 0 1, obtained from the bands v 3> V.t — 2v 2 , v 3 — Vi. 
Circles represent values obtained from vj, squares those from va — 2v-i (9.40/z), crosses those from 
v ,\ — vi (10.41/z). 


is better than the consistency of those from v 3 . From the slope of the straight line, lifting only the 
data from 1/3 — 2 v 2 and va — vu the correction to be applied to 1.40U0 in order to get 472 0 oi is obtained, 
yielding /fool = 0.3806 cm” 1 . 

r rhe value of 72ooo can now be obtained more accurately than from the A 2 F" of the bands vs and 
V 2 by determining IV — IV ' for va in the manner described above. Since here alternate lines are 
missing we have to form 72(7) + P(7) rather than 72(7 — 1) + 7 J (7). According to (IV, 19) and 
(IV, 20), wo have 

72(7) + P(7) - 2v 0 + 2 13' + 2(IV - IV')J(J + 1). (IV, 29) 

In Fig. 114 72(7) + P(7) + 0.005 7(7 + 1) for the band V 3 is plotted against 7(7 -f 1). The slope of 
the straight line obtained gives 2(72' — 72") + 0.005 = — 0.0008 from which, with the above 72 0 oi 
value it follows that 22 0 oo = 0.3895 cm” 1 . 7 This value, as can be seen from the graphs in Fig. 113 and 
Fig. 114 can at the worst have an error of ±0.0002 cm -1 , corresponding to 0.05 per cent, which is 10 
times the accuracy of the values obtained from (TV, 21) using the same measurements (see p. 390). 
Applying the same method to obtain the 72 values of the lower states of va — 2v<i, V 3 — v\ and of the 
upper state of v% the values given in Table 128 are found [see Herzberg (434)]; the relative accuracy 
of these values is again greater than their absolute accuracy. 

The rotational constant « 3 of CO 2 is immediately obtained as the difference 72ooo — 72ooi = 0.0029 
cm” 1 . In determining the rotational constants a: and ar 2 , account must be taken of two facts: (1) 
that the two levels 0, 2°, 0 and 1, 0°, 0 are in resonance with each other and (2) that the observed 
value for 72 010 refers to only one /-doubling component (the upper states of P and 72 lines). This 
cannot therefore bo used to obtain a 2 . However, ai and a 2 can bo determined from the B 

7 This may be compared with the less accurate value 0.394 cm” 1 which follows from the rotational 
Unman spectrum (see p. 21). 
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values of the two resonating levels v\ and 2v 2 if the constants d 2 and b 2 in (IV, 15) or (II, 203) are 
known. The values a 2 = 0.57 and h 2 = 0.43 given by Adel and Dennison (37) give «i = 0.00056, 
«2 = — 0.00062 cm -1 . 8 In view of the uncertainty of the values of a 2 and b 2 t these a values are 
uncertain within ±0.00010 cm -1 . 

Assuming the above a values wo obtain, for the equilibrium position of CO 2 , 

B e = 0.3906 cm” 1 . 

The moments of inertia corresponding to B 0 and Bo are respectively 

le = 71.67 X 10" 40 gm cm 2 and /[ 0 ] - 71.S7 X 10” 40 gm cm 2 . 

R (J) +P (/) + 0.005 J (J+l) 



TaI*LE 123. OBKEItVED B VALUES OP THE VARIOUS VIBltATIONAL LEVELS OP TIIE OO 2 MOLECULE. 


f’l 

7’2 Z 

Vz 

B [r ] (cm l ) 

Obtained from 

0 

0° 

0 

0.3895 0 

B001 and B' - B" of p 3 

0 

l 1 (PR) 

0 

0.3899s 

/?ooo and B' — B " of v* 

0 

2° 

°1 

0.3899s 

Bqo\ and B r — 77" of vz — 2 v 2 

i 

0° 

0/ 

0.3S97i 

B001 and B f — B" of vz — vi 

0 

0° 

1 

0.3866o 

A 2 F'(J) of vz — 2 v 2 and vz — v\ 


The only other linear polyatomic molecules for which fairly extensive data are 
available are C 2 TI 2 and C 2 IID. In order to save space we do not give all the /ip.] 
values here; instead, we collect in Table 129 the B [ 0 ], B c , /[o], and I e values for these 
as well as for all the other linear molecules investigated. 

Determination of internuclear distances: isotope effect. The data of greatest 
interest in connection with the geometrical structure of linear molecules are the 

8 From tho a 2 value the value i?oio = 0.39012 cm” 1 is obtained whose difference from B^** is 
half tho constant q of the l type doubling [see equation (IV, 14)]. Thus we find q = 0.00034 cm” 1 . 
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PARLE 120. ROTATIONAL CONSTANTS B\ o] AND B e AND MOMENTS OP INERTIA I [ol 
AND J, OF LINEAR POLYATOMIC MOLECULES . 9 


Molecule 

L'|oi (cm l ) 

B e (cm -1 ) 

/|U1 (lO -40 K cm 2 ) 

I e (10-* K cm 2 ) 

References 

IICN 

1.47S4 

1.4878 

18.035 

18.810 

See text above 

DON 

1.2088 


23.159 


(125) (439) 

C0 2 

0.8805 

0.3906 

71.87 

71.67 

See text above 

C(V 

0.3806 10 


73.55 


(639) 

CSt 

0.1092 11 


256.4 


(578) 

N*0 

0.4182 11 * 


66.94 


(703) 

O 2 II 2 

1.17602 

1.1838 

23.786 

23.648 

(441) (339) 

OiHD 

0.00141 

0.9967 

28.237 

28.087 

(437) (430) 


intfsrnuclwir distances. However, only in tlic case of syniinetrie linear tri atomic 
molecules XY 2 (point group Dao/,) is it possible to obtain the internuclcar distances 
directly from the moment of inertia of the molecule alone. This is because in this 
case the two internuclear distances that occur are equal and the moment of inertia 
is simply I — 2m Y 7xY* this way the internuclcar distances in C0 2 and CS 2 
given in Table 130 have been obtained immediately from the B values in Table 129. 
As usual, r e refers to the internuclear distance in the equilibrium position while tq 
is an average r value for the lowest vibrational state. 

In all cases other than symmetrical linear XY 2 , when there arc two or more differ- 
ent internuclear distances, it is obviously impossible to determine them from 011 c 
moment of inertia. In such cases, however, the investigation of the spectra of isotopic 
molecules mag supply the necessary additional equation or equations. It is only neces- 
sary to assume that the potential function and therefore the internuclear distances 
arc exactly the same in isotopic molecules. This assumption has been amply justified 
by the study of the vibrational isotope effect in polyatomic molecules (see Chapter II, 
section 0), and particularly by the study of the rotational and vibrational isotope 
effect in diatomic molecules. Except for diatomic molecules with low-lying excited 
electronic states (for which theoretically a slight difference of the order of 0.001 X 10~ 8 
cm is to be expected) it has always been found that the internuclear distance in 
isotopic diatomic molecules is the same within the accuracy of the measurements 
(± 0.0002 X 10” 8 cm), in agreement with expectation. 12 Thus, since the linear 
polyatomic molecules here to be considered have no low-lying electronic states, we 
can be certain that the internuclear distances in isotopic molecules are the same within 
much loss than 0.001 X 10“ 8 cm. It must be realized that this equality would be 
expected to hold exactly only for the equilibrium internuclear distances r 6 but not as 
accurately for the average (effective) internuclcar distances r 0 in the lowest vibra- 
tional level, since the amplitude of the zero-point vibration is different for different 

9 Some of the moments of inertia given here are slightly different from those in the original 
papers because of the use of new conversion factors. 

10 From the ultraviolet emission spectrum [Mrozowski (039)]. 

11 This value is from the ultraviolet absorption spectrum [Liebermann (578)]. It seems to 
be more accurate than the infrared value 0.112 cm" 1 given by Sanderson (701). 

l,a Calculated from Plyler and Parker's (708) data by the author according to the method 
outlined in the text. 

w This is due to the fact that the potential functions are almost entirely determined by the 
electrons and the nuclear charges but are independent of the nuclear masses. 
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isotopic species. However, even for the ro the equality will hold within less than 
0.002 X 10- 8 cm. 13 

As an example we consider the acetylene molecule ((Via) to which this method 
w r as first applied [Ilerzberg, Patat, and Spinks (437)]. The moments of inertia of 
C 2 H 2 and C 2 HD obtained from the spectra are given in Table 129. 

The distances being designated as in Fig. 115, the moment of inertia of C 2 II 2 in 
terms of these distances is 

I = 2 m c a 2 + 2m n b 2 . (IV, 30) 

The center of mass of C 2 HD is no longer in the geometrical center of the molecule 
but shifted toward the D atom (Fig. 115) by 


d = 


trio — win 

HP 




(IV, 31) 


where M l is the total mass of the C 2 IID molecule. Using the theorem of parallel 
axes, we obtain for the moment of inertia V of C 2 HD about its center of mass: 

V « 2 m c a 2 + ( m n + m u )V - MW. (IV, 32) 


If d is substituted from (IV, 31), we have tw r o equations [(IV, 30) and (IV, 32)] for 
the two unknowns a and b , from which we obtain 


b = 5KfeC) + r(O-II) = y[- 

, r ,s // — 2mn/r 

a = MC=C) = yj— — ■ 


MHJC - I) 

\I (//Id — win) 1 


(IV, 33) 


where M l is the total mass of the C 2 TI 2 molecule. If the I e or 7 0 values of Table 129 
are substituted into (IV, 33) the intcrnuclcar distances r c { C=C), r f (0 — II), and 
r«(( =(-), r 0 (C — H) respectively, given in Table 
130, are obtained. According to the above the 
ro values involve a (very slight) systematic 
error, but the smallness of the difference between 
ro and r e obtained shows that this error cannot 
be larger than a few thousandths of an Angstrom 
unit, particularly if it is remembered that the r 0 
values should be slightly larger than the r r . 14 
This shows that even in cases in which I e cannot be determined the error introduced 
by using Iq will not be more than the amount given. 

It would be very interesting to obtain the moment of inertia I e (or Io) of C 2 D 2 , 
since it would supply an additional equation for the two internuclcar distances 

/(C 2 D 2 ) = 2 m c a 2 + 2 m D b\ (IV, 34) 

which would give a check of the values determined from C 2 H 2 and C 2 HD. 

13 Even in such an unfavorable case as the pair HOI and DC1 the ro values are as close together 
as 1.2839 and 1.2816 respectively, whereas r f for both is 1.2747 X 10~ 8 cm. 

14 The fact that the difference tjetween r,(C,==C) and ro((/^0) comes out larger than the differ- 
ence between r e ( G — H) and ro(C — H), whereas the opposite would bo expected, is apparently duo 
to the non-exact validity of the assumption of equal ro values in the two isotopes. 


7 C 



i <: 

- „ j 

k> 


\L 


Fki. 115. Dimensions of C 2 H 2 and 
C 2 HD. — The X indicates the position 
of the center of mass. 
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In a way similar to the above the internuclear distances r(C^N) and r(C — II) 
in IICN given in Table 130 have been obtained from the moments of inertia of 1ICN 
and DON of Table 129 [sec Ilcrzberg, Patat, and Verlcger (439)]. In this case, 
since B e of DCN has not yet been obtained, only the ro values can be evaluated. 
The close agreement of the CH distance in C 2 H 2 and IICN is very remarkable. 16 


Table 130. internuclear distances in linear polyatomic molecules obtained from 

THEIR ROTATION-VIH RATION SPECTRA 15 AND COMPARED WITH THOSE IN 
THE CORRESPONDING DIATOMIC MOLECULES. 


Moleeide 


Bond 

r t (10 8 cm) 

ro(10 -8 cm) 

Corresponding diatomic molecule 


r,(l() 8 cm) 

ro(10 8 cm) 

C() 2 

oo 2 + 


r(C--O) 
r( 0=0) 

1.1615 

1.1632 

1.1767 

1.1284 

1.1310 

(Jfl: 2 


r(C=-S) 

— 

1.551 

1.536 

1.538 

C 2 H 2 (0 2 HD) 

j 

fr(C-C) 

1.202s 

1.207| 

1.3121 

1.3155 

l 

lr(C II) 

1.0597 

1.0597 

1.1201 

1.1305 

IICN(DCN) 

j 

fr(C_— N) 

— 

1.1574 

1.1721 

1.1747 

1 

[KC-IR 

— 

1.0587 

1.1201 

1.1305 


It is interesting to compare the internuclear distances of the linear polyatomic 
molecules with those of the corresponding diatomic molecules or radicals. For this 
purpose the last two columns in Table 130 are added. It is seen that while for CO 2 
and CS 2 the internuclear distances are larger, in O 2 H 2 and IICN they are smaller 
than in the diatomic molecules. 

For N 2 0, since no isotopic molecule has been investigated, the individual internuclear distances 
cannot be determined. It is only possible to say that r(N — O) -f r(N — N) 2.3124 X 10 -8 cm. 
Electron diffraction data by Srhomaker and Spurr (770a) give r(N — O) + r(N — N) 2.32 db 0.02 
X 10" 8 cm ; but this additional datum is not sufficiently accurate to determine the individual distances 
since slight variations of r(N — O) + r(N — N) within the accuracy of the electron diffraction data, 
if combined with the /[ oj value of Table 129 load to largo variations of r(N — O) and r(N — N) [for 
example for r(N-O) *f r(N — N) = 2.320 one obtains r(N— O) = 1.198 and r(N — N) =1.123 while 
f or O) + r(N — N) =2.300 the values r(N— O) = 1.306 and r(N — N) = 0.934 X 10“ 8 cm 

are found]. 

(c) Raman spectrum 

Selection rules. Just us for the infrared spectrum the vibrational selection rules 
for the Raman spectrum are in a good approximation unchanged by the interaction 
of vibration and rotation (see Tabic 55), and the rotational selection rules are the 
same as for diatomic molecules, that is, when l is zero in both upper and lower 
vibrational state, 

AJ = 0, ± 2, (IV, 35) 

and when l is different from zero in at least one of the states, 

AJ = 0, db 1, db 2. (IV, 36) 

15 All values are based on the same conversion factors (see appendix p. 538). 

18 If it is assumed that r«( CH) in HCN is the same as in C 2 H 2 , J e (HCN) (of Table 129) gives 
r«(CN) = 1.153 X 10“ 8 cm. 



LINEAR MOLECULES 


399 


IV, 1 

In addition, we have the symmetry rules 

+ <+>-, s<*a (IV, 37) 

and the restriction J' + J" > 0 [see Placzek and Teller (701] 

Types of Raman bands. From the lowest vibrational level (2 + ) only the vibra- 
tional Raman transitions 2 + — 2 + , II — 2 + , and A — 2 + can take place (for D^h mole- 
cules the subscript g should be added to each species symbol). Of these transitions 
2 + — 2 + is the most important since the totally symmetric (||) vibrations will give 
strong Raman bands of this type. According to (IV, 35), such 2 + — 2 + Raman transi- 
tions consist of an S, a Q and an 0 branch , each of which, in the case of £>«,* molecules, 
would have the usual intensity alternation. As in the case of the infrared JL bands, 
all the lines of the Q branch fall almost together, since B' — B" is very nearly zero. 
The resulting Raman “line” is much stronger than the individual lines of the 0 and 
S branches. 

The JL vibrations will give Raman bands of the type TI — 2 + (only ll g being 
Raman active for D^h molecules). For these transitions, in addition to S , Q , and 0, 
a P and an R branch ( AJ = ± 1) also occur (each with intensity alternation for D X h 
molecules). However, Placzek and Teller (701) have shown that for these transitions 
the Q branch is extremely weak, only its first line being comparable in intensity with 
the first lines of the other branches (which are not their strongest lines). Thus these 
II — 2 + Raman bands would not have the very strong and sharp central “line,” 
and even under fairly low dispersion they would appear as broad bands, possibly 
with two maxima. 

Raman transitions of the types A — 2 + (for example, the first overtone of a _L 
vibration) and II — n (for example, the second band in a sequence that starts out 
with a 2 — 2 band) have also the five branches 0, P, Q , R, S , but for them the Q branch 
is again very strong, as for 2 — 2 bands, and forms a characteristic strong central 
“line.” For D xh molecules the n — II bands, like the II — n infrared bands, do 
not show an intensity alternation in the branches, at least as long as the ^-doubling 
is not resolved. 

Placzek and Toller (701) have given explicit expressions for the intensity distribu- 
tion in the branches of all the various types of Raman bands. 

Observed Raman bands. Unfortunately, up to the present time the rotational 
structure of no vibrational Raman band of a linear polyatomic molecule has been 
resolved. Usually only the line-like Q branches of the || bands arc observed, the 
individual lines of the S and 0 branches being too weak to be recorded even as 
unresolved maxima. This explains, at the same time, why the Raman bands are 
usually so nearly like lines. However, Bhagavantam and Rao (150) (151) have 
found in gaseous C 2 H 2 a weak broad doublet band which fits very well the Raman- 
active JL fundamental va, and which would confirm the above theory, according to 
which the Q branch in such a band should be practically missing. The absence of 
the (line-like) Q branch accounts also for the apparent weakness of this band. The 
same reason explains also the fact that the perpendicular vibrations of HCN and 
N 2 0 have not as yet been observed in the Raman spectrum. 
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2. Symmetric Top Molecules 

(a) Energy levels 

Non-degenerate vibrational states. While in a zero approximation the energy of 
a vibrating and rotating symmetric top is simply the sum of the vibrational energy 
and the rotational energy (I, 20) of a rigid symmetric top, in higher approximation 
we have to take into account that both moments of inertia 1b and I A change periodi- 
cally during the vibration. In a first approximation (just as for linear molecules) 
we can apply the formulae for the rigid symmetric top if we use as rotational constants 
B and A the average values B M and A t „] during a vibration, which differ in general 
from the equilibrium values B c = h/8n 2 cl B e and A e = h /Sir 2 cl a‘- As in the case of 
linear molecules, we expect the following relations to hold: 

#[»] = Be — £ <X B + 2 ^ 

A W = A e — £ a A (v> + | ) + • • • , (IV, 39) 

where di is the degree of degeneracy of the vibration v t ( di = 1 or 2). For the 
present we consider only non-degenerate vibrational levels, since for the degenerate 
levels another fairly large coupling effect conies in. To be sure, in such a non- 
degenerate level, one or more degenerate vibrations may be excited. 

According to the above, then, the total energy of vibration and rotation of a sym- 
metric top molecule (as long as the vibrational state is non-degenerate) is given by 

T = G(v\ y V 2 j t> 3 i’ • •) + E[ v ](J f K) % (IV, 40) 

where G(v i, v 2 , v*, • • •) is given by the previous equation (II, 281) and 

F [v] (J, K) = B [v] J(J + 1) + (A [v i - B [v] )K 2 (IV, 41) 

According to (IV, 41) we have for each (non-degenerate) vibrational level a set 
of rotational levels as in Fig. 8, p. 25, but the spacing is slightly different in the 
different vibrational levels. Also the restrictions on the J and K values are the 
same as in Fig. 8. 

According to (IV, 38-39), just as for linear molecules, even the rotational con- 
stants B[ o] and A[ o] for the lowest vibrational state differ slightly from the values B e and 
A e which correspond to the equilibrium position . The moments of inertia and inter- 
nuclear distances obtained from I?[o] and A[o] arc therefore not exactly, even though 
fairly closely, the equilibrium values. 

In addition to the above effect of the interaction of rotation and vibration there 
is also centrifugal distortion. As discussed in Chapter I £see equation (I, 27)], in 
the vibrationlcss state the terms — DjiP(J + l) 2 — DjkJ(J + l)^ 2 — DkK a have 
to be added to (I, 20) [see Sla wsky and Dennison (795) ]. Similar terms with slightly 
altered coefficients would bc expected here in addition to the terms in (IV, 41). The 
effect of these terms on the rotational levels of the higher vibrational states would 
of course be quite similar to the effect on the vibrationlcss state discussed in Chapter I. 
Up to the present time no data accurate enough to detect the influence of these terms 
in rotation-vibration spectra are available; we shall therefore in future always 
neglect them. 
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The above considerations apply equally to the case of a molecule that is a sym- 
metric top because of symmetry (such as N1I 3 and the methyl halides) and to the 
case of a noil-symmetrical molecule for which two of the principal moments of inertia 
happen to be equal. The formulae (IV, 38) and (IV, 39) have been proved more 
rigorously on the basis of the wave equation for planar and pyramidal XY 3 molecules 
by Silver and Shaffer (790) and Shaffer (770) respectively, for axially symmetric 
XYZ 3 molecules by Shaffer (777) and for the general case by Nielsen (066). These 
authors have also given explicit formulae for the a t A and af in terms of the geo- 
metrical and potential constants of the molecule. As for linear molecules, the a* 
are sums of harmonic, anharmonic, and Coriolis contributions [see equation (IV, 12)]. 
Silver, Shaffer and Nielsen have also found that a constant term — ao A and —a o B 
should be added at the right of (IV, 38-39). However, it is of the order of magnitude 
of the rotational constants Dj and can therefore practically always be neglected. 17 

Degenerate vibrational states. We shall consider here only the case of necessary 
degeneracy, and not the case of accidental degeneracy. Degenerate vibrational 
states occur for all molecules that are symmetric tops because of their symmetry 
(see Chapter II, section 3). For such degenerate states, as was first recognized by 
Teller and Tisza (837) (836), the influence of the Coriolis force is in general much 
larger than it is for the non-degenerate states or for the degenerate states of linear 
molecules. 

As we have seen above, for linear molecules the Coriolis force produces an inter- 
action of two vibrations of different species, which increases with increasing rotation 
and results in a contribution to the rotational constant a . This contribution is 
small as long as the interacting vibrations have rather different frequencies. For 
symmetric top molecules this same effect also occurs and is responsible for part of 
the rotational constants a,-. But in addition, since now a rotation about the top 
axis may occur, the Coriolis force may produce an interaction between the two com- 
ponents of a degenerate pair of vibrations . 

For example, consider the component v 2a of the degenerate vibration of the tri- 
atomic molecule X 3 of point group Du (equilateral triangle) shown in Fig. 116a. 
For a counter-clock w r ise rotation of the molecule the Coriolis forces are as shown by 
the broken arrows. It is seen from the figure that they tend to excite the other 
component v 2 b of the degenerate vibration (sec Fig. 32), and, since the two components 
have the same frequency, the transition from the one to the other mode of motion 
(and back) will occur very quickly. 18 Therefore, the influence on the energy levels 
will be large and cannot be considered as a second-order effect. 

The result of this strong Coriolis interaction is a (first-order) splitting of the de- 
generate vibrational levels into two levels whose separation increases with increasing 
rotation ( K ) about the top axis and is zero for K = 0. As usual in wave mechanics, 
the two component levels cannot be described by the two modes v 2a and v 2 u given 
ia Fig. 32 (or rather the corresponding eigenfunctions), but by a linear combination 
of the two, such that they no longer influence each other. Such modes are, in the 

17 It may be noted that Silver and Shaffer’s (790) on and & correspond to our a t R and a t R — on A 
respectively, whereas in the papers by Shaffer (776) (777) a n and (3 n correspond to our —atfl/B e 
and —a t A lA e . 

18 In fact, it is easily seen that after a rotation by 90°, if the displacement vectors retain their 
direction in a fixed coordinate system, the first mode goes over into the second. 
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above example, the clockwise and counter-clockwise circular oscillations (sec Fig. 
110b and c and p. 75f.). While without rotation about the top axis these two 
oscillations have the same energy (frequency), with increasing rotation they have 
increasingly different energies, because in the one (circular oscillation opposite to 
rotation) the Coriolis force acts as an additional restoring force and increases the 
frequency, whereas in the other (same sense for circular oscillation and rotation) the 
Coriolis force is opposite to the restoring force and decreases the frequency. 

Fig. 116b and c show that there is a vibrational angular momentum about the 
symmetry axis in each component level of the degenerate vibration (independent of 





Fig. 116. Coriolis forces during the degenerate vibration of an X 3 molecule. 

the rotation of the molecule), and we may also consider the splitting that occurs 
with increasing K as a consequence of the interaction of the angular momentum due to 
vibration with that which is due to ordinary rotation about the top axis. 

It must be realized that in the present case the vibrational angular momentum 
is much larger than the vibrational angular momentum arising from Coriolis inter- 
action with other vibrations as discussed previously for linear molecules (the ellipses 
in Fig. 101 arc very narrow). In the previous case it decreases to zero as the speed 
of rotation goes to zero, whereas in the present case it persists even for no rotation 
since the two circular oscillations are solutions to the pure vibrational problem 
(see Fig. 27b). 

It can be shown (see below) that the magnitude of the vibrational angular mo- 
mentum in a degenerate vibrational state in which only one degenerate vibration v t 
is singly excited is f t -(fc/27r) where 0 S |f»| ^ 1. In the above example (Fig. 116) 
it can be shown [see Teller (836)] that *| = 1, since the nuclei move in circles whose 
planes are perpendicular to the axis of symmetry. However, in other cases when 
the molecule has more than one degenerate vibration, values of the constant of 
the vibrational angular momentum intermediate between —1 and +1 or even equal 
to zero may occur. For example, consider the two degenerate vibrations v z and v\ 
of BF 3 (point group D Zh ) given in Fig. 63. By superimposing v Za and v zb (and 
similarly v\ a and v\h) with a phase shift of 90°, an elliptical motion of each F nucleus 
is obtained (compare also S Za and S zh of pyramidal XY 3 in Fig. 58). For different 
masses of the nuclei and different potential constants different eccentricities are 
obtained, that is, different values of U- The maximum value of f; is obtained 
when a circular motion of each nucleus results, as for example when the masses 
and potential constants are such that the Y 3 triangle moves as a whole against 
the X atom (compare vi a and v lb of X 3 Y 3 in Fig. 36). On the other hand, when 
in both degenerate components of a vibration the nuclei move in the same line, 
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no superposition will give a vibrational angular momentum; for example, for v 6 
of X5 (Fig. 38) and p& of Xc (Fig. 40). In these eases = 0, even independent 
of the masses and potential constants, since there is only one vibration of the par- 
ticular species. When there is more than one degenerate vibration of a certain 
species, the exact value of for each depends in a complicated manner on the masses 
as well as the potential constants and the geometrical dimensions (see below). 

According to quantum theory the component of the total angular momentum 
along the axis of any symmetric top must be an integral (or, for an odd number of 
electrons, half integral) multiple of h/ 2ir. The fact that in general the vibrational 
angular momentum f* is not integral means, therefore, that the purely rotational 
angular momentum about the top axis is likewise not integral; but still the sum of 
the two is integral ( = Kh/2ir). 

According to Teller (836) and Johnston and Dennison (476), th q formula for the 
rotational energy levels in a vibrational state of a symmetric top molecule in which 
one degenerate vibration Vi is singly excited, in consequence of the above described 
Coriolis coupling, is nofc (IV, 41) but 


Fw(J, K) - + 1) + (A m - B lr] )E* =F 2 A^K, (IV, 42) 

which differs from (IV, 41) only by the term = F2A[,,]f t 7v. 18a The — sign in this term 
applies if the vibrational angular momentum p has the same direction as the rota- 
tional angular momentum, whereas the + sign applies if they are opposite in direc- 
tion. This additional term gives a splitting that increases linearly with increasing K. 
One of the component levels has a factor c +llsf> of its eigenfunction, the other the 
factor where l is the previously introduced quantum number of degenerate 
vibrations (p. 81), which here has the value l = 1 since Vi = 1. For convenience 
we shall distinguish the two levels as +1 and — l levels. In Fig. 117 is given a 
schematic energy-level diagram for such a case, which should be compared to Fig. 8. 
Each level shown in Fig. 117 is still doubly degenerate, the levels with K 9 ^ 0 because 
of the two possible directions of K, those with K = 0 because of the vibrational de- 
generacy which, according to (IV, 42), is not removed for K = 0. 19 The splitting is 
the same for all levels with a given /v. 


The energy formula (IV, 42) can bo easily proven [see Johnston and Dennison (47(5 ] on tho 
basis of the rotational part of the total rotational-vibrational energy (II, 279) of the molecule (in 
which only the dependence of the moments of inertia on the normal coordinates is neglected): 


„ (Px - Ar) 2 , (Py - A/) 2 , (Pz - pz) 2 

//rot = ' ~Ti 7“ + ~U7~ 


(IV, 42) 


Here P x , P y , P z are the components of the total angular momentum, Ar, Py, Pz those of the vibrational 
angular momentum. In the present ease I x = I y = Tu, l» = I a, Pr = P u — 0. In addition wo 
put p z = + p or —A depending on whether the vibrational angular momentum p is parallel or 
antiparallel to the z axis. Wo may then write, instead of (IV, 43): 


H rot 


(Px 2 + Py 2 + Pz 2 ) JV 

21b + 21 A 


« _ap. 

21 B I A + 21 A ’ 


(IV, 44) 


Ms, while (IV, 42) appears to be a reasonable extension of the formulae given by Teller and 
Johnston and Dennison who neglected the dependence of li and A on i><, Shaffer and Nielsen in their 
papers use A e in the term 2 not A[ r ] as has been assumed here. 

19 It should be noted that the levels with K = 0 are not missing even though f 0. This is 
because K is the sum of the angular momenta due to pure rotation and to vibration. If tho former 
is opposite and equal to tho latter we have K = 0. 



404 


INTERACTION OF ROTATION AND VIBRATION 


IV, 2 


Using this classical expression for the energy as the Hamiltonian in the wave equation, the energy 
formula (IV, 42) is immediately obtained by putting 

P'* + p„* + P,* = + !)£;. P.-K (IV, 45) 

if the last term P/2Ia in (IV, 44) is omitted, which is legitimate since it does not depend on the rota- 
tional quantum numljers and can therefore be combined with the vibrational part of the energy. 


/ 74 / -/ 4 -/ -/ 4-1 -/ 4 -/ -/ 4 -/ -/ 4 -/ -/ 



Fig. 117. Rotational energy levels of a symmetric top molecule in a doubly 
degenerate vibrational state with > 0. 


As for linear molecules, the components p x , py, Pz of the vibrational angular momentum are given 
by equations of the form of (IV, 11), where the k are constants depending on the equilibrium 
intcrnuclear distances, force constants, and masses. However, here may be different from zero 
even when i and k refer to two components of a degenerate vibration. These are the used above, 
which result in a first-order energy change, whereas all other ft* give only a second-order change, 
that is, a contribution to the rotational constants a % . Silver and Shaffer (790) and Shaffer (776) (777) 
have given explicit (rather complicated) formulae for the ft in terms of the masses, force constants, 
and intcrnuclear distances for the case of planar and pyramidal XY3 molecules and axial X\ Z3 
molecules [see also Jahn (468)]. 


While the prediction of the values usually requires the knowledge of more 
molecular constants than arc actually known, the sum of the ft values for all vibrations 
of the same species , as was first shown by Teller (830), is independent of the potential 
constants , and can be expressed as a very simple function of the moments of inertia. 
According to Johnston and Dennison (476) [see also Silver and Shaffer (790) (776) 
(777)1 one obtains (using an extreme and simplified force field, since the f sum is 
independent of it) for axial XY 3 molecules (pyramidal or planar) 



(IV, 46) 



SYMMETRIC TOP MOLECULES 


405 


IV, 2 


and for axial XYZ3 molecules 

t4 + fs + r« = . (IV, 47) 

For planar XY 3 molecules, since I a = 21 b, (IV, 46) simplifies to 

fa + $*4 = 0 or {*3 = — {* 4 . (IV, 48) 

For X 2 Y 6 molecules of point group Dzn or Dza (such as ethane) according to Howard 
(461) the relations 

f 7 + fs + = 0 and fio + fn + fi 2 = 0 (IV, 40) 

hold. For the numbering of the vibrations in the four cases see Figs. 45, 91, 63, 
and 49 respectively. 


It must be realized that the may be positive or negative even though the energy 
according to (IV, 42) depends only on the magnitude of f t -. But for positive f * the 
lower component levels are +1 levels, the higher the — l levels, as in Fig. 117, while 
for negative the reverse is the case. It can be shown [see Teller (836)] that for 
positive ft the direction of rotation of the dipole moment during the vibration coincides 
with the direction of the vibrational angular momentum, while for negative ft they 
have opposite direction. The direction of rotation of the dipole moment is the same 
as the direction in which the whole vector diagram of one linear component vibration 
has to be rotated in order to obtain a second one which, superimposed on the first 
with an appropriate positive phase difference, gives the rotational oscillation. 

If there is only one vibration of a certain (degenerate) species its ft value is 
independent of the force constants. For example, for the X 3 molecule, the only 
degenerate vibration has ft = — 1 (see above). It can be seen from Fig. 33a that 
the superposition of V 2 I and v \ ^ 40) of Fig. 32 with a phase difference of 120° gives the 
clockwise rotational oscillation in Fig. 116b, while *4a 40) arises from vfa by a counter- 
clockwise rotation through 120°. 

It must be emphasized that the above sum rules for ft like the product rule for the 
isotope effect, hold rigorously only as long as anharmonicity can be neglected and no 
resonances occur . 

In all the above considerations we have assumed that only one degenerate vibration is singly 
excited. If several (doubly) degenerate vibrations arc multiply excited, =F 2A[ V ]$ X K in (IV, 42) has to 
be replaced by 

— 2A[ V ] 2 (=fcf t / t )X, (IV, 50) 

t 

as has been shown in detail for XY 3 molecules by Silver and Shaffer (790) and Shaffer (770) and for 
XYZ3 molecules by Shaffer (777). Here U is the quantum number introduced previously (p. 81), 
which assumes the values r, f i»* — 2, w* — 4, • • •, 1, or 0. Since there are always two values of 
S (± ftZ,) equal in magnitude but opposite in sign, we have again a splitting of each degenerate 
vibrational level into two (+Z and —l level) for K 0, as in Fig. 117, the splitting increasing with 
increasing K. 

When a degenerate vibration v% is doubly excited we have U = 2, or 0, and therefore 2 (± £ x l x ) 
— db or 0 respectively. Thus the substato 2v t (E) has twice the splitting of vi{e) while of 
course the substate 2v % (A{) does not split. For the state 3 v% wo have U — 3 and 1, corresponding to 
S (± fJi) = ±3fr and Thus the substate 3v % (E) gives the same splitting as v % while the 

substates 3vi(Ai) and 3v % (A 2 ) which together form the state li = 3 will split by three times this 
amount. But it must be remembered (see p. 219) that the two states 3v t (A\) and 3v t (A2) may havo 
different energy even without rotation. In this ease, therefore, the U degeneracy can be removed 
both by Coriolis interaction of rotation and vibration and by Fermi interaction of different vibrations. 
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If two degenerate vibrations are singly excited, say in the state v% 4* vk, S (± ft/») has the 
values ± (ti + f*) and db (ft — ft-), the first corresponding to the substate Vi + vk(E), the second 
to the two substates vi + v k (Ai + A 2 ). The additional excitation of non-degenerate vibrations does 
not influence the f values. 

It should be mentioned that for the higher vibrational levels the ft cannot bo expected to bo 
exactly the same as for the fundamentals. Rather wo expect a dependence of the ft on the Vi similar 
to that for B v and D v : 

r. w = r.* - s «, t (r, + '~j. 

The sum rale holds rigorously only for the ft*. However, this effect has not as yet been discussed 
theoretically and the experimental data arc not sufficient to establish it. 

Symmetry properties of the rotational levels. For a molecule that is accidentally 
a symmetric top the only symmetry property of the rotational levels is the property 
“ pox live” or “ negative” ; that is, the total eigenfunction remains unchanged or changes 
sign for a reflection at the origin. If the molecule is non-planar, each of the levels 
considered in the preceding discussion has a positive and a negative sublevel which 
may be considered as coincident for most practical purposes (however, see below); 
if the molecule is planar , the levels are partly positive and partly negative, as indi- 
cated in Fig. 8h for the case in which the electronic and vibrational state is totally 
symmetric. In a non-totally symmetric vibrational (electronic) level, the property 
positive-negative will be reversed compared to Fig. 8b if the vibrational (electronic) 
eigenfunction changes sign for an inversion (obtained by one of the symmetry opera- 
tions followed by a rotation about the top axis). 

If the molecule is a symmetric top because of having a more-than-two-fold axis 
of symmetry, additional symmetry properties of the rotational eigenfunctions have 
to be considered, since certain rotations are symmetry operations, depending on the 
point group to which the molecule belongs. All the symmetry operations of a point 
group that are equivalent to rotatioyis form the rotational subgroup. For example, for 
the point group C 3w the rotations about the three-fold axis belong to the rotational 
subgroup, but not the reflections at the three planes of symmetry. The rotational 
subgroup is therefore C 3 . Similarly, in other cases the rotational subgroup has all 
the 7 >-fold axes of the point group considered but no other elements of symmetry. 
Thus the rotational subgroup of Dzh is Z) 3 ; of Da h, it is Da) of Td, it is T ; and so on. 

Similar to the case of the vibrational eigenfunctions, the rotational eigenfunctions 
may belong to any one of the symmetry types ( species ) of the rotational subgroup. For 
example, for the rotational subgroup C3 of C 3 » we have the species A and E (see 
Table 25). Thus the rotational eigenfunctions of molecules such as NH 3 and CII 3 F 
are either of species A or of species E. The rotational eigenfunctions of molecules 
such as C 3 H 6 (cyclopropane) and C‘ 2 Ha (ethane) can have the species Ai, As, and E } 
and similarly in other cases. 

The eigenfunctions of the symmetric top may be written [sec equation (I, 26)] 
h = O jRuW-e 1 *** c* lK *, (IV, 51) 

where <p is the angle of rotation about the top axis. It is immediately clear that if <p 
increases by 2x/3 the rotational eigenfunction will remain unchanged if K is a 
multiple of 3. 20 In the case of a molecule of point group C 3l> (or C 3 / t , or C 3 ) the rota- 

20 This holds irrespective of the symmetry of the molecule. But only for molecules with a three- 
fold axis will it lead to any consequence (see further below). Similar statements can of course bo 
made for rotations by 2tt/ p for any p if K is a multiple of p. 
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tional eigenfunctions for K = 3 q (q = 0, 1, 2, • • •) have therefore the species A of 
the rotational subgroup. This holds for both components of the doubly degenerate 
rotational levels when K 9 * 0. If K is not a multiple of 3 (K = 3 q db 1) the rota- 
tional eigenfunction does not remain unchanged, that is, it is of species E . These 
symmetry properties are indicated in the energy-level diagram, Fig. 118a where for 
the present case the difference between A\ and A 2 should be disregarded. Similar 
considerations apply to other point groups [see Wilson (933) and below]. 

What matters for the selection rules is not the species of the rotational eigen- 
function alone but the species of the total eigenfunction ( over-all species). Correspond- 
ingly a rotational level of a molecule of point group C 3v is said to be of species A or 
E depending on whether the total eigenfunction yp cvr (exclusive of nuclear spin; see 
below) is of species A or E with respect to the rotational subgroup C 3 of C 3u , and 
similarly for other point groups. 21 

In order to find the over-all species we have to remember that 

^Pevr = 'I'e'I'v'I'r + ^evr, (IV, 52) 

where \p Vt $ r are the electronic, vibrational, and rotational eigenfunctions and 
\pevr is a small correction term corresponding to the mutual interaction of the three 
motions. The species of \p e vr is therefore that of the species of the product 
which is obtained by “multiplying” the species of \p e , and \p r in the same way as 
was explained previously for the derivation of the species of the higher vibrational 
levels (see Chapter II, section 3e). In the case of the rotation-vibration spectra, 
\p e is practically always totally symmetric, and therefore we need only determine the 
species of \l/ v \p r • The species of \p 0 with respect to the rotational subgroup is im- 
mediately obtained from the species with respect to the complete point group simply 
by dropping the indices that distinguish species which have the same characters for 
all p-fold rotations. Thus both species A\ and species A 2 of C 3v (and similarly A f 
and A " of C 3 ; t ) belong to species A of the rotational subgroup C 3 , and of course E 
of C 3v (and C 3 h ) remains E of C 3 . Similarly A\ and A\" of D 3 k belong to A\ of the 
rotational subgroup Z> 3 , A 2 and A 2 " to A 2 , and E ' and E " to E. 

If for a molecule of point group C 3v the vibrational state has species A\ or A 2 
(either of which is totally symmetric with respect to the rotational subgroup), the 
rotational levels are of species A or E depending on whether the rotational eigen- 
function is of species A or E, that is, the species are those given in Fig. 118a, ignoring 
the subscripts 1 and 2 of A. However, if the vibrational state is of species E the 
situation is different. For the rotational levels whose \pr is of species A (that is, for 
the levels K = 3 q) 9 the product \pv\pr (and therefore ypcpv'l'r) is of species A X E = E 
(see Table 31). For the rotational levels whose \[/ r is of species E (that is, for the 
levels K = 3q db 1), the product (and therefore \p e ypv^pr) has species E X E 
= A + A + E (sec Table 33). In the first case (K = 3q) there are, except for 
K = 0, two levels of species E for each J } whereas in the second case (K = Sq =fc 1) 
there are three levels, two of species A and one of species E (doubly degenerate). 
Without the influence of the Coriolis force the sublevels with a given J and K 9 * 0 
have the same energy. But if the Coriolis interaction is taken into account they split 
into two levels: each of these, for K = 3g, is doubly degenerate (species E); for 
K = 3^ =h 1, only one of the levels has species E (for K = 3g — 1 the +1 level, 

21 It will bo recalled that also for linear molecules the symmetry + or — and 8 or a of the rota- 
tional levels depends on the symmetry of the total eigenfunction (exclusive of nuclear spin). 
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Fig. 118 . Symmetry properties of the rotational levels of molecules with a three-fold axis 
(a) in a totally symmetric vibrational state (b) in a degenerate vibrational state. — The species indi- 
cated refer to molecules of point groups Du, Du and D 3 . If the subscript 1 or 2 of A is dropped 
they apply to molecules of point groups C 3v , Cu and C 3. For point groups Du, Du, C 3v and Czh 
part (a) of the figure applies also to Ai u , A 2 and A n vibrational states respectively. For A2 , 
A/' of Du and A% g% A2u of Du the figure applies if A\ and A2 are interchanged. Only those levels 
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for K = 3q + 1 the — l level), while the other consists of two coinciding levels of 
species A. This is shown in Fig. 118b, again ignoring the subscripts 1 and 2. The 
degeneracy of the rotational levels of species E persists even if all interactions are 
taken into account, whereas the pairs of coinciding levels of species A may split 
[see Wilson (934) and below]. We call the latter splitting K-type doubling. It is 
indicated in Fig. 118, but has not as yet been observed. 

For a molecule of point group Dzh (and similarly Du) we have the rotational 
species Ai, A 2 , and E (see above). The rotational eigenfunctions for K = 0 are of 
species Ai for even J and of species A 2 for odd J , since x// r changes sign for a rotation 
by 180° about an axis perpendicular to the symmetry axis when / is odd but remains 
unchanged when J is even. For K = 3# 9^ 0 there is a function of species Ai 
and one of species A 2 for each J, whereas for K = Sq =fc 1 as before the \f/ r is of species 
E. From this the over-all species of \[/ e ^ v ^r can be determined in the same way as 
above. The result for the vibrational species Ai', A \ ", E' y E" is shown in Fig. 118, 
now taking account of the subscripts 1 and 2. For A 2 ' and A 2 " vibrational levels 
the Ai and A 2 in Fig. 118a would have to be interchanged. Other point groups have 
been considered by Wilson (933). 

We have now to consider the influence of nuclear spin and statistics. Let us first 
consider the case of zero nuclear spin of the Y nuclei in a non-planar molecule XY3 
of point group C 3w (the same considerations would also apply to any C 3y molecule if 
all identical nuclei have zero nuclear spin). The rotation of the molecule by 120° 
about the top axis is equivalent to two successive exchanges of two pairs of identical 
nuclei. Therefore, for Bose or Fermi statistics of the identical nuclei the total eigen- 
function must remain unchanged; that is, all those energy levels in Fig. 118 whose 
eigenfunctions do not remain unchanged for such a rotation cannot occur. Only the 
levels with over-all species A occur for zero nuclear spin of the identical atoms; that is, 
for non-degenerate vibrational states only those with K = 3</, and for degenerate 
vibrational states only half of those with K = 3q ± 1. For a plane XY 3 molecule, 
in addition, a rotation about one of the two-fold axes is equivalent to the exchange 
of two identical nuclei. Therefore, for Bose statistics of the identical nuclei of spin 
zero only the A\ levels in Fig. 118 can occur, since only for them do the eigenfunctions 
remain unchanged for such a rotation, that is, such an exchange of nuclei. For 
Fermi statistics only the A 2 levels in Fig. 118 would occur, since the eigenfunction 
must be antisymmetric with respect to an exchange of identical nuclei. However, 
actually, nuclei with zero spin and Fermi statistics do not exist, so that only the first 
case is realized. Thus in molecules like SO3, C03 a , if they have point group Dzh 
(as is very likely), in the non-degenerate vibrational states only the rotational levels 
with K = 0, 3, 6, 9, • • • occur (and for K = 0 only those with even J ) while for 
degenerate vibrational states only the rotational levels with K = 1, 2, 4, 5, 7, 8, • • • 
occur, and of these only one sublevel for every J (see Fig. 118). 

Similar considerations apply to other molecules with identical nuclei of spin zero 
(and Bose statistics). Always only the rotational levels of totally symmetric over-all 
species occur. 

If the spin of the identical nuclei is different from zero , the function \p evr in (IY, 52) 
is no longer the total eigenfunction, but we have to add a factor \f/ 8 , the nuclear spin 

are drawn separately that at least in a sufficiently high approximation form separate levels. The 
E levels are doubly degenerate, but do not split in any approximation. The K values given at the 
bottom refer to both (a) and (b). The oblique arrows indicate the possible transitions (see p. 429). 
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function (compare the analogous situation for diatomic molecules, Molecular Spectra 
I, p. 144 f.). The important point is that by the inclusion of this factor the total 
eigenfunction can be made to have the proper symmetry with respect to an exchange 
of any two identical nuclei (symmetric for Bose, antisymmetric for Fermi statistics), 
even though and therefore i/w, does not have the proper symmetry. There- 

fore, in general all rotational levels (for example, in Fig. 118) can occur although with 
difffrent statistical weights . Here the statistical weight is the number of independent 
eigenfunctions for the level considered. 

We shall consider in somewhat more detail only the case of the molecule XY 3 
with the spin 1 — \ of the identical Y nuclei, both for the planar and non-planar 
case [see Wilson (988)]. The same considerations apply also to axial XYZ 3 mole- 
cules. There are eight possible orientations of the three spins, as shown in Fig. 119; 
that is, there are eight different spin functions yp s > The first and last of these are 
totally symmetric with respect to all rotations permitted by the symmetry of the 
molecule; that is, they have species A or A\ for C 3v or D 3h respectively. Any permu- 
tation of the nuclei that is equivalent to a rotation leaves these functions unchanged. 
Although this is not the case for the remaining six functions, there are two linear 
combinations of them, namely 

and ^ + & VI + ^ vl1 

that arc totally symmetric. The four remaining spin functions that are linearly 
independent of the four just considered (for example i// s IT , ^ s nl , \p 8 y y ^, vl ) are de- 
generate, since they change by more than just the sign for at least one 
of the permutations that are equivalent to rotations. Thus we have 
four totally symmetric and two doubly degenerate spin functions 
(4 A + 2E and 4 A\ + 2 E respectively). 

The species of the total eigenfunction is obtained from the species 
of \!/ s and of \f/ t . V r (that is, here, of \l/ v \f/ r since \[/ c is assumed to be totally 
symmetric) in the same way as the species of yj/ v f/ r is obtained from 
those of \[/ v and ipr. 

I 11 the case of a non-planar XY3 molecule (and similarly for any 
C'dv molecule with only three identical atoms of nuclear spin \ outside 
the axis of symmetry), the total eigenfunction (inclusive of nuclear 
spin) will have species A or E for all A rotational levels depending 
011 whether the spin function is A or E, while for E rotational levels 
the total eigenfunction has species E or E + 2 A, for spin functions 
A and E respectively. Even though only levels with species A of the 
total eigenfunction can occur for either statistics of the nuclei (see 
above), now, unlike the case of zero nuclear spin, both the A and E 
rotational levels (species A and E of ^w) can occur if combined with 
appropriate spin functions. But the E rotational levels, in spite 
of their double degeneracy, have only the same statistical weight (apart from 
the factor 2J + 1 ) as the A levels, because there are only two doubly degenerate 
spin functions (see above) and because only half the number of spin sublevels are 
totally symmetric (E X E = 2 A + E). Thus, if as usual the K doubling is not 
resolved, for a non-degenerate vibrational state (Fig. 118a) the rotational levels with 
K = 3q 0) have double the statistical weight of the levels K = Sq db 1; that is, we 
have an alternation 2, 1, 1, 2, 1, 1, 2, — . For a degenerate vibrational level (Fig. 
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118b) a similar alternation results for both +1 and — l sublevels, but for the +1 
sublevels the rotational levels with K = 3q + 1, and for the —l sublevels the rota- 
tional levels with K = Sq — 1 have the higher statistical weight (since they are 
the A levels). 

For a planar XY3 molecule (symmetry Dm) and Bose statistics of the nuclei the 
species of the total eigenfunction must be A 1, for Fermi statistics it must be A 2 
(see above). If / = £ the nuclei always follow Fermi statistics. Since the spin 
functions have species Ai and E only, the total eigenfunction can have species A 2 
only for the rotational levels of species A 2 and E . Therefore the A\ rotational levels 
(Fig. 118) do not occur, since A\ X A\ = A\ and Ai X E = E. Hence for 7v = 0 
in an A\ vibrational state only the levels with odd J values occur; in an A 2 vibra- 
tional state only the levels with even J would occur. Since E X E = A\ + A 2 + E, 
and since there arc four Ai and two E spin functions, the E rotational levels have 
only the weight 2, whereas the A 2 rotational levels have the weight 4. Thus for 
K 5 * 0 we have again (as for C3,, molecules) the alternation 1, 1, 2, 1, 1, 2, • • • of 
the statistical weights as a function of K. It should be noted that the absence of 
the Ai rotational levels follows only for 1 = §. For higher I values of the identical 
nuclei, spin functions of species A 2 also occur and therefore all rotational levels can 
occur. The ratios of the statistical weights for such cases have been given earlier 
(see Chapter I, p. 28). 

In the case of both planar and non-planar XY3 molecules the alternation of 
statistical weights as a function of K occurs also for larger spin values, but the ratio 
is reduced. It is 8, 8, 11, 8, 8, 11 • • • for I = 1, the ratio becoming closer to 1 for still 
larger I values (see Chapter I, p. 28). This holds in the same way for axial molecules 
like CIICI3. 

For molecules of point groups Dm and Dm with six (or more) identical atoms 
such as ethane (C2II6) or cyclopropane (C 3 H 6 ), the spin functions and therefore the 
statistical weights of the rotational levels are of course different from the above. 
They have been given by Wilson (933) (938) [for C2H6, see also Schafer (768)]. 
Wilson has also discussed the species and the statistical weights of the rotational 
levels of CeH 6 (point group Z>6 a). For pyramidal XY 4 molecules Placzek and Teller 
(701) have given the statistical weights. 

Inversion doubling. For all non-planar molecules each single one of the energy 
levels thus far considered will actually be double on account of the possibility of 
inversion. In most cases this doubling can be disregarded since it is immeasurably 
small ; but in a few cases, of which NII 3 is a well-known example, it must be considered. 

The dependence of the inversion doubling on the vibrational quantum numbers 
has been considered in Chapter II, section 5d. It is to be expected that on account 
of the interaction of rotation and vibration the doublet splitting will also depend on 
the rotational quantum numbers . This dependence, as seems plausible and as has 
been shown in detail by bheng, Barker, and Dennison (785), can be taken into account 
by using effective rotational constants £[tj, and A$ ]f A[7j for each inversion sub- 
level. The previous formulae (IY, 38) and (IY, 39) then hold for the average B [ V j 
and A[ V ], while for the individual ), J3 t 7], A[t], j similar formulae hold with differ- 
ent a x B and a x A . The difference between a x B+ and and between a* A+ and 
is fairly large for those vibrations v x which tend to produce an inversion ( v% for NH 3 ). 
In other words, the difference of the effective B and A values is large when the in- 
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Fia. 120. Energy levels and their symmetry properties for an XYj molecule with inversion 
doubUng < a ) in a totally symmetric and (b) a degenerate vibrational level.— Unlike Fig. 118 here 
the levels are those of an oblate symmetric top as is always the case for a pyramidal molecule of small 
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version splitting itself is large. For the lowest vibrational level the difference is 
usually negligibly small. 

If the inversion doubling is not negligible, some special considerations of the 
symmetry properties are necessary. We consider again only the case of an XY3 
molecule of point group Cz v (such as NH3). As we have seen previously (p. 22 If.), 
the vibrational eigenfunction of the lower component of an inversion doublet remains 
unchanged while that of the upper changes sign for an inversion. Combining this 
with the +, — character of the rotational levels of an oblate symmetric top (Fig. 8b), 
we obtain the parities of the rotational levels for a totally symmetric and for a 
degenerate vibrational level, as indicated on the left of each energy level in Fig. 120. 
Now it must be realized that the vibrational levels, since each vibrational eigenfunc- 
tion is the sum or difference of the eigenfunctions of the left and right forms, may 
be classified according to the species of point group Z) 3 . (The potential field has 
point group D$h)* It can easily be seen that the “positive” vibrational sublevels 
of a non-degenerate vibrational state have the (vibrational) species A\ f the “nega- 
tive” the species A 2 . Combining this with the species of the rotational levels in a 
totally symmetric vibrational level (Fig. 118a), we obtain the over-all species (apart 
from nuclear spin) given in Fig. 120a at the right of each level. In a similar way the 
over-all species for a degenerate vibrational level in Fig. 120b are obtained. If now 
the spin of the identical nuclei is zero, only the Ai rotational levels can occur. For 
a totally symmetric vibrational level this means, as before, that only the levels with 
K « 0, 3, 6, • • • occur; but if K = 0 for even J only the upper, for odd J only the 
lower doublet component occurs. If the spin of the identical nuclei is i (and if 
they follow Fermi statistics), just as for planar XY 3 , only the A 2 and E levels can 
occur; that is, now all K values occur, but for K — 0 again alternately only the upper 
and lower doublet components occur . This is the case for NH 3 . For I > % the spin 
function may also have species A 2 and therefore all rotational levels occur. This 
would apply, for example, to ND 3 . The statistical weights are the same as for the 
case of plane XY3 discussed above. 

From the previous formulae for the statistical weights (sec above and Chapter I, 
p. 28), it can easily be checked that the total statistical weight of each rotational level 
when the inversion doubling is neglected is the same as the sum of the statistical weights 
of the inversion sublevels. Therefore, whenever the inversion doubling is not resolved 
it is always possible to disregard its existence entirely and to consider only one equi- 
librium position. This would apply, for example, to molecules such as CII3CI, 
CII3CN, and others. 

Perturbations. In symmetric top molecules as in linear molecules, the inter- 
action of rotation and vibration may also lead to somewhat more irregular changes 
of the energy levels — perturbations. 

Once again we have Fermi and Coriolis perturbations, each of which may give rise to vibrational 
or rotational perturbations. Only levels of the same over-all species, the same J, and with A K = 0, 
±1 can perturb one another. Except for the changed species the considerations are perfectly analo- 
gous to those given previously for linear molecules. However, it must be realized that the E rota- 
tional levels cannot be further split by any interaction of rotation and vibration [see Wilson (934)]. 

height. In order to avoid crowding of lettering A has been used whenever an A \ and A 2 level are 
very close together (usually not resolved). Thus in part (a) for K = 3, J =3 there are the levels 
A 2 , A\ t A\Ai in this or the opposite order. The K values indicated at the bottom refer to both 
part (a) and part (b). 
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In contrast to the effect of the Coriolis force discussed above which produces a splitting of degenerate 
vibrational levels with increasing K and is a first-order effect, the Coriolis perturbations here con- 
sidered are second- or higher-order effects, being due to the interaction of two different vibrations 
on account of Coriolis forces. As in the case of linear molecules, this effect is usually quite small. 
In the case of C 3p molecules it is seen immediately from Jahn’s rule, given previously (p. 37B), that 
Coriolis perturbations between Ai and E, A 2 and E , A\ and A 2 , E and E vibrational levels are 
possible. For the first two pairs, the perturbation would increase with increasing J, for the last 
two with increasing K. No such cases have as yet been studied in detail. A special case of such 
perturbations is the /C-type doubling mentioned previously, that is, the splitting of a level with a 
given J and K 7^ 0 if the over-all species of the two component levels is non-degenerate. But also 
this splitting has not as yet been observed. 

(6) Infrared spectrum 

Selection rules. It can be shown (see below) that to a good approximation the 
selection rules for the infrared vibration-rotation spectra of symmetric top molecules 
arc the same as those for the rotation spectra and the vibration spectra separately, 
except that for the rotational transitions it is now the direction of the change of 
dipole moment (or in other words of the transition moment) rather than the direction 
of the permanent dipole moment that matters. 

Thus, if the transition moment of the vibrational transition (see Table 55) is 
parallel to the top axis (|| band) we have for the rotational quantum numbers 

A K - 0, AJ = 0, ± 1 , if K 0, (IV, 53a) 

AK = 0, AJ = db 1, if K = 0. (IV, 53b) 

And if the transition moment is perpendicular to the top axis (_L band), we have 

AK = ± 1, AJ — 0, =fc 1. (IV, 54) 

If the transition moment has a component both in the direction of the top axis 
and perpendicular to it, as is usual for an accidentally symmetric top, both the 
transitions allowed according to (IV, 53) and those allowed according to (IV, 54) 
may occur (hybrid band; sec further below). 

The proof of the above selection rules proceeds in a way similar to the one indicated for the 
rotation spectrum in Chapter I, section 2. As there, we start out from the matrix elements (I, 35) 
of the electric dipole moment; now, however, in a first approximation, 

\jz — \f/ v \J/ r . (IV, 55) 

Substituting this into (1,35) and expressing the M Xff M Uf , M z/ in terms of the components M Xt 
M yt M z of the dipole moment with respect to 0 coordinate system fixed in the molecule according to 
(I, 36), we obtain, instead of (I, 37), 

R x/ = / M x \p v '\f/ v "*(lT v /cos aN/^/'^drr + f M u \l/v\J/ v "*dT v S <*os Ot„'/'r''f'r''*dT r 

+ f Mzt v 't„''*dT v f COS aztr'tr''*dTr (IV, 56) 

and similar expressions for R,y and R 3 j. Here M x , M y , M z are no longer constant. The integrals 
J % M x \f/ v , \p v ,, *dT v , • • • are those occurring in the discussion of the vibration spectrum; they are differ- 
ent from zero only when the vibrational selection rules are fulfilled (see Table 55). The integrals 
y* cos a x p r 'tr"*dT r , ••• / cos pxj/r \f/ r "*dT r , • • • , J * cos y x ^rpr”dT r , • • • arc those occurring in the 
discussion of the rotation spectrum [in equation (I, 37)]; they are different from zero only when the 
rotational selection rules of the symmetric top are fulfilled (see p. 32). For a transition to take 
place, both the first and the second integral must be different from zero for at least one of the terms 
in (IV, 56) or in the similar equations for R yf and R Z/ . Thus the above selection rules for K and J 
follow in the same way as for the rotation spectrum. 
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It will bo noted from the above derivation that the validity of the vibrational and rotational 
selection rules for the rotation-vibration spectrum is dependent upon the possibility of writing ^ 
as the product faff This is no longer possible when the interaction of rotation and vibration is 
strong and therefore, when this is the case, forbidden transitions may be expected that are not in 
agreement with the vibrational and rotational selection rules (see also p. 456). 

In addition to the above selection rules for the rotational quantum numbers, 
there are also selection rules which are concerned with the symmetry properties of the 
rotational levels. For all symmetric top molecules we have (as for the pure rotation 
spectrum), 

+ + *+* +, —«+*—, (IV, 57) 

where + and — refer now to the over-all symmetry with respect to inversion. For 
non-planar molecules this rule is of no consequence as long as the inversion doubling 
is not resolved, since always a positive and a negative level coincide. But it must 
be taken into account when the separate inversion doublet components are considered 
(for example in NII 3 ; see Fig. 120) and for planar molecules. 

If the molecule is a symmetric top on account of its symmetry, there is, in addi- 
tion, the rule that only rotational levels of the same over-all species (apart from nuclear 
spin) can combine with one another. The reason for this rule is the same as for the 
rule that for homonuclear diatomic molecules symmetric rotational levels do not 
combine with antisymmetric (see Molecular Spectra I, p. 139). The former rule 
is just as rigorous as the latter. It holds for all kinds of transitions, even those 
produced by collisions. 22 Thus (as was pointed out in Chapter I, section 2) NII 3 , 
CH 3 C1, and similar gases (point group C 3m ) consist of two modifications A and E 
which are transformed into each other only extremely slowly, just as are ortho- and 
para-hydrogen. For molecules of point group Z> 3 * there are in general three such 
modifications (Ai, A 2 , E) and similarly in other cases. 23 For NII 3 , CH 3 C1, • • • in 
the vibrational ground state one modification has only the levels K = 0, 3, 6, 9, • • •, 
the other only the levels K = 1, 2, 4, 5, 

In a degenerate vibrational state we have to distinguish between +1 and — l 
levels, depending on whether vibrational and rotational angular momentum have 
the same or opposite sign (see Fig. 117). Teller (83fi) has shown that for a transition 
between an upper degenerate and a lower non-degenerate vibrational state only the +1 
levels combine with the rotational levels of the non-degenerate state for A K = + 1, 
whereas only the — l levels combine with them for A K = — 1. The reverse is true if 
the degenerate state is the lower one (and if we define A K = K' — K " as usual). 
It is easily seen from Fig. 118 that this rule is in agreement with the rule that only 
rotational levels of the same species combine with one another. For a transition 
between two degenerate states we have in general (see p. 268) a 1 1 and a _L component 
(A K = 0 and A K = =fc 1 respectively). For the former we have + + l, 

— I — l, whereas for the latter — l <-> + l for A K = + 1 and + l <-» — l for 
AK = — 1 where the first l refers to the upper, the second to the lower state. 21 

22 It will bo realized that this rule is actually responsible for the fact that for molecules with zero 
nuclear spin of the identical atoms only levels of one species occur (see p. 409 and Molecular Spectra 
I, p. 144). 

23 It may be noted that ND3 has the three modifications A it A 2 , and E if the inversion doubling 
is not neglected (see Fig. 120). 

24 These rules are not given by Teller but form a natural extension of Teller’s selection rule, 
and are in agreement with the other symmetry rules. 
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Rotation and inversion spectrum. Before we discuss the various types of rotation- 
vibration bands it is appropriate here to reconsider the pure rotation spectrum 
and the inversion spectrum for cases of XY 3 molecules in which the inversion doubling 
is resolved and in which the nuclear spin I{Y) = § (for example NII3). It is imme- 
diately seen from Fig. 120 that the rotation lines (AJ = + 1, AK — 0, + *-» — ) are 
double with the exception of those with K = 0 (since the Ai levels do not occur). 
The doublet splitting of the lines is twice the separation of the inversion doublet 
levels. This splitting is clearly seen in the NH3 spectrum of Fig. 12a, p. 33. If 
only lines with K = 0 occurred they would be single but alternately shifted in the 
one or the other direction. Since actually each rotation “line” is a superposition 
of J 1 lines with K = 0, 1, •••*/, only the line J — 0 is single, but the other “lines 
have doublet components of slightly different intensity. Alternately the short- 
and Ion g-wa "e-length component is the stronger, because the K = 0 contribution is 
missing alternately in the long- and short-wave-length component. This is indeed 
seen to be the case for NH 3 in Fig. 12a. (The line J = 0 has not been observed.) 
The doublet splitting, according to the above, should depend slightly on J . How- 
ever, for larger J values, for which this change of doublet width would become 
noticeable, the splitting of each line into J + 1 components likewise becomes ap- 
preciable. The resultant somewhat complicated structure has as yet only partially 
been resolved [see Foley and Randall (324)]. 

It is seen from Fig. 120 that the transition from one inversion sublevel to the 
other without change of rotational quantum numbers ( inversion spectrum) can take 
place only if K 9 ^ 0, since for K = 0 only one component level exists for each J . 
However, for K 9 ^ 0 this transition is entirely in conformity with the selection rules 
and, as mentioned previously (p. 257), has been observed for NH 3 in the region of 
short radio waves. 

Transitions between non-degenerate vibrational levels: parallel bands. In the 

case of molecules with a more-than-two-fold axis, the change of dipole moment for 
all allowed transitions between non-degenerate states (see Table 55) is in the direc- 
tion of the symmetry axis (which is the axis of the top) and therefore only transitions 
with AK = 0 (that is, || bands) occur. For less symmetric molecules the change of 
dipole moment for the vibrational transition may also be perpendicular to the top 
axis and in that case AK = ±1 (that is, ± bands) can also occur. In fact, it may 
happen (for sufficiently low symmetry) that the change of dipole moment makes an 
intermediate angle with the top axis. In this case both AK — 0 and AK = ± 1 
may occur, and we have what is called a hybrid band. 

Let us first consider a 1 1 band. For such a band only levels of the same K value, 
that is, levels in the same vertical column in Fig. 121, combine with one another. 
Considering a particular column, that is, a particular value of K , we obtain, since 
AJ = 0, =b 1, a sub-band with three simple branches P, Q, and R. The complete || 
band is obtained by superposition of a number of such sub-bands , corresponding to 
the various K values that occur at the temperature of observation. The sub-bands 
up to K = 5 and their superposition are shown schematically in Fig. 122a and b. 
The K = 0 sub-band has no Q branch because of the restriction (IV, 53b). 

If, for the moment, we neglect the interaction between vibration and rotation, 
that is, take B' = P", A' = A”, all the sub-bands coincide exactly, since then the 
spacing of the levels in the upper and lower states is exactly the same (the different 
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columns of levels in Fig. 121 which are responsible for the different sub-bands are 
identical, apart from a constant shift which is the same for the upper and lower 
state). In this case, furthermore, all the lines of the Q branch in each sub-band 
coincide. Thus we obtain a band with a strong line-like Q branch and a P and an R 



K 0 A J A' 2 A'-.* K-l 


Fio. 121. Combination of two non-degenerate vibrational levels of a symmetric top molecule. 

branch just like a JL band of a linear molecule . The spacing of the lines in the P and 
R branches is 2 /?, that is, is determined by the moment of inertia about an axis 
perpendicular to the top axis. 

These conclusions are not altered if the symmetry selection rules discussed above 
are taken into account. They change only the intensities: For molecules with a 
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threefold axis the sub-bands with K = 1, 2, 4, 5, 7, 8, • • • are either missing (nuclear 
spin I -- 0) or have lower intensity than the sub-bands with K = 3, 6, 9, • • • (ratio 
1 : 2 for I = J). Furthermore, for molecules of point groups Z> 3 , Z) 3 ^, £> 3f /, there is 
an intensity alternation for the sub-band K = 0: alternate lines are missing for a 
plane XY 3 molecule with / = 0 or / = £ of the Y atoms; alternate lines are weaker 
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Fit?. 122. Sub-bands of a || band and complete || band of a symmetric top. — The sub-bands in 
(a) arc direet-ly superimposed in (b). In both (a) and (b) only a slight difference between A' — B f 
and A" — B" is assumed. In (e) the same sub-bands are superimposed but with shifts corresponding 
to a much larger difference between A' — B' and A" — B". Hero also the lines of the Q branches 
have not been drawn separately. The heights of the lines indicate) the intensities calculated on the 
basis of the assumption that A " = 5.25, B" — 1.70 cm -1 , and T = 144° K. The intensities indi- 
cated for the sub-band K = 0 should be divided by 2. 


by a factor that depends on the spin and the number of identical atoms in other cases 
(see the preceding subsection). 

If now we consider that there will be, on account of the interaction between vibra- 
tion and rotation, a slight difference between B' and B ", and between A ' and A", 
we see: (1) that the lines of the P and R branches in each sub-band will no longer be 
equidistant but will converge in the same way as for bands of linear molecules, and 
that the lines of the Q branches will no longer coincide exactly, although in general 
they will not be resolved; (2) that the sub-bands no longer coincide exactly. 

It is seen immediately from the energy formula (IV, 41) that the lines in each 
sub-band (of fixed K) are given by the same formulae as for diatomic or linear poly- 
atomic molecules [that is (IV, 19, 20, 22)] except that v 0 is replaced by vo 8Uh , the 
origin of the sub-band. Apart from the change of vo mh the different sub-bands follow 
exactly the same formula.™ However on account of the restriction J > K, more and 
more lines are missing in the sub-bands at the beginning of the branches (see Fig. 


25 This holds as long as tho effect of centrifugal distortion is neglected. 
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122a). For the origins of the sub-bands (./ = 0) we obtain from (IV, 41) 

*'o 8Ub = vo + C(4,'„ - A'U) - (B; v) - B^JK*. (IV, 58) 

As long as the second term in this equation is small compared to the separation of 
successive lines (2 B) in a sub-band, the whole || band will appear to consist, under 
medium dispersion, of one P, one P, and one line-like Q branch. This is shown in 
Fig. 122b. It is, however, also clear from this figure as well as from the preceding 
discussion that (unlike the case of a JL band of a linear molecule) each line consists 
of a number of components (J + 1 in the R branch, J in the P branch). 

The simple PQR branch structure has been observed for a number of symmetric 
top molecules; and conversely, when such a structure is observed, one can conclude 
definitely that the molecule investigated is (at least to a good approximation) a sym- 
metric top molecuky if it is known from other evidence that it is not linear. 



— WAVE-LENGTH in^. 

Fig. 123. Fine structure of the fundamental v 3 of methyl fluoride at 9.55/* [[after Bennett and 
Meyer (138)]. The absorbing path was G cm. long at a pressure of 4 cm. The numbers above the 
bottom scale are m values (see p. 381). 

As examples we give in Fig. 123 a 1 1 band of CH 3 F in the ordinary infrared (funda- 
mental y 3 ) and in Fig. 124 a || band of CH 3 — C^C — H in the photographic infrared 
(overtone band 3 ^ 1 ). The convergence of the lines in the second example is clearly 
seen. From the average line distance in the bands a rough value of 2 B is obtained. 
For a more accurate determination of B[ v] and B[ r v] the same methods as for linear 
molecules have to be applied (see also below). 

The second term in (IV, 58) may be small because (A ' [v j — Al' v] ) — {B[ v] — B[' v] ) 
is small, or because only levels with small K values occur, or because of both these 
reasons. (A[ v] — A\ v] ) — {B[ v] — B[' v] ) will be small for all fundamental bands, but 
may not be small for overtone bands. Only levels with small K will occur when 
A — B is large, since then the Boltzmann factor for the levels with higher K is very 
small. Thus, for CII 3 F and CH 3 — O^C — H, for which A — B is approximately 
5 cm -1 , the first six K values at room temperature contribute more than 75 per cent 
of the intensity (compare Fig. 10c). 

If (A[ v \ — A[ V] ) — ( B[ v] — B[ V j) is large, as may happen for overtone bands, but 
at the same time B [v] — B[' v] is still small, each sub-band will still have a line-like Q 
branch; however, the Q branches of the different sub-bands will no longer even ap- 
proximately coincide, but according to (IV, 58) form a resolved Q branch of “ lines,” 
the first of which has K = 1. This is shown in Fig. 122c. The P and R branches 
in this case form a rather irregular background of weaker lines. In such cases it is 
necessary to have a designation of the lines that will distinguish different sub-bands; 
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we indicate the AJ value by the usual P, Q , R , the A K value by a left superscript 
P, Q } R (for || bands Q) and the K value by a subscript. Thus °P 3 (3) would be the 
line with J — 3 of the P branch of the sub-band with K = 3 of a || band. 26 

If both (A[ v] — A[ V] ) and (B' [v] — B[' v] ) are large so that the Q Q branches no longer 
form “lines,” the appearance of a || band becomes rather complicated. We shall 
not discuss it in detail. 

Returning now to the simple type of || bands, when A{ i - a'U and E[v) — B\v[ 
are very small, let us consider the intensity distribution . Detailed formulae for the 
intensities of the various lines in any || band are given below. The intensity dis- 
tribution in the P and R branches is essentially determined by the population of 
the lower levels irrespective of K ; that is, it will be represented closely by the previous 
(upper) curves in Fig. 10, which give the number of molecules with a given J value 
(summed over all K values). Because of the smaller number of components for 
small J, the intensity of the R and P lines with small J is relatively smaller than in 
a band of a linear molecule. The inten- 
sity of the individual lines in the Q branch 
of a sub-band does not follow the curve 
for the population of the rotational levels 
(Fig. 10), but decreases rapidly with in- 
creasing » /, just as for bands of diatomic 
molecules with AA = 0. The intensity of 
the Q branch relative to the P and R 
branches is different in the different sub- 
bands (see Fig. 122). It is zero for the 
sub-band K = 0 (as in a 2 — 2 band of a 
linear molecule) and increases rapidly with 
increasing K. Thus, if I a In, that is, if 
only relatively few K values are of impor- 
tance, the intensity of the Q branch is 
small compared to the total intensity of the 
P and R branches; but with increasing 
Ia/Ib the Q branch gains in relative inten- 
sity, since higher and higher K values are 
populated. In Fig. 125 is given a graph- 
ical representation of the contributions of 
P, Q f and R branches in a || band as a func- 
tion of Ia/Ibj after Teller (83G) [see also Gerhard and Dennison (352)]. It may be 
noted that in agreement with these considerations the Q branch is much less intense 
for CII 3 — C==C — H (Fig. 124) than for CH 3 F (Fig. 123), since in the former Ia/Ib 
is smaller. 

The rigorous formulae for the line intensities in the bands of symmetric top molecules were first 
given, on the basis of the old quantum theory, by Honl and London (456a) and were later derived 
on tho basis of wave mechanics by Dennison (278), Reiche and Rademaker (734) and others. As 
mentioned previously (p. 32) the intensity of a given transition in absorption is proportional to 
tho product 

CAkj v okj e~ F{K> J '> hc l kT 

28 This nomenclature has of course nothing to do with the superficially similar nomenclature 
used for multiplet electronic bands of diatomic molecules (see Molecular Spectra I, p. 273). 



Fia. 125. Relative intensity of P, Q and 
R branch as a function of Ia/Ib in a 1 1 band of 
a symmetric top [after Teller (836)]. — This 
figure holds rigorously only for sufficiently 
large moments of inertia. For smaller mo- 
ments of inertia there is a difference in the in- 
tensity of P and R branch. But even then the 
general trend is as indicated. 
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where C is a constant independent of K and J but depending on the vibrational transition, where 
qkj and F(K, J ) are statistical weight and term value of the lower state and where Akj ia propor- 
tional to the square of the transition moment R* f + Ufa + R? f summed over all orientations of J . 
The quantities Akj in the present case (A K = 0) are [see Dennison (279)] 


for A J = + 1: 

(j + n* — k 2 

KJ ( j + 1)(2 / + 1) ’ 

for A J =0: 

K 2 

AkJ ~ J(J + 1) ’ 

for A J = — 1: 

J 2 — K 2 

AKJ ~ J(2J + 1) ’ 


whe' e, as always, K and J refer to the lower state. The ok j in tho above expression for the intensity 
are 2 J *f 1 for K = 0 and 2(2 J + 1) for K 0 (see p. 27). Tho intensities indicated in Fig. 122 
are based on these formulae. 

In the case of C 3v molecules for which the inversion doubling is not negligible, it 
is immediately seen from Fig. 120, on the basis of the selection rule + — , that 
each line in each sub-band will be double, with the exception that for I = 0 or i of 
the identical nuclei the lines of the K = 0 sub-band will be single, but alternately 
shifted to long and short wave lengths. The doublet splitting of the lines equals 
the sum of the doublet splittings of the upper and lower levels. Such || bands have 
been observed for NH 3 and ND 3 . Fig. 126 gives the fine structure of the funda- 



Fio. 126. Fine structure of the fundamental v\ of NH 3 at 3.00m [after Dennison and Hardy 
(281) ]. — The length of the absorbing path was 60 mm at atmospheric pressure. The numbers above 
the bottom scale are m values. The wave number scale has not been corrected for vacuum. 


mental Vi of NH 3 , as observed by Dennison and Hardy (281). The theoretical 
structure and intensity distribution is given at the top. It agrees closely with the 
observed. As in the case of the rotation spectrum, the unequal intensities of the 
doublet components are due to the fact that for K = 0 the upper and lower levels 
are alternately missing (see Fig. 120) While this makes very little difference for 
large J values, where the lines of many sub-bands are contributing to one “line,” it 
does have a considerable effect for small J values. In particular for the first line 
of P and R branch one component is entirely missing, since only K = 0 contributes. 
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In Fig. 127 also the fine structure of the fundamental v 2 of NIh is given, as ob- 
served by Sheng, Barker, and Dennison (785). Here the inversion doubling in the 
upper state is rather large, and therefore the splitting of the “lines” is greater than 
the separation 2 B of successive lines. We have two component bands which may 
be designated v 2 (l + — 0~) and — O' 4 ") and are indicated at the top of Fig. 127. 

At the same time the individual “lines” are partly resolved into their components. 
The agreement of this k fine structure of each “line” with expectation is very 
striking. From the difference of this splitting for the two component bands, Sheng, 
Barker, and Dennison have obtained the separate B v + , B v ~, A v + , A v ~ values for the 
inversion doublet components (see p. 411). 

Bands in which neither the lines of the Q branches of each sub-band nor the 
different sub-bands coincide are probably some N1I 3 bands in the photographic 
infrared. Here we have the additional complication that the upper states consist of 
a number of vibrational sublevels, giving rise to the overlapping of || bands by ± 
bands, and that the inversion doubling in the upper states is large. That is why none 
of these bands has as yet been completely analyzed. 

Transitions between non-degenerate vibrational levels : perpendicular and hybrid 
bands. A perpendicular band with A K = ± 1, like a || band, consists of a number 
of sub-bands. Even when the interaction of rotation and vibration is neglected, 
however, the sub-bands do not coincide . This is immediately obvious from Fig. 121 
if, for example, the transition K' — 1 — > K" = 0 is compared with K' = 0 > K" — 1. 
Also there are now two sets of sub-bands, one with A K = + 1 and one with A K == — 1. 
These are shown in the upper part of Fig. 128. The zero lines vo ub , according to 
(IV, 41), are represented by 

j'o sub = vo-\- (A'[v) — B [v] ) ±2(A [V ] -B [V] )K + [(A[»] — /i[t>]) — (A [„]•—#(„])] K u , (IV, 59) 

where the + sign applies to A K = + 1 (R branch) and the — sign to AK = — 1 
(F branch). In the first case we have K = 0, 1, 2, • • •, in the second case K = 1, 
2, • • • (see Fig. 121). 

If, for the moment, we neglect the interaction of vibration and rotation, that is, 
take A' = A”, B' = B", the lines of the Q brandies in each sub-band coincide at 
v 0 mb , and the different Q branches form, according to (IV, 59), a scries of equidistant 
“lines” with a spacing of 2(A' — B'). In the present case the intensity of the Q 
branch in a sub-band is always of the same order as the intensity of P and R branches 
together (as for the IT — 2, A — II, • • • bands of diatomic molecules), and therefore 
the series of “lines” formed by the Q branches of the different sub-bands forms the 
most prominent feature of a _L band while the lines of the P and R branches of the 
sub-bands form a usually unresolved background. The series of Q branches stands 
out particularly when A ^>B, that is, when the moment of inertia about the top 
axis is small compared to the other moments of inertia, since then the spacing of the 
Q branches is much more easily resolved than the spacing in the sub-bands; the latter, 
in this case, do not overlap too much and thus do not form too strong a background. 

It is important to note that the first “line” (K = 0) in the series of Q branches with 
AK = + 1 (“positive” sub-bands), according to (IV, 59), occurs at Vo + (A' — B') t 
whereas the first line ( K = 1) in the series with AK = — 1 (“negative” sub-bands) 
occurs at vq — (A' — B'). Thus their separation is the same as that of the other 
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“lines.” There is no zero gap between the two brandies (see Fig. 128) P Further- 
more, the intensity in these branches does not go to a maximum with increasing K , 
but decreases from the beginning (see below). Thus we obtain a characteristic 
single-branch appearance with one maximum of intensity only . The zero line of the 
band is half-way between the two strongest lines . 

It should be realized that, while Fig. 128 is drawn for the case Ia^Ib, so that 
the separation of the Q branches 2 (A — B) is much greater than the separation, 27?, 
of the P and R lines in each sub-band, it may also happen that I a is of a magnitude 
similar to or even larger than I b. In this case the separation of the Q branches is 
of a magnitude similar to or even smaller than that of the lines in the P and R 
branches. If I a = hu all Q branches fall together (we have the case of the spherical 
top; see section 3). If I a > Ib the positive sub-bands are on the long-wave-length 
side, the negative sub-bands on the short- wave-length side of v 0 (that is, opposite to 
what they are in Fig. 128). In the limiting case of a plane molecule, for which 
I a = 2 Ib, the separation of the Q branches is just half that of the lines in the P 
and R branches. 

Just as for a || band, there is, with increasing Tv, an increasing number of lines 
missing near the origin of the sub-bands (see Fig. 128). Also the intensity of corre- 
sponding lines in P and R branches of the sub-bands for the larger K values is no 
longer approximately the same. The lines with AJ = A K have the greater in- 
tensity. This follows from the intensity formulae given below. These formulae 
also show that the Q branches of the sub-bands are strong for all K values and that, 
unlike the case of || bands, within each Q branch the intensity distribution is similar 
to that in the P and R branches of the sub-bands (compare II — 2, A — II, • • • bands 
of diatomic molecules). 


The Honl-London formulae for the intensity factor Akj (see p. 421) are in the present case 
a _L band 


for AJ = + 1: 


for AJ = 0: 


for AJ = — 1: 


4 (J +2 ± A')(./ +1 ± K) 

Ak '~ (j+iKtf'+i) 


Akj 

Akj 


(J 4- 1 db K )(J =F K) t 
J(J + 1) 

(J - 1 =F K){J =F K) f 
J (2 J + 1) 


of 


where the upper sign refers to A K =*4-1, the lower to AK = — 1, and where K and J refer to the 
lower state. For K = 0 and AK — + 1 the values given by the above formulae have to be multi- 
plied by 2. This latter fact compensates for the fact that the statistical weight for K =0 is only 
half of the weight for K 0, and consequently the intensity in the series of Q branches (sub-bands) 
with K — 0, 1, 2, • • • decreases from the beginning according to the Boltzmann factor and has no 
maximum for K = 1. In other words there is no intensity minimum at the center of a _L band. 
The intensities indicated in Fig. 128 were calculated with the aid of the above intensity formulae. 


For the designation of the individual lines in a _L band the same nomenclature is 
conveniently used as for the || bands (see above). Thus R P, R Q , R R refer to the 
P, Q, R branches of a sub-band with AK = + 1 and p P, P Q, P R to those of a sub- 
band with AK = — 1. The K value of the lower state is indicated by a subscript. 
For example p Ra(5) refers to the line J = 5 of the R branch of the sub-band 
K' = 3 <-X" = 4. 


27 It is easily seen that the reason for this fact is that in the energy formula (IV, 41) K 2 and not 
K(K 4- 1) occurs. 
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If the interaction between rotation and vibration , that is, the difference between A', 
B' and A ", B" is taken into account, the individual lines of a Q branch of a sub-band 
no longer exactly coincide, and the series formed by the Q branches, according to 
(IV, 59), converges slightly , usually toward shorter wave lengths. In order that the 
Q lines of a sub-band shall fall at least approximately together, B' — B" must be 
smaller than is necessary for || bands, since here much higher J values occur in the 
Q branches. However, this condition is usually fulfilled for the fundamental bands 
and low overtone or combination bands. For high overtones, it may happen that 
the line-like structure of the Q branches is lost, and also the convergence of the 
seres of sub-bands may be so strong that they form a head. In this case the 
structure of the _L band would be rather similar to that of a || band with large 
(A' — B f ) — (A" — B") (see above). 

As has been mentioned previously, a _L band can occur as a transition between 
non-degenerate states only in the case of a molecule with no more-than-two-fold axes, 
that is, for a molecule that is accidentally a symmetric top. Molecules that may 
be considered here are H 2 CO, C 2 H 4 , and similar ones for which the moment of inertia 
about one principal axis is much smaller than that about the other two. However, 
they are not close enough to the exact symmetric top to exhibit all the characteristic 
features of J. bands (see also section 4). In less symmetrical molecules that are 
nearly symmetric tops , the change of dipole moment for many vibrational transitions 
does not lie exactly at 90° to the top axis. Therefore both a || and a JL band appear 
for the same vibrational transition, that is, with the same zero line. One obtains 
a so-called hybrid band. 

A very instructive example of such a hybrid band and therefore also of a _L band 
has been found by Herzberg, Patat, and Verleger (438) in the photographic infrared 
spectrum of N 3 H, and first correctly interpreted by Eyster (318). It is shown in 
Fig. 129, where the Q branches are indicated. To be sure, N 3 II is not exactly a 
symmetric top, but the wide structure of the band shows that one moment of inertia 
is very small, that is, that the three N atoms are very nearly on a straight line with 



the II atom at one end but not on the axis, thus: N — N — N . Therefore the 
other two moments of inertia are nearly equal and the molecule is very nearly a sym- 
metric top. The N — H vibration of which the band represents the second overtone 
is at an angle 5 ^ 90 ° to the top axis, and therefore both || and JL components occur. 
Since the difference of A' and A" is fairly large the Q Q branches of the || component 
do not all coincide, but form a branch which has its head about half way between the 
two strongest “lines” of the series formed by the r Q and R Q branches of the _L 
component, that is, at the band origin vq. The Q F and Q R branches form the finer 
structure in the center of the band (the p P } P R , R P, R R branches are too weak to 
be observed). 

Transitions between a non-degenerate and a degenerate vibrational level: per- 
pendicular bands. In a molecule that is a symmetric top because of its symmetry, 
perpendicular bands ( M z = 0) occur only as transitions between vibrational states 
at least one of which is degenerate (see Table 55). We consider first the case in 
which the upper state is degenerate , the lower non-degenerate; this applies, for example, 
to the fundamentals of the degenerate vibrations. The appearance of such a band 
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is, of course, very similar to that of the JL band previously discussed (see Fig. 128). 
The Coriolis splitting of the degenerate vibrational state (Fig. 118) does not lead to 
a splitting of the band lines (sub-bands) since for A K = + 1 only the +1 levels, for 
A K = — 1 only the — l levels of the degenerate state combine with the lower non- 
degenerate state (according to the rule that only rotational levels of the same over-all 
species combine with one another, as well as the selection rule for the +1 and — l 
levels). 

The formula for the lines of each sub-band (fixed K f and K ") is exactly the same 
as before, that is, the same as for bands of linear molecules. However, the formula 
for the zero lines ( Q branches) of the sub-bands is different, since in the formula for 
the energy levels of the upper state (IV, 42) we now have the additional term 
T 2 A[ U ]£iK, where ft is, apart from the factor A/2 tt, the vibrational angular momen- 
tum of the upper vibrational state. We obtain therefore for the vo sub , in place of 
(IV, 59), 28 

vo mh = ^ + LAU 1 “ 2ft) - B' [v {] ± 2[A ( ' P1 (1 - ft) ~ B[ V {]K 

+ [(4f fI - B[ v] ) - (A[' v] - B'[ V] W\ (IV, 60) 

where the + sign in the third term at the right holds for the R branch (A K ~ + 1), 
the — sign for the P branch (A K = — 1). In (IV, 60), account is taken of the 
selection rule for the +Z and — l levels (see above). The transitions are indicated 
in Fig. 118. It will be seen that (IV, 60) goes over into (IV, 59) if ft — > 0. If the 
difference between A\ B' and A", B" is small (as is usually the case) we have again 
a series of ( almost ) equidistant sub-bands of which the line-like Q branches will form the 
most prominent feature (see Fig. 128). However, the separation of successive “lines” 
(Q branches) is no longer 2 (A — B) but 2[A(1 — ft) — B ] which may be smaller 
or larger than 2(A — B) depending on whether ft is positive or negative, that is, 
depending on whether the direction of rotation of the electric dipole moment in the 
upper state coincides with, or is opposite to the direction of the angular momentum 
p of the vibration (see p. 405). As previously, the distance of the first line ( K = 0) 
of the R branch from the first line ( K = 1) of the P branch is the same as the separa- 
tion of successive lines, that is, there is no zero gap . However, the zero line Vo is no 
longer exactly half-way between these two lines. Its distance from the first line of 
the P branch is ( A — B). 

Since ft has different values (between +1 and —1) for the different degenerate 
vibrations of one and the same molecule, the separations of successive lines in different 
JL bands of a given symmetric top molecule may vary considerably , whereas without 
the influence of the Coriolis force it would be the same in all of them. The observa- 
tion of such widely different spacings in different _L bands of the same molecule had 
long been a puzzle before the theory of the Coriolis coupling was developed by 
Teller and Tisza (837), Teller (836), and Johnston and Dennison (476). 

As examples, we give in Fig. 130 and Fig. 131 the fine structure of three J_ bands 
of CIIaBr, one a fundamental in the ordinary infrared, the other two second overtones 
(or ternary combinations) in the photographic infrared. In both cases only the line- 
like Q branches are resolved from one another, since A B. The typical difference 
of the appearance of these bands from that of || bands is clearly exhibited. The 

28 The formula given by Johnston and Dennison (476) is somewhat different because they use 
K’ = K instead of, as here, K " == K. 
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average separation of successive lines in the first band is 7.42 cm” 1 , in the second 9.3 
cm” 1 . For the other two degenerate fundamentals, the separations 11.9 and 9.0 
cm" 1 respectively have been found. While for the fundamentals the separation of 
successive “lines” is constant throughout the band (within the accuracy of the 


—►“FREQUENCY in cm 1 



Fia. 130. Fine structure of the fundamental band y 6 of CH a Br at 10.49*1 [after Bennett and 
Meyer (138) — The length of the absorbing path was G om at a pressure of 21.8 mm. 

measurements) there is a definite convergence in the photographic infrared band, 
as shown by Table 131, corresponding to the term [(A( P] — B [v] ) — (^4. [»j — B^^K* 
in (IV, 60). More recently, for two of the _L bands of CII 3 I, Lagemann and Nielsen 
(546) have been able to resolve partially the structure of the individual Q branches 
(compare Fig. 128) indicating the effect of slightly unequal B in the upper and 
lower state. 


Table 131 . wave numbers of the lines (sub-bands) in the photographic infrared 
BAND AT 1.1 ll OF ClIjBr, AFTER VERLEGEU (80S). 


Assignment 

29 
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9.07 

"09 

r Q* 

8958.19* 

10.05 

*00 

*03 
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9.14 

"010 
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The numbering of the Q branches in an observed JL band is not obvious, since there is no zero gap. 
If there is no intensity alternation (see below), all that can be said is that the zero line must be 
between the two strongest “lines” in the center of the band. Because of the uncertainty as to 
which are the strongest lines there are two numberings of the lines of the 1.1/x CH 3 Br band com- 
patible with the intensity alternation as given in Table 131. Depending on the assignment chosen, 
the “lines” can be represented by 

*o" ub = 9045.42 db 9.10/C - 0.065/? (IV, 61a) 

or 

i> 0 sub = 9017.55 ± 9.49/C - O.OGS/v 2 . (IV, 61b) 


29 The intense lines are marked with an asterisk. 




should be noted that the order of the sub-bands (whose zero lines are indicated at the bottom) is the reverse of that in Fig. 128. The origin of the whole 
band is off to one side. The K values given refer to the lower state. 
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Here it must be emphasized that the constant term according to (IV, 60) is not vo but 

ro + A'( 1 - 2f.) - B'\ 

that is, approximately half tho coefficient of the linear term has to bo subtracted to get vo. 

In the case of CH 3 Br (and similarly for the other methyl halides), U is of the 
order of 0.25 or smaller. However, in special cases may be as large as +1. In 
such a case, as is immediately seen from equation (IV, 60), the spacing of the Q 
branches is -2 B, that is, equal to the spacing of the lines in a sub-band. The 
negative sign indicates that in this case the P Q branches would be on the short-wave- 
length side, the R Q branches on the long-wave-length side of v 0 . Also, if B' = B" 
and A' = A " the lines of the R and P branches of the different sub-bands would be 
exactly superimposed, giving rise to one strong P and one strong R branch, in addi- 
tion to the central series of Q branches. If is slightly smaller than +1 or if 
B f 76 B ", A' A " for = 1 (or both), this exact coincidence would no longer 
occur. For such a case the fine structure of a _L band is shown schematically in 
Fig. 132, which is obtained from Fig. 128 by superimposing the sub-bands with smaller 
(and negative) separations. For f , = 1 - B/A the spacing of the sub-bands ( Q 
branches) would be zero and for slightly smaller f * values the spacing would have a 
small positive value and the structure would be very similar to that represented in 
Fig. 132 except that the order of the Q branches is reversed. In all these cases of 
small spacing 2[A(1 — f») — £] of the Q branches, if the band is not completely 
resolved it will have a very strong (though not very sharp) central maximum formed 
by the Q branches, accompanied by a weaker maximum or shoulder on each side 
corresponding to the superposition of all the P and all the R branches respectively. 
Also, in spite of a small moment of inertia I a, and in spile of the fact that the band 
is a _L band, no very wide fine structure will occur. Thus, in these cases the appear- 
ance of a A hand under medium dispersion is very similar to that of a || band. This 
shows that conclusions from the appearance of the bands under low dispersion have 
to be drawn with caution. 

For molecules with a three-fold axis , if the identical nuclei have zero spin, only 
the sub-bands with K = 0, 3, 6, 9, • • • occur, since in the lower state only the levels 
K = 0, 3, 6, • • •, in the upper state only the levels K — 1, 2, 4, 5, • • • occur (see 
Fig. 118). No example for this case is yet known, however. If the identical nuclei 
have non-zero spin, according to the previous discussion of the statistical weights, 
an intensity alternation of the type strong , weak , weak , strong • • • is to be expected. 
Such an alternation can clearly be seen in the CII 3 Br bands reproduced in Fig. 130 
and Fig. 131. The intensity ratio is, of course, equal to the ratio of the statistical 
weights of the rotational levels; this ratio, as we have seen, depends on the nuclear 
spin as well as on whether there is one set of identical atoms or more. For the simplest 
case, when the molecule has one set of identical atoms of spin \ only, as has CH 3 Br, 
the intensity ratio is 2 : 1, which is in good agreement with observation. (For other 
cases see p. 28 and p. 411.) It should be noted that irrespective of the statistics 
of the nuclei the first R Q branch (A K = + 1, K = 0) always forms a strong “line,” 
the first P Q branch (A/C = - 1, K = 1) forms a weak “line” in the series strong, 
weak, weak, strong, • • • . Since there is no zero gap, this is a welcome criterion for 
the correct placing of the origin of the band f and has been applied in Table 131 to 
obtain the two alternative numberings as well as in Tables 84 and 85 in order to 
obtain the positions of the zero lines. 
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If the molecule has a plane of symmetry perpendicular to the three-fold axis 
(point group Z) 3 / t ), the spectrum exhibits in addition to the above intensity alterna- 
tion an intensity alternation of the type strong, weak, strong, weak, • • • within the 
first positive and the first negative sub-band corresponding to the alternation of 
statistical weights in the K — 0 levels (see above). The same applies to each com- 
ponent band if the inversion doubling is resolved for molecules of symmetry C 3v . 
No such case has as yet been resolved. 

For molecules with four -, five -, six-fold axes a four-, five-, six-fold intensity alterna- 
tion of the Q branches results. For example, for CeHe the intensities of successive 
“lines” in a E\ u — A\ 0 band would be proportional (apart from the Boltzmann factor) 
to 10, 11, 9, 14, 9, 11, 10, 11, 9, • • • [see Wilson (933)]. 

If the upper and lower states are reversed , that is, if we have a difference band with a degenerate 
lower state, we obtain, taking into account also the fact that the — l selection rule is reversed 
(see above), instead of (IV, 60) 

vo sub = vo + — B[ v] ) ± 2(A[„j — A[ r tfi — B[ V ])K 

+ [(<1 - <]) - (<] - <])]*?. (IV, 62) 

From this it is seen that, apart from the difference introduced by the slight dependence of A on v t *, 
a JL difference band has the same spacing of its Q branches as the corresponding fundamental band 
whose upper stato forms the lower state of the difference band. 

Transitions between two degenerate vibrational levels. As we have seen previously, a transition 
between two doubly degenerate vibrational states of a symmetric top molecule (E — E transition) 
has a || as well asa 1 component of the oscillating dipole moment; the two have, however, in general 
very different magnitudes. For the || component , since + l <-> + Z, — l <-» — Z, wo have a structure 
very similar to that of an ordinary || band (Fig. 122); but each sub-band with the exception of the 
one with K — 0 is split into two components (compare Fig. 118), which according to (IV, 42) will 
be given by 

«'o" uh - *0 + C(-l[,.| - A'ua) ~ («M - <j)F T 2(AU>' - A’Uu") K. (IV, 03) 

The splitting would bo very small if in the upper and lower state one and the same degenerate 
vibration were excited by the same amount (1 — 1 band of a sequence starting with a || band) since 
then f,-' = f t ". If, however, two different degenerate vibrations are excited in the upper and lower 
state (f/ ft"), the splitting will be large, and we will obtain a structure very similar to that of a 

J_ band with a separation of successive lines approximately equal to 2 A (ft' — ft")* The difference 
from a _L band will lie in the fact that there will bo an intensity zero for the Q branch with K — 0 
in the center of the band. As can be seen from Fig. 1 18b, in the caseof molecules with three-fold axes, 
there will again be the intensity alternation strong, weak, weak, strong, • • • in the series of Q branches. 

For the JL component of an E — E vibrational transition, since — l <-> + l for A K = + 1 and 
-j- l <— > — l for A K = — 1 we obtain again a single series of sub-bands as for ordinary J_ bands. 
The origins of the sub-bands according to (IV, 42) are given by 

*»" ub = xo + [<i(i + 2JV) - n [ v ,] ± 2 [(,t 1 , „ ] - B’ [v] ) + - A'U X ")1K 

+ [(<, - B' m ) - (<J - *&,)]*?, (IV, 64) 

where the upper sign refers to A K — + 1, the lower one to A K = — 1. If the difference between 
A' and A" and between 13' and B " is small we obtain, as before, a series of almost equidistant ‘‘lines” 
— Q branches — whose spacing is 2(A — B) if f t ' = ft" and otherwise is 2[A(1 + f/ — ft") ■— Z?]. 
As can be seen from Fig. 118, for a molecule with a three-fold axis this series has again an intensity 
alternation strong, weak, weak, strong, • • • ; but unlike the ordinary JL bands the zero line is between 
two weak lines. 

No actual case of a transition between two degenerate states has as yet been studied in detail. 
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Analysis of infrared bands, moments of inertia, and internuclear distances of 
symmetric top molecules. If in a || band the K fine structure is not resolved (that is, 
if all sub-bands coincide), its structure is essentially the same as a JL band of a 
linear molecule, and we can obtain the rotational constants B f and B" in the same 
way as there from the combination differences A 2 F'(J) = R(J) — P(J) and A 2 F"(J) 
= R(J — 1) — P(J + 1) respectively (see p. 390). This procedure, if applied to 
the || bands reproduced in Fig. 123 and Fig. 124, gives the B 0 ” values summarized, 
together with others, in the later Table 132 (p. 437). It is hardly necessary to point 
out that the A 2 F"(J) obtained from different || bands of one and the same molecule 
must agree for every J value if the lower state is in common. Moreover, the sum 
of the wave numbers of two succeeding lines in the pure rotation spectrum must 
also be exactly equal to the appropriate A 2 F"(«7) value of a rotation-vibration band. 30 

In the case of molecules that are only approximately symmetric tops, the value 
of B' and B" obtained in the way indicated above gives the average of the two almost 
identical rotational constants, that is, \{B + C) (see Chapter I, section 4). 

The rotational constant A cannot be obtained from a 1 1 band. 

It should be realized that a slight systematic error occurs in the analysis of 1 1 bands 
whose K fine structure is not resolved, due to the fact that with increasing J an 
increasing number of lines (which do not exactly coincide) contribute to the measured 
“lines.” However, if A »£ this has a negligible effect, except possibly for the 
smallest J values; and even if A and B are of similar magnitude the effect is slight, 
since the intensity of the sub-bands decreases from K = 1 on. 

If the K fine structure of a \\ band is resolved, each sub-band can be dealt with in the above- 
described way. Apart from the very slight influence of centrifugal distoition [in particular tho 
rotational constants Djk in (I, 27)], the A«F(J) for all sub-bands must agree for every J. Each 
group of lines of a given J (see Fig. 122 and Fig. 127) is represented by a formula exactly like (IV, 58). 
If tho lines of such a group are plotted against K 2 , a straight lino should be obtained whose slope gives 
(A' _ A") — ( B ' — B"). The slope should bo the same for each J value as long as centrifugal 
stretching terms are neglected. This is shown in Fig. 133 for q Pk(5) and ( *Pk($) of the NII 3 band 
i/ 2 , according to the data of Sheng, Barker, and Dennison (785) (compare Fig. 127). In both cases 
the slope gives (A' - A") - ( B ' - B") = 0.279 cm -1 . 31 Thus, since B f and B" can be obtained 
from the sub-bands (see above), A ' — A" can be determined, which in tho case of a fundamental vi 
yields cn A , in the case of an overtone or combination band a multiple of ctt A or a combination of a» A 
values. But A' and A" separately cannot be determined. 

The only case other than NII 3 for which a fairly complete resolution of a || band has been obtained 
is that of the N 3 II photographic infrared bands (see Fig. 129). Eyster (318) determined Bq” from 
tho combination differences for each sub-band while B[ v] was obtained by determining B' — B " 
from R(J — 1) + P(J) (see p. 391). The very small difference B ' — B" that was obtained explains 
why the Q branches are such exceedingly sharp “lines.” 

The rotational constants A can only be obtained from JL bands . (In principle 
also the B values can be obtained from them if the P and R branches of the sub-bands 
arc resolved, but no such case has as yet been investigated.) If the molecule is 
accidentally (or approximately) a symmetric top, (A' — B') can be obtained from the 
linear term of the formula (IV, 59) representing the Q heads of the sub-bands (that 
is, y 0 8Ub ), and (A' — B') — (A” — B") from the quadratic term. Then if B f and 

30 For tho few J values that the near and far infrared measurements of NH 3 have in common tho 
agreement is very satisfactory [see (956) (281) (115) and (785)]. 

81 Sheng, Barker, and Dennison have determined (A' - A") — (£' — B ") by taking the differ- 
ence of successive lines, dividing by 2/C + 1 and then averaging. Such a procedure is less accu- 
rate than the above. 
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B" are known A' and A n are immediately obtained. Here again, a more accurate 
way of determining A' — B' and A" — B" is by means of the combination differences , 
which are immediately obtained from (IV, 41) or (IV, 59): 

*Qk- 1 - p Qk+i = A 2 *F"(/, K) = F”(J, K + l) - F”(J, K- 1) 

= 4(A" - B")#, (IV, 65) 

r Qk - P Q* = A 2 *F'(J r , K) = *”(/, K + 1) - F'(J, A' - 1) 

= 4(A' - B')K. (IV, 66) 

Since these relations hold for any J they apply also to the unresolved Q branches. 



Fio. 133. q Pk( 5) and q Pk(6) of the NH 3 band 931.58 cm -1 as a function of K? [after the data 
of Sheng, Barker and Dennison (785)]. — The left-hand scale applies to the lower, the right-hand 
scale to the upper curve. The point in square brackets represents the average of the two lines with 
K = 0 and K = 1 which are not resolved. 

In this way the A — B values have been obtained for N 3 H by Eyster (318) and for 
C2H4 by Gallaway and Barker (345). For these slightly asymmetric top molecules 
the constant B of the symmetric top has to be replaced by the average B of the two 
rotational constants B and C (see p. 488). From the A — B values thus derived 
from a A. band, A can be obtained if B is known from 1 1 bands (as is the case for 
C2H4) or from the |[ component of the same hybrid band whose _L component 
supplied A — B (as has been done for N3II). 

In the case of J_ bands of molecules with a more-than-two-fold axis , when the 
upper or lower state (or both) is a degenerate vibrational state the constant of 
the vibrational angular momentum enters the formula for the series of Q branches 
[compare (IV, 60]], and therefore A — B cannot immediately be determined . While 
the coefficient of K 2 in the formula for the branches still gives (A' — B') — (A" — B"), 
the coefficient of the linear term gives 2(A' — A'f* — B'). In order to obtain A' 
and A" it is necessary not only to know B' and B" but also f,. Nor are the combina- 
tion differences of any help since corresponding P Q and R Q “lines” no longer have 
the same upper state (see Fig. 118) and since therefore the combination differences do 
not permit a complete separation of upper and lower rotational levels. Instead of 
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(IV, 65) and (IV, 66), one obtains from (IV, 60) (upper state degenerate): 

*Qk - i “ p Qk + i = 4(A" - A'fc - B")A, (IV, 67) 

- p Qk = 4(A' - A'ft - £')A. (IV, 68) 

In principle f » can bo obtained theoretically from the force constants and approximate 
values for the internuclear distances [compare the formulae of Silver and Shaffer 
(790) and Shaffer (776) for planar and non-planar XY3 and of Shaffer (777) for 
XYZ.J. But this method is not very practical for a determination of the rotational 
constant A and has not been attempted in any case. 

However, a determination of the constant A is nevertheless possible when all 
degenerate fundamentals of the same species have been resolved, since the sum of 
the i as we have seen above, is independent of the potential constants and can be 
expressed in terms of A and B . Neglecting the dependence of A and B on v (that 
is, the convergence of the lines in the perpendicular bands), we obtain for the sum of 
the spacings A Vi = 2[A(1 — f») — B] in all (/) fundamentals of a given species: 

E A** = 2/(A - B) - 2A E ft. (IV, 69) 

For example, for the methyl halides (or si milar molecules) there are three fundamentals 
of species E: v\, pg, ve. With (IV, 47) for E f 0 we therefore obtain 

Ava + Av h + Avo = 6 A - 7B, (IV, 70) 

from which A can be obtained if B is known. For example, for CIIsBr (sec Fig. 
130), Avi + Av 5 + Avn = 28.3 cm -1 . While no || band of CH 3 Br has as yet been 
completely resolved, from the separation of the maxima of the unresolved P and R 
branches of such bands [according to formulae similar to (IV, 27) for linear molecules; 
see Gerhard and Dennison (352)] a rough value B = 0.31 may be obtained. Since 
A^>B t this is sufficiently accurate for a determination of A from (IV, 70). One 
obtains A = 5.08 cm" 1 . In a similar manner, the A values of the other methyl 
halides given in Table 132 have been obtained [see Dennison (280)]. 

It should bo noted that the accuracy of the A values determined in this way is not very high, 
since the dependence of A and B on v has been neglected, and also since the sum rule for $"* holds 
exactly only under the assumption of strictly harmonic oscillations [that is, for the in (IV, 50)]. 
If sufficiently accurate measurements were available, some improvement could be obtained if instead 
of the average Ai /< the linear terms 2(A' — A'f» — B') of (IV, 60) were used in (IV, 69). Assuming 
that in the sum rulo A ' and B' can be used, we would obtain first A', from which A" could bo 
obtained with the help of the coefficient of the quadratic term. 

It may be mentioned that the best practical way to obtain the coefficient of K 2 in (IV, 60) is 
to plot ii Qk + p Qk against A 2 , which gives a straight line whose slope is 2 [(A' — B r ) — (A" — B") ]. 
The best way to obtain the linear term is to plot r Qk — [(A' — B') — (A" — B n )~]K 2 and 
p Qk — [(A' — B') — (A" — /i") ]AT 2 against K , which gives straight lines both of which have tho 
slope 2(A' — A'$*» — B'). By this procedure the coefficients in the equations (IV, 61a and b) wero 
obtained. 

In Table 132 the rotational constants A[ 0 ] and B[q] of all symmetric top molecules 
so far investigated are collected together. The corresponding moments of inertia Ia q 
and Ib° are also given. While in most cases some other B[ v ] or A[„] values have also 
been determined (compare the references quoted), in no case are all the cti B or a v A 
values known, so that the B e and A e values cannot be determined. Fortunately 
the a arc small, and therefore the moments of inertia and internuclear distances 
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Table 132. rotational constants and moments of inertia of symmetric 

TOP MOLECULES IN THEIR GROUND STATES. 


Molecules 

2?io] (cm l ) ,ia 

A[o] (cm 1 ) 33 

/fl° (10 -40 

gm cm 2 ) 

I A « (10~« 
gm cm 2 ) 

Ic° (10 -40 
gm cm 2 ) 

References 

Nil., 

9.94 1 34 

(6.30,) 

2.816 

(4.43 7 ) 

=7/,° 

(785) 

nd 3 

5.138’* 

(3.15 7 ) 

5.448 

(8.86,) 

=Ib° 

(624) (280) 

ch 3 d 

3.8785 

(5.245,) 

7.217 7 

(5.337 2 ) 


(362) (207) 

ch 3 f 

0.8496 

5.10o 

32.95 

5.48 9 

=Ib° 

(138) 

CH3CI 

0.49 

5.097 

57.i 

5.49 2 

—Ib° 

(827) 

CHjBr 

0.31^ 

5.08 2 

90 

5.508 

=Ib° 

(138) 

CH 3 I 

0.28 s6a 

5.07 7 

100 

5.51, 

=7/? 0 

(138) 

C 2 H« 

0.6021" 

2.538 s6 

42.28 

11.03 

= 7/,° 

(798) 

CH 3 CsCH 

0.2848 


98.29 


= 7/,° 

(440) (69) 

bf 3 

0.35, 

(0.17s) 

78.9 

(158) 

— Ih° 

(344) 

n 3 ii 

[0.309(1] 

20.346 

69.38 

1.3759 

70.75 

(318) 

H2O2 

[O.825] 

10.056 

37 

2.783s 


(977) 

C 2 Hj 

[0.911,] 

4.807 

28.08 

5.752 

33.85 

(345) 

C2D4 

[0.652,] 

2.437 

37.93 

II.487 

49.42 

(345) 

H 2 CO 

[1.215]* 

9.404 s8 

21.65 

2.976s 

24.62 

(288) 

OH 3 NII 2 

[0.7385] 

3.50 

.rr 

8.00 

37 

(847) (680) 

IICOOH 

[0.318] 

2.55 1 

75.3 

10.96 

86.3 

(128) (848) 

eyclo C 3 Ufi 

0.6680" 


41.91 


= 7 » 

(797) 

CH a OH 

[0.8032] 





(109) 


determined from ;1[ () ] and 7i [R ] are fairly good approximations to the equilibrium 
values (compare Tables 129 and 130). 

In the case of the nearly symmetric top molecules, as shown on p. 48, the B value 
obtained from the || bands is really B = \{B + C). For plane molecules such as 
N 3 H and C 2 H 4 we have the relation 

Ic = Ia+ In, (IV, 71) 

which holds strictly only for the equilibrium moments of inertia, but with very good 
approximation also for the 7°. Therefore if A is known, B and C can be obtained 
separately from B. The following relations are easily found: 

B m — (A — B) + Va* + B\ c = (A +S) - Va 2 + B\ 

The values of In 0 and Ic° obtained from these relations are also given in Table 132. 
For non-planar molecules B and (7 can of course not be obtained from B . 

32 Values in square brackets are B values. 

33 Values in parentheses are obtained indirectly. 

34 This is the average of the B values for the two inversion doubling components. The pure 
rotation spectrum (see Chapter I) gives 9.945 cm -1 . 

35 From the pure rotation spectrum, Baines (115) obtained the (less accurate) value 5.13 cm” 1 . 
86(1 From the separation of the P and li maxima of the infrared bands as given by Dennison (280). 

Sutherland (825a) gives slightly different values. 

36 These values were kindly supplied by Dr. L. G. Smith in private communications and are 
very slightly changed compared to those in the abstracts by Smith and Woodward (798) and by 
Smith (797). 

37 Since these molecules are not planar the individual Ib and Ic values cannot bo obtained from 
the observed B. 

38 From the ultraviolet spectrum. 
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Up to now the f» sum rule has been used for the determination of A only in the 
case of the methyl halides. In the case of NH 3 and ND 3 a much better value of A 
is obtained from the isotope effect, assuming that internuclear distances and angles 
are the same in NH 3 and ND 3 . Similarly, for CII 3 D the value of A can be deter- 
mined from the B value, assuming tetrahedral structure and r(C — H) = r(C — D). 
These indirectly determined A values are put in parentheses in Table 132. 

With the knowledge of the A values thus obtained, it is now possible to obtain 
the following f values from the observed spacings in the perpendicular bands : 


NHi 

ft = 0.06 39 

ft = - 0.26 


nd 3 

ft = 0.20 

ft - - 0.36 


ch 3 d 

ft - 0.24 

ft - - 0.27 

ft = 0.66 

oh 3 f 

ft = 0.099 

ft - - 0.294 

ft = 0.280 

ClliOl 

ft = 0.100 

ft = - 0.273 

ft = 0.222 

CH 3 Br 

ft = 0.053 

ft = - 0.232 

ft = 0.208 

CH 3 I 

ft - 0.058 

ft - - 0.216 

ft = 0.187 


The values for ND 3 fit fairly well the sum rule (IV, 40), not used in their derivation. 40 
The sum rule (IV, 47) is not fulfilled for CH 3 1), probably on account of insufficient 
resolution of the _L bands which did not allow an unambiguous assignment of the 
fine structure lines. 

A very striking confirmation of the assumption of equal internuclear distances in 
isotopic molecules is supplied by the I a values of C 2 II 4 and C 2 D 4 , which should be in 
the ratio mn/wiD = 0.50037; the observed ratio is 0.5007. 

From the moments of inertia in Table 132 some or all of the internuclear distances 
and angles can accurately be determined, although not always without some simplify- 
ing assumption. We consider first those molecules for which an unambiguous 
determination of the geometrical structure is possible : 

The simplest case is that of BF 3 , which is known to be plane and symmetrical 
(see p. 298), and for which therefore the observed B value is sufficient to determine 
the geometrical structure. Since for plane XY 3 

In — \Ia ~ 2™Y r XYf 

we obtain : 

BF 3 : r 0 (B - F) = 1.29i X 10“ 8 cm. 

This value is not very accurate, since the B value is obtained only from a partially 
resolved band. It agrees well with the electron diffraction value 1.30 =fc 0.02 X 10"~ 8 
cm given by L6vy and Brockway (574a). 

For non-planar XY 3 there are two quantities that determine the geometrical 
structure, for example, the X — Y distance r(X — Y) and the angle p of X — Y with the 
three-fold axis. These quantities are given by the two moments of inertia 1b and 
I a according to the relations: 


I A = 3m Y r 2 (XY) sin 2 P; 

1b 


3m Y r 2 (XY) 

2 /i + 

V wtx / 


M 


L V 

, m x / J 


(IV, 72) 


39 From ft and tho ft sum rule. 

40 Dennison (280) adjusted the ft values slightly so that they would fulfill the ft sum rule exactly. 
He gives $3 = 0.185, f 4 = — 0.368. 
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However, for NH 3 only In is reliably determined and therefore it is necessary to 
use in addition Is of NI ) 3 to determine r(N — II) and /3. We obtain, by applying 
the second equation (IV, 72) to both NH 3 and ND 3 , 

NH 3 (ND 3 ) : r 0 (N— H) = 1.014 X 10 ~ 8 cm, (J = 67° 58'. 

The height of the pyramid is ho = ro cos = 0.381 X 10 “ 8 cm, a value that agrees 
well with that obtained from the magnitude of the inversion doubling (see p. 224), 
but is more accurate. The H — N — H angle following from the above is a = 106° 47', 
and the H — H distance r 0 (H — H) = 1.628 X 10 “ 8 cm. 

For tetrahedral molecules XY 4 , and therefore for CH 3 D, the structure is com- 
pletely determined by the one r(X — Y) distance. One finds easily 

Jfl(CH 3 D) = (fmn + m D ( ™ p ~ ™h) 2 . \ ro 2 (CH)> (IV , 73) 

\ wic + 3 mu 4* mD / 

from which, together with the Is value in Table 132, it follows that 

CII 4 (CH 3 D): r 0 (C— II) = 1.0936 X 10" 8 cm. 

The moments of inertia of C 2 H 4 alone are not sufficient to determine the geo- 
metrical dimensions, but with the moments of inertia of C 2 D 4 they are uniquely 
determined and in addition the check mentioned above is provided. Gallaway and 
Barker (345) obtained 

C 2 H 4 (C 2 D 4 ): r 0 (C— II) = 1.071 X 10~ 8 cm, 

r 0 (C=C) = 1.353 X 10 ~ 8 cm, 

<£ 1ICH = 119° 55'. 

For the remaining molecules of Table 132 additional assumptions have to be 
made in order to evaluate at least some of the internuclear distances. 

In the case of H 2 O 2 , assuming the asymmetrical C 2 structure given in Chapter III, 
p. 301, with certain assumed values of the angles and the OH distance equal to that 
in H 2 0, Zumwalt and Oiguere (977) obtain 

II 2 0 2 : r 0 (O— 0) = 1.48 X 10 ~ 8 cm. 

In the case of N3II, assuming a linear N — N — N chain with a ratio of the two 
N — N distances of 1.10 (the end N atoms having the smaller distance), and an N — II 
distance of 1.012 X 10 -8 cm (somewhat smaller than in NH 3 ), Eyster (318) obtained 

N 3 II: r 0 (IIN — N) = 1.241 X 10 ~ 8 cm, 

r 0 (N — N) = 1.128 X 10 ~ 8 cm, 

£ IINN = 110° 52'. 


In the case of the methyl halides, if the C — H distance is assumed to be the 
same as in CII 4 (CII 3 D), the carbon-halogen distance and the II — C — H angle can 
be determined. One obtains: 


CH 3 F: r 0 (C — F) = 1.39* X HT 8 cm 

OH3CI: r 0 (C— Cl) = 1 . 7 1 X Ur 8 cm 

CH 3 Br: r 0 (C— Br) = 1.9, X 10" 8 cm 

CH 3 I: r 0 (C — I) = 2.0 0 X 10" 8 cm 


% HCH = 111° 48' 
< HCH = 111° 52' 
% HCH = 112° 6' 
HCH = 112° 12' 
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While the carbon-halogen distances, except r () (C — F), are not very accurate since 
the || bands have not yet been completely resolved, the deviation of the HCH angle 
from the tetrahedral angle (109° 28') and its increase in the series of halogens is believed 
to be genuine, and appears to be rather significant. 

If, in a similar way, we assume for C2H6 the same C — H distance as in CII4, we 
obtain, from the moments of inertia of Table 132: 

C 2 H«: r 0 (C— C) - 1.573 X 10” 8 cm, £ HCH = 112° 12'. 

If in methyl acetylene the C=C, =C — H, distances are taken over from C2H2 
(see Table 130) and the CII 3 group is assumed to have the same structure as in CH4, 
the C — C single-bond distance is found to be 

CH 3 — Os=C — H : r 0 (C—C) = 1.469 X 10~ 8 cm. 

Tf on the other hand the CH 3 group is assumed to have the same structure as in 
ethane (see above) a value r 0 (C — C) = 1.477 X 10~ 8 cm is obtained. 

If in H2CO (formaldehyde) we assume the same C — H distance as in ethylene 
we obtain for the C— O distance and the HCH angle from the moments of inertia 
in Table 132 

H 2 CO: r 0 (C=O) = 1.225 X 10~ 8 cm HCH - 123° 26'. 

In cyclopropane (C 3 H 6 ), since only one moment of inertia is known, two geo- 
metrical data have to be assumed in order to calculate the third one. Assuming a 
Dm structure (see p. 352f.) and a C — H distance as in ethylene [r 0 (C — H) — 1.071 
X 10~ 8 cm] and an HCH angle of 120° one obtains 

cyclo C 3 H 6 : r 0 (C— C) = 1.526 X 10~ 8 cm. 

With an HCH angle of 180° and the same C — H distance one obtains 
cyclo C 3 H 6 : r 0 (C— C) = 1.616 X 10~ 8 cm. 

If, finally, in CH 3 NH 2 the internuclear distances and angles in the CH 3 and NII 2 
groups are assumed to be the same as in CTI4 and NH 3 respectively, one obtains for 
the C — N distance [Owens and Barker (680)]: 

CH3NH2: r 0 (C — N) = 1.48 X 10“ 8 cm. 

The assumptions made above for the second group of molecules could be tested 
(or corrected) if the corresponding “heavy” molecules were investigated. 

It is very interesting to compare the C — C single-, double-, and triple-bond dis- 
tances as obtained above for C 2 H 6 , C 2 H 4 , and in Table 130 for C2H2. They are 

r 0 (C— C) = 1.573, r 0 (C=C) = 1.353, r 0 (G^C) = 1.207 X 10“ 8 cm. 

It is very significant that the C — C single-bond distance in CH 3 — C=C — H (1.469.10” 8 
cm), where it is adjacent to a triple bond, is appreciably smaller than in CoHe. 
Finally, the small but definite differences between the C — H distances in CH4, C2H4, 
and C2H2 (that is, when they are adjacent to single, double, and triple bonds re- 
spectively) are noteworthy, and correspond to the similar differences between the 
C — H force constants (see Table 50) and C — II bond frequencies (see Table 51). 
We have 

r 0 ( — C — H) - 1.093 6 , r 0 (=C— II) - 1.071, 


r 0 (=C — H) = 1.059 7 X 10"* cm 
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(c) Raman spectrum 

Selection rules. As with the infrared spectrum, so with the rotation-vibration 
Raman spectrum, the vibrational and rotational selection rules are to a very good 
approximation the same as for the pure vibration spectrum (sec Table 55) and the 
pure rotation spectrum respectively. In the most general case, when the top axis 
is not an axis of symmetry, we have 

A K = 0, ± 1, ± 2 and AJ = 0, ± 1, =b 2, (IV, 74) 

with the restriction 41 

r + J" > 2 . 

But if the molecule has symmetry, certain values of A K do not occur, depending on 
the type of the vibrational transition. Placzek and Teller (701) have shown that 
tra?isitions with A K = 0 occur only for vibrational transitions for which or 

[_ol xx + (*vv~] nm or both are different from zero (z axis = top axis); transitions with 
A K = ± 1 occur only for vibrational transitions for which [a«]"* or [>y J nm or both 
are different from zero; and transitions with A K = db 2 occur only for vibrational transi- 
tions for which [a JX — 0 L yy f nm or [_oL xy ] nm or both are different from zero. From this 
general rule and the vibrational selection rules in Table 55 it follows immediately that 
for all transitions between totally symmetric vibrational states of molecules of point 
groups C 2 ,,, Z> 2 , Vh , and all axial molecules with a more than two-fold axis, only 
A K = 0 occurs; whereas for all transitions between a totally symmetric and a non- 
totally symmetric vibrational state only A K = =b 1 or A K = db 2 or both occur, but 
never A K = 0. In particular, for E — A\ transitions of molecules of point group 
Czv, both AK = zb 1 and A K = zb 2 occur, whereas for the similar transition E' — A \ 
of Dzh only AK = zb 2 occurs. For E — Ai of C\ 0 only transitions with AK = db 1 
occur, whereas for B\ — A\ and B 2 — Ai of Ct v (and similarly B\ g — A\ g and B 2g — A\ g 
of 2>4 a) only AK = zb 2 occurs. 

If the upper state is a degenerate vibrational state with Coriolis splitting (f t 9 ^ 0) 
and the lower state totally symmetric, the additional rule applies that for AK = + 1 
and AK = — 2 only the + l sublevels , for AK = — 1 and AK = + 2 only the — l 
sublevels of the degenerate state combine with the lower non-degenerate state . If the 
degenerate state is the lower the reverse rule holds. 

Just as for the infrared spectrum, only rotational levels of the same species can 
combine with one another (see p. 415). This rule does not lead, however, to any 
additional restriction of the possible AK values, since it is implicitly taken into ac- 
count in the above rules for AK. However, this symmetry rule does lead to re- 
strictions of the combinations of the sublevels for a given K and J. 

Totally symmetric Raman bands. If the molecule has no symmetry but is acci- 
dentally a symmetric top, all transitions allowed by (IV, 74) would occur; that is, 
H ere would be in each Raman band five series of sub-bands with five branches each. 
Since no example is known of such a case, we shall not discuss it in detail. The 
structure, however, can easily be visualized by superimposing appropriate bands 
from among those discussed in the following paragraphs. 

If the molecule is a (nearly or genuine) symmetric top on account of its symmetry 
and belongs to the point groups C 2v , D 2 , Vh, or any of the axial point groups with a 

41 This restriction corresponds to the rule J = 0 *+* J — 0 for dipolo radiation. 
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more-than-two-fold axis, for a transition between two totally symmetric vibrational 
states only A K = 0 occurs (see above). We have, therefore, one series of sub-bands 
of much the same type as for a || infrared band (Fig. 122), except that (1) there are 
now in each sub-band — in addition to the three branches P, Q , and R — an 0 and an 
S branch with double the spacing of the P and R branches (A J = db 2; see p. 20), 
and that (2) the Q branches are relatively much stronger (there is a strong Q branch 
also for K = 0). Since for Raman bands the difference between the rotational 
constants in the upper and lower states is always very small, the complete band also 

has five branches , each line of which arises 
by the superposition of a number of lines 
of different sub-bands, very similar to the 
three branches of a || infrared band for 
which A' « A " and B' « B ". Alternate 
lines of the P and R branches coincide 
with the lines of the 0 and S branches. 
The resulting appearance of the band is 
much the same as that of the rotational 
Raman spectrum (see Fig. 13), although 
here there would be a slight convergence of 
the lines as in a 1 — 0 Raman band of a dia- 
tomic molecule. Since all the line-iike Q 
branches of the sub-bands coincide, they 
will form in general a very strong central 
line-like Q branch of the whole band . This 
is usually the only part of the band that 
is observed. The relative intensity of the 
five branches in its dependence on I a! In is 
indicated in Fig. 134. It is seen that the 
intensity of P and R brandies decreases with decreasing Ia/Ib and is zero for 
I a! In = 0, the case of the linear molecule (see above). The formulae for the in- 
tensities of the individual lines in the branches are the same as for the pure rotation 
spectrum [see equations (I, 49) and (I, 50), and Placzek and Teller (701)]. 

For molecules of point groups C 2 and C 211 that are nearly symmetric tops, in 
addition to a zz and a xx + a yy , also a xy is totally symmetric (see Table 55) ; therefore, 
in addition to A K = 0, also A K = ± 2 occurs for totally symmetric Raman bands. 
A discussion of bands with A K = do 2 will be given below. It is clear that as before 
the line-like Q branch will be the predominant feature of the Raman bands. 

Non-totally symmetric non-degenerate Raman bands. For nearly or accident- 
ally symmetric top molecules of point groups C 2vy 42 D 2f V h , and for genuine sym- 
metric top molecules with a four-fold axis, the non-totally symmetric non-degenerate 
Raman bands A 2 — Ai, B\ — A, B\ 0 — A gy B — A respectively have A K = db 2 only, 
according to the selection rule on p. 441 and Table 55. The resulting fine structure is 
very similar to that of a J_ infrared band as given in Fig. 128, except that each sub- 
band now has, in addition to P, Q, and R branches, an O and an S branch, that the 
spacing of the sub-bands, that is, of the Q branches, is equal to 4 (A — B) rather than 
2 (A — B) (if the interaction of rotation and vibration is neglected) and finally that, 

42 Assuming that the C 2 coincides with the top axis. 



Fig. 134. Relative intensity of the branches 
in a totally symmetric Raman band of a sym- 
metric top molecule as a function of I a! In 

[after Placzek and Teller (701)]. — See caption 
of Fig. 125. 
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since for AK = — 2 the smallest K value is 2, one sub-band (with K = 1) is missing 
which would occur at vo, For medium resolution, therefore, such a Raman band 
should consist of a series of lines of nearly equal spacing , 4 (A — #), with a zero-gap and 
without a strong central line . No such structure has as yet been resolved. For 
the intensity alternation in such bands see Chapter I, section 2, and Placzek and 
Teller (701). 

In the case of nearly symmetric top molecules of point groups C a , C 2 , Cth , C^v, 
Z> 2 , Vhj the non-totally symmetric non-degenerate Raman bands A" — A', B — A, 
B g — A g , B\ t 2 — Ai, # 2 , 3 — A, # 2 o, 3 ( 7 — A g respectively have AK = ± 1 instead of 
AK = db 2, since for them only [a r2 ] nm and are different from zero (see 

Table 55). Raman bands with AK = ± 1 would be still more similar to _L infrared 
bands in that the spacing of the Q branches (sub-bands) would be 2(A — #). 


Degenerate Raman bands. For Raman transitions from the (totally symmetric) 
ground state to a degenerate upper state, we may have AK = db 1 or AK = ± 2 
or both. 

The first case, AK = db 1, as can be seen from Table 55 in conjunction with the 
general selection rule on p. 441, applies to E" — A\ transitions of Dm molecules, 
E — Ai transitions of Cm, Dm molecules, E \ — Ai transitions of Cm, Cm, Dm, Dm, and 
a few other molecules. In this case, since the selection rule for the Coriolis sub-levels 
is also the same as for a _L infrared band of the same molecules, we have the same fine 
structure (see Fig. 128), except that again each sub-band has an 0 and an S branch 
in addition to the P, Q, and R branches. The line-like Q branches which form the 
main feature of the band can be represented by the same formula (IV, 60) as for 
the A. infrared band; that is, they form a series of nearly equidistant lines of spacing 
2[A(1 — f t ) — #]. No such fine structure has as yet been resolved. 

The second case, AK = zk 2, applies to E ' — A\ transitions of Dm molecules, 
# 2 — Ai transitions of C bv , C 6u , Dm, Dm molecules, and a few others. In this case 
we have again a series of sub-bands (see Fig. 128) whose line-like Q branches form 
the most prominent feature. But since AK is different (±2), and also since the 
selection rule for the Coriolis sublevels is different, a different formula holds. We 
obtain from (IV, 41) and (IV, 42), taking account of the selection rules, 

vo sub = „ 0 + 4[AUl + f.) - /?['„,] ± 4 ^Af., (1 + K 

+ [(A,'.i - - (Aj;, - B’U)W, (IV, 75) 


where the + sign holds for AK = + 2 and the — sign for AK = — 2 and where in 
the former case K — 0, 1, 2, • • *, in the latter K = 2, 3, 4, • • •. It follows that if, 
as usual, we put A' = A", #' = #", the Q branches form a series of equidistant 


“lines” of spacing 4 


[4 + t)- s ] 


which, if is small, is double the spacing 


in a band with AK = ± 1 (just as for the previously considered non-degenerate 
band with AK = ±2). There is again a line missing in this series, now at Po + 2Af t *. 
It is important to note that f t does not enter into equation (IV, 75) in the same 
way as it does into equation (IV, 60). If, therefore, a degenerate state combines 
with the ground state both in the infrared and in the Raman spectrum, and if the 
Raman band has AK = ± 2, its f ,* may be determined from the observed spacing 
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in the infrared and in the Raman effect without any assumption about the force 
constants, lack of anharmonicity, and so on; and therefore I a may also be directly 
determined. For example, the transition E' — A\ of Dm is possible both in the 
infrared and Raman spectrum and might thus be used for a determination of /a. 
Actually, however, no Raman band of this type has as yet been sufficiently resolved. 

The third case (A K = db 1 and A K = db 2) applies to E — A i Raman bands of 
Csv and D% molecules, to E 0 — A\ g Raman bands of Dzd molecules, and to a few others, 
since for them both [ ot xy ] nm and [a X z3 nm , [_ctyz"] nm are different from zero (see Table 
55). In this case we have, of course, simply a superposition of two series of line-like 
Q branches , one with a constant spacing 2[A(1 — f t ) — B~\ y the other with a constant 
spacing 4[A(1 + f t /2) — R], assuming again that A' = A " and B' = R". The 
former has no missing line, the latter has a line missing near the center. Fig. 135 
shows sucii a structure schematically. Naturally for three-fold symmetry there is an 
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Fig. 135. Fine structure of a 

has been drawn to scale for v\ of C 

3000 3020 3040 3060 

VP 

degenerate Raman band with AK - ± 1 and ±2. — The figure 
1I 3 F for which the necessary data are known from the infrared 


spectrum. No Raman observations of sufficient dispersion have as yet been made. The intensity 
alternation is indicated by the weight of the lines. 

intensity alternation of the type strong, weak, weak, strong, • • • in each of the two 
scries of Q branches. From the spacing in the two series, if B is known from || 
infrared (or Raman) bands, A and can be determined, and from the former the 
moment of inertia, /a, about the symmetry axis. Unfortunately, for NH 3 , the only 
molecule of this type for which the Raman spectrum of the gas has been investigated 
under sufficiently high dispersion, the degenerate Raman bands were too weak for 
observation. 

Unresolved Raman bands. According to the above discussion, Raman bands of 
symmetric top molecules corresponding to totally symmetric vibrations have a 
strong central Q branch resulting from the superposition of the (strong) line-like Q 
branches of all sub-bands, whereas Raman bands corresponding to non-totally sym- 
metric vibrations (degenerate or non-degenerate) have a series of Q branches which 
are widely spaced if the moment of inertia about the top axis is small. In the first 
case, therefore, if the Raman spectrum is investigated with the usual low dispersion 
(that is, when the fine structure is not resolved), very sharp Raman lines will be ob- 
served. They represent the Q branches of the bands, the other branches usually 
not being recorded since their lines do not all coincide. On the other hand, in the 
second case the unresolved Raman bands appear as broad lines (bands) with a flat 
maximum, whose height is much smaller than in the first case, since the various Q 
branches do not coincide. This is one of the main reasons why non-totally sym- 
metric Raman lines are usually much weaker than totally symmetric ones. With 
medium dispersion Nielsen and Ward (670) have indeed found that in the gaseous 
state the non-totally symmetric Raman lines are broad . This is well illustrated by 
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the Raman spectrum of PC1 3 in Fig. 136, due to Nielsen and Ward. While they found 
that in the liquid state, on account of quenching of molecular rotation (see Chapter 
V, section 2) the lines are sharper, even in the liquid state they are usually not as 
sharp as totally symmetric Raman lines, a fact that has long been recognized [see 
Kohlrausch (14)]. 

Conversely, diffuseness of a Raman line of a symmetric top molecule may be taken 
as a strong indication that one of the vibrational states involved is non-totally symmetric . 
If definitely established for the gaseous state, 43 such a diffuseness is in fact at least 
as good an indication as the depolarization of the Raman line. 44 The opposite con- 
clusion, from the sharpness of a Raman line of a symmetric top molecule, is not as 
certain, since if is close to 1 for A K = db 1, or if £*• is close to — J for A K = db 2, 
even for a degenerate Raman line the various Q branches coincide approximately 
ana would form a sharp “line.” 


3. Spherical Top Molecules 

We shall consider here only the rotation-vibration spectra of spherical top mole- 
cules of point group Td, that is, of tetrahedral molecules, and not those of lower or 
higher symmetry, since infrared and Raman bands have been resolved only for this 
type of spherical top molecules. 

(a) Energy levels 

Non-degenerate vibrational states. The zero-approximation energy of a rotating 
and vibrating spherical top molecule is, of course, simply the sum of the vibrational 
and the rotational energy discussed previously. Again, in first approximation, the 
interaction between vibration and rotation can be taken into account by using in 
the expression BJ(J + 1) for the rotational energy [see equation (I, 51)] an effective 
B value , B [v ], averaged over the vibration. By analogy with the previous formulae for 
linear and symmetric top molecules, we may put 

B M = B e -2>, (t'. + f), (IV, 76) 

where B e is the B value of the equilibrium 'position and where now d it the degree of 
degeneracy of the vibration Vi f may be 1, 2, or 3. We can therefore write for the 
total energy, in a first approximation, 

T = G(v h %,-••) + B [V ]J(J + 1). (IV, 77) 

While for degenerate vibrations additional interaction terms due to Coriolis coupling 
appear (see below), for non-degenerate vibrational levels (IV, 77) represents a very 
good approximation. Comparing it with (IV, 6), we see that the rotational levels 
in non-degenerate vibrational states of spherical top molecules are very similar to 
those of linear molecules, except that the statistical weight is ( 2J + l) 2 instead of 
(2J + 1). 

43 In the liquid state there may also be other reasons for a broadening. 

44 It will be remembered that a totally symmetric Raman lino may have a degree of depolariza- 
tion up to y, that is, may in exceptional eases be completely depolarized, so that it could not be dis- 
tinguished by the polarization from a non-totally symmetric Raman line. 
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As for linear molecules, the finer interaction of rotation and vibration leads also 
to centrifugal distortion represented by a term D[ V ]J 2 (J + l) 2 in the energy formula. 
But up to the present time sufficiently accurate data are not available to require 
taking account of this effect. 

Degenerate vibrational states. As in the case of symmetric top molecules, the 
Coriolis forces that occur in the rotating molecule may produce an interaction between 
mutually degenerate vibrations, which in its turn will lead to an appreciable splitting 
of the degeneracy . 

There are three species of degenerate vibrational levels in tetrahedral molecules, 
E , F i, and The fundamentals of the molecules Y4 and XY4 have only species E 
and F 2 (see p. 140). Now it can fairly easily be seen by a consideration of the vibra- 
tions in Fig. 41 that if one component of the doubly degenerate vibration is excited 
the Coriolis force does not tend to excite the other component, no matter what the 
direction of the axis of rotation. Therefore no Coriolis splitting arises for the doubly 
degenerate vibrational states. The rotational energy levels arc the same as for the 
non-degenerate vibrational states (see equation IV, 77). 

The absence of Coriolis splitting follows quite generally for any state of species E of point group 
Td from Jahn’s general rule (p. 376). The product E X E of the species of the two interacting vibra- 
tions, according to Table 33, is Ai + A 2 + E, that is, does not contain the species of the rotation, 
which is F 1 in this case (see Table 28). 

However, for the triply degenerate vibrational states the Coriolis interaction does 
cause a splitting. This is most easily seen by considering the vibration v$ of XY 4 in 
Fig. 41. For a rotation about the z axis, if the component v^ a is excited, the Coriolis 
force tends to excite y 3c , whereas vz & is uninfluenced. Therefore a splitting occurs 
in this case into three components, one of which has the “original” frequency. The 
other two, as for symmetric top molecules, are not simply v 3a and v 3c , but linear 
combinations of these vibrations which no longer tend to go over into each other in 
consequence of the Coriolis force. These two linear combinations are, as previously, 
the two circular oscillations, the clockwise and the counter-clockwise, whose angular 
momentum is p. Actually, since the force on the Y nuclei is not the same in all 
directions, the motion is not circular but elliptic, p is parallel or antiparallel to the 
total angular momentum J . 

The rotational energy values for the three sublevels are given by a formula very 
similar to that for symmetric top molecules [see Teller (836), Shaffer, Nielsen, and 
Thomas (781), and Dennison (280)], namely 45 

F<+>(/) = B [v] J(J + 1) + 2 B lv] UJ + 1), 

E W (J) = B [r] J(J+ 1), (IV, 78) 

F<->(J) = B [V] J(J + 1) - 2 B [v] tiJ, 

h 

where is the magnitude of p in units - for the particular vibrational state. 46 Fig. 

2tt 

46 Hero a small additive term that is independent of J and is the same for all three component 
levels has been omitted. 

46 Tindal, Straley anh Nielsen (866) use B e instead of £[,,] in the second term on the right, but 
Dennison (280) states explicitly that B\ v \ should be used. 
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137 gives at the top a graphical representation of the three sets of levels while at the 
bottom the levels of a totally symmetric state (ground state) are given. 

The formulae (IV, 78) hold for vibrational states of species F i as well as of F% 
(the former occurring only as upper states of certain overtone and combination bands 
of the XY 4 molecule). The f* values can be expressed in terms of the potential 

*'V) J 


OR Q PS 


3 

2 

1 

0 

Fio. 137. Rotational energy levels of a spherical top molecule in a triply degenerate ( F 2 ) and 
totally symmetric (j4i) vibrational state. — The transitions indicated will be discussed on p. 454 and 
p. 459. The broken-line levels do not occur (see Fig. 138). 

constants and the masses [see Johnston and Dennison (476) and Shaffer, Nielsen, 
and Thomas (781)]. But, as for symmetric top molecules, the sum of the $ t for all 
Vi * 1 states of the same species is independent of the potential constants . For the two 
F 2 vibrations v$ and v\ of XY 4 molecules, it follows immediately from the previous 
formula (IV, 47) for an XYZ 3 molecule that 

U + U = i (IV, 79) 

since here B = A and since one of the degenerate vibrations of the XYZ 3 molecule 
goes over into the E vibration of XY 4 , which has £2 = 0 (see above). In forming 
the sum, and also in (IV, 78), as previously, f* is to be taken positive or negative 
depending on whether or not the direction of rotation of the electric dipole moment 
of the molecule coincides with the direction of the angular momentum of vibration p. 

Johnston and Dennison (476) also worked out the f values for some of the overtone and combination 
levels. They found for the F 2 sublevels of 2v z and 2u 4 : ** = - fa and -f 4 respectively, while for 
vz + va they found = — £($* 3 + f 4 ) = — J. However, they did not take into account the Coriolis 
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interaction with the other sublevels, which leads to rather more complicated relations [see Shaffer, 
Nielsen, and Thomas (782)]. For the combination levels v\p\ -f- vz and V 2 P 2 + *> 3 , Vivi + va and 
v 2 P 2 + v\ the f values are the same as for p s and v\ respectively [Shaffer, Nielsen, and Thomas (781)]. 

It may be mentioned that while E vibrational levels, apart from second-order effects (see below), 
do not show any Coriolis splitting, the E sublevels of overtone and combination levels that also 
have Fi or F 2 sublevels do split, because of the interaction of E with F\ or Fa, which in zero approxi- 
mation have the same energy. Thus the state 2 p& (or 2v\) has sublevels A], E , and Fa. In conse- 
quence of anharmonicity these three sublevels (even without rotation) have slightly different energy. 
In consequence of Coriolis interaction both the sublevels E and F 2 split linearly with increasing J 
[see Shaffer, Nielsen, and Thomas (782) ]. 

Symmetry properties of the rotational levels. As for symmetric top molecules, 
the rotational eigenfunctions of the spherical top molecules have certain symmetry 
properties which correspond to the symmetry types (species) of the rotational sub- 
group to which the molecule belongs. For the tetrahedral molecules of point group 
Td (the only ones we are considering here), the rotational subgroup (that is, the point 
group that has as symmetry elements only the symmetry axes of Td) is T (see Table 
30). The species of this group are A, E, and F. It is obvious that both A\ and A 2 
of Td belong to A, and both F\ and F 2 of Td belong to F of T. Depending on the 
behavior of the total eigenfunction \p « ype'pv'pr with respect to the symmetry elements 
of T, we have three over-all species of rotational levels , A, E , and F. 

If Mv is totally symmetric , the species of the rotational level depends on the 
symmetry of yp r only. A closer study of the rotational eigenfunctions of the spherical 
top shows [see Wilson (933)] that the species are those given in Fig. 138a for the first 
twelve rotational levels. 47 For all but the first few rotational levels we have one or 
more sublevels of each of the three species. They are drawn separately in Fig. 138a, 
but it should be understood that without taking into account second-order inter- 
actions of vibration, rotation, and electronic motion (sec below), all levels of a given 
J (2/ + 1 in all) coincide. For large J values, as can be seen qualitatively from 
Fig. 138a, there are for each J value equally many A and E sublevels and three times 
as many F levels as A levels. 

If Mv is not totally symmetric witli respect to the rotational subgroup T , we have 
to “multiply” the species of yp c yp v by the species of yp r given in Fig. 138a, according 
to the rules of Table 33. For example, for J = 4 we have for totally symmetric 
yp ( ,yp v the species A + E + 2F of the rotational levels (see Fig. 138a). Therefore, if 
yp t yp v has species E we have for the rotational sublevels the species E X (A + E + 2 F) 
= E + 2A + E + 4 F. The over-all species of the levels up to J — 12 obtained 
in this way for yp e yp v of species E and of species F (that is, F 1 or F 2 ) are given in Fig. 
138b and 138c. In the latter it is also indicated, according to Jahn (468), which 
rotational sublevels belong to F (+) , which to F (0) , and which to F (_) . It may be 
noted that the F ((,) levels of F\ or F 2 have the same species as the levels of a totally 
symmetric vibrational state, except that the level with J = 0 is missing. The 
species of the F (-) and F (+) levels are obtained by shifting those of Fig. 138a up or 
down respectively by one unit. 

If the influence of the nuclear spin is disregarded, it is easily verified from Fig. 138 
that the statistical weight of a sot of levels with a given J (apart from the ordinary 
space degeneracy) is 2 J + 1, 2(2 J + 1), and 3(2/ + 1) for vibrational levels of 
species A, E, and F respectively. However, in order to obtain the actual statistical 


47 The species of the higher levels can easily be obtained from formulae given by Wilson (933). 
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Fig. 138. Species of the rotational levels of a spherical top molecule of point group T d (a) in an A, (b) in 
an E , (c) in an F vibrational state. — A doubly or triply degenerate level is drawn as one line. Thus in (a) for J = 6 
there are three F levels, one E and one A level. Levels drawn close together coincide when there is no Coriolis 
interaction (see text). 
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weights, we have to take the nuclear spin I into account. If the spin of the identical 
nuclei is zero , only those rotational levels can occur whose eigenfunctions remain 
unchanged for any rotations that lead to an exchange of identical nuclei; that is, 
only the A rotational levels of Fig. 138 can occur . This would be the case for the mole- 
cules SO4 , CIO4"", Ni(CO)4 if they were regular tetrahedrons. For them, for 
example in a vibrational state of species A\ or A 2, the rotational levels 7 = 1, 2, and 
5 would not occur (see Fig. 138a). 

If the nuclear spin I of the identical atoms is not zero t the inclusion of the spin 
function may cause the total eigenfunction of all rotational sublevels to be of species 
A . All rotational sublevels may occur but with different statistical weights . For a 
tetrahedral XY4 molecule with /( Y) = J, as Wilson (933) has shown, in a way similar 
to that indicated previously for XY3 molecules, the species of the spin functions are 
5 A + E + 3 F. For the A rotational levels we ha ve to use a spin function of species 
A , of which there arc five; for the E rotational levels we have to use the one spin 
function of species E in order to make the total eigenfunction of species A ; and for 
the F rotational levels we have to use a spin function of species F, of which there are 
three. Since E X E gives two functions of species A while A X A and F X F give 
only one each, it follows that the statistical weights of the A , F, and F rotational 
levels are 5, 2, and 3 respectively. From this the total statistical weights for each 
7 can be obtained. For a vibrational state of species A (A\ or A2), they have been 
given in the previous Table 7, p. 39. For the other vibrational states they are 
easily obtained on the basis of Fig. 138b and 138c. For example, for 7 = 4 the three 
sublevels 4“, 4°, and 4 + have statistical weights (apart from the usual factor 27 + 1 
for space degeneracy) (5 + 2X3) = 11, (5 + 2 + 2 X 3) = 13 and (2 + 3X3) = 11 
respectively. These statistical weights apply, for example, to the molecules CII4 
and SiTId. For 7(Y) = 1 according to Wilson (933), the symmetry of the spin 
function is 15A + 6 E + 18F, and therefore the statistical weights of the A, E, and 
F rotational levels are 15, 12, and 18 respectively, leading to the total statistical 
weights given in Table 7. This table contains also the weights for 7(Y) = 

Inversion doubling. In all tetrahedral molecules the inversion doubling is unobservably small 
since the potential hill separating the “left” from the “right” configuration is very high. But, 
strictly speaking, each of the rotational sublevels discussed al>ove is double, one component being 
“positive,” the other “negative” with respect, to an inversion. The potential field is then of point 
group Oh (compare the treatment of C 3v molecules p. 413), and the rotational subgroup is O, which 
has the same species (Ai, A 2 , E, F 1 , F 2 ) as Ta (see Table 28). The A rotational sublevels in Fig. 138 
are therefore split into A\ and A 2 , the F levels into F 1 and F 2 , the E levels into two E levels. For 
7=0 and Bose statistics of the identical nuclei, only the A\ levels occur; for I = J and Fermi sta- 
tistics, only the A 2 , E, and F 2 levels occur, with weights 5, 1, and 3 respectively. Thus for 7 = J 
only the E levels are actually doubled by the possibility of inversion. Only for larger 7 values will all 
levels be doubled. But in any case, just as for C 3v molecules, the total statistical weight of each 
sublevel is not changed by the doubling. There is hardly a chance that the doubling will ever be 
observed in tho rotation-vibration spectra of tetrahedral molecules. For all practical purposes we 
can therefore draw our conclusions as though there were only one nuclear configuration; wo can therefore 
omit a detailed discussion of which levels are shifted up and which down [see Jahn (468)]. 

Coriolis splitting of the rotational levels. We have seen above that each rota- 
tional level of a given 7 value consists of a number of sublevels (27 + 1 in all) which 
coincide in the approximation in which (IV, 77) and (IV, 78) hold. But if the finer 
interaction of vibration and rotation is taken into account, a splitting of these sub- 
levels occurs, for reasons similar to those for the /-type doubling of linear molecules 
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(see p. 377). However, a splitting can occur only into as many levels of slightly 
different energy as there are different lines in Fig. 138. A rotational sublevel of 
species E or F, which is doubly or triply degenerate respectively, cannot be split 
into two or three components by the finer interactions, since these interactions have 
all a tetrahedral symmetry. Their degeneracy could only be removed by an 
external field. 

The splitting of levels with the same J is largely due to the Coriolis interaction of 
different vibrations . The splitting will be the larger the closer together are the two 
interacting vibrational levels, and will be proportional to J(J + 1). This is in 
contrast to the Coriolis splitting of a triply degenerate vibrational state which is 
proportionul to J, since it is due to the Coriolis interaction of mutually degenerate 
vibrations, not of different vibrations of different frequency. 

Since the rotation of a tetrahedral molecule (considered as a non-genuine vibra- 
tion) has species F\ (see Table 28) there are, according to Jahn’s rule (p. 376), seven 
types of Coriolis perturbations, namely those between the following pairs of vibra- 
tional levels (compare Tables 31 and 33) : 

Ai— F h A 2 — F 2f E—F h E-F 2i Fx—Fx, Fx—F 2j F 2 —F 2 . 

Jahn (469) has shown that for A 2 —F 2 perturbations in second order approximation 
only the F (0) component of the F 2 vibrational level is perturbed, and that for F 2 — F 2 
perturbations only the F (+) and F (_) components are affected. Also he showed that 
in both cases the shift is the same for each group of levels of a given /, so that there 
is no splitting but only a slight change of the effective B[ r ] values. The same applies 
to Ax — Fx and Fx — Fx perturbations not explicitly treated by Jahn. These conclu- 
sions may also be obtained qualitatively from Fig. 138 if it is remembered that only 
rotational levels of the same J and the same symmetry (including the behavior with 
respect to inversion) can perturb one another. Thus the rotational levels of the vi- 
brational ground state as well as of any other non-degenerate vibrational state are not 
split by Coriolis interaction with any other vibrational state. 48 However, in the case 
of the three remaining pairs E—F lf E — F 2 , and Fx — F 2 , different sublevels arc affected 
differently, and therefore a splitting of the rotational levels of vibrational states of 
species E, Fx and F 2 into as many sublevels as there are lines in Fig. 138 does take 
place. For example, consider the interaction between an E and an F 2 vibrational 
level. The A sublevels of F 2 for .7 = 1 and 3 are unperturbed since there are no A 
sublevels for / = 1 and 3 in the vibrational state E. But the F sublevels will be 
shifted, since they occur in both vibrational states for these J values. Similarly, for 
other J values, the number of sublevels of the three species is not the same in the two 
vibrational levels, and therefore the shift will be different for the different sublevels. 

While in general the Coriolis splitting here considered will be small, as is the 
Z-doubling for linear molecules, it will be very appreciable when the two interacting 
vibrational levels are close together . This occurs, for example, in CH 4 and similar 
molecules for the y» = 1 levels of v 2 (e) and V 4 C/ 2 ), which for CH 4 occur at 1526 and 
1306.2 cm -1 respectively. The Coriolis splitting will naturally become of importance 
also for the higher vibrational levels. Jahn (468) (469) has given detailed formulae 
for the perturbations of the individual levels of an F 2 vibrational level interacting 

48 They may be slightly split by higher-order interactions and by centrifugal stretching terms, 
but the effect of these has not as yet been calculated [see Wilson (934) ]. 



SPHERICAL TOP MOLECULES 


453 


IV, 3 


with an E and an F \ vibrational level. lie has calculated the shifts numerically for 
the rotational levels of v\ of CII 4 up to J = 10 [see also Shaffer, Nielsen, and Thomas 
(781) (782) and Murphy (646)]. 

In addition to the above-discussed perturbations, we have to expect also the 
occurrence of more irregular perturbations, for which a shift and splitting occurs only 
for a few J values, similar to the ordinary perturbations of diatomic and linear poly- 
atomic molecules. It is, however, premature to discuss these since no relevant 
experimental data are available. 

(6) Infrared spectrum 

Selection rules. Just as for linear and symmetric top molecules, as long as the 
interaction of vibration and rotation is not too large, the vibrational selection rules 
arc the same for the rotation-vibration spectrum us they are for the pure vibration 
spectrum (Table 55). In particular, the ground state can combine (in infrared ab- 
sorption) only with vibrational states of species F 2 . The selection rule ft* the rotational 
quantum number J is, as always, 

AJ = 0, .4= 1. (IV, 80) 

In F 2 vibrational states we have the F (+) , F (0) , and sublevels (see p. 447). 
According to Teller (836), for AJ = + 1 only the F c_) levels combine with the (Ai) 
ground state , for AJ = 0 only the F (0) levels , and for AJ = - 1 only the F (+) levels. 

As for symmetric top molecules, since rotational levels of different species have 
different nuclear spin functions and since the coupling of the nuclear spin with the 
rest of the molecule is extremely slight, rotational levels of a given species can only 
combine with rotational levels of the same species; that is, 

A<->A, E<r+ E, F*->F. (IV, 81) 

This rule holds very strictly not only for infrared transitions but also for transitions 
brought about in any other way. Thus, as mentioned before, there are three non- 
combining modifications (analogous to ortho and para H 2 ) for any tetrahedral 
molecule. In the ground state their rotational levels are given by the three columns 
in Fig. 138a. 

As always, only states of opposite symmetry with respect to inversion can combine with one another 
(-f <-» —). However, this rule does not lead to any additional restrictions unless the inversion 
doubling is resolved. Up to the present time no such case has been observed. 

p 2 — transitions. The only rotation-vibration bands of tetrahedral molecules 
whose fine structures have as yet been studied in any detail arc those whose lower 
state is the ground state (species Ai) and whose upper state is an F 2 state. If for 
the moment we neglect the Coriolis splitting of the F 2 state into F^ + \ F (0 \ F^ compo- 
nents, it is clear from the energy formula (IV, 77) and the selection rule (IV, 80) that 
we obtain a simple P, Q, and R branch, with the same formulae as for linear molecules. 
The spacing of the lines in the P and R branches would be 2 B (apart from the slight 
convergence introduced by the fact that B' 5 * B "), whereas the lines of the Q branch 
would almost coincide. In this approximation, unlike the case of || bands of sym- 
metric top molecules, the individual lines would be single, even for a large difference 
between B' and B ", since here the band is not a superposition of sub-bands. But, 
as for a 1 1 band of a symmetric top molecule, the intensity of the lines with low J is 
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relatively much smaller than that for bands of linear molecules, since the statistical 
weight is (2 J + l) 2 rather than (2 J + 1). 

Actual investigation of the infrared bands of CII4, SiRi, and others with medium 
dispersion shows indeed such a simple structure (see Fig. 139). However, the spacing 
in different bands is rather different. The reason for this is, as for symmetric top 
molecules, the Coriolis coupling between rotation and vibration in the upper de- 



Fig. 139. Fine structure of the fundamental band vs of CH 4 at 3.31/x [[after Nielsen and Nielsen 
(050) j. — The length of the absorbing path was 2 cm at atmospheric pressure. The numbers written 
on the maxima are m values. 

generate vibrational state. In consequence of this the upper states of corresponding 
lines of the P, Q , and R branches are somewhat different (see Fig. 137). Using the 
formulae (IV, 77) and (IV, 78) for the rotational levels of the lower and upper 
vibrational state respectively, and remembering the above selection rule for the 
F ° , F~ sublevels, we obtain for the R branchy 

R(J) = vo + 2 B' [v] - 2 B’ m U + (SB[ V] - B v {n - 2 B[^ t )J + (Bf., - B'{ 0] ).P) (IV, 82) 

for the Q branchy 

Q(J) = v 0 + (B{ 0] - B^)J + (B( v] - B? V] )J*; (IV, 83) 

and for the P branchy 

P(J) = vo- (B[ 0] + B'{ vl - 2 BUi)J + ( B[ vl - B^P. (IV, 84) 

As for diatomic molecules, the P branch and R branch form one series of lines 
represented by the one formula 

v = vq + (B[v\ + B f ( V ) — i)in + (B[ V ] — 7i[ rl )m 2 , (IV, 85) 

where m = J + 1 for the R and m = — «/ for the P branch, and where one line, 
m - 0, is missing. If B f — B " « 0, as is always the case for fundamentals, the 
separation of successive lines in this series is very nearly constant and is equal to 
2H(1 — f t ), while all lines of the Q branch coincide at the zero line vo . Since is 
different for different vibrations (within the limits +1 and —1), it is clear that the 
spacing of the lines in different infrared bands may differ widely . The moment of 
inertia of a tetrahedral molecule can therefore not be determined from the fine struc- 
ture of one infrared band alone. 

However, because of the sum rule for f * it is possible to determine the moment of 
inertia if the spacing in all infrared-active fundamentals is known. For XY4 molecules 
there are two such fundamentals, V 3 and va, for which {3 + £4 = [see (IV, 79)]. 
Therefore the sum of the spacings in V 3 and va is 3 B f and thus By Ib , and the X — Y 
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distance in XY 4 can be determined. For CH 4 , according to Childs (205), the spacing 
of the lines in the band vz at 3020 cm"" 1 (Fig. 139) near the origin [where they are 
least disturbed by the quadratic term in (IV, 85)] is 9.93 cm -1 , and in the band v\ 
at 1306 cm” 1 it is 5.74 cm -1 . Therefore 3 B = 15.67 cm” 1 and B = 5.223 cm” 1 . 
This is, of course, an average of the B values of the upper and lower states. Correct- 
ing with the ( B ' — B") values known from the convergence of the bands, Childs 
obtained B [ 0 ] = 5.252 cm” 1 . From this and the observed spacing the individual 
values can be obtained. They are f 3 = 0.05 and f 4 = 0.45. 

The above B[o] value cannot, of course, claim the accuracy of the B values of 
linear molecules since for the sum rule harmonic vibrations have been assumed. 
The corresponding moment of inertia is I b° = 5.330 X 10“ 40 g cm 2 , and from this, 
since I = %m Y r 2 x y> the C — H distance in CII 4 is found to be 1.0929 X 10” 8 cm, which 
refers of course to an average internuclcar distance in the lowest vibrational state. 
This value is in excellent agreement with the value 1.0936 X 10” 8 cm that follows 
from the CII 3 D spectrum (see p. 439). The latter value is probably the more accurate 
one, since it is obtained from bands that are unaffected by Coriolis coupling. 

It is easily seen that, just as for _|_ bands of symmetric top molecules, the use of 
combination differences is not of much value in the analysis of infrared bands of 
tetrahedral molecules, since no two lines in the band have the same upper state (see 
Fig. 137). From (IV, 82) and (IV, 84) it follows immediately that 

R(J) - P(J) = 4/*'(l - + i) (IV, 86) 

and 

R{J - 1) - P(J + 1) = (4 B" - 4 B'U)(J + i). (IV, 87) 

The initial and final levels are therefore not separated. However, at any rate, the 
differences R(J) — P(J) and R(J — 1) — P(J + 1) plotted against J should yield 
very nearly straight lines. Actually, in the case of CH 4 this is not very well fulfilled, 
as there is a slight curvature. This is apparently due to the fact that the higher 
rotational levels of the upper vibrational state are perturbed by Coriolis interaction 
with other vibrational levels (sec p. 452). 

Indeed, with higher dispersion the higher rotational lines in the CH 4 bands arc 
resolved into two or more components. Such a splitting is just indicated for the last 
lines of the P branch of the fundamental v$ of CH 4 in Fig. 139. The splitting is very 
large for p 4 of CH 4 , as seen in Fig. 140, and clearly disturbs the regularity of the P 
and R branches. The splitting is also very clear in the photographic infrared band 
of CII 4 at 11060 A, reproduced in Fig. 141a. 

In CII 4 the frequency of the active fundamental v 4 (/ 2 ) is fairly close to that of 
the inactive fundamental V 2 (e) (1306 compared to 1526 cm” 1 ). Therefore the 
Coriolis interaction (which according to the above is possible between E and levels) 
will be strong, leading to a considerable splitting of the higher rotational levels into 
sublevels (see Fig. 138). Childs and Jahn (208) have carried out detailed calcula- 
tions of the perturbations of v\ by v 2 , and have obtained striking agreement between 
the calculated and observed spectra (Fig. 140). Such an agreement can, of course, 
be obtained only when the perturbing state is known, as well as fairly accurate values 
of the moment of inertia and of (that is, of the unperturbed energy levels). It 
would be very difficult to use the perturbation formulae for an exact evaluation of 
the moment of inertia. A Most of the combination and overtone bands of CH 4 (see 
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for example Fig. 141b), have a still more complicated structure than the fundamental 
va , obviously because the perturbations are still larger. None of these, with the 
exception of the simple band at 9042 cm -1 (Fig. 141a), has as yet been analyzed. 

The only tetrahedral molecules other than CH4 whose infrared bands have been 
resolved are CD4 [Nielsen and Nielsen (658)], Si H4 [Steward and Nielsen (807), 


8.0m 7.8m 7.6m 7.1m 



1250 cm' 1 1300 cm 1 1550 cm- 1 


Fig. 140. Fine structure of the fundamental band m* of CHi at 7.65/u [after Nielsen and Nielsen 
(650)]. — The length of the absorbing path was 2 cm at atmospheric pressure. The numbers wiitten 
on the maxima are m values. 

Tindal, Straley, and Nielsen (865) (866)], and GeH 4 [Steward and Nielsen (808) 
Straley, Tindal, and Nielsen (865) (818)]. For them the situation is very similar to 
that in CH4, that is, while vz shows a simple structure, only the lines with large J 
being split, v\ is very strongly perturbed, and so are most of the combination and 
overtone bands. The values for the rotational constants #[ 0 ] obtained for these mole- 
cules are less accurate than for CH4. They are given together with the resulting 
moments of inertia and internuclear distances in Table 133. 


Table 133. kotational constants, moments of inertia, and intkknlvi k vk 

DISTANCES OF rKTRAHKDIiA L XY* MOLECULES. 


Molecule 

B\o\ (cm l ) 

In 0 (10 40 gm cm 2 ) 

1 

r(X — Y)(10" 8 cm) 

CII 4 

5.252 

5.330 

1.0929 19 

CD* 

2.64 7 

10.576 

1.089 

SiH 4 

2.96 60 

9.46 

1.45ft 61 

GeH 4 

2.87 60 

9.75 

1.47s 


Forbidden vibrational transitions. The Coriolis perturbation causes a mixing of the eigen- 
functions of the two levels concerned (as do all perturbations). If the p< rtuibation is sufficiently 
strong this may lead to the breakdown of the vibrational selection rules which hold for rotation- 
vibration spectra only under the assumption of small interaction of vibration and rotation. If 
according to the vibrational selection rules one of two interacting states can combine with the ground 
state but not the other, with increasing rotation the second will assume to some extent properties 
of the first and therefore will be enabled to combine with the ground state. Thus the interaction of 
vibration and rotation may lead to the occurrence of forbidden vibrational transitions , particularly for 
the higher rotational levels (for J — 0 the vibrational selection rules hold rigorously). 

49 A more accurate value is probably 1.0936, obtained from the CII3D spectrum (see p. 439). 

60 These are the B" values given by Tindal, Straley, and Nielsen (866) (818). Their Bo is our 
B e , which is not given here since Tindal, Straley, and Nielsen’s method of evaluation does not appear 
to be without objections (for example, they assume B to be independent of fli). 

51 Tindal, Straley, and Nielsen (866), due to an arithmetical error, give 1.55. 
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Such forbidden transitions lmvc been observed by Stralcy, Tindal, and Nielsen (817) (800) (818) 
for Sill, and noil,, for which the active fundamental vdfr) and the inactive fundamental v 2 (c) are 
fairly close together, and therefore the Coriolis perturbation is relatively large. They found in both 
cases, in addition to the fundamental band Vi, another much weaker band in the infrared which must 
be interpreted as the “inactive” fundamental v 2 . Confirmation of this interpretation is supplied 
(1) by the agreement with the value for v 2 obtained from combination bands, (2) by the fact that the 
Q branches of the two bands arc shaded in opposite directions, away from each other, as would be 
expected on the assumption of a perturbation (repulsion) that increases with J. 

It appears likely that as more detailed investigations are carried out more such forbidden vibra- 
tional transitions will be found, not only for tetrahedral but also for other molecules. Their actual 
occurrence for SiII 4 , GcH 4 , emphasizes that in the interpretation of weak Raman or infrared bands 
the possibility of a violation of the vibrational selection rules even in the gaseous state must bo 
considered (see the case of C 2 H 4 , p. 328). Thus the (weak) occurrence in the Raman or infrared 
spectrum of a certain vibration that is forbidden by the selection rules for a certain structure (point 
group; of a molecule does not necessarily rule out that structure, unless it can be shown that no Coriolis 
coupling could produce these bands. Fortunately, as can be seen from Jahn s rule (p. 370) by no 
means all forbidden transitions can be made weakly active by Coriolis interaction. For example, 
the rule of mutual exclusion for molecules with a center of symmetry (p. 256) holds rigorously even 
when Coriolis interaction is taken into account. 

(c) Raman spectrum 

Selection rules. Again for the Unman spectrum as for the infrared spectrum, 
if the interaction of vibration and rotation is not too strong the vibrational selection 
rules remain the same as for the pure vibration spectrum. The selection rule for J 
is the same as for the symmetric top: 

AJ = 0, ± 1, ± 2; r + J" > 2. (IV, 88) 

However, for the totally symmetric Raman lines of terrahedral molecules, only 
AJ = 0 can occur [see Placzek and Teller (701)], since during the whole vibrational 
motion the polarizability ellipsoid remains a sphere. 

Unlike the case of symmetric top molecules there is here no selection rule, for the 
three Coriolis sublevels F (+) , F (0) , F (_) of a triply degenerate state. The rule (IV, 81) 
that only rotational levels of the same species can combine with one another holds 
of course here, as well as for the infrared spectrum. 

Ai — A\ transitions. Since for totally symmetric Raman lines (Ai — Ai) only 
AJ = 0 occurs, and since for Raman transitions always B' « B'\ only one strong 
sharp 11 line 11 (the superposition of all Q lines) is to be expected, without any accom- 
panying branches even for heavy overexposure. This is in conformity with observa- 
tion, for example for CII4, although in most other cases, even when they should occur, 
other branches have not been observed. 

E — transitions. If the upper state of a Raman band of a tetrahedral molecule is doubly 
degenerate, all five branches given by (IV, 88) may occur. The structure would therefore be ex- 
pected to bo very similar to that of a totally symmetric Raman band of a symmetric top molecule, 
except that the intensity distribution would not be as regular. No such band has as yet been ob- 
served. The separation of successive lines in the P, R and O, S branches would bo 2 B and 4 B 
respectively, since there is no vibrational angular momentum for v 2 (e). In CIli, SiH 4 , and GeH 4 
the higher rotational lines would be split on account of the Coriolis interaction with vt(f 2 ) which has 
a similar frequency. 

Ft — transitions. Since there is no selection rule for the F M , F (0 \ F <-) levels of 
an Ft vibrational level, we obtain from (IV, 88) fifteen branches for an F t — -Ai transi- 
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tion, five for each sub-band F 2 + — Ai, F 2 ° — Ai, and F 2 ~ — A\. These fifteen branches 
are shown schematically in Fig. 142. The superscripts +, 0, — indicate the upper 
vibrational sublevel concerned. According to (IV, 77) and (IV, 78) the spacings 
in the three pairs of branches $ + 0“, S°0 ° , $~0 + would be (neglecting the difference 
between B' and B ") 22? (2 + f t ), 4 2?, and 22? (2 — f t ) respectively; in the three pairs 
22+P", R°P°, R~P + the spacing would be 22?(1 + f,), 22?, and 22?(1 — f t ) respec- 
tively; in the three branches Q + , Q°, Q~~ it would be 2 2?f*, 0, and — 22?f t - respectively. 
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Fig. 142. Branches of an F 2 — Ai Raman band of a tetrahedral molecule. — The figure is drawn 
approximately to scale for vk of CH 4 with B = 5.2 cm -1 and f = 0.45. The difference of the B 
values in the upper and lower state is neglected. The three predominating branches ore indicated 
by heavy lines. For small f values, as in the only observed ease ( 1*3 of OII 4 ), many of the branches 
here separated will almost coincide. 


Fortunately, as has been shown theoretically by Teller (836), the S + scries with 
spacing 22? (2 + fi) and the Q° branch with spacing 0 and the 0“ scries with spacing 
22?(2 + fi) (that is, the transitions F 2 + — A\ for AJ = + 2 , F 2 ° — A\ for A J = 0, 
and F 2 — A\ for AJ — — 2 ) have predominant intensity. 

The Raman band v 2 of CH4 observed by Dickinson, Dillon, and Rasetti (287) in 
the gaseous state does indeed show these three branches. The observed spacing of 
the lines, 21.5 cm - " 1 , is therefore 22?(2 + f 3 ), whereas the line spacing 9.93 cm ”" 1 of 
the infrared band v 2 is 22?(1 — f 3 ). The sum of the two spacings yields 62? = 31.43 
or B = 5.24 cm" 1 . This result is independent of the sum rule for and the some- 
what doubtful spacing in the infrared band v 4 , but is in very satisfactory agreement 
with the B value for CH4 obtained above. If this Raman band could be measured 
more accurately with larger dispersion, and particularly if also the other branches 
could be observed, it would appear to supply the best method of obtaining a really 
precise value for the moment of inertia of CII4 (and similar molecules). 

Since the upper states of the <S + and 0~ branches of an F % — A\ Raman band arc the same as those 
of the P + and 22" branches of the corresponding F z — A\ infrared band, combination differences may bo 
used for the evaluation of the constants. From Fig. 137, in which the S + and 0“ branches are shown 
by dotted lines y one can see easily that the following relation must hold: 

S + (J) - P + (J + 3) - 1T(./) - 0-(/ + 3) = F"(J + 3) - F"(J) = 6 £"(J + 2 ). (IV, 89) 

When the data of Dickinson, Dillon, and Rasetti (287) for the Raman band and of Nielsen and Nielsen 
(656) for the infrared band v 3 of CH 4 are used, it is found that the agreement of S 1 (J) — P + (J + 3) 
with R~{J) — 0~(J + 3) is not very satisfactory. This may be due to insufficient accuracy of the 
Raman measurements, or to the second-order Coriolis splitting of the levels with larger J values in 
the upper vibrational state. 
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4. Asymmetric Top Molecules 

(a) Energy levels 

Unperturbed energy levels. As one would expect, just as in the case of linear, 
symmetric top, and spherical top molecules, so for asymmetric top molecules a gooa 
approximation to the energy of a vibrating and rotating molecule is obtained by 
taking the sum of the pure vibrational energy (see Chapter II) and the rotational energy 
(see Chapter I) calculated with effective values of the rotational constants (moments of 
inertia). That is, 

T G(v i, s», ■■■) + j(B w + C M )J(J + 1) + - }(B W + C’ [r] )3TK r w . (IV, 90) 


where 

A[ V ] = A e — X) + 2), 

B [v] = Be - £ a*to + 5), (IV, 91) 

C[ v ] = Ce — S + £)• 


A[„], B[ V ], and C\ v ] are the effective rotational constants, and W T lv] is the quantity 
introduced in Chapter I, section 4, and determined by the equations (I, 60) and 
(I, 61) into which now the effective rotational constants have to be substituted. 
Ac, B e , C e are the values of the rotational constants referring to the equilibrium 


position , that is, apart from the factor — — , the reciprocal equilibrium moments of 

87 r 2 c 


inertia : 


Ac « 


8tt‘-cIa 


B c = 


h 


8ir 3 cl„' ’ 


t\ = 


8x 2 c/ c e 


(IV, 92) 


where, usually, it is assumed that 

A„ > Be > Ce. 


(IV, 93) 


The correctness of the energy formula (IV, 90) — that is, the legitimacy of using 
the Wang formulae (I, 58) and (I, 60) for the rigid asymmetric top with effective 
rotational constants — has been proven in detail by Wilson and Howard (944) 
[see also Shaffer and Nielsen (780), Darling and Dennison (263), and Nielsen (666)]. 
However, this proof is valid only on the assumption that there are no nearby vibra- 
tional states that may perturb strongly the one considered. If the latter is the case 
we have to expect deviations from (IV, 90) (see below). 

According to (IV, 90) and the discussion in Chapter I, for each value of J we have 
2J + 1 different energy levels, whose positions are given by the equations (I, 60) for 
W r . But these equations are slightly different for different vibrational levels on 
account of the dependence of A [„], B[ P ], and C[ V ] on the according to (IV, 91). For 
practical calculations, the use of Ray's equation (I, 59) rather than Wang's equation 
(I, 58) with effective rotational constants may be more convenient, on account of 
the tables given by King, Ilaincr, and Cross (504) (see Chapter I, section 4). Natur- 
ally the approximations discussed in Chapter I, particularly for the case of a nearly 
symmetric top, may also be used here with effective rotational constants. 

As in the case of linear molecules, the rotational constants a*, ai B , are 
usually small compared to the A c , B e , C e respectively. As there, the a; can be 
resolved into three parts [equation (IV, 11)] «i (hurm0 + a> nl * rm) + ai (Cor >. The 
main contribution is ai < anhurm -> > corresponding to the fact that in consequence of the 
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anharmonicity of the vibrations the moments of inertia and therefore the rotational 
constants change. The term a 4 (Cwr) is due to the Coriolis interaction of different 
vibrations, and may become appreciable when two vibrations that can interact are 
close together (sec further below). But even if all anharmonic terms in the potential 
energy were zero, and if the Coriolis interaction were negligible, there would still be 

the (small) contribution a 4 (harm ) , which is due to the fact that - - --- averaged over 

8 TTCI 

a harmonic vibration is not exactly (though nearly) equal to - . For the case 

&*nCl e 

of the nonlinear triatomic XY2 molecule, Shaffer and Nielsen (780) and Darling and 
Dennison (263) have given explicit expressions for the a; (or their equivalents) in 
terms of the potential constants and dimensions of *he molecule. 

It should be understood that the effective moments of inertia Ia [ v \ Ib [ v \ Ic [ v] 
obtained from A [ v ], B[ 0 ,j, C[ v \ are not simply the average moments of inertia in the 
vibrational state [>]. It is the average A, B, C rather than the avei ige I a, Ib 9 Ic 
that matters for the rotational energy levels of the vibrating molecules. This dis- 
tinction has a striking consequence in the case of non-linear triatomic molecules. 
For these as for any plane body, we have, for every instantaneous position of the 
nuclei, 

Ic - I a + In. (IV, 94) 

This relation would, of course, also hold for the average moments of inertia. But 

it does not in general hold for the effective moments of inertia, since the latter arc 

h \ 1 

, and similarly for B and C , and since (/) aV erage ^ 7777: • 

87 r 2 cA (l//vi) average /average 

Therefore there is a defect , 

A = I c ' v] - I A lv] - I H [V \ (IV, 95) 

in the relation (IV, 94) if it is applied to the effective moments of inertia. Such a 
defect was first found from the experimental data for H 2 0 by Mccke and his co- 
workers (612) (130). Darling and Dennison (263) have given explicit theoretical 
formulae for A as a function of v. It is found, as is plausible from the above, that 
in a first approximation A does not depend on the anharmonic terms of the potential 
energy. For the equilibrium values I e of the moments of inertia, the relation 
(IV, 94) must of course be fulfilled, although even for the lowest vibrational level a 
slight defect A exists, and has been observed for H 2 0. Similar considerations apply 
for more-than-triatomic planar molecules; but for them vibrations perpendicular to 
the plane of the molecule are possible, leading to a non-planar configuration in which 
(IV, 94) would not be fulfilled in any case, so that the effect is not as striking. 

Tho influence of centrifugal stretching has already been considered briefly in Chapter I. In a 
first approximation the correction introduced will be the same for different vibrational levels. (This 
amounts to the assumption that D v = D e for diatomic molecules, which is usually a fair approxima- 
tion.) In the sum rules of Table 8 (p. 50), which serve to determine tho A[ v ], B[ v ], and C[ r ], these 
corrections have to be taken into account for accurate evaluations [see Darling and Dennison 
(263)]. Detailed equations, which replace the Wang equations (I, 58) and (I, 60) when both the 
dependence of the rotational constants on tho v t and the centrifugal stretching terms (as well as tho 
dependence of the latter on the o t ) are taken into account, have been given by Nielsen (665) for J 
values up to and including J = 6. 
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Symmetry properties. As we have seen in Chapter I, section 4, each energy level 

of an asymmetric top has one of the symmetries H — b, H , K — — of its 

rotational eigenfunctions [or A, B c , B a , and B b respectively, after Mulliken (645); 
see Table 9]. Here the first sign refers to the behavior with respect to a rotation 
by 180° about the axis of largest moment of inertia (c axis), and the second sign 
refers to that with respect to rotation by 180° about the axis of smallest moment of 
inertia ( a axis). An asymmetric top molecule may have no, one, or three two-fold 
axes of symmetry which coincide with the principal axes of inertia. It is therefore 
easy to see what the species of the rotational eigenfunctions is with respect to the rota- 
tional subgroup of the point group of the molecule . 

For example, for point group C 2v the rotational subgroup is C 2 . If the C 2 coincides 
with the axis of least moment of inertia it is clear that the rotational eigenfunctions 

have species A or B (see Table 12) for + +, - + or + levels respectively; 

if the C 2 coincides with the axis of largest moment of inertia they have species A or 

1? for -4- +, H or h, — — respectively; if the C 2 coincides with the axis of 

intermediate moment of inertia they have species A or B for + +, — — , or H , 

b respectively. The species of the total eigenfunction (< over-all species ) with respect 

to the rotational subgroup is immediately obtained if it is remembered that for C 2 
A X A = A, A X B = B, B X B = A (see Chapter II, section 3e). Assuming a 
totally symmetric electronic state, Fig. 143a and b give the resultant species of the 
lowest rotational levels for Ax or A 2 and Bi or B 2 vibrational states of a C 2 V mole- 
cule when the C 2 coincides with the axis of least moment of inertia. Fig. 144a and b 
give the species when the C 2 coincides with the axis of intermediate moment of 
inertia. Fig. 143 would apply to a molecule like H 2 CO, Fig. 144 to a molecule like 
II 2 0. The same figures would also apply to molecules of point groups C 2 or C 2 *. 

If there are three mutually perpendicular two-fold axes, as in the point groups V 
and Vhy the rotational subgroup is V, which has the four species A, B 1 , B 2f B-s (see 
Table 13). As is easily seen, these four species are the species of the rotational eigen- 
functions of the levels + +, H , h, and respectively, if the z and the 

y axes are the axes of largest and least moment of inertia respectively. If the z and 
x axes are the axes of largest and least moment of inertia respectively, A, B\ t B 2f B$ 

correspond to + +, H , , and b respectively, and similarly in other cases 

(see Table 13). The over-all species of the rotational levels for non-totally symmetric 
vibrational states are again obtained by the multiplication rules, which for point 
group V are A X A = A, A X B t = Bi, Bi X Bi = A, B\ X B 2 = Bz t B 2 X B$ = B\ f 
B\ X B$ = B 2 . Fig. 145 gives, for the various vibrational levels of a molecule of 
point group Vh , the species of the lowest rotational levels, assuming that the z and 
x axes are the axes of largest and smallest moment of inertia respectively, as is the 
case for C 2 H 4 with our previous choice of axes (see p. 108). 

If the spins of the identical nuclei are zero (in which case they follow Bose statistics, 
and the total eigenfunction must be symmetric with respect to an exchange of any 
two of them) only the A rotational levels occur, both when the rotational sub-group 
is C 2 and when it is V. This would, for example, be the case for N 0 2 and for N2O4 
if they had the plane symmetrical structure. If the identical nuclei have non-zero 
spin, we have to multiply by the nuclear spin function in order to get the total eigen- 
function, and it is this total eigenfunction that must be of the same species for all 
occurring levels. As previously, by a suitable choice of the spin function the total 
eigenfunction may be made symmetric (or antisymmetric) with respect to any ex- 
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Fia. 143. Over-all species of the Fio. 144. Over-all species of the 

lowest rotational levels of a C 2 v (or C 2 * lowest rotational levels of a C 2v (or C 2 h 

or C 2 ) molecule when the C 2 coincides or C 2 ) molecule when the C 2 coincides 

with the axis of least moment of inertia with the axis of intermediate moment 

(a) for A\ and A 2 (or A, A a , A u ) vibra- of inertia (a) for A\ and A 2 (or A , A gi 

tional levels, (b) for B\ and B 2 (or B, A u ) vibrational levels, (b) for B\ and B 2 

B g , B u ) vibrational levels. — The signs (or B, B ( „ B u ) vibrational levels. — See 

+ +, H have the same meaning caption of Fig. 143. 

as previously (for example Fig. 19). . 

At the same time the first of these signs 

gives for planar molecules the“ parity,” that is, the behavior with respect to inversion, 
for vibrational states that are symmetric with respect to the plane of the molecule (Ai 
and B\ for C 2 »). For vibrational states that are antisymmetric with respect to this plane 
(A 2 and B 2 of C 2v ) the parities are reversed (see also p. 465). 
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Fio. 145. Over-all species of the lowest rotational levels of a Vh (or V) molecule when the z 
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change of identical nuclei for all rotational levels; that is, in general all rotational 
levels can occur. 

When the rotational sub-group is C 2) since a rotation by 180° exchanges two iden- 
tical nuclei, the total eigenfunction must be of species A if the nuclei follow Bose 
statistics, and of species B if they follow Fermi statistics. If there are several pairs 
of identical nuclei it is the “resultant” statistics that matters (see p. 54). For one 
pair of identical nuclei of spin 2 (for example in H 2 CO and H 2 0) there are three 
nuclear spin functions of species A and one of species £(for the same reasons that 
there are three symmetric functions and one antisymmetric function for diatomic 
molecules; see Molecular Structure I, p. 146). In order to make the total eigen- 
function of species B we have to combine the A rotational levels with B spin functions 
and the B levels with A spin functions. Thus the B levels in Fig. 143 and 144 have 
three times the statistical weight of the A levels. For other spin values, and in 
particular for the case of several pairs of identical nuclei, the weights of the A and 
B levels have been given in the previous Table 10 (Chapter 1). They are determined 
by the formulae (I, 8) and (I, 9). 

When the rotational subgroup is V there is at least one set of four identical nuclei 
(for example in C 2 II 4 ). A rotation by 180° about one of the two-fold axes corre- 
sponds to two exchanges of identical atoms. Therefore the total eigenfunction 
must be of species A no matter what is the statistics of the nuclei. If the four 
identical nuclei have I = J and all other nuclei present have I = 0 (as in C 2 Il 4 ) 
there are sixteen different spin functions, of which seven are of species A and three 
each of species B\, B 2j and B z [the proof for this is similar to that given on p. 410 
for an XY 3 molecule; see also Wilson (933)]. If the total eigenfunction is to be of 
species A the rotational levels of species A in Fig. 145 must be taken with spin 
functions of species A , the rotational levels of species B\ with spin functions of species 
Bi, and similarly for B 2 and B z . Therefore the rotational levels A, B\, B 2j and B z 
have statistical weights in the ratio 7:3:3: 3. The results for some other similar 
cases have already been given in the previous Table 11, p. 54. 

In addition to the above symmetry properties, we have again the property 
“ positive or negative” with respect to an inversion. For 11011 -planar molecules each 
rotational level is double (inversion doubling), one component being positive, the 
other negative. For plane molecules no such doubling exists; the rotational levels 
are either “positive” or “negative.” Since for a plane molecule a rotation by 180° 
about the axis of largest moment of inertia followed by a reflection at the plane of 
the molecule is equivalent to an inversion, therefore in a totally symmetric vibra- 
tional state the + + and H rotational levels (see p. 51) are “positive” the (- 

and — — levels are “negative.” These are the first signs on the right in Figs. 143a, 
144a, and 145a. As has been shown in more detail by Mulliken (645), the “parities” 
shown in these figures apply to all vibrational levels that are symmetric with respect 
to the plane of the molecule — that is, A\ and B\ of C 2v and A 0 , B \ g , B 2u , and B Zu 
of Vh — while for vibrational levels that are antisymmetric with respect to the plane 
of the molecules the reverse parities apply — that is, for A 2 and B 2 of C 2v and for A Uf 
Bin, B 2gy and B Zg of V h . 62 

In the case of non-planar asymmetric top molecules the two inversion doublet sublevels will in 
general not have the same statistical weight (except for a molecule without symmetry). However, 


62 Molecules of point group V cannot be planar. 
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the sum of tho weights of the two sublevels is again the same as the one obtained without considera- 
tion of the inversion doubling. Thus for CH 2 F 2 the ratio of the statistical weights of the A and B 
rotational levels according to Table 10 (p. 53) is 10 : 6. The weights of the positive and negative 
sublevels of an A level can bo shown to bo 7 and 3 respectively, of a B level 3 and 3 respectively. In 
this case, a rotation about the two-fold axis (which leads to the distinction of A and B levels) always 
produces a simultaneous exchange of both pairs of identical nuclei, while a twisting of the molecule 
by 180° (which is equivalent to an inversion) leads to an exchange of one pair only. 

A somewhat similar situation arises in the case of piano molecules of the typo C2H4, where a 
twisting of the molecule about the C — C axis leads to an exchange of nuclei that cannot be brought 
about by simple rotations. Tho resulting doubling of the energy levels (which is not an inversion 
doubling ; see p. 225f .) again does not lead to an increase in tho statistical weight (see also section 5 
of this Chapter). 

Perturbations. Just as for linear, symmetric top, and spherical top molecules, so for asymmetric 
top molecules perturbations may occur between vibrational levels that lie close together. These 
perturbations may again be of the Fermi resonance or the Coriolis type , and in either case we may have 
regular ( vibrational ) perturbations and irregular ( rotational ) perturbations. In all cases, only rotational 
levels of the same over-all species and tho same J value can perturb one another. For perturbations 
of the Fermi resonance type, that is, between vibrational levels of tho same species, the same 
considerations apply as for linear molecules (see p. 378f.). 

However, for perturbations of the Coriolis type, that is, perturbations between vibrational levels 
of different (vibrational) species which take place in consequence of the rotation of tho molecule, some 
special considerations are necessary. As previously, such perturbations vanish for the rotationlcss 
state (./ = 0), and increase quadratically with J. If the two vibrational levels that perturb each other 
are fairly far apart we obtain simply a change of the rotational constants A\ v \, /?[,.], and C^] as com- 
pared to the unperturbed values. Thus we obtain the contributions to the rotational con- 

stants a;. If the two vibrational levels are very close together we obtain rotational perturbations, 
that is, somewhat irregular deviations of the rotational levels from those given by the Wang formulae. 

For molecules of point group C 2(J the three rotations have species A >, B 1 , and B 2 (see Table 13). 
According to Jahn’s rule for Coriolis perturbations (p. 37G) and the multiplication rules for the 
species (A< X A; = Ax, B t X Bi = Ai, Ax X A 2 = Aj, Ai X Bi = B v . A 2 X By = B lt A 2 X B 2 = B 1 , 
B\ X B 2 — A 2 ) we find immediately that the following pairs of vibrational levels may perturb one 
another : 

(Ai, A 2 ), (Ai, B 1 ), (Ai, /*•>), (Aj, B x ), (A 2 , J? t ), (B u B t ). 

Thus, in the general case (when there are vibrational levels of each species) there are su kinds of 
Coriolis perturbations. 



Fio. 146. Coriolis forces in non-linear XY 2 for rotation about an axis perpendicular to the 
plane of the molecule (qualitative). — The solid arrows represent the velocities of the nuclei on account 
of tho vibration, the broken arrows represent the Coriolis forces. 

For non-linear XY 2 molecules since they have only vibrational levels of species A\ and B\ only 
one typo of Coriolis perturbation (At, B{) occurs. Fig. 146 shows the direction of the Coriolis forces 
for the three normal vibrations for a rotation about an axis perpendicular to the plane of the molecule. 
It is seen that in vz(b{) the Coriolis forces tend to excite mainly v 2 (a\) but to a slight extent also v\(a\), 
and conversely in v\(a \ ) and v 2 (a\) they tend to excite v 2 (b\). Actually, for example for H 2 0 and 
H 2 S, since vx is very close to v 3 (see Table 37), the Coriolis interaction of vi and vz is much stronger 
than that between v% and v 3 . From Fig. 143 or 144 it can bo seen which particular rotational levels 
will perturb each other, if account is taken of the rule that they have to have the same over-all species 
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and the same ./. If it is furthermore considered that the shift produced by the perturbation if 
inversely proportional to the separation of the unperturbed levels, and is in general different for 
different over-all species, it is immediately realized that the perturbation does not merely consist in 
an equal shift of all levels of a given J. As long as the unperturbed vibrational levels are faMy far 
apart, the perturbed rotational levels may be obtained from the Wang formula by using appropriately 
changed rotational constants. However if the unperturbed levels are close together, more irregular 
perturbations arise, since the energy differences of different pairs of perturbing levels may be widely 
different. Formulae for this case have been given by Wilson (935). 

For plane XYZ 2 molecules all the above types of Coriolis interactions are possible, although for 
the fundamentals only (Ai, B 1 ), (Ai, B 2 ), and (B 1 , B->) interactions are possible, since no A 2 funda- 
mentals exist [see Jahn (470)]. Fig. 147 shows as an examph the Coriolis forces for the vibrations 


X 


f 


1) 




f 





Fig. 147. Coriolis forces in the vibrations and i> 6 of a plane XYZ 2 molecule for a rotation 
about the axis of symmetry. — The solid arrows represent the vibrational velocities, the broken arrows 
the Coriolis forces. The molecule is shown in oblique projection. The figure is approximately drawn 
to scale for D 2 CO. (Compare also the normal vibrations in Fig. 24.) 

n(fri) and ve(b 2 ) during a rotation about the symmetry axis. It is seen that in vaO>i) they tend to 
excite Vd(b 2 ), and vice versa. In the case of II 2 CO, since the two vibrations have very similar mag- 
nitudes (see Table 70), a strong interaction results. Similarly a strong interaction is produced 
between vi(af) and vu(b\), and between v\(a\) and vi{b x ) by a rotation about the axis of largest moment 
of inertia (perpendicular to the plane of the molecule), and between vi(di) and ve(b 2 ) by a rotation 
about the axis of intermediate moment of inertia. There are also some other pairs that can interact, 
but they have widely different frequencies in H 2 CO and therefore the interaction is very slight. 

For a molecule of point group Vhi^D-ih) the three rotations about the z, y , and x axes have the 
species Bi g , B 2q , and Big respectively (see Table 14). Therefore, using the same procedure as before, 
the following pairs of vibrational levels may interact in consequence of Coriolis forces: 

(A g , Big), (Ag, B 2g ), (A g , Bi ( f), (A m , Biu), (A u , B 2u ), ( A u , Bi u ), 

(B\g, B 2g ), (Big, Big), (B 2 q, Big), (B\ u , B 2u ), (Bi u ,Bhf), (B 2u , Biu) 1 

that is, there are twelve kinds of Coriolis perturbations. Of these, for the fundamentals of plane 
X2Y4 molecules, the perturbations (A g , Bi g ), (B i f; , Bi 0 ), and (B 2o , Bi a ) do not occur since there are 
no fundamentals of species Big] the perturbation (A„, Bi u ) docs not occur since for the only funda- 
mentals of species A« and B\ n (v\ and vi in Fig. 44) all nuclei move parallel to the axis of rotation. 
As an example, in Fig. 148, the Coriolis forces for the vibration vm(b 2u ) of X2Y4 are shown when it 




? io. 148. Coriolis forces in the vibration jmo(& 2«) of plane X 2 Y 4 for a rotation about the y 
axis. — See caption of Fig. 147. The Coriolis force on the X atoms is zero since they are moving 
parallel to the axis of rotation. 

is rotating about the y axis. It is seen that vio(h 2u ) will interact with v\(a u ), the twisting vibration. 
For C 2 H 4 , vio and v\ have fairly similar frequencies and therefore the interaction may well be strong 
enough to cause a sufficient admixture of v\q(J> 2u ) to ^ 4 (a tt ) so that the latter may occur weakly in the 
infrared in spite of the fact that without rotation such a transition is rigorously forbidden (see p. 458 
and p. 328). 
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In the actual calculation of tho influence of the Coriolis interaction on the energy levels, it is 
necessary to >vork out, just as for linear molecules, the vibrational angular momenta p r , p„ % p z pro- 
duced by tho various pairs of normal vibrations that can enter into Coriolis interaction [equation 
(IV, 10)3, for example (?,, v&) and (i> 2 , vj) for non-linear XY 2 , and then introduce them into tho 
general Hamiltonian (11,276) [see Wilson (935) and Jahn (470)]. Such calculations have been 
carried out for the case of the throe vibrations *> 3 , ^ 5 * and v 0 of D 2 CO (see above) by Nielsen (664). 
In this case the formulae are considerably simplified by the fact that tho molecule is nearly a 
symmetric top. 

( b ) Infrared spectrum 

Selection rules. If, ns is usually the case, the interaction of vibration and rota- 
tion is not too large, the selection rules for the infrared rotation-vibration spectrum 
are again the same as those discussed previously for the rotation spectrum and the 
vibration spectrum separately, except that it is now the direction of the change of 
dipole moment during the vibration (see Table 55) that matters for the rotational 
selection rules. Thus, as always, we have 

AJ = 0, =fc 1; J = / = 0. (IV, 96) 

Furthermore, if the alternating dipole moment lies in the axis of least moment of inertia 
(I a) we have the selection rule (see p. 55) that only the transitions 

+ +<->-+ and + - <-> (IV, 97) 

can take place, where the + +, H , • • • refers to the symmetry of the rotational 

eigenfunction (see p. 51f.). If the alternating dipole moment lies in the axis of inter- 
mediate moment of inertia , we have 

+ + <-> and +-«-♦-+; (IV, 98) 

and finally, if the alternating dipole moment lies in the axis of largest moment of inertia , 
we have 

+ + <-> + — and — + <-> — — . (IV, 99) 

If, as is usually the case in an entirely unsymmctrical molecule, the alternating dipole 
moment has none of these directions, all the above transitions can occur; that is, 
all but the transitions between states of the same +, — symmetry are allowed. If 
the alternating dipole moment is in the plane of two principal axes, only the transitions 
corresponding to these two axes are allowed. For the more symmetric molecules of 
point groups V , and Vh the changing dipole moment always lies in one of the 

principal axes (sec Table 55) and therefore only one of (IV, 97), (IV, 98), and (IV, 99) 
applies for a particular vibrational transition. 

As previously, transitions between rotational levels of different (over-all) species are 
very strictly forbidden, since the coupling of the nuclear spin with the rest of the mole- 
cule is so extremely weak. Thus we have, for C 2 , £ 2 *, and C 20 molecules, 

(IV, 100) 

and for V and Vh molecules, 

A A, B\ B\ y B 2 Biy B 3 +-* B$. (IV, 101) 

These selection rules hold even for collisions, and therefore any particular gas consists 
of as many almost non-convertible modifications as there are rotational species of its 
molecules . Thus for H 2 O, II 2 CO, and all other C 2 W molecules with non-zero spin of 
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at least one pair of identical nuclei there are two modifications A and B (para and 
ortho), whose statistical weights are given by the previous considerations (1:3 for 
H 2 O and H 2 C(); see Figs. 143 and 144). For C 2 H 4 and similar Vh molecules with 
four identical nuclei of non-zero spin there are four practically non-convertible 
modifications A , Bi, B 2 , £3 (for C 2 H 4 in the ratio 7:3:3: 3), while for N 2 14 04 16 
there are only two such modifications on account of the zero spin of O 16 (see Table 11 
and Fig. 145). As can easily be seen from Figs. 143-145, the selection rules (IV, 100) 
and (IV, 101) are automatically fulfilled when one of (IV, 97)-(IV, 99) is fulfilled. 

Finally, as always, we have the selection rule for the symmetry property positive- 
negative with respect to inversion: 

+ «->-. (IV, 102) 

For non-planar molecules this rule is of importance only when the inversion doubling 
is resolved (see p. 465). For planar molecules, for which no inversion doubling 
occurs, it is automatically fulfilled when one of (IV, 97)-(IV, 99) is lulfilled. 

It must be realized that the selection rules (IV, 100)-(IV, 102) hold for any strength of coupling 
between vibration and rotation, whereas (IV, 97)- , 'IV, 99) hold only when this coupling is weak. 
Put it is easily seen that for allowed vibrational transitions of plane molecules of point groups C-ih 
and Civ and of any molecules of point groups V and Vh the rules (IV, 1()0)-(1V, 102) lead to the same 
restrictions as (IV, 96)-(IV, 98). However, for forbidden vibrational transitions of these molecules 
made possible by strong Coriolis interaction, the rules (IV, 9G)- (IV, 98) will be violated whilo 
(IV, 100)-(IV, 102) will still hold. 

Since the selection rules are different for the different orientations of the alter- 
nating dipole moment, we obtain in a molecule of point group C 2v , V y or Vh three types 
of infrared hands which we call type A, 53 type £, 63 and type C bands depending on 
whether the change of dipole moment is in the direction of the axis of least , intermediate , 
or largest moment of inertia. The infrared bands of molecules of lower symmetry 
consists of a superposition of two or all three of these types (hybrid bands). 

Type A bands. Fig. 149 gives schematically the possible transitions allowed by 
(IV, 96) and (IV, 97) for a type A band. Except for the species designations A, 
B y • • • , this figure holds for any asymmetric top molecule, as long as the change of 
dipole moment is along the axis of least moment of inertia. The over-all species 
designations A, B that are added to the levels hold for a £ 1 — A\ transition of a C 2v 
molecule whose C 2 axis coincides with the axis of intermediate moment of inertia, 
as in H 2 0 and H 2 S. For other directions of the C 2 axis the designations have to be 
changed according to the previous rules (p. 462). In brackets in Fig. 149 the species 
designations of the levels for a B % u — A u transition of a Vh molecule such as C 2 II 4 
are added, assuming that the x axis (C=C axis) is the axis of least moment of inertia. 
The only importance of these species designations for the spectrum is that they 
determine the missing levels (see p. 462), and therefore the missing lines, when the 
spin of the identical nuclei is zero; and, when the nuclear spin is not zero (see p. 465), 
the intensity alternation of successive lines in the branches. At the bottom of 
Fig. 149 the actual spectrum that is produced is shown. (The figure is drawn to 
scale for the H 2 0 band vf). It is seen that a rather complicated pattern arises, even 
though only the levels up to J = 3 have been used. 

53 These designations should not bo confused with the species designations A and B . 
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The structure of the hand obtained depends greatly, of course, on the relative 
values of the moments of inertia. Only near the limiting cases of the symmetrical 
top or the linear molecule can we expect any simple regularity. Dennison (279) has 
calculated the energy levels with J — 0, 1, 2, 3, and 4 for the ten different ratios 
p = B/A = Ia/Ib = 0.1, 0.2, • • • 1.0 of a plane molecule for which I a + Ib = Ic y 
and has plotted the spectrum assuming that A' = A", B' = B ", C' = (7". Ilis 
figure is reproduced in Fig. 150. Corresponding lines in the ten cases are connected 
by the thin curves onto which also the designations of the transitions are written. 
For the limiting case p = 1 we have Ic = 27 a and C = \A. In the resulting _L 
band of the symmetric top (see p. 424f.) the separation of successive Q branches is 
2 (C — A) = — 2C (= — A), whereas the separation of the lines in the P and R 
branches of each sub-band is 2 A = 4(7. Thus oi ly one series of equidistant lines 
of spacing 2(7 appears. It is assumed in the diagram that C is the same for all cases 
given, and it is used as the unit on the abscissa. In the limiting case p = 0 we have 
A = 0, and obtain the structure of a || band of a linear molecule of moment of inertia 
Ic , that is, we have a simple P and R branch, again of spacing 2(7. For very small 
p we have practically a || band of a symmetric top molecule (7c = I a + Ib ~ Ib), 
with a central Q branch and P and R blanches of spacing B + C (see Fig. 150 
and p. 418). 

Kramers and Ittmann (540) have given general formulae for the intensities of 
the individual lines of a band. But their evaluation would be extremely laborious 
[see also Casimir (4)]. 53a The intensities indicated in Fig. 150 by the height of the 
lines have been derived by Dennison on the assumption of the approximate validity 
of the symmetric top intensities. At the same time a Boltzmann factor 1 has been 
assumed. Therefore all the lines in the limiting case p = 1 have the same intensity. 
Naturally, to obtain a more accurate picture it would be necessary to include higher 
J values as well as the effect of the Boltzmann factor. This has been done for J 
up to 6 and p = 0.05, 0.10, 0.15, and 0.20 by Nielsen (660). The general result of 
Fig. 150 is thereby unaltered: With decreasing p the lines of the Q branches (A J = 0) 
shift toward the band center and for p = 0 their intensity would be zero. Under 
medium dispersion for small p a type A band would therefore look exactly like a || 
hand of a symmetric top molecule , consisting of a strong unresolved central maximum 
accompanied by a series of nearly equidistant lines on cither side. 

It must be realized that Fig. 150 is based on the assumption of equal rotational 
constants in the upper and lower states. If this assumption is not fulfilled the three 
branches will be shaded one way or the other. If the rotational constants in the 
upper and lower states are very different, as may happen for the photographic infrared 
bands, the crowding of the lines in the center of the band (Fig. 150) may not be at all 

Mft Quito recently Cross, Haincr, and King (249a) have given a very detailed and useful discussion 
of the intensities for asymmetric top molecules and in particular have given extensive tables of lino 
strengths up to J ~ 12 based on the rigorous formulae. 

scale for the fundamental vz(b\) of H 2 O [after the data of Nielsen (667)] for which the C 2 coincides 
with the axis of intermediate moment of inertia. The species designations apply to this case. 
In brackets the species designations for a Bt u — A g transition of a Vh molecule are added assuming 
that the x axis is the axis of least moment of inertia (as in C2H4). The vertical transition lines 
in (a) have not been made to fit the spectrum in (b). 




472 


INTERACTION OF ROTATION AND VIBRATION 


IV, 4 



Fia. 150. Type A bands for various values of p = BjA of a planar molecule [after Dennison 
(279)]. — Corresponding lines for different p are connected by light curves on which the J' T • — J 
aro indicated. The spectral lines are indicated by heavy vertical lines whoso height is proportional 
to the intensity. The influence of the Boltzmann factor id neglected. 


prominent. An example of this case is the H 2 O band at 9400 A, reproduced in 
Fig. 151a. On the other hand, the H 2 0 band at 8200 A in Fig. 151b shows the cen- 
tral Q branch clearly. While these two bands are due to a molecule that is not even 
approximately a symmetric top, Fig. 152 and 153 give two type A bands of the 
nearly symmetric top molecules II 2 CO and C 2 H 4 respectively (p = 0.13 and 0.16 
respectively). It is seen that these bands are practically identical with || bands of 
symmetric top molecules. 

While there is no obvious regularity in the type A band of a strongly asymmetric 
molecule (such as H 2 O), it must be remembered that even in the most general case 
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are indicated as far as they have been analyzed (see Table 134 p. 486). The last two lines at the ri^at and left of each group of given J are the 
doublets discussed in the text. 
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the two highest and the two lowest levels for each J lie very close together, except 
for the very lowest J values (see Chapter I, section 4), and follow approximately a 
simple formula, (I, 67) and (I, 68) respectively. It is immediately clear from these 
formulae that the doublet lines corresponding to the J+j, J+j-i levels in the R and 
P branches, neglecting the difference of the rotational constants in the upper and 



Fig. 152. Fine structure of the fundamental v* of H 2 CO at 5.73 [after Nielsen ((>62)]. The 
length of the absorbing path was about 10 cm at an unknown pressure. The numbers on the max- 
ima are m values as in (IV, 21). 

lower state, will have a spacing of approximately 2 A, while the doublet lines corre- 
sponding to the J_/, J-j+i levels will have a spacing of approximately 2C. These 
four series of doublets (two in the P and two in the R branch) will be fairly prominent, 
since it turns out from the intensity formulae that they have considerable intensity. 
They are indicated in the spectrograms of Fig. 151. In the case of a nearly symmetric 
top with the top axis in the axis of least moment of inertia (Il 2 CO and C 2 H 4 ), the 



Fia. 153. Fine structure of the || band v 7 + v% of CdU at 5.29/u [after Gallaway and Barker 
(345)]. — The absorbing path was 6 cm at a pressure of 72 cm. The ordinate gives log/o// whero 
Jo is the incident intensity and 1 the intensity after passing through the gas. 

series with spacing 2.4 have vanishing intensities since they have then AK = ± 1, 
which docs not occur for a || band of an exactly symmetric top; on the other hand, 
the series with spacing 2C represent the P and R branches of the sub-bands with 
K = 0 and K = 1 of the || band. In the case of a nearly symmetric top with the 
top axis in the axis of largest moment of inertia, the series with spacing 2 A would go 
over into the P and R branches of the sub-bands with K = 0 and K = 1 of the || band 
(compare Fig. 17), while the series with spacing 2 C would have vanishing intensity. 

Fig. 150 is drawn without consideration of the intensity alternation due to nuclear 
spin, or in other words it is drawn for the case in which there are no identical nuclei 
that can be exchanged by rotation (or also for the case of large nuclear spin of the 
identical nuclei). As discussed above, the influence of the identity of the nuclei is 
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different for different symmetries of the molecule and different orientations of the 
symmetry axes with respect to the principal axes of inertia. 

For the case of a C 2y molecule whose two-fold axis coincides with the axis of inter- 
mediate moment of inertia ( b axis), the intensity alternation can be seen immediately 
from Fig. 149, if it is realized that the intensity ratio of the lines connecting A levels 
to those connecting B levels equals the ratio of the statistical weights of these levels 
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Fig. 154. Energy level diagram for a type B band of an asymmetric top molecule. — Tho energy 
levels are drawn to scale for the fundamental im(«i) of H 2 () [after the data of Nielsen (057)] for 
which the C 2 coincides with the b-axis. Also the* species designations apply to this case (see Fig. 
144). In brackets the species for a B* u — A { , transition of a Vh molecule are added assuming that 
the y axis is the b- axis. 

(1 : 3 for H 2 O, 2 : 1 for D 2 0; see p. 4G5 and Table 10). In the series of doublets 
mentioned above, as *;an be seen immediately from Fig. 149, alternately the short- 
and the long-wave-length component is the stronger. This can be seen clearly in 
the H 2 0 bands reproduced in Fig. 151. In the limiting case of a nearly symmetric 
top with the a axis as top axis (prolate top), to each K value (for each J) belongs 
an A and a B level, and therefore there will be no intensity alternation in the sub- 
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bands of the || band into which the type A band goes over (Fig. 122), with the 
exception of that with K = 0. Thus for not too high resolution the whole band will 
not have an intensity alternation, except a very slight one if only small K values occur. 

In the case of a C-> v molecule whose two-fold axis coincides with the axis of least 
moment of inertia (for example H 2 CO), it can be seen, by changing the species in 



Fia. 155. Type B bands for p = B/A = 0.1, 0.2, 0.3, • • • 1.0 of a planar molecule 

[after Dennison (279)3- — See caption of Fig. 150. 


Fig. 149 according to the previous rule (p. 462f.), that the doublet series with spacing 
2C behaves in the same way as in the preceding case, while in the doublet series with 
spacing 2 A both doublet components are alternately weak and strong. Again, in 
the limiting case of a prolate nearly symmetric top no intensity alternation should 
appear, in agreement with observation for the H 2 CO band reproduced in Fig. 152. 

In the case of a molecule of point group Vh the intensity alternation for the 
general case can be read from Fig. 149. In the case of a prolate nearly symmetric 
top of this point group it can be seen from Fig. 149, by considering which levels 
have the same K, that each sub-band of the || band will have an intensity alternation 
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[(7 + 3) : (3 + 3) = 10 : 6 for C 2 H 4 ], but in successive sub-bands alternately the 
even and the odd lines are strong, and therefore the whole band (if as usual the K fine 
structure is not resolved) will not show an intensity alternation. This is verified by 
the C2H4 band in Fig. 153. 

Type B bands. When the alternating dipole moment lies in the axis of intermediate 
moment of inertia ( b axis) the symmetry selection rule is (IV, 98) rather than (IV, 97). 
Fig. 154 gives schematically the possible transitions for the lowest J values of a type 



V 

Fig. 150. Type B bands for p = B\A — 0.02 ••• 0.20 [after Nielsen (000)]. — Unlike Figs. 
150 and 155 here as well as in Fig. 101 the Boltzmann factor has been taken into account assuming 
Ic — 20 X 10 -40 gm cm 2 and absorption at room temperature. The intervals between divisions at 
the bottom as well as at the top are 5C. 

B band. The over-all species symbols added refer to molecules of point group C 2u , for 
which (as in Fig. 149) the two-fold axis coincides with the b axis (as in H 2 0 and H 2 S). 
The transitions would be the same for any other orientation of the two-fold axis. 
Only the designations A, B of the rotational levels would have to be changed (see 
p. 462f.). In Fig. 154 also, in brackets, the over-all species have been added for 
B 211 — A g transitions of molecules of point group 7/ t , assuming that the b axis is the 
y axis (which is perpendicular to the C — C axis in C 2 H4 but in the plane of the 
molecule). 

The actual structure of a type B band for a plane molecule has been calculated 
by Dennison (279) for p =? Ia/Ib 553 0-9, 0.8, • • • 0.1, and by Nielsen (660), for 
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p = 0.20, 0.18, • • • 0.02. Their results are reproduced in Fig. 155 and Fig. 156. In 
the latter figure all levels up to / = 6 are taken into account, in the former only 
those up to J — 4. Also, in Fig. 156 the Boltzmann factor has been taken into 
account, assuming a constant Zc = 20 X 10 -40 gm cm 2 . In both cases it has been 
assumed that A' = A", B f = and C' = C ". It is seen that unlike the type A 
bands the type B bands do not have a strong central branch for any value of p. Rather 
there is a gap between the first strong group of lines on the short- and the long-wave- 
length side of the origin (which, however, is filled by weaker lines). While for type 
A bands a considerable fraction of the Q lines (not all of them) fall near the band 
center, for type B bands no Q lines occur near the center, but they overlap the P 



Fia. 157. Fine structure of the overtone 2v«(Ai) of H-O at 3.17 'p [after Nielsen (fi(>5)]. — Both 
the observed spectrum (continuous curve) and the calculated spectrum (small triangles below the 
curve) are given. The numbers written on the maxima are arbitrary identification numbers. The 
length of the absorbing path is not stated. 



Fio. 158. Fine structure of the fundamental v^bi) of HjCO at 3.4 8ju [after Nielsen (0G2)]. — 
The length of the absorbing path was about 10 cm at a presume of the order of 1 atm. The numbers 
on the maxima are arbitrary running numbers. 


and R branches. The reavson for this is clear from Fig. 154, since it follows from 
(IV, 98) that Q lines with At = 0, db 1, which would be close to the center, cannot 
occur. 

For p = 1 (I a = Ib ) the type B band is, of course, identical with the type A 
band. In the neighborhood of this limiting case the type B band under medium 
dispersion would still consist of a number of approximately equidistant lines. While 
for intermediate p values the structure is very complicated, as the opposite limiting 
case is approached (p small) we have again an approximately symmetric top, since 
Ic = I a + Ib « Ib- But since now the change of dipole moment is perpendicular 
to the axis of the nearly symmetric top, the type B band , unlike the type A band, 
approaches in structure the ± band of a symmetric top molecule . This is clearly seen 
by comparing the spectra at the top of Fig. 156 with Fig. 128. k In the limiting case, 
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p = 0 , we obtain a _L band of a linear molecule; that is, only one of the sub-bands 
(with P , Q, and R branch) in the top row of Fig. 156 remains. 

The intensities in Fig. 155 and Fig. 156 have been calculated in the same way as 
was briefly indicated for the type A bands. 

As an example of a type B band of a strongly asymmetric top, Fig. 157 gives the 
fine structure of the overtone 2 p 2 (Ai) of II 2 0, after Nielsen (G65). In this figure is 
also given the calculated spectrum, assuming certain values for the rotational con- 
stants in the upper and lower state. Unlike the type A bands, here the series corre- 
sponding to the transitions involving the two highest and two lowest levels of each 
set with given J no longer stand out, and thus the structure appears even more 
complicated than that of type A bands. As examples of type B bands of nearly 
symmetric top molecules, Fig. 158 and 159 give the fine structures of the funda- 
mentals p 4 (&i) and v 9 (5 2u ) of II 2 CO and C 2 H 4 respectively. They correspond rather 
closely to the theoretical spectrograms near the top of Fig. 156. We have essentially 
a series of nearly equidistant lines which are the unresolved Q branches of the sub- 
bands of the J_ bands. The separation of successive lines is approximately 2A. In 
contrast to the _L bands of exactly symmetric tops (sec Fig. 128), the C 2 II 4 band in 
Fig. 159 shows an intensity minimum near the center , in agreement with Fig. 156, 



Fio. 159. Fine structure of the fundamental v$(b<L U ) of C 2 H 4 at 3.22 jj, [after Gallaway and 
Barker (345) ]. — The length of the absorbing path was G cm. at a pressure of 150 mm. The ordinate 
gives log /o// (see caption of Fig. 153). 


and indicating the deviation from the symmetric top. (For the H 2 CO band of 
Fig. 158 the overlapping by other bands is too great to show this effect.) 

The intensity alternation due to nuclear spin can again be read from Fig. 154 or 
similar figures. We consider only the case of nearly symmetric top molecules. If 
for a C 2v molecule the axis of least moment of inertia (a axis) coincides with the two- 
fold axis and is the top axis (as in II 2 CO), it is easily seen that in the ground state 

( \p v of species Ai), since the + + and h levels have species A and the H and 

— — levels species B } the levels with even K have species A and those with odd K 
have species B. In the upper state ( \p v of species Bi) the over-all species are re- 
versed; that is, the levels with even K have species B, those with odd K species A. 
(This follows also from the fact that a rotation by 180° about the a axis exchanges the 
identical nuclei, and from the properties of the symmetric top eigenfunctions; 
see p. 406f.) Therefore there will be an intensity alternation of the type strong, weak, 
strong • • • in the series of Q branches, the intensity ratio being equal to the ratio of 
the statistical weights of the A and B levels. Such an intensity alternation (ratio 
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1 : 3) can indeed be seen in the II 2 CO band reproduced in Fig. 158. According to 
the above, thi first “line” on the short-wave-length, side of the origin (K f = 1 <— K" = 0) 
will he strong or weak depending on whether the (resultant) statistics of the identical 
nuclei is Bose or Fermi , respectively . Conversely, this condition supplies a valuable 
check on the correctness of the choice of the band origin. 

In a similar manner it can be seen that for a nearly symmetric top molecule of 
point group C 2v no intensity alternation in the series of Q branches of a type B band 
occurs when the two-fold axis has the direction of the b axis while the a axis is the 
top axis; nor when the c axis is the top axis (oblate symmetric top) with the two-fold 
axis m either the a or h axis. Only when the two-fold axis is the c axis (which is not 
possible for plane molecules) does an intensity alternation again appear. Remember- 
ing th A the type A bands of nearly symmetric top molecules do not show an intensity 
alternation of the above type under any circumstances, we see that the observation 
of an intensity alternation greatly restricts the possible interpretations of a given band. 

Finally, for a nearly symmetric top molecule of point group Vk with the x axis 
(C — C axis in C 2 II 4 ) as the a axis, it follows immediately from Fig. 154 (species 
symbols in brackets) that in the lower state the rotational levels with even K have 
species A and B 3 (with the exception of those with K = 0, which are alternately A 
and Bs) f while the levels with odd K have species Bi and B 2 . The reverse is the 
case in the upper state. Therefore the intensity ratio of successive sub-bands ( Q 
branches) in a type B band would be essentially the ratio of the sum of the statistical 
weights of A and B 3 to the sum of the weights of Bi and B 2 . For C2II4 this is 10 : 6 
(see Table 11, p. 54) Such an intensity alternation is clearly seen in the observed 
fine structure of the fundamental V9 of C2II4, given in Fig. 159. The lines with even 
K are the stronger ones. For C 2 D 4 the ratio would be 45 : 30. 

Type C bands. The alternating dipole moment can lie in the axis of largest moment 
of inertia (c axis) only for more-than-triatomic molecules [for example, for the funda- 
mental vt(b 2 ) of H 2 CO; see Fig. 24]. In this case the symmetry selection rule is 
(IV, 99), and the transitions indicated schematically in Fig. 100 are possible. The 
over-all species of the rotational levels given in this figure (unlike Figs. 149 and 154) 
refer to the case of a C 2v molecule with the two-fold axis in the a axis (as in H 2 CO, 
see Fig. 143). The species in brackets refer again to a Vh molecule with the x axis 
as the a axis (as in C 2 H 4 , see Fig. 145). 

The actual band structure to be expected for a type C band has not been evaluated 
for the general case, but Nielsen (000) has given diagrams for a number of small p 
values (assuming again a plane molecule). These diagrams are reproduced in Fig. 
161. It is seen that for very small p the structure is practically the same as that of a 
type B band } simply because both the type C and type B bands approach JL bands of 
a symmetrical top (/ « « Ic)- For larger p values the structure is increasingly differ- 
ent from that of a type B band. This is because the type C band for p = IaIIb 1 
goes over into a 1 1 band of a symmetric top, rather than a J_ band as do the type A 
and B bands. This || band in the limiting case has a strong Q branch and a spacing 
of the P and R lines of 2A = 2 B = 4(7, whereas the limiting type A and B bands 
have no strong central branch and a spacing of 2(7. For medium resolution one 

84 The same result is also obtained by considering that a rotation by 180° about the a axis leads 
to an exchange of two pairs of II atoms. Just as for linear molecules (see Table 2), this gives an 
intensity alternation 10 : 6 with the even levels the stronger (the resultant statistics is Bose). 
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would therefore expect a central maximum for not too small p, but none for very 
small p. 

As an example, Fig. 162 gives the fine structure of the fundamental V 7 (bi u ) of 
C 2 H 4 , which according to Fig. 44 corresponds to a vibration perpendicular to the 
plane of the molecule. The central maximum is seen to be very prominent. Even 
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Fig. 160. Energy level diagram for a type C band of an asymmetric top molecule. — The energy 
levels are drawn for the case of a nearly symmetric top as in H 2 OO for which the C 2 coincides with 
the u-axis. The species designations refer to this case. In brackets the species for a B\ u — A a 
transition of a Vh molecule are added assuming that the x axis is the a-axis, the z axis the c-axis. 

though here p = 0.16, the molecule is still sufficiently close to a prolate symmetric 
top that the Q branches of the sub-bands of the J_ band which the band approaches 
stand out clearly. Their separation is approximately 2 A as for the type B bands. 
That these Q branches do not stand out in Fig. 161 for p = 0.16 is due to the fact that 
in this figure only transitions with ./ < 6 have been included. 

In H 2 CO the fundamental ve(b 2 ) is a type C band. Its fine structure has been 
investigated for both II 2 CO and D 2 CO by Ebcrs and Nielsen (295) (296). Here a 
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complication arises due to the fact that the fundamental v^ih) which is a type 
B band is very close to vq. This results in a strong Coriolis perturbation between 
the two upper vibrational levels, giving rise to a strong convergence of the series of 
Q branches (“lines”), which is of opposite direction in the two bands. Since here 
p = 0.1 the central branch is no longer prominent. Type C bands with larger p 
values have not as yet been resolved. 



Fig. 161. Type C bands for p - B[A = 0.02, • 0.20 [after Nielson (660)]. — 

See caption of Fig. 156. 


As is easily seen from Fig. 160, if the a axis is a two-fold axis and at the same time 
the axis of the nearly symmetric top, then the intensity alternation in consequence of 
nuclear spin depends in the same way on K as it does for type B bands. This in- 
tensity alternation is not very clear in the C 2 H 4 band in Fig. 162. The H 2 CO band, 
mentioned above but not reproduced here [see Kbers and Nielsen (295)], shows it 
clearly. Near the other limiting case, when the c axis is the symmetric top axis, 
an intensity alternation will occur only when the c axis is also a symmetry axis. 

Unresolved infrared bands. Only too frequently the infrared bands of asym- 
metric top molecules arc not resolved. But if the dispersion used is not too small, 
so that the envelopes of the bands can be distinguished from simple maxima, it is 
sometimes possible to draw conclusions as to the type of the bands, which are of use 
for the vibrational analysis and have been used to some extent in Chapter III. 
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It is clear from the above discussion of the band types and from Figs. 150, 155, 
156, and 161 that type A bands will exhibit a fairly strong central maximum , corre- 
sponding to the Q lines, with two accompanying maxima on either side, corresponding 
essentially to the P and R lines, for any value of p. Type C bands will have similar 



Fig. 162. Fine structure of the fundamental vr(bi u ) of C 2 H 4 at 10.55/x [after Gallaway and 
Barker (345) ]. — The length of the absorbing path was 0 cm at a pressure of 5 cm. The ordinate 
is log loll (sec caption of Fig. 153). 


envelopes, except for small p values when the central branch no longer stands out, 
so that only one broad maximum results. Type B bands on the other hand have no 
central maximum but, as can be seen from Figs. 155 and 156, the Q lines form two 
maxima on either side and fairly close to the zero line, in addition to the P and R 
maxima. These Q maxima should be prominent, particularly for the larger p values. 
More detailed calculations of the envelopes for a considerable variety of cases have 
been carried out by Badger and Zumwalt (76). We give in Fig. 163 only one case 



Fig. 163. Envelope of a type B band of a (non-planar) asymmetric top molecule with p = B/A 
= 0.73 and C/A = 0.64 [after Badger and Zumwalt (76)]. — For small moments of inertia the in- 
tensity distribution is not quite symmetrical about the band origin. 

of a type B band. With insufficient resolution it appears quite possible that the 
two Q maxima are observed as one and that therefore the type B band has the 
appearance of a type A band. 

Conversely, when an unresolved band of an asymmetric top molecule is observed 
to have three maxima, one can conclude that it is not a type B band only if one is 
sure that the resolution would have been sufficient to resolve the two Q maxima of a 
type B band, or when one knows from other evidence that p is small, and that there- 
fore the Q maxima are not prominent. If an infrared band shows four maxima, as in 
Fig. 163, one can be reasonably sure that it is a type B band. The same is true when 
it has only two maxima with a distinct minimum at the center. 
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However, it must be remembered that all the previous schematic spectra of 
asymmetric top molecules, as well as the calculation of envelopes by Badger and 
Zumwalt, have been carried out under the assumption that the rotational constants 
A y By C are the same in the upper and the lower state. While this assumption is 
fairly well fulfilled for the fundamentals it is less well fulfilled for the overtone and 
combination bands. For the latter, the central Q branch as well as the other branches 
will in general be shaded toward longer wave lengths, and it may be that the Q branch 
under low dispersion merges into the P (or R) branch, so that a band with two maxima 
may result even in the case of type A or type C bands. For example, under low 
dispersion the II 2 0 type A band at 9400 A (reproduced in Fig. 151a) evidently 
would have a central minimum, even though it is not a type B band. Thus it would 
appear that one should be cautious in drawing far-reaching conclusions from the 
observed envelopes of bands of asymmetric top molecules. 

Analysis of infrared bands of asymmetric top molecules. The analysis of the 
fine structure of infrared bands of asymmetric top molecules is by no means easy 
except close to the limiting cases of symmetric tops. In these latter cases the pro- 
cedure is, of course, exactly the same as described above for exactly symmetric top 
molecules. The only difference is that in the case of the near-prolate top (a axis 
the top axis) the energy formula is (IV, 90) with W r [,,] = A 2 , rather than (IV, 41); 
that is, B [V ] is replaced by J(B [y] + 6 7 [y] ). In the less frequent case of a near-oblate 
top (c axis the top axis), B[ v ] in (IV, 41) is replaced by J(A[ t q + Bpi) and A[ v ] by 
C [v ], Thus the analysis of type A bands of near-prolate tops (jives ](B [u] + C[„ j) in 
the upper and lower states and the analysis of type B and C bands of near-prolate tops 
gives A [v j — m the upper and lower states. These constants are most 

accurately obtained from appropriate combination differences , which also, if formed for 
different bands with the same lower state, will supply a useful check on the correctness 
of the analysis. Approximate values of the constants are obtained from the spacing 
of the “lines” in the bands. Because of the complete identity of procedure the 
results for such molecules (C 2 H 4 , II 2 CO, and so on) have already been included in 
the previous discussion of symmetric top molecules (p. 434f.). However, it should 
be emphasized that since the deviations from the symmetric top are largest for small 
K values (compare the spectrograms Fig. 159 and 162), one should not use sub-bands 
with too small K values for the evaluation of the constants. It would also be wise, 
even though rather laborious, when the exact amount of asymmetry is known, to 
calculate the spectrum with the more accurate asymmetric top formulae in order 
to see whether the simplifications introduced by the symmetric top approximations 
were justified. 

In the case of strongly asymmetric top ynolecules the lines in a band no longer form 
easily recognizable branches of the usual type. However, the series of doublets in 
the R and P branches that correspond to the two highest and the two lowest levels 
of each set form fairly normal branches. If they can be picked out of the large 
number of apparently irregular lines, from the separation of successive doublets 
approximate values for 2A and 2 C respectively are obtained. For a plane molecule 
according to (IV, 94) this leads also to an approximate value for B . In the case of 
type B bands a further aid in determining approximate rotational constants is 
afforded by the fact that, as can be seen from Fig. 155, the first strong lines on the 
short- and long-wave-length sides of the origin are the Q lines l+i — l-i and l_i — l+i 
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respectively. These two lines stand out clearly, for example, in the H 2 0 band in 
Fig. 157 [the maxima marked 81(b) and 82(b)]. As can easily be seen with the 
help of Table 8 the separation of these two lines is (A' — C') + (A" — (7"). 

If in this way or from other evidence (for example, from the known internuclear 
distances in other molecules) rough values for the rotational constants have been 
obtained, they may be used for the calculation of a theoretical spectrum by calcu- 
lating the rotational energy levels from the formulae (I, 58)-(I, 62). If the assumed 
approximate constants are not too inaccurate, it is usually possible, by comparing 
the theoretical with the observed spectrum, to assign many of the observed lines to 
specific transitions. A critical test on the correctness of this assignment can then 
be obtained by forming combination differences from the observed lines. For ex- 
ample, in the case of a type A band (see Fig. 149) the difference of the lines (?(l+i — lo) 
and F(l + i — 2 0 ), since they have the same upper state, is the difference AiF^o — lo) 
between the levels 2« and lo in the lower state. This same difference is also obtained 
as the difference of the lines R( 2_i — lo) and Q( 2_i — 2 0 ). Similar combination 
relations , 

QUr / ~ Jr,"-] ~ PUr,' - (./ + l),,"] = R[_{J + 1),', - Jr,"] 

- Ql(J + iK' - (J + IK"] (!V, 103) 

and 

w + Dv - /Vo - = Qiv + Dv - (/ + Dv'] 

- P[Jr/ - (J + 1)V'], (IV, 104) 

with all possible combinations of the n', r 2 ', ri", r 2 " must hold for other J values, 
independent of any perturbations that might occur in the rotational energy levels. 
In addition, for the higher J values, combination relations of the form 

Q(Jr/ - JV") - Q(JV - Jr-) - Q(Jr , / - Jr-) - Q(Jr , / - Jr,-) (IV, 105) 

must hold, and similarly for P and R branches. 

Once the correct assignment of the lines has been found and checked by the 
combination relations, accurate values for the rotational constants in the upper and 
lower states can be obtained by the application of Meckc’s sum rules (see Table 8, 
p. 50). For example, the difference AiF"(2o — lo), according to Table 8, is 4 B". 
Similarly, the differences AiF"(2__i — l+i) and A\F"{2 + x — l_i) are 4(7" and 4A" 
respectively. In a similar manner, the other combination differences or simple 
combinations of them may be expressed in terms of A", C n for the lower, and 
of A', B\ and C f for the upper state [see Table 3 in Mecke (612)]. 

The rotational constants thus obtained are accurate except for the neglect of 
centrifugal stretching . If it is necessary to take this into account it is best to apply 
an appropriate correction to the observed combination differences, and then apply 
Mecke’s sum rules. For a detailed discussion of the centrifugal stretching correc- 
tions, see the references quoted in Chapter I, p. 50. 

Independent of any assumption about the analytic representation, the positions 

of the rotational energy levels of a given type (+ +, H , h or ) relative to 

the lowest of that type can be obtained directly from the spectrum simply by adding 
up appropriate combination differences . The lowest levels of the four types are 

0 0 (+ +), 1— 1 ( h), lo( ), and l+i(H ) (see Fig. 149). Taking the energy 

of the lowest rotational level 0 0 (+ +) as zero, the energies of the levels l_i, lo, and 1 



Table 134. wave numbers and assignment of the lines in the HaO band at 
8227 A, AFTER BAUMANN AND MEl’KK (130). 


T if 


P branch 

Q branch 

R branch 

Jjtt 








J’r' 

^vacuum 85 (fill 


^vacuum 66 (dll 1 ) 

Jr' 

^vacuum 68 ( cna *) 

0 






1-1 

12,173.77 (4) 

1-1 

0 

12,127.44 (5*) 



2-2 

195.19 (8) 

1-1 






2+2 

262.82 

lo 




l+l 

12,156.21 (5) 

2_i 

190.71 (3) 

Ifi 




lo 

145.43 (0) 

2 0 

202.02 (7) 

2-2 

1-1 

103.06 (4) 

— 


*-» 

212.07 (5) 

2-2 



2+1 

215.28 

3+i 

289.92 

2-i 

lo 

108.32 (8) 

2o 

164.90 (5) 

3-2 

207.75 (8) 

2 0 

1*. 

098.17 (3) 

2_i 

132.71 (3) 

3_i 

224.67 (4) 

2 0 



— 


3 1 3 

341.64 ? 

2+i 




2 f2 

151.82 (0) 

3 0 

218.83 (6) 

2+i 




2-2 

084.09 

— 


2+2 




2+1 

149.16 (4) 

3+i 

223.82 (2) 

2+2 

1-1 

037.50 



3-3 

145.43* 

3-3 

2-2 

082.22 (8) 

— 


4-4 

220.10 (10) 

3 3 

2 f 2 

149.83* 

3o 

21G.93 

4o 

323.41 

3 2 

2_i 

085.(30 (4) 

3-i 

177.58 (2) 

4-3 

222.95 (4) 

3-2 



3+3 

294.91 

4+i 

387.64 

3 i 

2 0 

071.02 (8) 

3-2 

113.88 (2) 

4_2 

224.72 (10) 

3-i 



— 


4 +t 

357.97 

3 0 

2+i 

079.02 (4) 

3+i 

153.70 (2) 

4_i 

237.45 (2) 

3o 



3-3 

075.70 

— 


3+i 

2+2 

074.50 (5) 

3o 

141.56 (5) 

4o 

247.99 (8) 

3fi 

2_ 2 

00(5.82 

— 


4-4 

301.51 

3, 2 

— 


3+3 

150.30 (0) 

4+i 

240.54 (1) 

3+2 

2_i 

11,941.05 

3_i 

032.99 

4-3 

078.81* 

3+3 



3 f-2 

149.83 (3) 

4+2 

244.73 (10*) 

3+3 

2 0 

957.90 

3-2 

000.80 

4-2 

131.45 ? 

4-4 

3-3 

12,060.09 (4; 

— 


5-6 

238.31 (4) 

4-4 

3+i 

138.30 

4.i 

221.71 

— 


4-3 

3_2 

062.41 (8) 

4-2 

103.22 (1) 

5-4 

236.53 (8) 

4-3 

3 4 2 

212.07* 

4+2 

305.87 

— 


4-2 

3-i 

044.29 (3*) 

4-3 

089.79 (0) 

5-3 

261.00 (2) 

4.2 

3 J-3 

161.55* 

4 m 

254.53 ? 

— 


4-i 

3 0 

053.37 (4) 

4o 

159.81 (4) 

— 


4-i 

— 


4-4 

062.41* 

— 


4 0 

3+i 

044.29 (3*) 

4.1 

127.98 (0) 

— 


4 0 

3-3 

11,966.39 

— 


5-5 

144.82* 

4+i 

3 ,2 

12,052.80 (2) 

4+2 

147.69 (3) 

— 


4+i 

3-2 

11,903.17 

4-2 

033.87 


077.34 

4+2 

3+3 ' 

12,051.71 (0) 

4m 

144.82 (3) 

-- 


4+2 

3-i 

11,934.72 ? 

4—3 

11,979.69 

5-3 

150.31* ? 

5_b 

4-4 

12,037.50 (5) 

— 


6_e 

249.38 (8) 

5-4 

4-3 

038.65 (1) 

5-3 

12,209.85 ( -2) 

6-5 

248.57 (3) 

5-3 

4-2 

018.02 (2) 

5-4 

062.01 (-1) 

— 


6_<i 

5-5 

013.65 (2) 

— 


7-7 

259.93 (1) 

6-5 

5-4 

014.14 (4) 

— 


7-6 

259.55 (5) 

7-7 

6-5 

11,988.51 (2) 

— 


8-8 

268.98 (3) 

7-6 

0-B 

988.51 (2) 

— 


8-7 

208.98 (3) 

S_8 

7-7 

962.67 (2) 

— 


— 


8-7 

7-6 

962.67 (2) 






86 The numbers in parentheses give the estimated intensities. An asterisk indicates an over- 


lapped line. 


486 



ASYMMETRIC TOP MOLECULES 


487 


IV, 4 

are, according to the Wang formulae (I, 58, 60, 61) (see also Table 8), B + C, A + C % 
and A + B respectively. Since the centrifugal stretching correction for these levels 
is certainly negligible, and since no perturbation is likely to occur for the vibrational 
ground state, the positions of all rotational levels of this state with respect to the 
lowest can be determined. The energies of the rotational levels of the excited vibra- 
tional states can then be determined simply by adding the wave numbers of ap- 
propriate lines to the energies of the rotational levels of the ground state. 

If the observed and identified lines are not sufficient to form all the combination 
differences necessary for an evaluation of the constants in the above-described way, 
the only other alternative, in order to obtain these constants, seems to be to change 
the original rough constants by trial and error in such a way that a complete agree- 
ment of theoretical and observed spectra is finally obtained. The complexity of the 
Wang equations obviously makes this an exceedingly tedious procedure, particularly 
since there are six rotational constants to adjust. 

Examples, moments of inertia and internuclear distances. Mecke and his co- 
workers (612) (130) (333) were the first to analyze fully the rotation- vibration spec- 
trum of an asymmetric top molecule, namely that of II 2 0. This is still the only case 
of a strongly asymmetric top for which a really complete analysis is available. The 
advantage here is that, because of the strong water- vapor absorption in the atmos- 
phere, a very complete spectrum is obtainable under large dispersion in the photo- 
graphically accessible region of the solar spectrum. All bands in the photographic 
region are found to be type A bands. As an example, we give in Table 134 the wave 
numbers and assignments of the lines in the band 8227 A of H 2 0, which is reproduced 
in Fig. 151b. The reader may use these data for verifying that the previous com- 
bination relations are fulfilled. Table 135 illustrates the agreement of some of the 


TABLE 135. SOME COMBINATION DIFFERENCES FOR THE VIBRATIONAL GROUND STATE 
OF THE H2O MOLECULE, AS CALCULATED FROM SEVERAL ROTATION-VIBRATION 
BANDS AS WELL AS FROM THE ROTATION SPECTRUM. 



Photographic infrared spectrum 



Term 





ltotation spectrum 89 

difference 

Combination 68 

X8227 47 

X7957 47 

X6994 68 


3+2 — 2o 

f/*(2 0 ) -Q(3 2 ) 

1 Q(2 0 ) -P(3 2 ) 

191.68 

191.66 

191.72 

191.61 

191.681 
191.61 / 

(3 0 -2 0 ) +(3 2 -3 0 ) = 190.23 

4_i-3_ 3 

IW- 3 ) -Q( 4_i) 
\Q(3_ 3 ) -P(4 _i) 

163.60 

163.56 

163.60 

163.59 

(163.68) 1 
163.60 J 

(4_i -4_ 3 ) -K4_3 -3_ 3 ) =163.59 

5_6-4_! 

«4_i) — P(5_s) 

(24.91) 

24.95 

(24.89) 

(5_6 — 4_ 3 ) — (4_i-4_ 3 ) = 25.00 

5-4 —3-2 

K(3_ 2 ) — / j (5_i) 

184.30 

184.32 

(184.43) 

(5_ 4 —4_ 4 ) -K4_4-3__ 2 ) =184.18 

5-3 — 4_3 

f«(4_ 3 ) -Q( 5_ 3 ) 
\Q(4_ 3 ) — P(5_ 3 ) 

174.52 

174.60 

174.48 

174.60 

174 . 04 } 

(5-3 -4_0 +(4.i -4_ 3 ) =174.63 


66 In brackets the J T of the lower state are given. For the asymmetric top (see Fig. 149, 154, 
160) this does not always identify a line unambiguously, since two or more R lines (and similarly P 
and Q lines) with different r' may have the same lower sta + <\ In the table r' is not always the same 
for all differences in one row. 

67 From the data of Baumann and Mecke (130). 

58 From the data of Freudenberg and Mecke (333) . 

69 From the data of Itandall, Dennison, Ginsburg, and Weber (712). 
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combination differences for the lower state within this band as well as their agreement 
with corresponding combination differences in other bands and with appropriate 
combinations in the far infrared rotation spectrum. It is seen that with one excep- 
tion (32 — 2 o) the agreement of the combination differences for a given pair of levels, 
as determined from different bands and from the far infrared rotation spectrum, is 
very satisfactory indeed. The slight disagreement for 82 — 2o seems to be due to 
some erroneous assignment in the far infrared spectrum, since the different photo- 
graphic bands give close agreement among themselves. Mecke (612) has also 
analyzed a number of H 2 O bands in the ordinary infrared on the basis of the measure- 
ments of Plyler and Sleator (704). These bands have been recently remeasured 
under somewhat higher dispersion by Nielsen (665) (667) (see Fig. 157), who has 
also extended Mecke’s analysis to higher J values and has, in addition, identified 
and analyzed the type B band v± which overlaps the type A band 

From these analyses the positions of the rotational levels have been determined 
with considerable accuracy (see the papers quoted above for the excited vibrational 
states, and Randall, Dennison, Ginsburg and Weber for the ground state). However 
up to now the rotational constants have not been evaluated from these observed 
energy levels with a corresponding accuracy (comparable to that obtained for linear 
molecules). 

TABLE 136. ROTATIONAL CONSTANTS OF THE II-jO MOLECULE IN THE 
ELECTRONIC GROUND STATE. 


Rotational constants 

A, B, C 

Moments of inertia 80 

Rotational constants a 

Lowest 

vibrational 

level 

(cm -1 ) 

Equilibrium 

position 

(cm-') 

Lowest 
vibrational 
level (10“ 10 
gm cm 1 ) 

Equilibiium 
position 
(10 ,0 
gm cm 2 ) 

n 1 

(cm- 1 ) 

a-i 

(cm -1 ) 

«3 

(cm" 1 ) 

A [0 1 -27.79 
R[oi = 14.50* 
C[ 0 |= 9.28a 

A, =27.33 

B e = 14.57s 
C r - 9.49a 

1\ = 1.007a 

Jg =1.021). 

11 =3.013 7 

r A = 1.024„ 
T'„ =1.9207 
T‘ c =2.947o 

= +0.495 
rtf = +0.224 
= +0.145 

= -2.05, 
a!‘ = -0.202 

at'- - +0.105 

«* = +1.23. 

a" = +0.112 
« ( 3 ' = +0.109 


Mecke and his co-workers have evaluated the rotational constants in the way 
indicated above, neglecting the effect of centrifugal stretching. Darling and Denni- 
son (263) have re-evaluated their data, taking account of this interaction in the 
manner proposed by Wilson (036). However, they only employed the levels l_i, 
lo, l+i, 2—i, 2o, 2+i, making use of the relations (see Table 8 and p. 485) 

4A = F(2 +1 ) - F( l_i), 4 B = F( 2 0 ) - F(l 0 ), 4 C = F( 2-0 - F( 1+0, (IV, 106) 

with the addition of a slight correction for centrifugal stretching. Thus only a few 
lines of each band are actually used, so that the error of the A , B , and C values may 

60 The effective moments of inertia for the lowest vibrational level are tho values of Dennison 
and Darling (263) except for a very small change on account of a slightly different value for tho 
conversion factor used by them. Tho A,., B t , C c values and the moments of inertia for tho equilibrium 
position (which were not taken over from Darling and Dennison) were obtained from the A 0 , R 0 , Cu 
and newly determined ct’s. In this derivation tho validity of the relation I e G = /^ + was 
pot assumed. 
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be as much us ±0.03 cm" 1 . Darling and Dennison have only given the moments of 
inertia. Their data have been combined with those of Nielsen (605) (067), yielding 
the rotational constants and moments of inertia in Table 130. It is seen that while the 
relation Ic e = I a* + hf is well fulfilled there is a noticeable difference even be- 
tween I c ° and I a 0 + In 0 , and of course much larger differences between Ic [v ] and 
I A [v] + Iji [v] (sec above). 

From the values of I a 6 and In c one obtains, for the O — II distance in II 2 O in the 
equilibrium position, 

r e (0 — II) = 0.9584 X 10' 8 cm, 

and for the HOH angle , 

<£ H— O— II - 104° or'. 

The value of 7v(0 — II) is slightly smaller than the r e value 0.9710 X 10~ 8 cm in the 
free Oil radical. From the effective moments of inertia in the lowest vibrational 
level one obtains 

r 0 (O— II) = 0.950s and II— O— H = 105° 3'. 

Apart from II 2 O, the only other rotation-vibration spectra of strongly asymmetric 
top molecules that have been studied in any detail are those of II DO [Herzbcrg 
(440)] and IDS [Cross (248) and Crawford and Cross (242)]. In each case only one 
band has been analyzed. In the papers referred to further details concerning the 
method of analysis may be found. We give in Table 137 the rotational constants 

TABLE 137. ROTATIONAL CONSTANTS AND MOMENTS OF INERTIA OF II IN 
THE LOWEST VIBRATIONAL STATE, AFTER CRAWFORD AND CROSS (2*12). 


ltotational constants 

Moments of inertia 61 

Ao = 10.303 cm -1 

I\ = 2.094 X 10 -40 gm cm 2 

B 0 =* 9.040 cm" 1 

7{j = 3.097 X 10~ 40 gm cm 2 

Co = 4.723 cm" 1 

/?. = 5.927 X lO" 40 gm cm 2 


and moments of inertia of II 2 S in the lowest vibrational state. The values for the 
equilibrium position cannot be evaluated from the present data. The effective 
dimensions in the lowest state calculated from Ao and Bo are 

r 0 (S — H) = 1.334 X 10“ 8 cm, £ H— S— H = 92° 16'. 

If the dimensions were to be derived from Ao and Co or Bo and Co, slightly different 
values would be obtained, since the relation Ic = I a + In is not exactly fulfilled. 
The above values arc therefore less accurate than those for the equilibrium position 
in II 2 0. It seems significant that just as for H 2 0 the value of ro(S — II) in H2S is 
slightly smaller than the ro value 1.35 0 in the free SII radical. 

(c) Raman spectrum 

Selection rules. The selection rules for the rotation- vibration Raman bands 
have been given by Placzck and Teller (701). To a good approximation the vibra- 
tional selection rules are the same as for the pure vibration spectrum (see Table 55). 

61 Those I values have boon recalculated from the rotational constants given by Crawford and 
Cross, using the new value for the conversion factor (see appendix, p. 538). 



490 


INTERACTION OF ROTATION AND VIBRATION 


IV, 4 


For the total angular momentum we have, as always, 

AJ = 0, ± 1, ± 2 (J f + J" > 2). (IV, 107) 

Ail transitions between the various rotational levels of two vibrational states that 
obey this rule are possible if the molecule has no symmetry. When the molecule 
has symmetry we have additional symmetry selection miles which depend on the 
components of the polarizability (Table 55) that arc different from zero for the par- 
ticular vibrational transition [for a proof see Placzek and Teller (701)]: 

If only [a* x ] nm , [a vl/ ] nm , and [a«] ww are different from zero we have the se- 
lection rule 

H — (- <-> H — b> i —+<->■—+, (IV, 108) 

as for the rotational Raman spectrum. If only [a,*]™ is different from zero and if 
the x , y } z axes are the a, 6, c axes respectively we have 

+ +<->+-, - + «-> • (TV, 109) 

If only [a X z] nm is different from zero f with the same orientation of the axes, we have 

+ +<-> , H <-> h; (IV, 110) 

and finally, if only [>^] nw is different from zero , we have 

-I — !-<->—+, (IV, 111) 

If several of the aik are different from zero the transitions allowed by any of the 
corresponding selection rules may occur. 

In applying the rules one has to make sure that the in Table 55 are referred to the above 
system of axes (a— ► x, b-+y, c — ► z). Otherwise appropriate changes have to be made. For ex- 
ample, for II^O we have to put the z axis perpendicular to the plane of the molecule and the y axis in 
the two-fold axis, unlike the choice in Table 55. If these changes of axes are also made in Table 13, 
it follows, according to the methods outlined in Chapter III, section 1, that the antisymmetric vibra- 
tion v* of species R\ is connected with the polarizability component n tu (rather than with a x2 as in 
Table 55). Consequently the selection rules (IV, 100) would hold for this Raman band. For the 
totally symmetric Raman bands of the same molecule only the transitions (IV, 108) can occur. 

According to Table 55, the transitions (IV, 108) can occur for the totally sym- 
metric Raman bands of any asymmetric top molecule ; but for the lower symmetries 
C 8 , C*, C 2 h in addition the transitions (IV, 109) can occur; and for Ci all transitions 
compatible with (IV, 107) can occur for totally symmetric Raman bands. 

It is clear that also for Raman transitions only rotational levels of the same over-all 
species can combine with one another. As to the property positive and negative with 
respect to inversion we have the same rule as for the Raman spectra of linear and 
symmetric top molecules: 

+ <->+, (IV, 112) 

But as in the case of the infrared spectrum, the last two rules do not introduce any 
further restrictions of the possible transitions unless forbidden vibrational transitions 
are considered or unless the inversion doubling is resolved. 

Unresolved Raman bands. No rotation- vibration Raman band of an asym- 
metric top molecule has as yet been resolved. But a few remarks may be made 
about the structure of unresolved bands on the basis of the above selection rules. 
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Since for totally symmetric Raman bands rotational levels of the same type (+ +, 

H , h, ) may combine with one another, and since at the same time A J = 0 

is possible, and since finally the rotational constants in the upper and lower state 
are very nearly the same, it is obvious that a large number of lines of the Q branch 
will coincide near the band origin . This sharp strong central “line” will in general 
be the only feature that is observed. It should be realized, however, that the strong 
central “line” does not represent the whole Q-branch of the band, as can be seen by 
consideration of Fig. 149. 

For non-totally symmetric Raman bands the transitions (IV, 108) do not occur. 
Only rotational levels of different H — symmetry combine with one another [(IV, 109) 
or (IV, 110) or (IV, 111)]. Therefore the lines of the Q branch do not, in general, 
coincide at the origin. Whether they lie fairly close together and form a central 
maximum depends on the asymmetry of the molecule, and on whether [a xy ] wm , 
[a X2 ] nw , or [_oiyz'] nm is different from zero. As can be seen by comparison of the selec- 
tion rules (IV, 109-111) with (IV, 97-99), the possible rotational transitions for the 
three eases [a ? x y ~] nm 9^ 0, or [a x *] nm 9^ 0, or ^ 0 are the same as for type C , 

By and A infrared bands respectively (see Figs. 1G0, 154, and 149), except for the 
additional transitions with AJ = d= 2. Since the latter give rise to lines which are 
in general at a greater distance from the origin, the same considerations as for un- 
resolved infrared bands can be applied. In particular, therefore, Raman bands with 
[ot xz ~] nm 9 ^ 0 will in general have a central minimum. But also the other non-totally 
symmetric Raman bands will in general not have such a sharp central maximum of 
outstanding intensity as do the totally symmetric Raman bands, but will be more 
or less broad. Thus we come to the same conclusion as for symmetric top or nearly 
symmetric top molecules: 

If a Raman line of an asymmetric top molecule is definitely broad (broader than other 
lines), we can be certain that it corresponds to a non-totally symmetric vibration. How- 
ever, if the line is sharp it does not necessarily mean that it corresponds to a totally 
symmetric Raman line, although it makes this probable. 

We see, therefore, that the observation of the width of Raman lines supplements 
in a very significant way the observation of their state of polarization, since it allows 
of a definite decision in just that case in which the observation of the state of polariza- 
tion does not give an unambiguous answer: When a degree of depolarization of f is 
observed for a Raman line it is probable, but not certain, that it corresponds to a 
non-totally symmetric vibration. Observation of a great width of the Raman line 
would make this certain. On the other hand, if a Raman line is quite sharp (even 
under fairly high dispersion) it is not certain, although probable, that the line corre- 
sponds to a totally symmetric vibration. But if a degree of depolarization is 
observed it is certain to be a totally symmetric Raman line. 

5. Molecules with Free or Hindered Internal Rotation 

When free rotation or only slightly hindered rotation of one part of a molecule 
against the other is possible, further complications arise in the structure of rotation- 
vibration bands. 

(a) Energy levels 

Free rotation. The possibility of torsional oscillations exists, as we have seen pre- 
viously (see Chapter II, section 5d), in molecules like C2H4, C2H6, CH 3 — C=C — CII3, 
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CH3OH and similar ones. It is clear that as long as the frequency of these torsional 
oscillations is large, or in other words as long as the potential maxima separating the 
different positions of equilibrium are high, the rotational energy levels in each vibra- 
tional level that come into play at ordinary temperatures are entirely similar to those 
of molecules without such torsional oscillations, and need not be separately discussed. 
However, at least for some of the above-named molecules, the possibility that a free 
or nearly free internal rotation occurs has to be considered. 

For the limiting case of entirely free rotation (hindering potential = 0), Nielsen 
(661) first gave the energy formula [see also Koehler and Dennison (517)], assuming 
the molecule to be a symmetric top (moment of inertia about the top axis = I a), 
and assuming that two of its parts (of moments of inertia 1% and I™) can rotate 
relative to each other about the top axis. lie found that the term 

F t (k 1, jfc) = ^ (k, - k j- ) 2 (IV, 113) 


has to be added to the ordinary rotational energy F(J, K ) of the symmetric top [see 
equation (IV, 41)]. Here 


At = 


h 


Sir-cF'? ’ 


A 2 = 


8**cl ( ? 9 


A = 


h 


8t t 2 cIa 


(IV, 114) 


&(= ± K ), as previously, is the component of the total angular momentum / about 
the top axis, and ki is the quantum number of the angular momentum of part 1 
(moment of inertia I^) of the molecule, which can assume the values 

ki = 0, db 1, db 2, • • • . (IV, 115) 


Formula (IV, 113) may also be written 

F t (ki, k) = Aiki 2 + A 2 (k - fci) 2 - Ak\ (IV, 116) 

where k — fa = k 2 is the quantum number of the angular momentum of the part 2 
of the molecule about the top axis. The expression (IV, 116), when added to (IV, 
41), gives for the total rotational energy 

F(J, K, jfci, h) = BJ(J + 1) - BK 2 + Aik, 2 + Aik 2 \ (IV, 117) 

In other words, for free rotation the term AK 2 in the ordinary symmetric top formula 
is replaced by Aikf + Aik 2 . 

In Fig. 164a we give for a number of K values and for J = K the energy levels 
resulting from (IV, 113) up to |&i| = 5. Actually, of course, these series of levels 
occur for every J value (see Fig. 8). The figure is drawn approximately to scale for 
the case of CII 3 OH, assuming this molecule to be a symmetric top with the axis of 
torsion coincident with the top axis. Assuming further that part 1 of the molecule 
is the OH group, part 2 the CH 3 group, and that the vibrational state is totally sym- 
metric, the species of the rotational levels are given [see Koehler and Dennison (517)]. 
They are determined by ki = k - k u since ki rather than ki corresponds to the rota- 
tion of the CH 3 group. If |fc 2 | is a multiple of 3 there are two coinciding A levels 
(except for ki = 0, K = 0 when there is only one), otherwise the species is E. 



F l cm 1 
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For molecules with two equal parts , such as C 2 H 6 , CII 3 — C=C — CII 3 , C 2 H 4 , we have 
A/Ai = \ (compared to 0.21 for CH 3 OII), and formula (IV, 113) simplifies to 

F t (k h k) = A(2h - kf = A(ki- k 2 f = AK ?, (IV, 118) 

where K J (= |/ci — k 2 \) is the quantum number of internal rotation and where, since 
K = \ki + h I, we have ki - k 2 = 0, ±2, ±4, • * • for even K and ki ~ k 2 = =b 1, 
±3, db5, • • • for odd K. The levels for this case are given in Fig. 164b. It will be 
noticed that here levels that differ only by an exchange of the ki and k 2 values have the 
same energy. This double degeneracy is in addition to the ordinary K degeneracy. 
The species in this case are rather more complicated. For C 2 II 6 they have been 
discussed in detail by Wilson (938). 62 It may suffice here to say that, apart from 
the N degeneracy, the levels with K t (= |&i — k 2 \) a multiple of 3 consist of two co- 
inciding non-degenerate components, while the others have a doubly degenerate 
species. 

In the formulae (IV, 113) and (IV, 110) the interaction of rotation mid vibration has been neglected. 
For the vibrational ground state this is certainly a good approximation; but for certain vibrational 
levels this interaction may become considerable, namely for those vibrational levels for which an 
internal vibrational anaular momentum ±.p{hl2ir) may arise, similar to the previous dbf(/i/27r) (see 
p. 402). This internal vibrational angular momentum has to be added to the internal rotational 
angular momentum. Similar to the case of the vibrational angular momentum the energy formula 
(IV, 118) for CjHfl and similar molecules has then to be modified to 

Ft = A(ki - =F p) 2 . (IV, 119) 

Howard (461) has shown that for C 2 Hfl type molecules p is appreciable when two degenerate vibra- 
tions of different species (for example R' and R" of 0 3 / t ) have nearly the same frequencies, as is the 
case for the pair of vibrations of C 2 H fi near 1470 and the pair near 2970 cm -1 (see Tabic 105). The 
four-foldly degenerate vibrational state then splits into four component levels duo to the interaction 
of the rotational with the vibrational angular momenta f and p. For D.u molecules, in the case of 
complete degeneracy Howard obtained p = f — 1, where f is the vibrational angular momentum of 
the vibration v(e') [vibrations of species R" have no vibrational angular momentum]. 

The general problem of the normal vibrations of a moleculo in which there is free rotation of one 
part or several parts with respect to the rest of the moleculo has been treated by Crawford and 
Wilson (247). 

Hindered rotation. The energy levels in the intermediate case of hindered rota- 
tion, that is, in the case of a small potential hill opposing free rotation, may be ob- 
tained qualitatively by interpolating between the two limiting cases: free rotation (see 
above) and torsional oscillation (see Chapter II, section 5d). This is done schemati- 
cally for CH 3 OH, C 2 II 6 , and C 2 H 4 type molecules in Fig. 165a, b, and c respectively. 
At the left are the levels for free rotation, at the right the levels assuming a very high 
potential hill. In Fig. 165b and c the solid curves refer to even K values, the dashed 
curves to odd K values (compare Fig. 164b). Curves marked E refer to doubly 
degenerate energy levels. The curves Fig. 165a for CII 3 OII hold for K = 0 only. 

In all three cases, as the height of the potential hill Vq decreases (going from right 
to left) for each of the vibrational levels of the torsional oscillation and for a given K 
value, an increasing splitting into two sublevels occurs. For CII 3 OH and C 2 H 6 one 
of these sublevels is doubly degenerate ; that is, there is a three-fold degeneracy for a 
large potential hill, corresponding to the three equilibrium positions (see Fig. 73b). 
In all three cases, as the height of the potential hill is increased (going from left to 

62 It may be noted that Wilson's m is our k\ — k 2 , while Koehler and Dennison’s m is our k\. 
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right) the rotational levels that are not genuinely degenerate ( E ) split into two sub- 
levels of different energy. 

Fig. 165b and c show that, for C 2 H 6 and C2H4 type molecules for a given \*ibra- 
tional level and a given height of the potential hill, the splitting due to the possibility 
of torsion is the same for all even K values but is different from the splitting for odd 
K values. For CH3OII the dependence on K is more complicated and this is why 


I'} (cin-i) F,(t m- 1 ) F t (vmri) 



Fio. 165. Correlation between free rotation and torsional oscillation: (a) for CH 3 OH, (b) for 
C2H8, (c) for C2H4 (qualitative). — There is a linear energy scale for each ordinate axis. Unlike 
Fig. 164 in this figure only the part of the energy due to internal rotation is plotted. The potential 
barrier Vo is increasing from left to right, (a) Holds for K =0 only, in (b) and (c) the solid curves 
refer to even, the broken curves to odd K values. It may be noted that for Vo =0 there is no zero- 
point energy whereas for large Vo there is one half quantum of the torsional oscillation. 

Fig. 165a gives only the curves for K = 0. Koehler and Dennison (517) have shown 
that here the splitting as a function of K still varies periodically but not with an 
integral period since A/Aiis not simply J. This is shown for the first two levels of 
the torsional oscillation in Fig. 166. It should be noted that the degeneracy of two 
of the three levels for K = 0 does not remain for K 0. The magnitude of the 
splitting in all cases, of course, increases rapidly with increasing quantum number vt 
of the torsional oscillation. But on account of the zero-point vibration it exists 
even for v t = 0 (see Fig. 166), that is, for any vibrational state, even if the torsional 
oscillation is not excited. However, it will be noticeable in this case only when the 
potential hill is very low. 
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Less symmetrical and more general systems than those discussed above have 
been treated theoretically by Crawford (236), Price (708), and Pitzer and Gwinn 
(698). 


C(im') 



Fig. 166 . Variation with K of splitting due to possibility of passage through barrier for torsional 
oscillation in CH ;j OH [after Koehler and Dennison (517)]. — The energy levels for each K value 
are indicated by circles. For both vibrational levels shown ( Dt = 0 and vt = 1) the splitting is drawn 
to the same scale (unlike Koehler and Dennison’s figure) in order to emphasize the rapid increase 
with vt . 


( b ) Infrared spectrum 

Symmetrical molecules. The torsional oscillation in a symmetrical molecule 
such as C 2 II 6 or C2H4 is infrared inactive. It is obvious that this will also hold for 
the free internal rotation, that is, for the limiting case when there is no potential 
barrier, since no oscillating dipole moment is connected with this motion. In other 



IV, 5 MOLECULES WITH FREE ROTATION 497 

words, there is no pure rotation spectrum corresponding to the free internal rotation , just 
as there is no ordinary pure rotation spectrum in these molecules. 

For the rotation-vibration spectrum we have to add to the previous selection rules 
for symmetric top molecules the selection rule for the quantum number Ki = |&i — & 2 | 
of internal rotation. Nielsen (6(31) has shown that 

AKi = 0 for A K = 0 and A Ki = dh 1 for A K = db 1 ; (IV, 120) 

that is Ki does not change for || bands , whereas it changes by ±1 for _L bands** Conse- 
quently, each sub-band of a || band of a symmetric top molecule with free internal 
rotation will consist of a number of sub-sub-bands corresponding to the different Ki 
values populated in the lower state. But since AKi » 0 all these sub-sub-bands will 
exactly coincide as long as the interaction of vibration and internal rotation is 
neglected. Even if the latter is taken into account they will almost coincide, just 
as do the sub-bands (see Fig. 122). Thus, except for extremely high resolution or 
for very large coupling of rotation and vibration, a || band of a symmetric top molecule 
with free internal rotation will have the same structure as one without free internal 
rotation . 

In the case of a X band each sub-band will also consist of a number of sub-sub- 
bands, two for each Ki value of the lower state (since AKi = db 1). Since the con- 
tribution of the internal rotation to the energy for molecules like C 2 H 6 , according to 
(IV, 118), is AK the structure of a sub-band (with given K and A K) is entirely 
similar to that of a full perpendicular band without free rotation (Fig. 128), except 
that the separation of the line-like Q branches is 2A instead of 2 (A — B). Actually, 
as we have seen previously (p. 429f.), the spacing of the sub-bands is 2A(1 — f,) — 2 B, 
on account of the interaction of rotational and vibrational angular momentum about 
the top axis. Also, according to Howard (see above), on account of the interaction 
of internal rotational and vibrational angular momentum (if the upper state of species 
E' is accidentally degenerate with one of species E ", as is frequently the case), the 
separation of the sub-sub-bands is 2A(1 — f t ). Thus in a X band of a symmetric 
top molecule with free internal rotation each of the line-like Q branches of Fig . 128 will 
be split into a number of nearly equidistant 11 lines 11 of spacing 2 B (neglecting the de- 
pendence of A and B on v). No such structure has as yet been found. 

The fact that the observed X infrared bands of C 2 H 6 do not exhibit any evidence 
of such a secondary structure shows, as was first pointed out by Howard (461), that 
there is no free internal rotation in C 2 H 6 . Howard (461) also calculated the expected 
structure for slightly hindered rotation, and concluded that if the potential hill 
preventing free rotation were lower than 700 cm -1 the fine structure of the X bands 
should be different from what is actually observed. A molecule for which such a 
double fine structure due to free (or nearly free) internal rotation should be observable 
is CH3 — C=C — CH 3 (see p. 356). But the infrared spectrum of this molecule has 
not as yet been investigated with sufficiently high dispersion. 

Slightly asymmetric molecules, CH 3 OH. In a molecule of the type of CH3OII 
the torsional oscillation is infrared active and therefore also the internal rotation , if 
it is free, is infrared active. Since in CII3OH only the rotation of the OH group 

63 It may bo remembered that Ki is even for even K and odd for odd K ; for this reason alone, 
AKi — 0 would be impossible for AK = ± 1, and A K% = =fc 1 impossible for AK — 0. 
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about the top axis gives rise to a change of dipole moment, the selection rules for the 
pure internal rotation spectrum are 

AJ = 0, ± 1, AK = db 1, AKi = ± 1, AK 2 = 0, (IV, 121) 

where (as previously) the subscripts 1 and 2 refer to the OH and CH3 groups re- 
spectively, and where K\ = |&i| and K* = |fe|- 

With these selection rules it is seen immediately from the energy formula (IV, 117) 
that the Q “lines” (AJ — 0) of the free internal rotation spectrum form the double 
series 

v — Ai — B -P 2BK ± 2AiKi, (IV, 122) 

where the upper signs hold for positive AK and A/vi, the lower signs for negative 
AK and AKi. Since Ai»£, formula (IV, 122) represents a series of bands of 
spacing 2Ai each of which consists of sub-bands whose zero lines have a spacing 2 B. 
Such a series of bands corresponding to large Ki values has indeed been found by 
Borden and Barker (169) in the infrared spectrum of CII3OII, in the region 600-860 
cm” 1 . The spacing is about 40 cm” 1 , giving A\ = 20 cm” 1 and an OH distance of 
about 0.92 A. The CH 3 OH spectrum becomes much more complicated at smaller 
frequencies, indicating that for smaller K\ values there is no longer approximately 
free rotation; and the spectrum seems to end in a strong band at 270 cm” 1 [see 
Lawson and Randall (560)] very probably corresponding to the 1 — 0 transition of 
the torsional oscillation (see also Fig. 165). Koehler and Dennison (517), on the 
basis of a more detailed comparison of the observed spectrum and the theoretical 
spectrum assuming hindered rotation, have derived a potential barrier of about 
470 ± 40 cm” 1 for the internal rotation in CII3OII. 

For the rotation-vibration spectrum we have, in the case of || bands (AK = 0), 
the selection rule 

AKi = 0, A K 2 = 0, (IV, 123) 

and for ± bands (AK = ± 1) [see Borden and Barker (169)], 

AKi = d= 1, AK 2 = 0 or A/vi = 0, A K 2 = ± 1 (IV, 124) 

depending on whether the dipole moment of the vibrational transition is in part 1 
or part 2 of the molecule; that is, for CII3OII, in the OH or CII 3 group respectively. 

From (IV, 123) in connection with the energy formula it is immediately seen that 
the internal rotation does not influence the structure of a || band , just as for molecules 
of the C2H6 type, as long as the interaction of vibration and internal rotation is not 
too strong and the dispersion not too high. Thus Borden and Barker (169) found 
the usual structure for the CII3OH band v±° at 1033.9 cm” 1 . The resulting Bq 
value has been given in Table 132, p. 437. 

For the JL bands it follows from the energy formula (IV, 117) and the selection 
rules (IV, 124) that, similar to the case of molecules of the C2H6 type, we have a 
double rotational structure . Each sub-band with a given K and A K(= =L 1) (see 
Fig. 128) consists of a number of sub-sub-bands corresponding to the different K\ 
values and AKi = =b 1 if the oscillating dipole moment is in the OH group, or to the 
different K 2 values and AK* = ± 1 if it is in the CH3 group. As is easily seen from 
the energy formula (IV, 117), the spacing of the sub-sub-bands is 2Ai or 2A 2 re- 
spectively, while the spacing of the sub-bands is 2 B (the same as the spacing of the 
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lines in the P and R branches). Since A\ and A 2 arc very much larger than B , we 
may also say that we have a number of sub-bands of spacing 2 A i or 2A 2j each of which 
consists of lines with spacing 2 B. Assuming the oscillating dipole moment to be in 
the OH group, and assuming completely free rotation, Borden and Barker (169) have 
calculated the intensity distribution in such a sub-band and find it to be strongly 
asymmetrical. On the low-frequency side of each sub-band, but not on the high- 
frequency side, an intensity alternation of the typo strong, weak, weak, strong, • * • 
charootenstic of the CII 3 group (see p. 410), is expected. 

The actually observed JL bands of CH 3 OII do show some but not all of these 
features. For example, the intensity alternation on the low-frequency side of a _L 
band is clearly shown by the photographic infrared band X9490 reproduced in Fig. 
167 ; however, the different sub-bands do not stand out clearly. This lack of agree- 
ment with expectation is undoubtedly due to the fact that the internal rotation is 
not entirely free, as is also proven by the existence of a low-frequency fundamental 
vibration corresponding to the torsion oscillation (see above). 

Further experimental and theoretical work is necessary before the structure of 
the CII3OH spectrum is completely understood, anti therefore before all internuclear 
distances and angles can be determined accurately. 

(c) Raman spectrum 

The selection rules for the Raman spectrum in the case of free or hindered internal 
rotation have not as yet been discussed in detail in the literature. Since no Raman 
bands of molecules with internal rotations have been resolved, we shall not attempt 
a discussion of their structure. It is however clear that this structure is in the same 
relation to the Raman bands of ordinary symmetric top molecules as the infrared 
bands of molecules with internal rotations discussed above are to the infrared bands 
of ordinary symmetric top molecules. 



CHAPTER V 


APPLICATIONS 

In addition to the immediate application of the study of infrared and Raman 
spectra of polyatomic molecules to the determination o f the structure of these mole- 
cules, there are a number of other important applications. Of these we shall here 
discuss only the two which appear to be most important: the calculation of thermo- 
dynamic quantities and certain investigations c*i ncerning the nature of the liquid 
and solid state. Infrared and Raman spectra have been used also for chemical 
analysis, including the detection of new compounds in certain mixtures (which are 
not easily amenable to strictly chemical detection) and the determination of chemical 
equilibria, and Raman spectra have been applied to the study of electrolytic dissocia- 
tion in solutions. But those and certain other applications will not be taken up here 
[see, for example, Kohlrausch (13) (14) and Hibben (10)]. 

1. Calculation of Thermodynamic Quantities 

On the basis of the molecular data obtained from the spectra, as was first sug- 
gested by Urey (881) and Tolman and Badger (809), it is possible to predict with 
great precision the values of thermodynamic quantities, such as the heat capacity 
of the particular gases. This possibility is of great practical importance, particularly 
since the direct experimental measurement of these quantities is usually difficult and 
tedious and sometimes impossible. Frequently the values calculated from the 
spectroscopic data arc more accurate than those determined by direct thermal 
measurements. 

The partition function (state sum). According to the Maxwell-Boltzmann dis- 
tribution law, in thermal equilibrium the number of atoms or molecules N n in a state 
of total energy e n and of total statistical weight (degeneracy) g n is proportional to 
g n e~ tnKkr \ where k is Boltzmann’s constant and T is the absolute temperature in 
degrees Kelvin. The total number of atoms or molecules, N , in a given volume is 
therefore proportional to 

Q = £ g n e-‘»i« T \ (V, 1) 

with the same proportionality factor. The quantity Q is the partition function of 
the gas. All thermodynamic quantities can he expressed in terms of it. Therefore we 
consider first its calculation from spectroscopic data. 

Since for a perfect gas the translational and the internal energy, c t r and e^t, are 
entirely independent of each other, the total energy e n of an atom or molecule can 
always be written as the sum 

€ n — €tr + €int (V, 2) 

and at the same time the total statistical weight can be written 


gn — <7tr*<7int • 
601 


(V,3) 
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Therefore the partition function Q can be separated into a product 

Q = Qtr’Qint (V, 4) 

of the translational 'partition function 

Qtr = E gtre-'to'w (V, 5) 

and the internal partition Junction 

Qint = E (V, 6) 

It is shown in standard texts on statistical mechanics [for example (16)] that the 
translational partition function is given by 

Qtr = V ( Y = 1. 8793c X 10 20 7A/»n (V, 7) 


where F is the volume considered and m the absolute mass of the atom or molecule, 
M the chemical atomic or molecular weight. 

The internal partition function is frequently simply called the partition function 
or also the state sum. It can be calculated if the g-mt and tint have been determined 
from the spectrum. 

The internal energy €i n t is the sum of three contributions, the electronic, vibra- 
tional, and rotational energy, and similarly the internal statistical weight is the 
product of three corresponding factors. 

However, for practically all polyatomic molecules the Boltzmann factors of 
excited electronic states are entirely negligible compared to those of the ground 
state. Only for the very few polyatomic molecules with a multiplet ground state 
(NO 2 , CIO 2 , and various free radicals) docs the electronic contribution to the energy 
have to be considered. Disregarding such cases, we can write for the internal energy 

€int = «%•■•)+ • • •)>, (V, 8) 

and for the statistical weight 

Qint = Qv’Qrj (V, 9) 

where g v is the weight of the vibrational level (without rotation) and g r that of the 
rotational sublevel (without vibration). In (V, 8) we have used Cr'ofyi, ■ • • ) 
rather than G(v i, v% f • • •)> in conformity with the custom in statistical mechanics of 
referring all internal energies to the lowest state of the molecule considered. Substituting 
in (V, 6), we obtain 

Qint = E (9vC- g ^ ** E 9re- F '< J ' “• ) * C/( * T) ), (V, 10) 

v r 

where for each vibrational level we have to sum over all rotational sublevels. For 
convenience, we may also write 

Qint = E Q\ Q V = g v e- G ^ v ^ •I-)*e/(*D £ g r€r Fv{J, -)hcKkT)' ( V| 11/ 


Q v is the contribution of one vibrational level with all its rotational sublevels to the 
state sum. A shift of the zero of energy by Ae would introduce a factor e~* €lUeT) in 
(V, 10) in front of the first summation sign. 
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It is obviously very tedious to evaluate the partition function Qi nt by direct 
summation according to (V, 10). However, if we neglect the interaction between 
vibration and rotation , that is, the dependence of F on the vibrational quantum num- 
bers, a considerable simplification is obtained, since then the sum X g r e~ FvhcKkT) is 

r 

the same for all vibrational levels, and the partition function can be written as the 
product of two factors, the vibrational and the rotational partition function, 

Qint = Qv'Qr, 

where 

Q v = E gw e-a«w)*t<m 9 Qr = £ gre -F v (j.-)hci(kT)' 

v r 

Now each factor can be evaluated separately. (Nt te the difference between Q v and 

Q v •) 

The vibrational partition function. The vibrational contribution to the partition 
function is most easily evaluated when a further simplification is introduced: the 
neglect of the anharmonicities . These can, of course, be neglected safely only for the 
lower vibrational levels, that is, for lower temperatures, for which the neglect of the 
interaction of vibration and rotation is also permissible. In this harmonic-oscillator 
approximation we have, for the vibrational energy, 

Go(v (V, 14) 

rather than G 0 (v i, y 2 , • • • ) from (II, 284). Since the energy is thus a sum of independ- 
ent terms the contribution to the partition function is a product of terms each one 
of which is due to one vibration only [similar to the products (V, 4) and (V, 12)]. 
We obtain from (V, 13) with (V, 14), considering first only non-degenerate vibrations, 

Q^Oxarm) __ ^ (wiri+fa>2t , 2+ * * *) he/ (k T) = e —wivihc/(k T) } (y g—ujVj hc/(kT)) . . . % 15) 

rK2’** i’l V2 

Each of the latter sums represents a geometric progression whose sum for Vi = 0, 
1, 2, • • • oo is given by the elementary formula 

y e -uiHhcKkT ) _ 1 

1 - e-"' hc “ kT ) ' 

Thus we have for the vibrational partition function 

^(harm) _ ^ __ __ e -<o 3 hcUkT)^-l , ... (y^ jg) 

From the above derivation, letting two or more w* coincide, it is easily seen that 
for a degenerate vibration the appropriate factor in (V, 15) has to be repeated as 
many times as the degeneracy indicates, and therefore we obtain, instead of (V, 16), 
for the vibraiional partition function, 

Q v ( harm) _ _ e -oihcKkT))-di(l _ e -a> 2 hc/(kT))-d 2 (l __ e -U3hcKkT))-d 8 . . (y^ J7) 

where d\, d$, • • • are the degrees of degeneracy of the vibrations <a\, « 2> « 3 , • • • 

respectively. This includes the case of accidental degeneracy, for example, when a 
number of CH vibrations have very nearly the same frequency. 

Thus, in this approximation, it is easy to calculate the vibrational partition func- 
tion if the frequencies of the normal vibrations and their degrees of degeneracy are 


(V, 12) 
(V, 13) 
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known. It is not necessary to know anything about the form of the oscillations or 
about their species, except that the degree of degeneracy must be known. One 
should, of course, use fur the in (V, 17) the wave numbers v t of the fundamental 
bands as observed in the infrared or Raman spectrum (that is the A G\) and not the 
zero-order frequencies. 

As examples, in Table 138 we give for three temperatures the values of the vibra- 
tional partition function of HCN and CH 4 on the basis of the harmonic-oscillator 


TABLE 138. VIBRATIONAL PARTITION FUNCTIONS OF 1ICN AND CH 4 
(harmonic-oscillator approximation). 


Molecule 


T =300° K. 

T =1000° K. 

7=2000° K. 



1.00004 

1.05207 

1.28011 


(1 

1.06918 

2.43229 

0.22323 

HCN 

(X (*'/’)) -1 

1.00000 

1.00800 

1.10177 


(?„< harm) 

1.00922 

2.58095 

8.81830 


(1 _ c -«iAr/(*r))-l 

1.00000 

1.01533 

1.14018 


(1 — e -<*iheKkT))-2 

1.00132 

1.20542 

2.25138 

CII 4 

(1 _ e -<*>3W(*n)-3 

1.00000 

1.03991 

1.43700 


(1 — e -*4hcKkT))~3 

1.00573 

1.04420 

4.41920 


Q„<» » rra > 

1.0070G 

2.19081 

10.30153 


approximation. The contributions of the different vibrations are also given sepa- 
rately. The fundamental frequencies are those given in Table 59 and Table 80 
respectively. 

For numerical calculations it is convenient to note that 


where w; is in cm J . 

If anharmonicity of the vibrations is not to be neglected (and its neglect appears to be the greatest 
source of error in all these statistical calculations), the most straightforward and, for not too high 
temperatures, simplest way of obtaining the partition function is the direct summation according to 
(V, 13) over all vibrational levels for which j 8 no t negligibly small. This method 

has the advantage that any vibrational perturbations (Fermi resonance) can easily be taken into 
account, and that the degree of degeneracy of the various vibrational levels cun be substituted without 
difficulty. It must, of course, be understood that all vibrational levels, not only the observed ones, 
have to be used in the summation. Since for high temperatures the direct summation becomes very 
awkward, Gordon (388) (389) and Kassel (491) have developed expansions for three- and four-atomic 
molecules which take the anharmonicities into account and are somewhat easier to handle. Wo 
shall not, however, reproduce these formulae. If, as frequently happens, Fermi resonances occur 
for the molecule, the formulae becomo even more complicated than without them. In either method, 
the direct summation or the use of Gordon’s and Kassel’s formulae, it is necessary to know all the 
anharmonic constants x v k and Uik for the molecule considered. As we have seen in section 3 of 
Chapter III, there are only very few molecules for which these anharmonic constants are all known. 
Even for the molecules for which they are known, the calculation of the partition function at high 
temperatures involves rather uncertain extrapolations: for example, for HCN, while the levels V 3 P 3 
have actually been observed up to 15000 cm’ 1 , the levels viv% have been observed only up to 2800 
cm” 1 . But at high temperatures higher V 2 V 2 levels, say up to 9000 cm” 1 , would become of importance. 


= _ w _i_ = 1 430 «i 

kT 0.6951 T ' ' T ’ 


(V, 18) 
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and it is very doubtful whether they can be represented by the X 22 value obtained from the observed 
V 2 V 2 levels. 

Conversely, these considerations emphasize the need for more detailed investigations of overtone 
and combination vibrations of all thermodynamically important molecules. 


The rotational partition function. The formulae for the rotational partition 
function are of course different for linear, symmetric top, and asymmetric top mole- 
cules. For diatomic and linear polyatomic molecules we have, in very good approxi- 
mation (rigid rotator), 

F(J, ...) = BJ(J+i); (V, 19) 

and therefore 

Q r = £ (2 / + i)<r*JV+4*n*T) m (V, 20) 

j 


In this formula the influence of the nuclear spin is neglected (see below). 

If the temperature is very low it is best to form Q r according to (V, 20) by direct 
summation , since only comparatively few terms matter. However, for ordinary tem- 
peratures, the number of rotational levels involved is usually very great. In that 
case it is easier to use an asymptotic expansion first given by Mulholland (640) 
[see also Kassel (491)]: 


gr .iL + i + i*s2 + jLf*£«y + j.^y + ... 

hcB 3 15 kT 315 \ kT ) 31 5\kTj 

For small B and large T this formula goes over into the (classical) result 

kT T 

0r ((,la8S) = rr = 0.6951 ~ , 
hcB B 


(V, 21) 


(V, 22) 


which is also obtained by replacing the summation in (V, 20) by an integration (see 
Molecular Structure I, p. 132). Even for T/B = 5 (that is, for example, for CO at 
as low a temperature as 10° K.) the first term in (V, 21) gives 98 per cent, the first 
two give 99 per cent, and the first three give 99.95 per cent of the correct result. 

The expansion (V, 21) can of course be used with appropriate B\ v ] values for each vibrational 
level, and thus the interaction of vibration and rotation can be taken in account according to (V, 11). 
If the latter formula is applied for linear polyatomic molecules it is necessary also to take into account 
the fact that for 11, A, • • • vibrational levels the energy formula is not (V, 19) but 

F(J, • • •) = + 1) - P], J>1 (V, 23) 

(see p. 371). This introduces an additional factor for the particular vibrational levels. However, 
the influence on the complete internal partition function is very slight, much smaller than the influ- 
ence of the neglect of the interaction of vibration and rotation [using (V, 12) instead of (V, 11)]. 

For rigid symmetric top ?nolccules the rotational energy is given by [see formula 

(I, 20)] 

F(J, ■■■)= BJ(J + 1) + (A - B)K 2 , (V, 24) 

and therefore the rotational partition function is 1 

Qr = £ £ (2 / + Ue-wv+u+u-nxww. (V, 25) 

J= 0 K——J 


1 In order to avoid confusion with the Boltzmann constant we are here using K for the previous 

k that is, K = J, J — 1, • • • — J. 
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For all actual cases, except for extremely low temperatures, this formula may be 
replaced by the expansion [see Viney (902) Kassel (486) (491)] 


Q r = e BhcKAkT) 


+ < h ( i -!) , (£) ,+ "1 (V ' 26) 

For small values of B/T this expression approaches the classical value 

- <«->»’•- -JMjz 7 ■ '- 02718 <v ' 271 


which represents a fairly good approximation even for comparatively low tem- 
peratures. 


If the interaction of vibration and rotation is to be taken into account, one may again use ap- 
propriate B\ V ] and A [„] values in (V, 2f>) and then sum over the various vibrational levels according to 
(V. 11). While in this summation no account is taken of the Coriolis splitting of degenerate vibra- 
tional levels, since (V, 26) is based on (V, 24), Wilson (939) has shown that the influence of this 
splitting is negligible. For all practically important temperatures the partition function is close to 
the classical value (V, 27) in any case. 


For spherical top molecules one has simply to substitute A = B in the above 
formulae for symmetric top molecules. 

Since there is no explicit formula for the rotational levels of an asymmetric top 
molecule , it is impossible to derive a rigorous asymptotic expansion for Q r in this case. 
However, it may be expected [sec Gordon (388)] that the formula for the symmetric 
top with rotational constants A and VBC instead of A and B (if A, B, C are the 
rotational constants of the asymmetric top) will give a good approximation to the 
rotational partition function of the asymmetric top, if B and C are not too different. 2 * * * 
We have then, according to (V, 26), for the asymmetric top, 


Q r = e <BChcMkT) 


j_w*iyr 1+ ±(i 

\ABC\hcJl 12 V 


VB6’\ VflC/ic 

A ) kT 



(V, 28) 


Gordon (388) has shown for a particularly unfavorable case that the equation (V, 28) 
approximates the state sum obtained by direct summation with an error that is only 
0.1 per cent at 100° K. and much smaller at higher temperatures. 

For sufficiently high temperatures (or small rotational constants) (V, 28) goes 
over into 


0 (eua.) = -LI— 7 — V = 1.02718 \ = 0.006935 X A I nlc- (V, 29) 

V V ABC \ he J VABC 

This corresponds to the classical equipartition and is frequently a sufficiently good 
approximation. 8 Even in the above-mentioned unfavorable case the difference 

2 If A and B are more nearly alike than B and C one has to use C and y/AB for the rotational 

constants A and B of the symmetric top. 

8 It should be noted that some authors use A, B, C for the moments of inertia. Here they are, 

as always in this book, the rotational constants hl(8n*clA)t and so on. 
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between (V, 29) and the exact value is only 0.3 per cent. Equation (V, 29) rather 
than (V, 28) has almost always been used in calculations of thermodynamic quantities 
of asymmetric top molecules. As examides we give in Table 139 the values of the 
rotational partition functions at the temperatures 100°, 300°, and 1000° K. for a 


TaMLK 139. ROTATIONAL PARTITION FUNCTIONS OF HCN, CII 3 CI, CHb, AND C 2 H 4 AT THREE 
DI FFKRKNT TEMPERATURES (nEUI.ECTINU TIIE IDENTITY OF THE NUCLEI AND NUCLEAR SPIN). 


Molecule 

T = 100 ° K. 

T =300° K. 

T = 1000° K. 

Classical 

Exact 

IICN 

17.02 

47.35 

141.05 

470.2 

CHaCl 

928.4 

930.1 

4824.4 

29362 

OH 4 

85.50 

87.13 

444.31 

2704.1 

c 2 h 4 

512.8 

514.5 

2064.5 

16216 


linear, a symmetric top, a spherical top, and an asymmetric top molecule. For 
100° K. both the classical value Q r (l ' hL>M) and the exact value are given, for the other 
temperatures only the classical value, which however is indistinguishable from the 
exact value. 

I 11 discussing the rotational partition function we have thus far considered the molecule as rigid. 
The stretching of the molecule in consequence of centrifugal forces causes a shift of the higher rota- 
tional levels and therefore a change of the* rotational partition function. Since the stretching terms 
in the energy formula are known only for very few polyatomic molecules we shall not give the 
formulae for this correction to the partition function, but refer for linear molecules to Giauque and 
Overstreet (300), Johnston and Davis (173), Gordon (3S9), and Kassel (491); for non-linear molecules 
to Kassel (480) (191) and Wilson (930). It should be stressed that these corrections for higher tem- 
peratures may be of the same order as the higher terms in (V, 21 ) and (V, 20 ). 

Up to now wc have neglected entirely the influence of the identity of nuclei and of the 
nuclear spin . For low temperatures, when a direct summation is used, this influence 
is simply taken into account by using the proper statistical weight for each rotational 
level (sec Chapter I and IV). For high temperatures, when the asymptotic expan- 
sions are applicable for molecules without identical nuclei, these expansions can also 
be applied to symmetrical molecules if an appropriate change is made as follows. 

In the case of linear molecules with two or more identical nuclei (CO 2 and others), 
the even rotational levels (assuming a 1 X!r/ + ground state) are symmetric, the odd 
antisymmetric. It is clear that at high temperatures the partition function for the 
even levels equals the partition function for the odd levels. Therefore if only one 
set of levels occurs, as in the case of zero nuclear spin , the rotational partition function 
is one half of the previously derived value (V, 21) or (V, 22). Similarly, in the case 
of symmetric top molecules of symmetry Csw, only the rotational levels with K 
divisible by 3 arc of species A , and they are the only ones that occur if the nuclear 
spin of the identical atoms is zero (see Chapter IV, section 2a). Therefore the 
partition function in this case, for high temperatures, is one-third of what it would 
be without identical nuclei [equation (V, 20) or (V, 27)]. Similarly, in the case of 
point group Vh (molecules such as C2II4) we have rotational levels of species A , £ 1 , 
£ 2 , £3 (see p. 462), which occur equally often if the identity of the nuclei is dis- 
regarded, but of which only the A levels actually occur for zero nuclear spin of the 
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identical atoms. Therefore the partition function, at high temperatures, is only 
one-quarter of the value that follows from (V, 28) or (V, 29). Finally, in the case 
of tetrahedral molecules (point group Td) we have the three species of rotational 
levels A , E, and F. For high J values there are three times as many F sublevels as 
there arc A sublevels, and as many E sublevels as A sublevels (see Chapter IV, 
section 3a). Considering the degree of degeneracy of the E and F levels, it is im- 
mediately seen that for zero nuclear spin (when only the A sublevels occur) the 
rotational partition function is only one-twelfth [that is, 1/(1 + 2 + 3 X 3)] of what 
it would be without considering the identity of the nuclei [equation (V, 26) or (V, 27) 
with B = A]. 

The number 2, 3, 4, 12, as the case may be, by which the rotational partition 
function has to be divided in the above cases when the spin of the identical nuclei 
is zero, is called the sytnmetry number . It was first introduced by Ehrenfest and is 
frequently designated by a. It is characteristic for each point group, and can be 
shown to be equal to “the number of indistinguishable positions into which the molecule 
can be turned by simple rigid rotations" [Wilson (941)]. The reader may easily 
verify this for the above examples. Table 140 gives the symmetry numbers for 
the more important point groups. 


TABLE 140. SYMMETRY NUMBERS (tr) FOR VARIOUS POINT GROUPS. 


Point group 

Symmetry 

number 

Point group 

Symmetry 

number 

Point group 

Symmetry 

number 

Ci, C» f Cs 

1 

Do, D- 2 , 1 , D 2 h=Vh 

4 

CroV 

1 

C 2 , C‘ 2 v, Czh 

2 

D 3 , D.ui, Duh 

G 

D, h 

2 

C 3 , C3V, Czh 

3 

Da , D\a , Dak 

8 

T , Td 

12 

C4, Cav, C\h 

4 

Dt, Dad, Dah 

12 

o h 

24 

Ce* Cflu, Cca 

(i 

Sb 

3 




If the identical nuclei have non-zero spin (7^0), in general, all rotational levels 
occur, but with different weights. Therefore the rotational partition function is 
larger than for zero nuclear spin by a certain factor. The general rule for this 
factor is perhaps most easily understood if we consider first a simple example. In 
the case of a molecule of symmetry number a = 2 with two identical nuclei of spin 
I = \ (for example II 2 , C 2 H 2 , H 2 O, II 2 CO) the two modifications (ortho and para) 
have weights 3 and 1 respectively. Thus, at not too low temperatures the rotational 
partition function is (3 + 1) times the partition function for zero nuclear spin, 
that is, % times the rotational partition function obtained when the identity of nuclei 
and the nuclear spin are neglected. This figure may also be obtained by considering 
the space quantization of the nuclear spins independently of the rotational motion. 
Each spin I = $ can have two orientations in a magnetic field and therefore with two 
nuclei of spin \ the statistical weight is 2 X 2 = 4 times as large as for 1 — 0; that is, 
we have the factor % for the rotational partition function. If the spin of the two 
identical nuclei were 7, the factor would be (27 + l) 2 /2 since there are 27 + 1 possible 
orientations for each nucleus. If an atom that does not belong to a set of identical 
atoms (such as O in H 2 O, C or 0 in H 2 CO, C in CO 2 and CII 4 , and so on) has non- 
zero nuclear spin /, this also introduces a factor 27 + 1 in the partition function, 
but in this case for high as well as low temperatures (both ortho and para modifica- 
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tions would have the same factor). It is easy to see that in the general case the nuclear 
spins introduce , at not too low temperatures, a factor (21 1 + 1)(2 / 2 + l)(2/ 3 + 1) • • • 
into the partition function for zero spin , where the product is formed over all nuclei 
of the molecule (see p. 16). For example, for B^Cls 35 with 7(B n ) = f, /(Cl 35 ) = § , 
this nuclear spin factor would be6X4X4X4 = 384; for DON with 1(D) = 1, 
1(C) = 0, /( N) = 1 it would be 3 X 1 X 3 = 9. 

Usually the nuclear spin factor can be and is entirely neglected in statistical calcula- 
tions , since for all molecules but H 2 and D 2 it causes a detectable effect on measurable 
quantities only at extremely low temperatures. For these low temperatures (for II 2 
up to room temperature) it is necessary to use the direct summation with the proper 
statistical weights, and at the same time it is necessary to take account of the fact 
that the two (or more) modifications do not readily go over into one another. 

The exact calculation of the vibrational and rotational partition functions, taking 
all refinements into account (particularly anharmonicity and centrifugal stretching), 
is exceedingly tedious and requires molecular data that are available only for very 
few molecules. Fortunately the harmonic-oscillator approximation and the (class- 
ical) rigid-rotator approximation are very satisfactory as long as the temperature is 
not too high. Since in most practical applications it is this harmonic-oscillator rigid- 
rotator approximation that is used, we summarize the result: Neglecting the spin 
contribution , anharmonicity , and non-rigidity , the internal partition function of linear 
molecules is given by 

kT 

n _ ahcB /ir om 

^ int “ (1 _ c — _ c -u2hcHkT)yli(i _ e -c * 3 hdVcT)yl 3 . . . 1 

where <r is 2 or 1 depending on whether the molecule has point group D^h or C^ v 
respectively. For non-linear molecules the partition function, under the above 
conditions, is given by 

, (V, 31) 

where the symmetry number a is given by Table 140 and where k/(hc) = 0.6951. 
For a )i the frequencies of the fundamentals should be substituted; the d{ are their 
degrees of degeneracy. For the numerical factor in (V, 31), when either ABC or 
IaIbIc are used, see equation (V, 29) p. 506. 

If the nuclear spin contribution is to be taken into account in the partition func- 
tion, the right-hand side of (V, 30) or (V, 31) has to be multiplied simply by 
(21 1 + 1) (2 1 2 + l)(2/ 3 + 1) • • • unless the temperature is very low. But in that 
event (V, 30) or (V, 31) could not be applied in any case. 

According to Wilson (941) and Hirsehfelder (454), the product IaIbIc which occurs in (V, 31) 
through ABC can bo evaluated for molecules for which the position of the principal axes is not 
obvious, by means of 


+/« 

~I<y 



IaIbIc = Ixy 

+Iyy 

~~Iut • 

(V, 32) 

“~I*9 

~~Iy* 

+/„ 



1 ljr_(kT V 

<tVABC\ he ) 

^ g— wihcKkDyii^i q— u2hc/{kT)yi2(i g— <azhcl(kT)yi3 . . . 
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Hore the I X x* Ixy t * • * aro the moments and products of inertia with respect to any convenient coordi- 
nate system having the center of mass as oiigin; that is, 

Jxx “ 2 4“ 2^), *•*, ***i yy 

Ixy — in JJi, ***| 

where is the mass of atom i whose coordinates are x % , 2 /», £»• If a coordinate system is chosen 
whose origin is not the center of mass and with respect to which the coordinates of atom i are 
yj, z % \ the relations (V, 33) have to be replaced (from the theorem of parallel axes) by 


I IX = 2 wi»G/i' 2 + 2 t /2 ) - 77 (S m l y/) 2 - - 1 - (2 m t z*') 2 , 
AI J\1 

I xy = 2 ntxXi'yx - ~ (2 m, j*»')(2 mMi'), 

where U — 2 wi;. 


(V, 34) 


Partition function for molecules with internal rotations. Up to now wc have 
implicitly assumed the molecule to be semirigid; that is, that the amplitudes of the 
oscillations are small compared to the internuclear distances, and that any centrifugal 
stretchings are small. While this assumption is well fulfilled for most of the simpler 
molecules, there are molecules for which it is not fulfilled, namely those in which 
free internal rotations or slow torsional oscillations arc possible. 

If the potential hill preventing free internal rotation is very high, as for example 
in C2II4 and similar molecules, so that the vibrational levels of the torsional oscilla- 
tion can be represented by the ordinary vibrational formula for all energies of im- 
portance for the temperatures considered, the torsional oscillation may simply be 
included in the previous formula for the vibrational partition function. However, 
if the internal rotation is entirely free , this “vibrational” degree of freedom has to 
be omitted from the vibrational partition function Q v , and instead an appropriate 
term has to be added to the rotational partition function Q r . The accurate expres- 
sion for Q r in the case of a symmetric, top molecule in which just two part* can rotate 
with respect to each other (C 2 Il 6 , CII 3 OII, • • •) is obtained if in (V, 25) the term 
Ft(k\ 9 k) of (IV, 113) or (IV, 118) is added in the exponent, and a summation over 
hi or K { , the quantum number of internal rotation, is included. In the case of 
symmetric top molecules consisting of two equal parts which carry out an internal 
rotation with respect to each other about the top axis and which are also symmetric 
tops (for example C 2 H 6 , if there were free rotation, CFI 3 — C^C — CH 3 , and others), 
one obtains for the rotational partition function at sufficiently high temperatures 
[see Eidinoff and Aston (301) and Kassel (488)], 


Q _ 1 - 5 - 
Qr a Alii 



(V, 35) 


where A\ is the rotational constant corresponding to the moment of inertia of one- 
half of the molecule (the CH3 group in the examples) about the top axis, and where B 
corresponds to the moment of inertia of the whole molecule about an axis perpendicu- 
lar to the top axis. The symmetry number <7 for a molecule with free rotation is differ- 
ent from that for the same molecule without free rotation. Thus, in the case of rigid 
C 2 II 6 (point group Dzh or Dzd) the symmetry number is 0 (see Table 140), but with 
free rotation there are three indistinguishable positions of the two C 1 I 3 groups with 
respect to each other, and for each of these we have the six positions as for rigid C 2 Il6; 
that is, in all there are 3 X 6 = 18 indistinguishable positions, and thus a = 18. 
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Wilson (938) Inis discussed in detail the partition function of molecules like C^He at 
very low temperatures under the assumption of free rotation when the summation 
has to be carried out separately for the different species of rotational levels. 

Formulae for the complete rotational partition functions of a number of other non- 
rigid molecules — such as propane, diphenyl, toluene, isobutanc, tetramethylmethano 
— ■assuming free internal rotation, have been given by Eidinoff and Aston (301) and 
Kassel (488) (489) (490). For molecules with a number of symmetric tops attached 
to an essentially rigid frame, according to Pitzer and Gwinn (098), in a good approxi- 
mation each top , assuming free rotation , contributes a factor 

(V, 36) 

h n n 


to the partition function in addition to Q m t from (Y, 31). Here n is the number of 
indistinguishable positions of the attached top considered and I m is its “reduced” 
moment of inertia. The latter is given by 



a formula that holds accurately for a single attached top but only approximately 
if there arc several such tops. In this formula I m ° is the moment of inertia of the 
wi’tli top, X mA is the cosine of the angle between the axis of the top and the axis of 
the least moment of inertia I a of the whole molecule and similarly for \ mB and X m( . 
It is easily seen that if a molecule with two identical tops is considered, such as C 2 H 6 
(where one top then serves as the rigid framework), then (Y, 36) and (V, 37), com- 
bined with the partition function for overall rotation (Y, 31), lead to (Y, 35). The 
symmetry number appears then as the product of n and the symmetry number <tq for 
over-all rotation (for ethane n = 3 and ao = 6). 

As has been shown mainly by a comparison of calculated and observed thermo- 
dynamical quantities (see below), the internal rotation is in general not free but more 


TaHLE 141. PARTITION FUNCTIONS FOR FREE AND HINDERED ROTATION 
IN ETHANE OR DIMETHYL ACETYLENE. 


Vo (cal) 

r=ioo° k. 

T =300° K. 

7’ =500° K. 

T = 1000 ° K. 

0 

1.548 

2.682 

3.402 

4.896 

500 

1.32 e 

2.41i 

3.219 

4.69a 

1000 

1.134 

2.03 0 

2.82g 

4.35a 

2000 

l.Oli 

1.58s 

2.25s 

3.74a 

3000 

1 . 01 8 

1.38 0 

1.91o 

3.26a 

5000 


1 . 21 o 

1.56t 

2.62 0 

10000 


I.O 84 

1.27s 

1.919 


or less hindered . Wilson (941), Crawford (236), Price (708), and Pitzer and Gwinn 
(698) have given detailed discussions of this intermediate case for one or more at- 
tached tops. The formulae for the energy levels, which were illustrated qualita- 
tively for three simple cases by the previous Fig. 165, and likewise the formulae for 
the partition functions are rather complicated and will not be given here. Instead 
we give, in Table 141, for several values (including zero) of the height of the potential 
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barrier (Vo) and for several temperatures, the factor contributed to the partition 
function by the hindered internal rotation in C 2 II 6 or CII 3 — C=C — CH 3 , assuming 
a cosinc-like potential of the form of equation (II, 301) with n — 3. The values 
in the first row of the table (for V 0 = 0) are those obtained from (V, 3G), which 
applies to free internal rotation. 3 ® It is seen from the table that with increasing 
height of the potential barrier the partition function tends to approach the value 1, 
particularly at low temperatures. The reason for this tendency is, of course, that 
for a high barrier the contribution to the partition function approaches that of a 
torsional oscillation (1 — e -»hcHkT)y-\ > w hich goes to 1 for large « and for not too 
high temperatures. On the other hand, for barriers less than say 500 cal (175 cm”" 1 ), 
the partition function is close to the free rotation value. 

A situation somewhat similar to the above arises for molecules in which a po- 
tential barrier is separating the two equilibrium positions corresponding to inver- 
sion, as in NH 3 (sec p. 221f.). The thermodynamic functions for this case have 
been discussed in some detail by Pitzer (693b). 

Heat content and heat capacity. The total internal energy E° of one mole of a 
perfect gas (including translational as well as inner degrees of freedom) is 

E° = E 0 ° + iViei + N«e 2 + N^ + • • •, (V, 38) 


where Eq° is the energy at absolute zero (zero-point energy) and N 1 , A 2 , • • • the 
number of molecules having energies 61 , € 2 , • • • above the lowest energy. The 
numbers N n , according to the Maxwell-Boltzmann distribution law, are given by 


N n = N 


g n e~ tn,KkT) 

Q 


where Q is the total partition function (V, l) and N the Avogadro number. Sub- 
stituting in (V, 38), one obtains 4 


E 0 = E q ° + NY. 


g n e n e tnKkT) 

Q 


E o° + Nk 


T 2 dQ/dT 

Q 


E 0 ° + RT 2 


d(ln Q) 
dT ‘ 


(V, 39) 


Here R = Nk is the gas constant per mole. 

The heat content 11° of one mole of a perfect gas is the sum of the total internal 
energy E° and the external energy pV = RT. That is, we have 

H° = Eo° + RT + RT 2 , (V, 40) 

dT 


The molar heat capacity at constant pressure is given by 

(v ' 4i> 

3a Tho moment of inertia of the CH 3 group was assumed to be 5.53 X KT 40 gm cm 2 which is 
one half of an older value for JaCC^Hb) but is only insignificantly different from tho new value given 
in Table 132. Most authors until recently have used /(CH 4 ) = 5.33 X 1(T 40 gm cm 2 for tho moment 
of inertia of a CII 3 group. 

4 Compare the similar derivation in Molecular Spectra I, p. 507, where, however, tho zero-point, 
energy Efp was omitted and where tho translational part was separated off first. 
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It is thus seen that the heat content and heat capacity can he calculated by simple 
differentiations if the partition function Q is known. 

Since Q occurs in IP and C p ° only as In Q, if Q is a product of a number of factors 
the heat content as well as the heat capacity are the sums of a number of correspond- 
ing contributions. In particular, since according to (V, 4) Q can always be written 
as the product of the translational and internal partition function Q tT and Qi n t, we 
can write, taking account of the expression (V, 7) for Q iri 



H° - 

+ 

00 

£3 

2'RT + III t, 

(V, 42) 


cl- 

£« + 

Cp, inti 

(V, 43) 

where 






Kt 

rf(ln Qi, t; 
dT 

(V, 44) 

and 






c° P , lnt = 

R-- 

dT 

C 

<5 5s 
C -3 

j 

(V, 45) 


arc the contributions of the internal degrees of freedom to heat content and heat 
capacity respectively. 

Again, as we have seen previously, Qi n t can be written as the product of a number 
of factors if certain approximations are made. In particular, if the interaction of 
vibration and rotation is neglected, as is almost always done in practical calcula- 
tions, Hi nt and Cj ilnt can be written as the sums of a rotational and a vibrational 
term; thus 


C° 


where 


p , int 


JJO RT2 <mQA 
dT 


H° v = RT 2 


dQn Q v ) 
dT 


= H° r + Hi 

(V, 46) 

fiO (i 0 1 ayO 

l 'r, Int pr * '-'pw 

(V, 47) 

_ R d r r/(ln(? r )-| 

C ^- R dT l T dT J’ 

(V, 48) 

r o jfdr^dQnQ.)! 

' p ’ K dT dT J‘ 

(V, 49) 


We consider first the rotational contribution to IP and C p ° for molecules without free 
or hindered internal rotations. For high temperatures, assuming a rigid molecule, the 
rotational partition function Q r is given by (V, 22) or (V, 29). Since it occurs both 
in H° and C p ° in the form d(\nQ r )ldT, all constant (that is, temperature-inde- 
pendent) factors drop out, and we obtain for linear molecules, from (V, 22), 


II° T = RT, = R, (V, 50) 

and for other rigid molecules, from (V, 29), 

II°r = \RT, C° pr = IR. (V, 51) 


Thus at high temperatures we have for each rotational degree of freedom the classical 
equipartition values \RT and \R of IP and C p ° respectively. For all gases except 
H 2 these classical values are practically reached at room temperature or even lower 
temperatures. 
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It should bo noted that the moments of in or tin do not cntei the formulae (V, 50) and (V, 51) for 
heat capacity end heat content at not too low temperatures. Similarly the symmetry number and 
the nuclear spin factor drop out. For lower temperatures, when the asymptotic expansions (V, 21), 
(V, 26), arid (V, 2S) have to be used, the moments of inertia do enter, while symmetry number and 
nuclear spin factor can still be neglected. However, for eery Low temperatures , when direct summation 
has to bo carried out for Q r in (V, 13), the identity of nuclei and the nuclear spin do produce a notice- 
able effect on the heat capacity except when the symmetry number is 1. We have then also (for 
a > 1) to realize that the equilibrium values for Ii Q and (\P calculated by using in Q r all rotational 
levels with their proper statistical weights (inclusive of nuclear spin contribution) do not in general 
coincide with the actual, observed values, because the different modifications having different rota- 
tional species do not go over into one another within the tune of an experiment. It is thereforo 
necessary in calculate the rotational contribution to the heat content and heat capacity of each 
modification separately and add them in the proportion of the statistical weights of the modifications. 



Fig. 168. Calculated rotational heat capacity of gaseous H 2 0 at low temperatures (a) for 
equilibrium and (b) for no equilibrium between the two modifications [after Stephenson and 
McMahon (805)]. 


For example, for 1I 2 , H 2 0, II 2 CO, and similar molecules: C P ° — \C P Q (para) (ortho); for Nils, 

CII3X, and others: C p ° — IC P ° (para) + \C P ° (ortho), where para and ortho stand for the less and 
the more abundant modification. Fig. 168 gives as an example the rotational heat capacity of H-O 
for equilibrium (curve a) and no equilibrium (curve b) between the two modifications. 5 

At low temperatures the corrections due to centrifugal stretching are always negligibly small. 
But at high temperatures they may become noticeable even though still small. According to Wilson 
(936), for II 2 (), for example, at a temperature of 1000° K. an amount 0.08 eal /degree has to be added 
to the fp P value obtained from (V, 51). The correction is smaller for almost all other molecules, 
particularly for heavier molecules. 

The exact vibrational contribution to the heat content and heat capacity is obtained 
by substituting the vibrational partition function Q v from (V, 13) into (V, 49). In 

5 It may be noted that while the partition function for the equilibrium mixture of the two (or 
more) modifications is the sum of two (or more) parts corresponding to the two (or more) modifica- 
tions, the heat content and heat capacity are not simply tho sums of two (or more) contributions 
because of the occurrence of In Q in the formulae (V, 44) and (V, 45). 
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the harmonic-oscillator approximation [equation (V, 17)], Q v is a product of terms 
due to different normal vibrations. In this approximation, therefore, the vibra- 
tional heat content and heat capacity are sums of terms due to the different normal 
vibrations. Substituting (V, 17) in (V, 49), we obtain 


rrO _ z> hc v- diG)ie- U ' hcl(kT) 

0 ki 1 - ’ 


R — = 2.858 cal/cm" 1 , 
k 


(V, 52) 


/ Ac V y d t ^h~ a ' hcKkT) 

Vi-r) i (1 - ff—fc/wri)! ’ 

R (Jpt) = pnl/'legrco/om" 2 , (V, 53) 


where co; is in cm -1 and the summation is over all fundamentals of the molecule. 
Thus if the fundamental frequencies of a molecule and their degrees of degeneracy 
are known, the evaluation of the vibrational heat content and heat capacity in this 
approximation is a simple matter. The calculations are further simplified by tables 
prepared by Johnston and published in Wilson’s review (941). They have also 
been reproduced, corrected for the new value of /?, by Aston (00). These tables give 


and 


d t T 


= R 


hew, 

~kTl 


< 7 ° 

-^ = R 
di 


G —u>,hcl(kT) 

_ c -u,'hcUkT) 



_ w,hc/(kT) 

~ t c +uJi< /(kT) _ j 

(V, 54) 

c -<*MKkT) 

_ c —u t hcl(kT)y 

(V, 55) 


as functions of a>i/T. Hull and Hull (404) have given tables of the functions (V, 54) 
and (V, 55) divided by R, using uJicjikT) = (0.095 IT) as the independent 
variable. This has the advantage that the latter tables are independent of the value 
of h. The functions on the right in (V, 54) and (Y, 55) were first introduced by 
Einstein and are often called Einstein functions . 

For high temperatures, e~ UlhcKkT) can be replaced by 1 — o)ihc/(kT), If this 
value is substituted in (Y, 52) and (V, 53) it is seen that, asymptotically , 

//? -> RT E dh d t . (V, 56) 


These arc the classical values: for each vibrational degree of freedom the contribu- 
tion to 7/° and C p ° is RT and R respectively. It should, however, be realized that 
these classical values are approached only at very much higher temperatures than 
the classical value for the rotational contributions to IP and C p ° [co,7(0.G951 T) must 
be very small compared to 1]. At such high temperatures the harmonic-oscillator 
approximation on which (V, 50) is based is a poor one, since for the higher vibrational 
levels the influence of anharmonicity is large. 

If anharmonicity is to be taken into account, the evaluation of the partition func- 
tion and correspondingly of //? and C pv arc much more complicated (see above). In- 
stead of giving any explicit formulae [see Gordon (388) (389), Kassel (487) (491)] 
we illustrate in Fig. 1G9 the dependence of the specific heat of N 2 O on the tempera- 
ture, first according to the harmonic-oscillator formula (V, 35) (broken-line curve), 
and second if anharmonicities are taken into account (full-line curve). The circles 
refer to observed values. It is seen that for not too high temperatures and unless 
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very high accuracy is required the harmonic-oscillator approximation is quite satis- 
factory. As mentioned before, this approximation together with the rigid-rotator 
approximation is almost always used in practical calculations. 

As examples of this approximation, in Table 142 the rotational and vibrational 
as well as the total heat capacities of a number of gases at various temperatures 
are given as calculated from (V, 50 or V, 51), (V, 53) and Cp = + C pr + C pv . 



Fia. 109. Calculated heat capacity of N 2 0 [after Kassel (487)]. — The solid curve lepresents 
the data calculated by Kassel taking anharmonic terms into account. Tho broken line curve is 
based on the harmonic oscillator approximation. The three circles represent values observed by 
Eucken and Ludo (312). The drop of C p ° at very low temperatures when the classical value for tho 
rotational contribution no longer applies is not shown. The vibrational contribution is the part 
above the light horizontal lino. Tho anharmonic constants used in Kassel’s calculations were sub- 
stantially the same as those given in (III, 55) with the exception of x 22 for which he used --3.1 in- 
stead of —2.28. Unfortunately this constant gives tho greatest contribution to the difference 
between the harmonic and anharmonic oscillator approximation for C p °. 

We consider the case of CII 4 in a little more detail. For it C% -- § R. The vibra- 
tional frequencies (in cm” 1 ) arc (see Table 80) 2914.2 (1), 1520 (2), 3020.3 (3), 
1300.2 (3) ; the numbers in parentheses indicate the degeneracies. For T — 481.2° K. 
one obtains from Johnston's tables the contributions 0.025, 0.881, 0.059, and 1.908 
cal /degree /mole respectively, giving a vibrational heat capacity of C pv = 2.873 
cal /degree/mole, as given in Table 142. It is seen that most of the vibrational 
contribution is due to the low-frequency fundamentals. 

In Table 142 the observed heat capacities are also given for comparison. In 
every case the agreement with the calculated value is very satisfactory. Therefore 
one may be confident that for other molecules without internal rotations the calcu- 
lated values are likewise reliable even if no experimental determination is available. 
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A large number of such calculations have been carried out and are summarized up 
to 1940 in Wilson’s review (941). 

It must be realized that in order to compare the observed values for heat content and heat 
capacity with the calculated ones, the former must first be corrected for deviations from the perfect 
gas to which the latter refer. The differences between the real-gas and perfect-gas values of // and 
C p are given by 

c ’ - T £{£)/>• <V57 > 

where V is the molal volume and p the pressure in atmospheres, and where the derivatives of V arc 
taken at constant pressure. Application of these formulae requires a knowledge of the equation of 
state. Fortunately, the corrections are usually small, particularly if the measurements have been 
made far above the boiling point. The observed C p ° values in Table 142 have been corrected in 
this way. 

TABLE 142. CALCULATED AND OBSERVED MOLAR HEAT CAPACITIES OP SEVERAL GASES. 


Molecule 

T (°K) 

1 pr 

cal /degree / 
mole 

c° 

p» 

cal /degree/ 
mole 

r° 

1 p 

cal /degree/ 
mole 

calculated 

r° 

cal /degree/ 
mole 
observed 

References 

CII4 

297.7 

2.980 

0.572 

8.52 

8.57 

(312) 


481.2 

2.980 

2.873 

10.82 

11.20 



1000 

2.980 

9.221 

17.17 

— 


C 2 II 2 

288 

1.986 

3.393 

10.37 

9.97 

(569a) 


500 

1.986 

6.124 

13.09 

— 


C2H4 

270.7 

2.980 

1.838 

9.78 

9.74 

(183) 


320.7 

2.980 

3.016 

10.96 

10.99 


ch 3 — 0=0— II 

272.28 

2.980 

5.82 

13.77 

13.76 

(512) 


369.21 

2.980 

8.61 

16.56 

16.52 


Cyclo C 3 H« 

272.15 

2.980 

4.18 

12.13 

12.10 

(512) 


368.46 

2.980 

8.87 

16.82 

16.77 


CH 3 — Cz3C— ch 3 

336.07 

3.973 5a 

11.20 

20.13 

20.21 

(513) 


For molecules with possible internal rotations the situation with regard to a pre- 
diction of heat content and heat capacity is not as favorable as for those without 
such rotations, since up to now only in one case (CH 3 OH) has the spectrum yielded 
a value for the potential barrier hindering free rotation. However, conversely, the 
observed heat-capacity data may be used to determine this potential barrier. As 
long as the interaction of the (hindered) internal rotations with the other motions 
is disregarded (as is almost always done) these internal rotations contribute a factor 
to the partition function, which may be considered separately, and therefore they 
contribute an additive term to heat content and heat capacity. Here it is assumed, 
of course, that, in place of these terms, the terms corresponding to the torsional 
oscillations are omitted from the vibrational contribution. 

If the internal rotation is entirely free we obtain from the partition function (V, 36), 
when substituted in (V, 44) and (V, 45) for the contribution to H° and C v ° at not 
too low temperatures 

H° u . r . = IRT, C° fJ . r . = \R. (V, 58) 


6a This value includes the contribution of free internal rotation. 
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If there are several free internal rotations, a corresponding number of terms as in 
(V, 58) has to be added. If instead there is a torsional oscillation, the contributions 
would be given by one of the terms in (V, 52) and (V, 53). For a torsional oscillatiou 
of 800 cm -1 the contribution to C p ° at T = 200° K. would be 0.21 eal/degrec/mote 
as compared to 0.99 from (V, 58) for free rotation. 


f* ; , (' *d/nnli-/li-gro**) 




Fig. 170. Contribution of internal rotation to the heat capacity in an ethane-like molecule as 
a function of (a) the potential barrier and (b) the temperature. — The curves were calculated on the 
basis of the tables given by Pitzer and Gwinn (098) assuming a moment of inertia of the Cll { group 
of 5.53 X 10" 40 gm cm 2 (which is double the reduced moment occurring in the above mentioned 
tables) 3 ". The circles represent observed values for ethane [Kistiakowsky, Lacher and Stitt (510)], 
the squares represent observed values for dimethyl acetylene QKistiakowsfcy and Rice (513) ]. New 
values for C 2 H 6 at higher temperatures have recently been obtained by Dailey and Felsing (261b). 


An example of the case of free internal rotation seems to be dimethyl acetylene, 
for which the observed heat capacity agrees very well with that calculated on the 
assumption of free internal rotation. The data for this case are included in Table 142. 

For the intermediate case of hindered internal rotation the formulae for heat content 
and heat capacity are too complicated to be reproduced here (sec the references given 
in the discussion of the partition function, p. 511). We give instead in Fig. 170 a 
graphical representation of the dependence of the contribution to the heat capacity 
, r on the height of the barrier and on the temperature for an ethane-like molecule 
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(see Table 141 for the partition function). These curves are based on the tables 
given by Pitzer and Gwinn (698). It is seen from these curves that Ir approaches 
zero for a very large barrier at any given temperature, and that for a given barrier 
Cp t l Tm approaches %R for a sufficiently high temperature. It is important to realize 
that Cp tlr> for small barriers increases first above the free rotation value before the 
decrease sets in. The reason for this initial increase and the maximum is the fact 
that the spacing of the lowest energy levels decreases with increasing Vo as shown 
by Fig. 165. 

It is clear from Fig. 170a that if the contribution of internal rotation to the heat 
capacity of a gas is determined experimentally (as the difference of the observed total 
heat capacity and the calculated translational, vibrational, and rotational contribu- 
tions exclusive of internal rotation), it may serve to determine the height of the potential 
barrier . This was one of the ways in which the ?'otential barrier in ethane was 
established (sec Chapter III, section 3f.). As shown by Fig. 170a, if a C? fl . r , value 
greater than ]R is observed, two values for the potential barrier will account for it. 
A decision between these is possible if Cp tir values at different temperatures are 
available, 

In Table 143 the potential barriers obtained by the above-described method, as 
well as by the two other methods to be described later, are summarized. It must be 
emphasized that all values are based on the assumption of a cosine-like hindering 
potential function [see equation (II, 301)]. For other potential functions other 
barrier heights would be obtained. Since as yet no independent evidence bearing 
on the form of the potential function is available, the values given must be considered 
as equivalent barrier heights and cannot claim to be the true heights [see also Charlesby 
(106a) and Pitzer and Gwinn (698)]. 

According to a very recent paper by Aston, Isserow, Szasz, and Kennedy (61a') tho very high 
values of Vo for OH in ethyl and isopropyl alcohol given in Table 143 arc very probably only apparent 
anil <lue to the neglect of the fact that one of the three minima of the potential function has a differ- 
ent energy from the two others (compare the similar situation in the iliehloroe thanes, p. 347 and 
Fig. 98) leading to an equilibrium between two molecular forms with different barrier heights. Tho 
same authors have also developed an empirical method of calculating barrier heights from the as- 
sumption of a repulsion of hydrogen atoms according to an inverse fifth power law. 

Entropy and free energy. According to statistical mechanics the entropy S° and 
the free energy F° of one mole of a perfect gas, in terms of the total partition function, 
are given by 

S° = R(l - In N) + RT + RlnQ, (V, 59) 

0/ JL 

F° = Eo° + RT In N - RT In Q, (V, 60) 

where N is the Avogadro number and Eo° the zero-point energy. As for heat con- 
tent and heat capacity, if Q is a product of factors, S° and F° contain sums of corre- 
sponding terms. Thus, since in all cases Q = Qtr*Qint> we have 

S° = Si + S? n « (V, 61) 

Fo = F* + F" lt . (V, 62) 

Here, introducing Q t P from (V, 7), the mol volume V = RT/p ( p = pressure) and 
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Table 143. potential barriers hindering free rotation as obtained from heat 
capacities, entropies, or equilibrium data combined with spectroscopic data. 


Molecule 

Barrier 6b 
cal/molo 

Method 

lleferences 

c 2 h« 

2750 

entropy, heat capacity, equilibrium 

(490) (510) (511) 

CH3CCI3 

2700 

entropy 

(750b) 

on ,<:f 3 

3450 

entropy 

(752a) 

CIIjOHjCHj 

3300 

entropy, heat capacity, equilibrium 

(495a) (512) (508) (511) 

OH 3 (CII 2 ) 2 CH 3 

3600 

entropy, heat capacity 

(695a) (61b) (Old) (261b) 

(CIWjCH 

3870 

entropy, heat capacity 

(61b) (Old) (201b) 

OH:i(CJI s )aC5H a 

3600 

entropy, heat capacity 

(623a) (695a) 

(CH-.MJHOHjCH, 

8000 

entropy 

(774a) 

C(CHi) 4 

4200 

entropy 

(698a) (61c) 

CH,CH=CHj 

2100 

entropy, heat capacity, equilibrium 

(245a) (236) (513) (508) 




(835) (511) 

OHjCH 2 CH=CH 2 

<800 

entropy 

(693a) 

CH s OH=CHOHa 

<800 

entropy 

(098a) 

(cii») 2 c---ch 2 

1800 

entropy 

(693a) 

CHjC=CCHj 

<500 

heat capacity, entropy 

(518) (972) 


f 1300 

spectrum 

(517) 

CH3OH 

\ 3400 

entropy 

(238) 

CH 3 SH 

1460 

entropy 

(752) 

CH3CH2OH 

3000 

entropy 

(773) 


10000(011) 

entropy 


CH3CIIOHCH3 

3400 

entropy 

(774) 


5000 (OH) 

entropy 


ch 3 nh 2 

3000 

entropy 

(62a) (60a) 

(CHi)iNH 

3160 

entropy 

(60b) 

(CHj) 3 N 

4270 

spectrum using (II, 303; 

(61c) 


f 3100 

entropy 

(498) 

( 0113)20 

\ 2500 

heat capacity ' 

(513) 

<ch.,) 2 s 

2000 

entropy 

(677) (851) 

ch.,no 2 

—800 

heat capacity 

(697) (286a) 

(CH 3 ) 2 CO 

1000 

entropy j 

(774) 

('JHjC'JIIO 

2100 

equilibrium 

(635a) 

0 C.lI 4 (CII.)i 

2000 

entropy 

(699) 

m, p C 6 ll4(( 1 dl 3 )2 

—500 

entropy 

(699) 

Hi(OH 3 )4 

1280 

entropy 

(Ola) 

HNOi 

7000(()H) 

entropy 

(326a) 


the (chemical) molecular weight M = mN , 

S° u = %R 111 T + %R In M + R In [(^ J ] + % R ~ R lu P> ( V - 63 > 

flJU = RT + JB In Q int , (V, 64) 

= if8.tr + %RT - S° tt T, (V, 65) 

Kt = <mt ~ RT In Qi„ t . (V, 66) 

The quantity usually tabulated and used for equilibrium calculations is not F° itself 

6b All barriers correspond to the hindered rotation of CH 3 groups except those marked (OH) 
which correspond to the hindered rotation of a hydroxyl group. 
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but — (F° — E 0 °)IT, which according to (V, 02), (V, 03), (V, 65), (V, 66) is given by 

V 0 __ ip 0 

+ H In Qint- (V, 67) 

For convenience in numerical calculations we give equations (V, 63) and (V, 67) 
also in numerical form. Substituting R = 1.9863 cal/degree/mole, N = 6.0224 X 10 23 , 
k — 1.3807 X 10“ ,fi crg/degrec, h = 6.626 X lO -27 erg sec, p = 1 atm. = 1.0132 X 10® 
dynes/cm 2 , and using ordinary logarithms we obtain (in cal/degree/mole) : 

S° tt = 2.2808(5 logio T + 3 logio M) - 2.3135, (V, 68) 

_ F °_ -Eol = 2 2868(5 logl0 T + 3 logl# M + 2 logio Q in t) - 7.2793. (V, 69) 


Again, as long as the interaction of vibration and rotation can be neglected, the 
internal entropy and free energy are sums of independent contributions due to rotation 
and vibration : 

s° m = S°r + S°„ < t = F°r + F°„ (V, 70) 

where 

S* r = RT + ft In Q r , S°, = + (V, 71) 

F u r = Et.r - RT In Q r , F° = El, „ - RT In Q„ (V, 72) 

E° 0 = < tr + E% t r + El tV . (V, 73) 

Unlike the case of heat content and heat capacity, since In Qi nt occurs and not only 
its derivative, constant factors in Q int do not now drop out. Thus, at not too low 
temperatures we obtain for the rotational contributions for linear molecides from 
(V, 22) (but including the symmetry number) : 

S° r = R ^ln T + In ~ — In B — In <r + 1^ 

= 4.5736(logio T - logio B - log 10 <r) + 1.2639, (V, 74) 

- = S'! - R = S° r - 1.9803, (V, 75) 


and for other rigid molecules from (V, 29), 


S? = |^3 In T — In ABC - 2 In <r + In |\r ^ — J J + 3^ 

= 2.2868(3 logio T — logio ABC — 2 logio ff) 3.0327 
= 2.2868(3 login T + logio UhIc - 2 logio a) + 267.5213; 6 

_ = .s’? - fft = S? - 2.9795. 


(V, 76) 
(V, 77) 


* If tho moments of inertia are expressed in (chemical) atomic weight units and Angstrom units, 
the last constant must 1x3 replaced by —5.3838. These units are used by Wilson (941). It should 
be noted that Wilson uses tho symbols A. B t C for these moments of inertia while hero they are used 
for the rotational constants. 
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As before, these formulae are good approximations for all practically important 
temperatures except for very light molecules. For practical calculations it is con- 
venient to take the translational and rotational contributions together. Then, for 
linear molecules at atmospheric pressure, 7 


Si +S° T = 2.2868(7 logio T + 3 log l0 M - 2 log, 0 B -2 log,« <r) - 1.0496, (V, 78? 

✓ 3?® I e*0 tttO wO \ 

- 11-!L ZJjL = Si + 8° r - %R = Si + S°r - 6.9521; (V, 79j 


for other rigid molecules , 7 


8° tr + S° r = 2.2868(8 log, 0 T + 3 logio M - logio ABC - 2 logio <0 + 0.7192, 


(K + F° r - < tr - <,) 


= + «? - 4/2 - + S° r - 7.9452. 


(V, 80) 
(V, 81) 


In the above formulae the contribution of the nuclear spins has been omitted. 
Since the nuclear spins cause a factor (2/i + 1)(2 / 2 + 1) ■ ■ • in the partition function 
(see p. 509), we would obtain an additional term R In (2Ii + l)( 2/2 + 1) • • • to be 
added to S? as well as to - (F? - El §r )/T. The entropy that includes this term is 
called the absolute entropy , whereas the entropy given above is called the virtual 
entropy . Usually only the latter is considered. It is only at extremely low tem- 
peratures that the absolute entropy must be considered, and then it cannot be ob- 
tained simply by adding the above constant term except when the symmetry number 
is 1; rather it is necessary to form the partition function with the proper total sta- 
tistical weights for eacli level, and form 8° and F° separately for the different (ortho, 
para, • • • ) modifications. 

The vibrational contributions , in the harmonic-oscillator approximation, are again 
sums of terms due to the different vibrations. Substituting (V, 17) in (V, 71) and 
(V, 72), we obtain 


hp /J p he l (k T) 

S°,= - RE di In (1 - + R ZL E 

i a 1 i I 


-UihcKkT) 


jpO jpQ 

r v — Pj o 


= - d*ln (1 -- e~” ihcKkT) ). 


(V, 82) 
(V, 83) 


In Johnston’s tables [see Wilson (941) and Aston (60)], the contribution of a non- 
degenerate vibration (d* = 1) to — (Fl — El tV )/T, that is, — R In (1 — e^ Uthcl( ' kT) ) ) 
is given as a function of a)i/T, thus making a calculation of the free energy very 
simple for any molecule for which all the w; are known Since the first term in the 
expression (V, 82) for 8% is identical with — (F% — Eo tV )/T and the second term is 
identical with Hl/T, which is also given in Johnston’s tables (see above), the entropy 
also can easily be calculated. At very high temperatures, as in the case of heat 
content and heat capacity, the influence of anharmonicity will make itself felt and 
(V, 82) and (V, 83) will no longer give an accurate representation. However, even 

7 If in tho formulae (V, 78-81) the moments of inertia in atomic weight and Angstrom units 
are used rather than tho rotational constants, it is necessary to replace — 2 logio B and — logio ABC 
by +2 logio Ib and + log IaIbIq respectively, and — 1.0496 and +0.7192 by —6.6607 and 
— 7.6973 respectively. 
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at temperatures as high as 1CC0° K. the effect is quite small. Thus Gordon (389/ 
found for N 2 0 a difference of only 0.016 cal/degrec/mole between the value of 
(F Q — E 0 °)/T obtained from (V, 83) and that obtained if anharmonicity is taken into 
account, this difference being only 0.18 per cent of the total ( F° — Eo°)/T. 

As an illustration we give in Fig. 171 the variation of the partial entropies £? r> 
A S° S® as well as of the total entropy of methyl chloride as a function of the tem- 
perature according to the formulae (V, 68), (V, 76), and (V, 82). The necessary 
molecular data arc taken from the previous Tables 84 and 132. The exact values 
for the partial and total entropies at 298.16° K. are 

aS° = 37.66, S° r = 17.63, S° v = 0.50, S° = 55.79 cal/dcgree/mole. 

93 per cent of S v ° is due to the two vibrations of lowest frequency, va(ai) and ve(e). 
It is seen from these data and from Fig. 171 that except for very high temperatures 



Fin. 171. Total entropy and partial entropies (in cal/degree/mole) of methyl chloride as a function 
of the temperature. — The two circles represent points observed by Mosscrly and Aston (023). 


the vibrational contribution to the entropy is very small compared to the other con- 
tributions. This is in contrast to the heat capacity, for which in general at not too 
high temperatures the vibrational contribution is relatively much larger (in the above 
example Cp V = 1.81, C p = 9.74). Thus a statistical calculation of the entropy is 
much less dependent upon precise vibrational data than that of the heat capacity. 

“ Observed ” values of the entropy are usually obtained from the observed low- 
temperature heat capacities <V, C p l , C p ° of the solid, liquid, and gas, and the heat 
of fusion Lf and heat of vaporization L Vi according to the formula 




’Tf 

where it is known from the third law of thermodynamics th, 


J *T (i s 

. T 


dT~* ? c ur 
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T — > 0. The observed entropy values are therefore sometimes also called “third-law” 
values. A Debye function is used in evaluating the first integral in (V, 84) between 
T = 0 and the lowest temperature for which C v 8 is observed. 

For a comparison of the observed entropy values with those calculated from 
spectroscopic data the former have to be corrected for gas imperfections. This 
correction is approximately given by 


S° - S = 


27 RT?p 
32 T z p c ’ 


(V, 85) 


where T c is the critical temperature and p and p c the pressure and critical pressure 
respectively. 

In this way, for example, Messerly and Aston (G23), for the case of CH3CI 
considered above, obtained an entropy of 55.94 cal/degree/mole at 298.16° K. from 
low-temperature heat-capacity measurements. The agreement with the previous 
theoretical value is very satisfactory. 70. Similar agreements have been obtained for a 
number of other molecules without internal rotations [see Wilson’s review (941)], 
so that for such molecules spectroscopic entropy values may be used with confidence 
even if they have not been checked by thermal measurements. 

The situation is different for molecules with internal rotations. In order to calcu- 
late entropy and free energy for such molecules, we omit in the vibrational contribu- 
tion (V, 82) and (V, 83) the terms corresponding to the torsional oscillations and in 
their place add a contribution due to the hindered or free internal rotations. For one 
free internal rotation we obtain from (V, 64), (V, 66) and the partition function (V, 36) 

| (in T + In I m — 2 In n + In (-J-- 
= 2.28C8 (log 10 T + logio Im - 2 logio n) + 89.932 (V, 86) 

= - | = - 0.9932. (V, 87) 


For molecules like C2H6 or CH3 — C =C — CH 3 , if there is free internal rotation of 
one CH 3 group against the rest of the molecule about the top axis [n = 3 and 
I m = / 4 /4 = 2.759 X 10" 10 gm cm 2 (see p. 511)], we obtain from (V, 86) 

Slit, = 2.2868 logio T - 2.714. (V, 88) 

This variation is represented graphically in Fig. 172b (curve Vq = 0). It is seen 
that *S? Xr> is of the order of several entropy units. On the other hand, for a very 
high potential barrier when the torsional oscillation has a high frequency, the con- 
tribution to the entropy (and free energy) according to (V, 82) is obviously quite 
small, at least for low temperatures. Fig. 172b shows, in addition to the free rota- 
tion curve, curves representing the dependence of the internal-rotation part of the en- 
tropy S® v on the temperature for a few intermediate barrier heights as obtained from 
Pitzer and Gwinn’s tables. Fig. 172a shows for three temperatures the dependence 
of Sir, on the barrier height. It is (dear from these curves that conversely the meas- 
urement of the entropy may serve to determine the harrier hindering the rotation if all other 

7a Messerly and Aston used slightly different values for the moments of inertia and obtained an 
even better agreement. 
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Fig. 172. Contribution of internal rotation to the entropy in an ethane-like molecule as a 
function, (a) of the barrier height and (b) of the temperature. — In (b) the curve for Vo == 0 has not 
been drawn down to T = 0 since for very low temperatures the effect of the different modifications 
which has not as yet been calculated will enter. The two circles represent observations of the entropy 
by Witt and Kemp (947) for C 2 H 6 at 184.1° and 298.1° K subtracting the contributions of transla- 
tion, vibration, and over-all rotation (48.70 and 58.13 cal /degree/mol. respectively) . 7b The small 
square represents the observation by Yost, Osborne and Garner (972) for dimethyl acetylene at 
291.0° K (subtracting 64.26 cal/degree/mol.). 7c 

7b These are values calculated by the writer. There seems to be a slight error in the values given 
by Kemp and Pitzer (496). 

7c This value is slightly higher than that given by Yost, Osborne and Garner since they have 
assumed the CII 3 group to have the same dimensions as in OH 4 whereas here it is assumed that the 
dimensions are the same as in C 2 II 6 (see footnote 3a) . 
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contributions to the entropy can be calculated from spectroscopic data. In Fig. 172b 
the circles and the square represent the observed values ( = — S® r — S° r — S„) 

for ethane and dimethyl acetylene, according to Witt and Kemp (947) and Yost, 
Osborne, and Garner (972) respectively. It is seen that the values of ethane lie 
close to the curve for Vo = 3000 cal while the dimethyl acetylene value is close to 
the free rotation curve Vo = 0, thus confirming the conclusion from the heat capacity 
(see p. 518f.). 

When the axis of the CII3 group does not lie in the top axis, or for other rotating 
groups, the curves of Fig. 172 will of course have to be changed. Detailed tables 
have been given by Wilson (941) and particularly by Pitzer and Gwinn (698) [see 
also Aston (60)]. The results of such calculations have been included in Table 143. 
It mu*t be pointed out that in the only case in which spectroscopic data have sup- 
plied an estimate of the barrier, namely CII3OII, the entropy gives a much larger 
value [Crawford (238)]. This discrepancy has not as yet been explained. 

Pitzer (694) has developed simplified formulae for the entropies of long chain 
hydrocarbons (for which not all fundamentals are known) including the effect of 
restricted internal rotations. 


Chemical equilibria. The most important application of the calculation of the 
free energy is the possibility of computing from it the equilibrium constants of chem- 
ical reactions in gases. The equilibrium constant of a gas reaction 


is defined by 


A + B + • • • A' + B' + • • • 


K v = 


P\'Pi\- • • • 
p\Pn • ■ • 


(V, 89) 
(V, 90) 


where p\’ 7 pw, • • • Pa, Pn, • • • are the partial pressures of A', B', • • • A, B, 

If two or more molecules of the same kind occur on the left- or right-hand side of 
(V, 89), the corresponding terms in (V, 90) have to be written two or more times. 

According to a well-known theorem of thermodynamics, the equilibrium constant 
is given by 


— R In K v = 


A F 
T 


Ag 0 ° 

T + 



(V, 91) 


where A F is the total standard molar free energy change and A/?o° the total standard 
molar zero-point energy change, which is positive when energy is absorbed in going 
from A + B + • • • to A' + B' + • • •. 

Instead of expressing the equilibrium constant in terms of the free energies one 
may also express it directly in terms of the partition functions by substituting (V, 60) 
into (V, 91), obtaining 

9" . 9SL . . . e -AElHRT) 

N N 


Q a Qn 


(V, 92) 
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Here the Q are the total partition functions referred to the lowest energy level of 
each molecule. If we use instead the partition functions Q° referred to a zero point 
of energy that is the same for all molecules taking part in the reaction, we can also 
write 

,9k... 

K * = &S> (Vj 93) 

N N 

In the case of reactions in which the produced molecules are equal in number to the 
reactant molecules, the N* s drop out in both (V, 92) and (V, 93), and a very simple 
formula results. 

According to either (V, 91) or (V, 92), the equilibrium constant of a chemical gas 
reaction can be predicted if both (F° — E 0 °)/T (or Q) for all reaction partners and 
A Eo° are known. 

We discuss first in a little more detail the influence of ( F° — Eo Q )/T or Q on the 
equilibrium . These quantities can be determined according to the previous formulae 
from spectroscopic molecular data except when there are internal rotations (for 
which as yet no satisfactory spectroscopic data are available). (F° — Eq°)/T has 
been tabulated for a number of molecules by various authors [see Wilson (941) and 
Aston (60)]. 

It is easily seen from (V, 92) (or V, 91) that the nuclear spin has no influence on 
chemical equilibria except at very low temperatures. As we have seen previ- 
ously, the nuclear spin, at not too low temperatures, contributes a constant factor 
(2/i + l)( 2/2 + 1) • • • to the partition function of each molecule and, since the 
nuclei are the same for the reactant and produced molecules, these factors cancel. 
For this reason the nuclear spin is usually omitted in tabulations of the free energy. 

From the formulae for the rotational partition function (V, 22), (V, 27), (V, 29), 
and from (V, 92), it is seen that the equilibrium constant at a given temperature is 
the larger, the larger the product of the moments of inertia of the produced molecules 
(and the smaller that of the reactant molecules). Similarly, it is seen from the vibra- 
tional partition function (V, 17) that the equilibrium constant is the larger, the smaller 
the vibrational frequencies of the produced molecules (and the larger those of the 
reactant molecules). Quite generally it can be said that the side of a gas reaction is 
favored that lias the lower and more closely spaced energy levels of its molecules. 
This is, of course, only a secondary influence if A E 0 ° is large. 

It is also interesting to consider the hifluence of internal rotations on the equi- 
librium. If one of the produced molecules has a free internal rotation but none of 
the reactant molecules has such (as might conceivably have been the case for the 
reaction C 2 H 4 + II 2 — > C 2 II 6 ), it is immediately seen from Table 141 and equation 
(V, 93) that the equilibrium constant may be several times larger than in the case 
of no free rotation, all other factors being the same. For intermediate potential 
barriers, intermediate values of the equilibrium constant arise (see Table 141). Con- 
versely, therefore, the measurement of the equilibrium constant of an appropriate 
reaction may serve as a (third) method for the determination of barrier heights (see 
the example below and Table 143). 

Even though the equations (V, 92) and (V, 93) are convenient for the discussion 
of the influence of a particular term on the equilibrium constant, for practical ealeu- 
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lations (V, 91) is usually used. At any rate, most authors prefer to tabulate 
(F° - E 0 °)IT rather than Q. 

The second datum that enters the equilibrium constant, the zero-point energy 
change AEo° , may in certain cases also be obtained from spectroscopic data. If the 
atomic heats of formation, D( A), 1)( B), • • •, D( A'), D(B'), • • • of all reaction partners 
are known [that is, the energies required to dissociate the molecules A, B, • ■ • , 
A', B', • - • from their lowest states into free atoms (see Molecular Spectra I)] the 
zero-point energy change is simply given by 

AE 0 ° = D(. A) + J)(B) + • • - - D(A') - D( B') - • •. (V, 94) 

As an example, for the thermal dissociation of II 2 O into Oil and II according to the 
equation tf 2 0->0II + II, we have Atf 0 ° = D(H 2 O) -D(OII) =218.9-99.4 = 119.5 
kcal. To be sure, the atomic heats of formation of most polyatomic molecules are 
not of purely spectroscopic origin, since use is made in their derivation of thermo- 
chemical heats of formation (in the example the heat of formation of H 2 0). 

In the case of isotopic exchange reactions such as 


HaO + HD <=> HDO + H 2 , 

(V, 95) 

h 2 s + d 2 <=>d 2 s + h 2 , 

(V, 96) 

C 2 1I 2 + C 2 D 2 <=£ 2C 2 HD, 

(V, 97) 


the zero-point energy change AE {) ° and therefore the equilibrium constant can be 
obtained entirely from infrared and Hainan data. For these reactions, in (V, 94) 
the differences of the atomic heats of formation of isotopic molecules occur. But 
these differences are equal to the differences of the zero-point energies (7(0,0, ••■) 
which can be obtained from the observed vibration spectra. We have in this case 
(in cm” 1 ) 

AEo° = G A \ 0, 0, • • •) + Q*\ 0, 0,...) + “- 

-C*(0,0, ...) -G*(0,0, ...) (V, 98) 

or if anharmonicities are neglected (see p. 78), 

Ai?o° = 5 Z Vi A> + i Z + ■ • ■ “ 2 Z fi A — 1 Z *% B ~ • • •» (V, 99) 

where in the sums rf,-foldly degenerate vibrations have to be added times. 

In this way Glockler and Morrell (377) have calculated AE 0 ° for the reaction 
(V, 97), Grafe, Clusius, and Kruis (398) for the reaction (V, 96), and Libby (577) 
for the reaction (V, 95) and similar ones, taking account of anharmonicity [see also 
Black and Taylor (155a)]. Other similar reactions have also been studied. 

In many cases AEq° cannot as yet be obtained entirely from spectroscopic data, 
but it is obtained from the observed heat of reaction AH 8 with the help of spectro- 
scopic data. This heat of reaction, apart from the correction for deviation from 
the perfect gas, according to (V, 42), is given by 

A H° = AAV + A Z + Kt) - AAV + A £ (7/° - AV). (V, 100) 

8 The heat of reaction may lie determined by direct calorimeter measurements or indirectly from 
the temperature dependence of the equilibrium constant (van't Hoff’s equation). 
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From this equation A E 0 ° can easily be evaluated according to the previous discussion 
of the heat content II if A// 0 is measured. 

It may be noted that when the number of molecules is not changed by the reac- 
tion the translational term AQ£ f RT) in (V, 100) is zero, since f RT is the same for 
all gases. In such cases, therefore, the dependence of the heat of reaction A H° on 
the temperature is determined solely by the difference in temperature dependence 
of Hint = RT 2 [_d{ In QinO/dTl that is, of the internal partition function of the gases 
concerned, or qualitatively, by the difference in the vibrational and rotational 
energy levels which, on account of the Boltzmann factor, are differently populated 
at a given temperature. In a similar manner it is seen from (V, 92) that the devia- 
tion of the equilibrium constant K p from the value e~ AEo ° KRT) is determined only 
by the different temperature variation of the internal partition functions, if the 
number of molecules is not changed by the reaction. 

As a first illustration of the calculation of chemical equilibria let us consider the industrially 
important water-gas equilibrium [see Kassel (487)]: 


C0 2 + Ho CO + H 2 0. (V, 101) 

The zero-point energy change AEq° in this case is not known from spectroscopic data, but can bo 
calculated from the observed heat of reaction, 9 which is at 200° K.: AHm = 9808 cal. In order to 
obtain A/}’o° from it wo have to know the quantities H° — Eq° at 300° for the four gases involved. 
According to calculations, based on the previous formulae, by Kassel (487) for OO 2 , by Davis and 
Johnston (270) 10 for H 2 , by Johnston and Davis (473) 10 for CO, and by Cordon (388) u for H 2 O f the 
values of 11° — E 0 ° for 300° K. are 2250.1, 2036.2, 2085.1, and 2376.3 cal/mole respectively. From 
these values it follows that for the reaction (V, 101 ) 12 

AE q ° = AH 0 - A 2(//° - E°) = 9808 - (2085.1 + 2376.3) + (2256.1 + 2036.2) = 9639 cal/mole. 

The quantities — (F° — E<p) /T for five temperatures as derived from spectroscopic data by Kassel 
(487) for COj, Giauquo (357) 13 for H 2 , Clayton and Giauque (212) for CO, and Gordon (388) for H 2 0 


Table 144. calculation of the equilibrium constant for the water-gas reaction. 13a 


T, °K. 

_ Ft 

~ — (cal /mole /degree) 

A 

~~T 

R In K p 

A+ 

(calculated) 

K p 

(observed) 


C() 2 

II 2 

CO 

II2O 


300 

43.620 

24.480 

40.408 

37.230 

32.130 

-22.59 

1.15 X10" 6 


600 

49.261 

29.218 

45.238 

42.765 

16.065 

-0.541 

3.71 X10~* 


900 

53.074 

32.020 

48.114 

46.106 

10.710 

-1.584 

0.451 

0.46 

1200 

56.049 

34.027 

50.210 

48.579 

8.033 

+0.680 

1.41 

1.37 

1500 

58.513 

35.605 

51.880 

50.586 

6.426 

+ 1.922 

2.63 



9 It is the difference of the heats of combustion of H 2 and of CO. 

10 These authors give the “total energy” which is II 0 — Eo° apart from the term + %RT. This 
term has to bo added to their data to make them consistent with the others. 

11 Gordon gives only - (F° - E 0 °)/T and *S°; but wo have H° - i?o° * (S° + (F° - E 0 °)/T)T . 

12 Here a slight correction of A//300 to the value AHm for the perfect gas has been neglected. 
According to Kassel (487) it amounts to only 0.4 cal/mole, which is within the accuracy of AHm • 

13 Giauque gives — (F° — Eq°) /T including nuclear spin. To make the data consistent with the 
others R In 4 = 2.755 had to be subtracted from his values. 

13a This table, unlike all others in this book, is based on the older set of physical constants as 
given in the International Critical Tables, since the free energies in the references quoted arc based 
on these constants. 
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arc given in Table 144. We obtain now — R In K p according to (V, 91) by adding AEq°IT , given in 
the sixth column of Table 144, to — (/'o — #o°) IT for CO 2 and H 2 in the second and third columns and 
subtracting — (f 0 — Eo°)/T for CO and H 2 O in the fourth and fifth columns. The resulting values of 
li In K p are given in the seventh column while the values of K p = (pco* Piw) /(PCD* *7>ir 2 ) itself aro 
given in the eighth column. The last column gives, for two temperatures, values observed by 
Neumann and Kohler (052) which agree very satisfactorily with the calculated ones. 14 The latter 
aro believed to be more accurate than the former. 

As a second example wo consider the ethylene-ethane equilibrium 

C2lI 6 ^C2ll4 +II 2 . 

This equilibrium has been studied by various investigators, both theoretically and experimentally, 
most recently by Guggenheim (403) (where references to the earlier work may be found) and by 
Kistiakowsky and Nickle (511). The calculations for the three temperatures 053°, 723°, and 803° K. 
are summarised in Table 145 (similar to Table 144) and compared to the observed values of Kistia- 


TaBLE 145. CALCULATION OP THE EQUILIBRIUM CONSTANT OP THE REACTION C2H8 «=* C2H4 + H2. 


7\ °K. 

— — (cal /mole /degree) 

AW 


(cal) 

K P (obs) 

(;> in atm) 

C 2 H* 

(with 

Vo =-750 cal) 

O 2 II 4 

II 2 

T 

(cal /mole/ 
degree) 

Vu — 0 

lo =2750 cal 

G53 

54.31 

51.05 

29.80 

47.30 

2.40 X10 -5 

3.01 X10“ 6 

4.04 X10 _i 

723 

55.79 

52.88 

30.50 

42.72 

3.08 X10" 1 

4.90X10-' 

5.10X10 - ' 

8G3 

58.59 

55.18 

31.73 

35.79 

1.53X10-2 

2.30X10- 2 

2.44X10-2 


kowsky and Nickle (511) for the two lower temperatures and of Travers and Pearce (809a) for the 
highest temperature. The calculations have been carried out with the most recent values of tho 
molecular constants (see Tables 92, 105, and 132), for the alternative assumptions of free rotation in 
Call* and of a potential barrier of 2750 cal. The zero-point energy change A/£o° ~ 30,890 cal was 
obtained from the heat of reaction A//.> 08 = 32,575 cal observed by Kistiakowsky, liomeyn, KuhofT, 
Smith, and Vaughan (514). It is seen that the agreement of the observed values with those calcu- 
lated under the assumption of a barrier of 2750 cal is very satisfactory while tho values calculated 
under the assumption of free rotation fall far outside tho limits of error of the observed ones. 

Similar statistical calculations of equilibrium constants have been carried out 
for numerous other reactions. We mention only some of them. Extensive data 
for the reactions 2 CO 2 2C0 + O 2 and CO 2 + C ^ 2CO arc given by Kassel 
(487), and for the reactions TI 2 + JO 2 *=* H 2 0, OH + £I1« 4 =* H 2 0, 0 3 4 =± 1 ^ 0 2 , 
0 2 + 0 O 3 (in addition to a number of diatomic dissociation equilibria) by Lewis 
and von Elbe (575). Furthermore, equilibrium constants for a number of organic 
reactions have been calculated on the same basis by Kassel (489) (490), Schumann 
and Aston (773) (774), Pitzer (G94), and Thompson (852) (853). In some of these 
reactions, just as for the ethane-ethylene equilibrium, agreement between observed 
and calculated equilibrium constants is obtained only when restricting potentials 
hindering internal rotations are assumed (see the previous Table 143). 

14 Tho ‘'observed” values given aro interpolated between tho actually observed values, which 
do not happen to fall exactly at tho temperatures given. 
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2. Nature of Liquid and Solid States: Intermolecular Forces 

From an investigation of the changes occurring in the spectrum in going from 
the gaseous to the liquid ami solid states, together with a knowledge of the structure 
of the free molecule concerned (as obtained from the spectrum of the gas), it is 
possible to draw important conclusions about the nature of the liquid and solid states 
and of the intermolecular forces. This field of investigation has been developing 
rapidly in recent years. It is not possible to give a complete summary here; we 
shall limit the discussion to some of the important points. In the case of solids 
we shall discuss only molecular lattices, and not mt tallic, atomic, or ionic lattices, 
in which the individual molecules can no longer be considered as separate units. 

Rotation of molecules in liquids and solids. W ben the pressure of a gas is in- 
creased the individual lines in the fine structure of inirared and Raman bands become 
broader and broader, because of the frequent collisions of the absorbing molecules 
with others, and on account of the increasing interaction of the molecules with de- 
creasing average distance from one another. It is therefore not surprising that in 
liquids, in which the molecules are even closer together, Raman and infrared bands 
do not in general show a rotational fine structure. A notable exception is liquid 
hydrogen (see Molecular Spectra I), for which a well-resolved rotational Raman 
spectrum has been observed. The only two cases of polyatomic molecules that form 
exceptions do not refer to pure liquids but to solutions: 

NH 3 in aqueous solution, according to Langscth (548), shows a vibrational 
Raman band at 3311.8 cm -1 , with a well-developed though diffuse fine structure 
consisting of S, R, Q, P , and 0 branches. This must indicate, as for II 2 , that in 
the solution a quantized rotation of the NII 3 molecules takes place such that the 
rotational levels, though broad, do not merge into one another. H 2 0 in an inert 
solvent such as CC1 4 or CS 2 shows, according to Kinsey and Ellis (505) and Borst, 
Buswell, and Rodebush (171), a fairly well-developed fine structure of its bands, 15 
which seems to be correlated to that of II 2 0 vapor and therefore also indicates a 
nearly free f quantized rotation. It seems at first somewhat difficult to understand 
why this fine structure should occur in these two cases and not in many other cases. 
However, on second thought, it is realized that there are not many cases suitable 
for such investigations, and only very few of these have actually been investigated. 
Only a molecule that gives widely spaced rotational lines would be expected to show 
bands with fine structure in the liquid state. The only molecules fulfilling this 
condition are HF, II 2 0, NII 3 , CH 4 , and their homologues. Liquid HC1 and H 2 0 
definitely do not show any rotational structure of their infrared and Raman bands 
[for HC1 see particularly West (918)]. This is easily understandable on the basis 
of their large dipole moments and their shape, which does not lend itself easily to 
undisturbed rotation in the liquid state. On the other hand, NH 3 and CH 4 , which 
would be expected to rotate with less disturbance in the liquid state, have not been 
investigated in any detail. For NH 3 there is only the above-mentioned investigation 
of NH 3 dissolved in water and for CII 4 there is only an early investigation of the 
Raman spectrum of the liquid by McLennan, Smith and Wilhelm (008b) which does 
show indications of a fine structure of the band v 3 . A further study of the spectrum 
of liquid methane would appear to be most promising. 

15 This was, however, not found in similar investigations by Fox and Martin (328). 
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It is important to realize that in the case of IIC1, H 2 O, and molecules with smaller 
rotational spacings, the spectrum of the liquid is not simply a duplicate of the 
spectrum of the gas with each fine structure line so broad that the whole band appears 
diffuse. There is a drastic change of the intensity distribution as well. While, for 
example, in gaseous HC1 at ordinary pressure we have in the infrared bands the two 
branches P and R separated by the zero gap, and at higher pressures at least two 

maxima, in the liquid there is only one 
comparatively sharp maximum (at least 
as sharp as the P and R maxima in the 
gas). This is shown in Fig. 173, taken 
from West (918). Another example is 
Celle, for which in the gaseous state 
many bands are found to have three 
maxima, very probably corresponding 
to P f Qy and R branches (see p. 365), 
while in the liquid (and solid) state as 
well as in solution only one much 
sharper maximum occurs for each band 
[see Leberknight (561) and Fox and 
Martin (328) ]. Similarly, in the Raman 
spectra of most liquids we do not ob- 
serve simply an unresolved rotation 
band, but instead of there being a max- 
imum on either side of the undisplaced 
line, as in the gas at low pressure, the 
intensity drops continuously from the 
undisplaced line. This is observed for 
the liquid as well as the gas at very high 
pressure. Fig. 174 shows as an illustra- 
tion the intensity distribution in the 
rotational Raman spectrum of CO 2 at 
15 and 60 atmospheres after Weiler 
(914). Also, in the vibrational Raman spectrum, lines that are broad in the gaseous 
state because they correspond to non-totally symmetric vibrations arc found to be 
sharper in the liquid state [see Fig. 136 and Nielsen and Ward (670)]. 

On the other hand, this difference between liquid and vapor does not always seem 
to occur between solution and vapor. The two previously discussed cases of NH3 
in H 2 O, and II 2 O in CCI4 and CS2 are examples of this. In many other cases the situa- 
tion is made more complicated by polymerization and formation of hydrogen bonds. 

The situation is again somewhat different in solids . In no case has quantized 
rotation been detected spectroscopically. 16 ® The observation of a fine structure in 
solid HC1 by Shearin mentioned in Molecular Spectra I has been disproved by Lee, 
Sutherland, and Wu (571). However, the existence of ortho hydrogen in solid 
hydrogen proves that quantized rotation takes place in solid hydrogen just as in the 
liquid, if in no other case. The infrared and Raman fundamental of solid HC1 does 

15a Note added in proof: Very recently Beck (132a) has reported fairly well resolved rotational 
fine structures in the infrared absorption bands of solid ammonium chloride and bromide. 



Fig. 173. First overtone of HC1 at 1.76*i in 
the gas and in the liquid at various pressures and 
temperatures [after West (918)]. 
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show two maxima [see Hettner (448) and Lee, Sutherland, and Wu (571)]. But it 
is rather doubtful whether this means incipient quantized rotation, particularly 
since the two maxima merge into one for temperatures above 98° K. where a thermal 
transition point has been observed. If free quantized rotation occurs at all, it is 
more likely to occur above the transition point than below it. For solid HBr and 
HI, Zunino (978) found only one maximum. Again it would appear to be promising 
to investigate solid CH 4 , particularly 


stokes 


anti-stokes 


thecr.i 
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since thermal measurements for CH 4 as 
well as SiH4 and CD4 seem to indicate 
free rotation above a certain transition 
point. But from these thermal measure- 
ments it cannot be decided whether or 
not the rotation is quantized [see Clusius 
(220), Eucken and Veitli (315), and 
others]. By means of thermal measure- 
ments as well as electrical measurements 
(dielectric constant, piezoelectric effect), 
free rotation in crystals has been shown 
to occur in a number of other cases [for 
example, for NH4CI by Hettich and 
Hendricks (447), for H 2 O by Giauque 
and Ashley (358)]. 

A theory of molecular rotation in 
solids was first given by Pauling (085), 
and was later developed by Fowler (327), 

Nielsen (663), Devonshire (286), and 
Cundy (251). These authors have 
shown, among other things, that with 
increasing strength of the interaction of 
the molecules a transition takes place 

from free quantized rotation to oscillation about an equilibrium orientation, and 
conversely that with increasing temperature a transition takes place from oscilla- 
tion to rotation, explaining the observed transition points that are not accompanied 
by change of crystal structure. 

Debye (271) has given a theoretical treatment of molecular rotation in liquids. 

Intimately connected with the question of molecular rotation in crystals are 
certain apparent contradictions to the third law of theri?iodyna?nics. For example, if 
the absolute entropy of light or heavy hydrogen is determined from thermal measure- 
' T C P 


1U 20 30 40 60 60 7» 80 90 100 

Ay cm* 1 


Fia. 174. Intensity distribution in the unre- 
solved rotational Raman band of CO 2 at 15 and 
60 atm. [after Weiler (914)]. — The full eurve 
represents the theoretical distribution at low 
pressure. The numbers above the abscissa axis 
are the running numbers of the rotational lines 
which are (J/2) + 1. 


ments by calculating 


r 


T 


dT , assuming that the integral vanishes at absolute 


zero, a value is obtained that is appreciably smaller than the entropy calculated 
statistically in the manner described in section 1 of this chapter. The explanation 
is that in the crystal the equilibrium between ortho and para molecules — that is, 
rotating and non-rotating molecules — freezes, and the C p measurements at low tem- 
perature refer to the non-equilibrium mixture of the two modifications. By adding 
the entropy of mixing to the thermal entropy, agreement with the statistical values is 
obtained [see Giauque and Johnston (359) (357), Johnston and Long (474) and Clusius 
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and Bartholom6 (222)]. A similar situation seems to exist in H 2 0 [see Giauquc and 
Ashley (358)], but such an effect does not occur for N 2 , indicating that the interaction 
with the lattice prevents a free rotation at any temperature [see Clusius and 
Bartholom6 (222)]. On the other hand, for slightly unsym metrical molecules such 
as CO and N 2 0, which apparently do not rotate freely in the solid state, a discrepancy 
between thermal and statistical entropies still occurs, and is explained by the fact 
that two almost equivalent orientations (CO and OC) are possible in the lattice 
and that in going to lower temperatures an almost 1 : 1 equilibrium between these 
two orientations is frozen. This gives an addition to the entropy of an amount that 
is equal to or smaller than R In 2 = 1.38, which agrees well with the observed discrep- 
ancy [see Clusius and Teske (223), Clayton and Giauque (211), and Clusius (221)]. 

Molecular vibrations in liquids and solids. It is well known that the vibrations 
of diatomic and polyatomic molecules can take place in the liquid and solid state 
without appreciable alteration. In fact, in the discussion of the vibrational structure 
(Chapter III) we had often to use vibrational frequencies of molecules as measured 
in the liquid state. We are now interested in determining how the usually small 
changes that do take place in going from the vapor to the liquid and solid phases 
are related to the structure of the liquids and solids. 

Two groups of observations may be distinguished: (1) Observation of small changes 
of the frequencies of the vibrations and possibly of the intensities with which they 
occur in the Raman or infrared spectrum in the gaseous, liquid, and solid states: 
(2) Observation of new vibrational frequencies which are absent in the gaseous 
state. 

In order to give an idea of the magnitude of the frequtmctj changes we list in Table 
146 the fundamental frequencies of some molecules in the gaseous, liquid, and solid 
states. The changes vary from 0 to 5 per cent and are practically always toward 
smaller values. It is noteworthy that in some cases different vibrations of one and 
the same molecule show very different relative frequency shifts. Furthermore, it 
must be noted that at least for the hydrogen halides [Zunino (978), West (918)], 
and probably also for the other molecules, the shift decreases with increasing tem- 
perature both in the liquid and solid states. This is, of course, what one would 
expect, since with increasing temperature the average separation of the molecules 
increases. Frequency shifts have also been investigated for many solutions, and 
have been found to be of the same order of magnitude, although frequently somewhat 
larger than for the corresponding pure liquids [see, for example, Ellis and Kinsey 
(303) and West (918)]. Kirkwood [quoted by West and Edwards (919)] and Bauer 
and Magat (127) have developed theoretical formulae for the shift, assuming a 
simple electrostatic interaction of an oscillating dipole with its surroundings of 
dielectric constant D. They find that the relative shift should be proportional to 
(D — 1)/(2D + 1), which seems roughly to be the case for IIC1 in different non- 
ionizing solvents. Moreover, the order of magnitude of the effect comes out cor- 
rectly. The theory implies essentially free rotation of the oscillating dipole. 

In the second group of observations new bands are found which do not occur in 
the gas; or, in other words, for some vibrations the shifts are so great that they can 
no longer be considered as due to the influence of the average interaction with all 
the neighboring molecules. Thus in solid H 2 0 at low temperatures, in place of the 
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Table 146. vibration frequencies (fundamentals) in the gaseous, 

LIQUID, AND SOLID STATES. 


Molecule 

Vibrations 

v (gas) (cm x ) 

v (liquid) (cm -1 ) 

v (solid) (cm x ) 

References 

HC1 



2885.9 

2785 

2768 (100° K.) 

(448) 




V\ (<Tg + ) \ 

1285.5 

1285.5 

1285 

(608a) 

co 2 

j 

2*(VlJ 

1388.3 

1387.5 

1388 


i 


V2 

vz 

667.3 

2349.3 


2 S>° k -> 

(261a) 

CS 2 

v\(<r 0 + ) 

655 

656.5 


(466) 






2545.8 

(647) 

H 2 S 



2610.8 

2573.6 

2553.7 

2520.8 




f^i(ai) 

1151.2 

1144.3 


See Table 65 

S0 2 


v^ai) 

519 

524.5 





ly3(6i) 

1361 

1336.0 



HCN 

< 

vi{a + ) 

2089.0 

2094 


See Table 69 


vz (<r + ) 

3312.0 

3213 



C 2 H 2 

J 

v\ (<Tg + ) 

1073.8 

1959 


(377) 

i 

Mvo*) 

3373.7 

3338 


(38 u) 

ch 4 



2914.2 

2909 

2900 (83° K.) 

(823) (608b) 



M<ii) 

2966.2 

2955 


See Table 84 

CHaCl 



732.1 

709 




/4(e) 

3041.8 

3036 





vi(ai) 

3033 

3018.9 


See Table 86 

CHC1 3 


vz(<h) 

672 

668.3 




VzM 

363 

365.9 






262 

262 





vd<*u) 

3019.3 

3009 


(378) 

c 2 h 4 


vz(a a ) 

1623.3 

1621 




vz(a a ) 

1342.4 

1340 






3429 

3305 


See Table 100 

cii 3 — c=cii 

< 


2941 

2926.2 


(386) (368) 



2142 

2123.5 





^ 5 (^ 1 ) 

930 

929.5 






2899.2 

2884 


(379) 



ViW) 

993.0 

994 


c 2 h 6 


v*W) 

1379.0 

1370 

1370 

(63) 




1486.0 

1462 

1462 



Pu(e") 

1460 

1463 





3069 

3061.9 


(152) 

c 6 h 6 

J vi{a\ g ) 

992 

992 



j vii (eiu) \ 

3099 

3090 

S (193 ° K -) 

(561) 



3045 

3035 


Raman line 3654 cm" 1 of the vapor, two lines appear at 3090 and 3135 cm" 1 [Suther- 
land (823)]. The generally accepted explanation of the new lines in this and other 
cases is that they are due to 'polymers or associated molecules . 

Perhaps the most clear-cut case is that of formic acid (HCOOH). Here the vapor 
shows the characteristic 0 — H vibration (3570 cm" 1 ) only at higher temperatures, 
when it certainly is monomeric. At lower temperatures and in the liquid state this 
0 — II vibration does not occur, but instead a new band at 3080 cm" 1 is observed 


18 Those are the main maxima. 
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[Bonner and Hofstadter (167)], 17 which must be ascribed to the O— II vibration 
in the dimer. The reason for the great change of the 0 — II vibration frequency in 
the dimer is now generally agreed to be hydrogen bonding, which is also responsible 
for the considerable stability of the dimer [binding energy = 12.6 kcal, see Hermann 
(428a)]. If the structure of the dimer is 

O— II- -0 

/ \ 

H— C C— H 

\ / 

0...H— 0 

the H atoms may jump from one molecule to the other, leading to a configuration 
which defers from the above only by a reflection in the mid-plane. This gives rise 
to what is now usually called hydrogen bonding. On this basis one would expect the 
O — H vibration of the dimer to be greatly different from that of the monomer, while 
the other vibrational frequencies should be only slightly different, in agreement with 
observation. The structure indicated above has indeed been confirmed by electron- 
diffraction data [Pauling and Brockway (686) and Karlc and Brockway (484a)]. 

A somewhat similar case is that of methyl (and ethyl) alcohol. As mentioned in 
Chapter III, p. 334, in the vapor the 0 — II vibration occurs at 3682 cm -1 , whereas 
in the liquid it occurs at 3400 cm"" 1 . That this is not simply a shift of the first type 
is shown by investigation of solutions of alcohol in various inert solvents [see for 
example Errera, Gaspart, and Sack (309)]. For certain small concentrations both 
bands occur at low temperature, but at higher temperatures or still greater dilutions 
only (or predominantly) the band at 3682 cm -1 occurs. This indicates very definitely 
that the latter band corresponds to the monomer, whereas the 3400 band corresponds 
to a polymer. Errera, Gaspart, and Sack (309) have even been able to resolve this 
band into two bands, one of which they ascribe to the dimer and the other to a 
higher polymer. At any rate it follows that in pure liquid alcohol there are prac- 
tically no single molecules but only associated ones. The same conclusion applies 
also to liquid and solid II2O (see above). 

Similar results have also been obtained for RF [Buswell, Maycock, and Rodebush 
(187)], although it has only been investigated in the gaseous state and in solutions. 
As for HCOOH, at room temperature and not too low pressures, an additional band 
appears (at 3450 cm"" 1 ) : this band is much stronger than the ordinary HF band, 
indicating almost complete association due to hydrogen-bond formation. In very 
dilute solutions in CCI4, however, the monomer predominates. Even in liquid HC1 
a secondary band appears close to each of the ordinary vibrational bands [see 
Freymann (336), West (918)]. These secondary bands disappear with increasing 
temperature and in all probability are due to a dimer or polymer, whose concentration 
in this case is very slight and which is probably not due to hydrogen bonding. 

A number of investigations have also been carried out for weak solutions of 
CH3OH, H2O, and others in “active” solvents , that is, in solvents whose molecules 
can form hydrogen bonds with the CH3OH, H2O, • • • molecules. This bonding 
results in new bands of the associated molecules different from those observed in the 

17 In HCOOH the new band is overlapped by the C — H vibration which occurs at the same place 
both in the monomer and dimer. But investigation of HCOOD, where this chance coincidence 
does not occur, has confirmed that the above interpretation for HCOOH is correct. 
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pure liquids. By comparing the shift of the O — H band the strength of the hydrogen 
bonds of these associated molecules can be compared; that is, the 'proton-attracting 
power of the solvents can be compared [see Gordy (390), Gordy and Stanford (391)]. 
F urther spectroscopic work on association, hydrogen bonding, and related topics has 
been carried out by Freymann (337), Thompson (845), Goubeau (395), Kempter 
and Mecke (497), and Gigu6re (360a). 

In a few cases in the Raman spectra of crystals, new Raman lines very close 
(0-50 cm -1 ) to the exciting line have been found. These lines have to be interpreted 
as due to vibrations of the lattice rather than of the molecule [see, for example, 
Venkateswaran (892)]. In going over to the liquid state these lines disappear in 
general, but in a few cases some indication of them remains, pointing to a quasi- 
crystalline structure of the liquid [see Gross and Vuks (401)]. Lattice vibrations 
in crystals and quasi-crystalline structures of liq uids have also been detected by 
means of the electronic spectra of rare-earth ions by Freed and Weissmann (331). 
Further experimental material is necessary before more detailed conclusions can be 
drawn about this subject [compare also the summary by Glockler (364)]. 



APPENDIX 


PHYSICAL CONSTANTS AND CONVERSION FACTORS 

Tho values for the physical constants used in this book are given in the second column of Tablo 
147. While these values are essentially the new values of Birge, he has recently given slightly 
different values based on a more detailed discussion and on more recent work [Birge (154)]. These 
latter values are given in the last column of Table 147. The difference between the two sets is in 
each case within the probable error given by Birge. The values used here aro the samo as those used 
in Molecular Spectra 1 and it is mainly for tho sake of consistency with the earlier book that Birgc’s 
more recent values were not used hero. In almost all cases thus far investigated the difference 
between the molecular data calculated with tho two sets of physical constants is within the accuracy 
of the spe< troscopic data. 

In Table 148 aro given the conversion factors of the energy units that follow from the physical 
constants adopted hero. Tho values that follow from Birge’s more recent constants arc given in 
parentheses. 

h h 

The value of the numerical factor — — in tho equation for the moment of inertia In — — — 

871^0 ZSTTCD 

(see p. 14) using the more recent constants would be 27.9865 X 10 -, ° instead of 27.994 X 10 ~' 10 
used here. Tho factor 4ir 2 c 2 Af i in the equation for tho force constant k = 4tt 2 Mima« 2 w 2 (see p. 100) 
would be 5.8890 X 10“ 2 instead of 5.8894 X 10~ 2 . 

TABLE 147. PHYSICAL CONSTANTS. 


Constant 

Value used in this book 

Birgc’s new valu 

Electronic charge 

c 

4.8029 X10" 10 c.8.u. 

4.8025 XIO" 10 

Planck’s constant 

h 

0.020X10 27 erg sec 

0.024 X10 -27 

Velocity of light 

r 

2.99770 X 10“ cm/acc 

2.99770X10“ 

Electronic mass (rest mass) 

m 

9.111 X10" 28 gm 

9.1000X10 2S 

Y t mass of the O 1 ® atom 

Mi 

1.0000 XI 0' 24 gm 

1.0599a XIO"* 1 

Number of molecules in a mole: j 



Referred to Aston’s atomic 




weight scale (O lG = 10) 

A r A 

0.0240 X10 23 

0.0244 X10 23 

Referred to the chemical 




atomic weight scale 

-Vch 

0.0224 X10 23 

6.0228 X10 23 

Boltzmann’s constant 

k 

1.8807 X10 -16 erg/degree 

1.3804 7 XIO" 16 

Gas constant per mole 

R 

1 .9808 cals/degroe/mole 

1.98047 


Table 148. conversion factors for energy units. 


Unit 

cm' 1 

crg/moleoule 

cal/mole chem. 

electron-volts 

(absolute) 

1 cm” 1 

1 

1.98(53 X10““ 
(1.9858) 

2.85S1 

(2.8575) 

1.2398 X10” 4 
(1.2395) 

1 erg/molecule 

5.0844 XIO 16 
(5.0858) 

1 

1.4389X10“ 

(1.4390) 

6.2416 X10 11 
(6.2421) 

1 cal/mole chcm. 

0.84988 

(0.84996) 

6.9498 X10“ 17 
(6.9494) 

1 

4.3378 X10" 6 
(4.3379) 

1 electron-volt 
(absolute) 

8066.0 

(8067.5) 

1.6022 XIO" 12 
(1.60203) 

23053 

(23052.8) 

1 
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SUBJECT INDEX 


This subject index includes in addition to the usual material of an index also all 
symbols used in the book and all molecules (chemical compounds) discussed or 
mentioned. 

Italicized page numbers refer to more detailed discussions of the subjects than 
ordinary page numbers, or to definitions; boldface page numbers refer to figures. 

The mathematical symbols and symbols for species, point groups, molecular con- 
stants, and so forth, are listed at the beginning of the section devoted to the corre- 
sponding letter. The Greek letters are arranged under the letter with which they 
begin when they are written in English (for example <p, ir, \p are listed under P and 
in this order) except A when used to indicate a difference in which case it is dis- 
regarded in the alphabeting. Symbols to which a word is joined are arranged under 
the corresponding symbol; for example, R branch is under R , not under Rb; B rota- 
tional levels under B f not under Br . 

All individual molecules (chemical compounds) are listed under their chemical 
formulae considered as words; for example, CHC 1 3 under Chcl, H 2 S 0 4 under Hso. 
Jf there are several molecules giving the same “word” they are listed in the order of 
increasing numbers of the first, second, * • • atom; for example, CIICI3, CH3CI, 
C2H2CI4, C2H4CI2 in this order, but C 2 H 4 is ahead of CIICI3 since the corresponding 
“word” is Ch. It should be realized that this order is somewhat different from that 
in the formula index of Chemical Abstracts where the number of atoms has “priority” 
over the alphabet. This change appears to be necessary in a combined formula and 
subject index. For the benefit of the hurried reader, for all molecules discussed in 
detail, cross references are given under their chemical names. 

The order of symbols in a chemical formula is the usual one for all organic com- 
pounds, including metal-organic compounds, that is, C comes first, then If, while 
the remaining atoms are in alphabetical order. For inorganic compounds the central 
atom, if any, is put first, then H and then the other atoms in alphabetical order, 
except in the case of acids and II 2 0 for which H is put first. Thus we have SiHCl 3 , 
H 2 SOi, and so forth, that is substantially the conventional order. Cross references 
are given in all ambiguous cases. 

The alphabeting of subjects has been done first on the basis of the part before the 
comma except in combinations of symbols and words (see above). In alphabeting 
the second part, after the comma, prepositions at the beginning have been dis- 
regarded. 

All material referring to a particular molecule, such as fundamentals, inter- 
nuclear distances, and so on, is given under that molecule. Molecular types such 
as linear XY 2 , pyramidal XY 3 , should be looked up under XY 2 , XY 3 , where also 
various items relating to these types may be found. 


A 

a, antisymmetric rotational levels, 15f., 
5 If., 373, 380, 399 

a, antisymmetric vibrational levels, JO l 
a axis (of least moment of inertia /a), 51 , 
56, 462 


a, central force in tetrahedral XY 4 mole- 
cules, l(J5i. t 189 

a, 5, coefficients in mixture of eigenfunc- 
tions, 21 Of., 378, 395 
a h a 2 , potential constants for pyramidal 
XY 3 assuming central forces, 16'£ff. 
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flu, (iy h a pi, (713, force constants of non- 
linear XY 2 , 160ft., 186, 189ff., 250 
a l} , Hik, potential constants for central 
force coordinates, t/+3, 145, 149, 153 
a, a' } a ", a 0 , a„, a h a 2 , • • • species symbols 
for individual vibrations (sec also 
corresponding capital letters), 124 f-, 
272 

A modification: 

of C-2, Civ, Cn, Vh molecules, 409 
of Czv, Cmj • • • molecules, 29, 415 
of tetrahedral {T d ) molecules, 401; 453 
A y rotational constant: 

of asymmetric top molecules, 44 ft • 
of symmetric top molecules, 24, 20, 
226f., 400 

determination of, 484tt, 9 438, 4431. 

A rotational levels: 

of asymmetric top molecules, 52, 402 
of Ci, Civ and Cn molecules, 53f 468ft., 
468ff., 475, 477, 470, 481 
of C 3l », Cn, • • • molecules, 2711., 406ft. 
of molecules with internal rotation, 

402I 

of tetrahedral ( T d ) molecules, 89i., 
449 , 450f., 453 

of V and Vh molecules, 54, 402ft., 468ff ., 
475, 481 

A, species, symmetric with respect to an 
axis of symmetry, 105 
A, species (characters and numbers of 
vibrations) of point groups: 

Ci and Ci, 105, 134, 252 
C 3 , C 4 , C 6 , UOt, 136, 252 
D 2 = V, 106, 134, 252 
S 4 , 136, 253 
T, 128 , 139, 253 

A vibrational levels, over-all species of 
rotational levels: 
of C 2 molecules, 463 
of V molecules, 464 

A\, A% modifications of Dn, Du, * • • 
molecules, 29, 415 

Ai, Ai, rotational constants of parts of 
molecule carrying out internal rota- 
tion, 226, 402i. 

Ai, A 2 rotational levels of Dn, Dzd, * * • 
molecules, 28, 406ft. 
missing levels, alternation of statis- 
tical weights, 

A], A 2 , species (characters and numbers 
of vibrations) of point group : 

Civ , 106, 132ft., 234, 252 


A 1 , A 1 (Cont.): 

Car and Dz, 109ft., 128, 136, 234, 252 
C iv , D h Di d = Va, Cn, D 6 , lloL, 136f., 
252f. 

C hv , 111 , 137, 252 
Du, 116, 138, 253 
Dr 252 

Tb and O, 100, 1211., 139, 235, 253, 259 
A\, Ai vibrational levels, over-all species 
of rotational levels: 
of Ci molecules, 102, 462, 463, 470, 475 
of Czv molecules, 407, 408 
of T molecules, 440, 450f. 

.4', A" >pecies (characters and numbers 
ci vibrations) of point group: 

Cn, 1201.. 137, 252 
C, (= Cn), 105 , 134, *52 
Ai, A 1 ", Ai, A" species ; characters end 
numbers of vibrations) of point 
group:. Dn and Dn, 91f., 115ft., \8S, 
179, 252f., 264 

Ax, Ax', Ai, Ai’ vibrational levels, 
over-all species of rotational levels, 
in Dn molecules, 408f. 

A[ u], rotational constant for lowest vibra- 
tional level, 400 
observed values: 

of symmetric top molccu'es, 4261. 
of asymmetric top molecules, 4681. 
A c , rotational constant for equilibrium 
position., 400, 436, 460, 4881. 

A g , A u , species (characters and numbers 
of vibrations) of point group: 

Cn, 106, 134, 252 
Cn and Cn, 1201., 137, 253 
Ci 3 Si, 105, 134, 252 
S 6> 110, 136, 253 

V h s D 2h , 1071., 134, 151, 233, 252, 259 
A 0 , A u vibrational levels, over-all species 
of rotational levels in: 

Cn molecules, 463 
Vh molecules, 464, 470, 475 
A lg , An, Ai 0 , Am, species (characters 
and numbers of vibration) of point 
group : 

Du (= S, v ), 115U, 187, 253 
Dn and Dn, 921., 1171., 138 253 
O h , 1221., 139, 253 

Alg, An, Alg, Alu vibrational levels, 
over-all species of rotational levels, 
in Dzd molecules, 408f. 

A kj, intensity factors of symmetric top, 
4211., 426 
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A[v), rotational constant for vibrational 
level Vi, t> 2 , vz } •••, 400 , 466, 

484 

A[ v]1 effective rotational constants 
for inversion sublevels, 41 424 
a, angle between X — Y bonds in pyram- 
idal XY 3 , 164, 175 

a, angle of rotation of displacement vec- 
tors in degenerate vibrations for 
rotation C Py 88ft. 

a , half the angle between X — Y bonds in 
XY 2 , 146, 149, 161, 228ft. 
a , numbers of vibrations contributed by 
a set of nuclei, 232f. 
a, polarizability, 24®, 261 

ct, polarizability tensor, 24® f., 248, 254, 

258, 260, 269f. 

cti, cc2, • • • cti, rotational constants giving 
decrease of B with Vi, v % , • • • v% in 
linear and spherical top molecules, 
370 , 372ft., 44® 

cu , rotational constants, anharmonic con- 

tributions to, 372, 3761 . , 401, 460f. 

Coriolis contribution to, 373 ft., 401, 
460f., 466 

harmonic contribution to, S70, S7£f., 
401, 460f. 

determination from infrared bands, 
391 , 393ff. 

formulae for, in terms of potential con- 
stants and internuclear distances, 
3761, 401 

a x A , oti B , ai C , rotational constants giving 
decrease of A, B, C with v * in sym- 
metric and asymmetric top mole- 
cules, 4001., 434, 436, 400 , 460 

observed values for H 2 0, 

af", a* + , a?~, rotational constants 
for inversion sub-levels, 41 If. 
a 0 A , a 0 B , rotational constants, 401 
a t f , rotational constant giving depend- 
ence of ft on Vi, 406 

a 1 , a,\ x a] v , a \ z , spherical part of polari- 
zability, 2471, 271 

a 11 , all, a]], completely anisotropic 
part of polarizability, 247 
[a y' v ", matrix element of polarizability, 
269 

[a I ] wV ', matrix elements of spherical 
part of polarizability, 269 
a' 1 , spherical part of derivative of polari- 
zability, 24S 


a t] k, coefficients of cubic terms of poten- 
tial energy, 204i ., 217ff., 376’f. 
as, E component of the polarizability, 
243 

a x x , ct xy , a X z, a yy , • • • components of 
polarizability tensor, 24®ft., 247, 
254\ ff., 269ft. 
species of, 252ft. 

a™, ayy , ajz components of polarizability 
tensor referred to principal axes of 
polarizability ellipsoid, 244 
[a**] nw , ta xx y*", la xy ] nm , [> XJ/ ]* V ', * * * 
matrix elements of components of 
polarizability tensor, 254, 258ft., 
269ft., 441, 443f., 400 
aa, symmetry of vibrational levels of 
C 2v molecules, 102, 106 
A 1 — A 1 Raman transitions of tetrahedral 
molecules, 4^8 

A 1 — Ai vibrational transitions of C 2v 
molecule, rotational fine structure 
of, 475, 477 

Absolute entropy, including nuclear spin 
contribution, 522 

Absolute intensity of absorption lines, 32 
Absolute statistical weight, 16f. 
Absorption coefficient, 261 
Absorption, intensity in, 261 
Absorption spectrum, infrared, 239ft. 

(Chapter III), 870ft. (Chapter IV) 
Accidental degeneracy, 98, 125, 210 , 
215ft. (Chapter II, 5c) 

Accidentally degenerate vibrations, 103 
Accidentally spherical tops, 38, 41 f. 
Accidentally symmetric tops, 22, 32, 34, 
54, 401, 414 
_L bands of, 428 
Raman bands of, 441 ft. 

Acetonitrile, see C 2 H 3 N 
Acetylene, see C 2 H 2 

Active fundamentals in infrared and 
Raman spectra, 239ft., 242ft., 249ft., 
258ft. 

“Active” solvents, 536 
Activity in infrared and Raman spectra, 
of overtone and combination bands, 
251, 261ft. (Chapter III, 2d), 264ff. 
AgC104, silver perchlorate, 336 
Al 2 Br 6 , aluminum bromide, 350 
A1 2 C1 6 , aluminum chloride, 350 
Allene, see C 3 H 4 

Allowed transitions, see Selection rules 
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Alternate missing lines for zero spin of 
identical nuclei, 20, 382 
Alternation of infrared and Raman ac- 
tivity in a progression, 2(13, 264 
Alternation of intensities, see Intensity 
alternation 

Alternation of statistical weights on ac- 
count of nuclear spin, 1611., 27, 372, 
4101. 

Ammonia, sec NH 3 and ND 3 
Amplitudes of nuclei in normal vibra- 
tions, 67, 69, 172 
Analysis of infrared bands: 

of asymmetric top molecules, 59, 484 If. 
of linear molecules, 390 ff. 
of spherical top molecules, 4^4^- 
of symmetric top molecules, 4^4H* 
Angles from vibrational frequencies: 
in non-linear XY 2 , 170 , 342, 353 
in pyramidal XY 3 , 155f., 1631., 17511. 
Angular momentum, 61, 72, 133, 1441T. 
Angular momentum, total, J : 

of asymmetric top molecule, 4%, 43 f. 
of linear molecule, 151. 
of symmetric top molecule, 2211., 26 
Angular momentum of vibrational mo- 
tion, see Vibrational angular mo- 
mentum 

Angular velocity <o, 43 
Anharmonicity constants x,/., 20511. 
of C0 2 , 276 
of HCN, 280 
of H 2 0 and D 2 0, 282 
for isotopic molecules, 2291. 
of N 2 0, 278 

Anharmonicity of vibrations, 201 ft 
(Chapter 11,5) 
causing: 

activity of overtone and combina- 
tion vibrations, 241, 2451., 260, 
265 

removal of accidental degeneracies, 

21011 . 

splitting of degeneracy of higher vi- 
brational levels, 80f., 104, 125, 
128, 21011. 
effect on: 

difference bands, 2681. 
entropy and free energy, 5221. 
heat capacity and heat content, 515, 

516 

isotope shifts, 22811. 
partition function, 5031. 


Anharmonicity of vibrations (Cont.)'* 
causing (Cont ): 

rotational constants a,-, 372, 3761. 
electrical, 241 , 246 
influence: 

for degenerate vibrations, 21011. 
(Chapter II, 5b) 

for non-degenerate vibrations, 20111. 
(Chapter II, 5a) 

on vibrational energy level diagram 
of H 2 0, 207 

on vibrational levels of linear mole- 
cules, 2111., 213 

on vibrational levels of pyramidal 
XY 3 molecules, 212, 214 
mechanical, 241, 246 
without influence on vigorous vibra- 
tional selection rules, 253 
Anharmonic oscillations, 20111. (Chapter 
11,5), 241 

Anharmonic terms in the potential en- 
ergy, 2041. 

determination from rotational con- 
stants on, 377 

as cause of perturbations (Fermi reso- 
nance), 21 511. 

Anharmonic vibrational levels, species 
of, 209 

Anisotropy of molecule, 246H., 271 
Anti-Stokes lines, 20f., 35f., 250f., 261 
Antisymmetric normal coordinates, only 
with even powers in potential func- 
tion, 205 

Antisymmetric in the nuclei, rotational 
levels, 1511., 20, 51ff., 3721.,^ 382 
Antisymmetric vibrational eigenfunc- 
tions, 1011. 

Antisymmetric vibrations, 83, 101f., 112 
giving depolarized Raman lines, 248 
of non-linear XY 2 , 133f., 148 
Applications, 501 ff. (Chapter V) 
as, symmetry of vibrational levels of 
molecules, 102, 106 
AS 4 , arsenic, 164 
AsBr 3 , arsenic tribromide, 297f. 

AsBrClI, optical isomers of, 224 
AsC 1 3 , arsenic trichloride, 164, 177, 224, 
2971. 

AsD 3 , heavy arsine, 224, 302 
AsF 3 , arsenic trifluoride, 164, 177 , 2971., 
303 

AsH 3 , arsine, 302 

As 0 4 , arsenate ion, 322 
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Assignment of frequencies, use of isotope 
effect for, 2:28, 233 f. 

Associated molecules, vibrational fre- 
quencies of, 3341’., 531)1. 

Asymmetric rotator, see Asymmetric top 
Asymmetric top, definition and classical 
motion, 13, 42, 43f. 

Asymmetric top molecules: 

centrifugal distortion in, 401 ., 58, 461, 
485, 488 

Coriolis interaction in, 48611., 482 
infrared rotation spectra, 551 ., 57, 58f. 
infrared rotation- vibration spectra, 
468ft. (Chapter IV, 4b) 
analysis of observed bands, 484ft- 
interaction of vibration and rotation, 
460ft. (Chapter IV, 4a) 
intcrnuclear distances, 480 
moments of inertia and rotational con- 
stants, 44ff., 59, 4601., 471f., 477, 
480, 484, 50f)L 
observed values, 4881. 
perturbations in, 466ft. 

Raman rotation spectra, 50 f. 

Ilaman rotation-vibration spectra, 
480ff. (Chapter IV, 4c) 
rotation and rotation spectra, ^£ff. 
(Chapter 1,4) 

rotational eigenfunctions, 51, 462 
rotational energy levels, 44 , 45ff., 49ff., 
51 

determination of their position from 
spectrum, 59, 485 f., 488 
formulae, 44^-, 480 f. 
influence of nuclear spin, 58ft., 482, 
465 

statistical weights of, 531., 465i. 
sum rules for, 401-, 52, 59, 461, 485 
symmetry properties of, 50, 5 Iff., 
462, 463, 464ff. 

rotational partition function of, 506 i. 
selection rules: 

for rotation spectra, 55f., 59f. 
for rotation vibration spectra, 4881., 
489i. 

type A infrared bands, 48 Off. 
type B infrared bands, 477ff. 
type C infrared bands, 480ft. 
types of Raman bands of, 400t. 
Asymptotic expansions for rotational 
partition functions, 505f. 

Atomic heat of formation, 528 
Avogadro number, 538 


Axial point groups, 5, 6ff., 140 
Azometliane, see C 2 ri6N 2 

B 

h axis (of intermediate moment of in- 
ertia In), 51, 56 
b., broad Raman line, 333 
b, central force in tetrahedral XY4 mole- 
cules, 165f. 

b, Dennison’s potential constant in linear 
XY 2 , 218 

b, b*, parameters in energy formulae for 
asymmetric top, ^7f. 
b, b f , b", b g , b u , b h b 2 , • • • species symbols 
for individual vibrations (see also 
corresponding capital letters), 1241-, 
272 

bu, coefficients in kinetic energy equation, 
73i., 148t. 

B modification of C 2 , C 2v , C 2 h molecules, 
469 

B, rotational constant: 

of asymmetric top molecules, 44ft- 
determination from B for planar 
molecules, 487 

of linear molecules, 14 , 20, 370 

determination from spectrum, 300i., 
39 21., 394, 395 

irregularities due to Fermi and 
Coriolis perturbations, 3781. 
of spherical top molecules, 38, 448 
determination from spectrum, 4841-, 
450 

of symmetric top molecules, 24, 26, 
31, 400 

determination from spectrum, 484 
B rotational levels of C 2 , C 2v and C 2 h 
molecules, 53f., 482ft., 468ff., 475, 
477, 470, 481 

B, species antisymmetric with respect to 
axis of symmetry, 105 
B, species (characters and numbers of 
vibrations) of point group: 

C 2 , 105, 134, 252 
C 4 , 136, 252 
C 6 , 119, 136, 252 
Sa, 136, 253 

B vibrational levels, over-all species of 
rotational levels, of C 2 molecules, 463 
B, average of rotational constants B and 
C, 435, 487 

B\, B 2 , Z?a modifications of V and Vh 
molecules, 480 
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Bi, B 2 , B 3 rotational levels of mole- 
cules, 54, 462 ff. , 468ff., 475, 481 
Biy B 2 , (B 3 ), species (characters and num- 
bers of vitrations) of point group: 
C 2v , 106, 132ft., 234, 252 
C 4 „ Z> 4 , I>2d = Vd, C* v , Aj, 13Gf., 
252f. 

B 4d , 110, 138, 253 
Z> 2 = 7, 100, 134, 252 
Bi , B 2 , (B 8 ) vibrational levels, over-all 
species of rotational levels, of C 2w 
and Vh molecules, 462 , 463, 464, 470 
B[ 0 ], rotational constant for lowest vibra- 
tional level, 071 f., 400 
observed values: 

for asymmetric top molecules, 488i. 
for linear molecules, 393 , 395 f. 
for symmetric top molecules, 4361. 
for tetrahedral molecules, 456 
B a y B b , B c rotational levels of asymmetric 
top molecules, 52, 462 
B e , rotational constant for equilibrium 
position, 370, 400, 436, 446, 456, 460, 
4881. 

observed values for linear molecules, 
393, 3951 

By, B u , species (characters and numbers 
of vibrations) of point groups: 

C 2h , 106, 134, 252 

Cih and C 6 a, 1201., 137, 253 

S 6 , 119, 136, 253 

B g , B u vibrational levels, over-all species 
of rotational levels, 
of C 2 h molecules, 463 
Big, Bin, B 2g , B 2u , (B 3u , B 3m ) species 
(characters and numbers of vibra- 
tions) of point groups: 

D ih and Z)qa, 92f., 1171, 138, 253 
V h = D 2h , 1071, 134, 151, 233, 252, 259 
Big, Biu, B 2g , B 2u , Bzg, B 3u vibrational 
levels, over-all species of rotational 
levels, of Vh molecules, 464, 470, 475 
B t , B n , B % °, B n °, perturbed and unper- 
turbed B values in Fermi resonance, 
378 

B PR , B Q : B values of upper states of P, 
R, and Q branches, 394f. 

B[v), (B 0 lt t> 2 , t> 3 , •••) rotational constant for 
vibrational level v\, v 2 , v 3 •••, 370, 
400, 4461., 460L, 466, 484 
Bjj, Bjij, effective rotational constants 
for inversion sublevels, 41 lf-» 424 


/3, angle between X — Y bond and C 3 a?;is 
in XV 3 , 155f., 1631, 1751 T. 

/3, angle in orthogonal transformation of 
doubly degenerate normal coordi- 
nates, 95 ft., 255 

13, magnitude of anisotropy, 247i., 271 
/3, numbers of vibrations contributed by 
a set of nuclei, 232f. 

j8/, magnitude of anisotropy of derived 
polarizability, 248 

Pijki , coefficients of quartic terms of po- 
tential energy, 204i., 219 
Bi — Ai,B 2 — Ai vibrational transitions 
of C 2v molecules, rotational fine 
structure of, 469, 470ff., 481 
Bln - Ay, B 2n ~ Ay, B 3u - Ay vibra- 
tional transitions of Vh molecules, 
rotational fine structure of, 469, 
470ff., 475, 471, 481 
Bacteria, 225 

Band envelope, indicating band type, 
388, 482ft. 

rough B value from, 391 
Band origin (see also Zero line), 290, 381, 
391,426, 429, 432 
Band types: 

of asymmetric top molecules, 469ft., 
490i. 

from band envelopes, 388, 482ft. 
of linear molecules, 380ft., 399 
of molecules with internal rotation, 
497ft. 

of spherical top molecules, 453ft., 4581. 
of symmetric top molecules, 416ft., 

441K- 

Barrier height, see Potential barrier and 
Potential hill 

BBr 3 , boron tribromide, 178, 299, 302f. 
BC1 3 , boron trichloride, 178 , 299, 302f., 
509 

Bending force constants, 168, 170, 173, 
183, 192ft. 

Bending vibrations, see Bond-bending vi- 
brations 

Benzene, see CeHe and CeDe 
B-F distance, 438 
BF 3 , boron trifluoride: 
electron diffraction, 298, 438 
force constants, 178 , 298 
form of normal vibrations, 179 
fundamentals, observed infrared and 
llaman spectra, 298f. 
internuclear distance, 438 
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BF a (Cont.): 
isotope effect, 298 

moments of inertia and rotational con- 
stants, 487 

plane symmetrical structure, 208i. 
vibrational angular momentum in, 402 
B 2 Il 0 , diborane, 350f. 

B3H0N3, triborine-triamine, 368f. 

BH3O3, boric acid, 342 
Bids, bismuth trichloride, 164, ^77, 224, 
2971. 

Binary combination bands, 261 , 288 
Binary combinations: 

of a non-degenerate and a degenerate 
vibration, species of, 125i. 
of non-degenerate vibrations, species 
of, 124, 

of two different degenerate vibrations, 
species of, 1201. 

BOjf, metaborate ion, 287f. 

Boltzmann's constant ( k ), 19, 501, 521, 
538 

Boltzmann factor, 251, 261, 207f., 478 
Bond-bending force constants, 168, 170, 
173, 183, 192ft. 

Bond-bending frequencies, 194i., 1981. 
Bond-bending vibrations, 194ft. , 272, 333 
limitations of concept, 199 ft. 

Bond frequencies, characteristic, 194 ff- 
Bond-stretching force constants, 168, 
170, 173, 183, 192ft. 

Bond-stretching frequencies, 194ft-, 198L 
Bond-stretching vibrations, 194ft-, 201, 
272, 316 

limitations of concept, 199ft. 
“Borrowing" of intensity in Fermi reso- 
nance, 266, 327, 332 

Bose statistics, 16ff., 28, 372, 409f., 465, 
480 

Branches in bands, see 0, P, Q , R, S 
branches 

“Breathing" vibration of CeHe, 366 
Br03“, bromate ion, 302f. 

Broadening of fine structure lines with 
increasing pressure, 53 If. 

Broadness of non-totally symmetric Ra- 
man lines, 444, 445f., 491 , 532 

C 

c axis (of largest moment of inertia I a), 
51 , 56, 462 

c, velocity of light, 160, 538 


c t k, coefficients in transformation to nor- 
mal coordinates, 73i. 

Cik, potential constants for symmetry co- 
ordinates, 147 f., 155f., 162, 176, 188 
C , rotational constant of asymmetric top 
molecules, 44ft* 

determination from B for planar mole- 
cules, 487 

Ci, point group, 5, 11, 105 , 508 
C 2 forms of C 2 II 4 C1 2 and similar com- 
pounds, 347ft. 

C 2 molecules: 

numbers of vibrations of each species, 
134, 349 

over-all species of rotational levels, 
462, 463 

rotational selection rules, 442f., 468. 
490 

statistical weights of rotational levels, 
531., 495 

vibrational selection rules for (activ- 
ity), 349 

C 2 , point group, 5, 6, 11, 462, 508 

species of, 105, 462 

relation to those of other point 
groups, 237 

C 2 , two-fold axis of symmetry, 2 
C%, two-fold axis, diagonal to other C 2 , 
perpendicular to C 4 , Ce, •••, 1 13f ., 
117 

C 2 n , two-fold axis coinciding with C y 4 , C 6 , 
113f., 116f., 119ff. 

C3 molecules: 

numbers of vibrations of eacli species, 
136 

statistical weights of rotational levels, 
27 

symmetry properties (over-all species) 
of rotational levels, 406i., 408 

vibrational selection rules for, 252 
C3, point group, 5, 6, 11, 406, 508 

species and characters of, 119i., 126f., 
129 

C iy three-fold axis of symmetry, 2 
Ci, Ci 2 , rotation by 120° and 240° about 
a three-fold axis, 84 
C 4 molecules: 

numbers of vibrations of each species, 
136 

vibrational selection rules for, 252 
C 4 , point group, 119ff., 126f., 129, 508 
C5 molecules, vibrational selection rules 
for, 252 
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Cb f point group, 119, 126f., 129 
Cfi molecules: 

numbers of vibrations of each species, 
13(1 

vibrational selection rules for, 252 
Cg, point group, 119(5.,, 126f., 129, 508 
C Q o, infinite axis of symmetry, Si. 

C*>, ]>oint group, species and characters 
of, 119 

C*, rotation by angle (p about Coo, 83, 
84, 87, 112 

C[ 0 ], rotational constants of asymmetric 
top molecules, observed values, 48Si. 
C 2 °, C 2 6 , C 2 c symmetry operations of 
momcntal ellipsoid of asymmetric 
top, 51, 5G 

C n rotational constant for equilibrium 
position of asymmetric top mole 
cules, 460, 4$ Si. 

Cu, see C s 
C2J1 molecules: 

numbers of vibrations of each species, 
184 , 349 

over-all species of rotational levels, 
402 , 463 

rotational selection rules, 442f., 4(J8i., 

400 

statistical weights of rotational levels, 
53i, 

vibrational selection rules for (ac- 
tivity), 252, 349 
C 2 /,, point group, 6f., 11, 508 

relation of species to those of other 
point groups, 237, 329, 358 

species and characters of, 106, 114, 120 
C3/1 molecules: 

numbers of vibrations of each species, 
137 

over-all species of rotational levels, 
i06i., 408 

vibrational selection rules for, 252 
Cm, point group, 6, 8, 11, 358, 508 

.species and characters of, 120i., 120f., 
129 

C4* molecules: 

numbers of vibrations of each species, 

m 

vibrational selection rules for, 253 
Cm, point group, 5, 120i., 126f., 129, 508 
Cm molecules, vibrational selection rules 
for, 253 

Cbh t point group, 121, 126f., 129 


Cm molecules: 

numbers of vibrations of each species, 
187 

vibrational selection rules for, 258 
Cm, point group, 120i., 126f., 129, 508 
C t molecules: 

numbers of vibrations of each species, 
134 

rotational selection rules for, 490 
vibrational selection rules for, 252 
C t (= &*) point group, 5 , 6, 11, 508 
species of, 105 

reUlion to those of C 2 *, Dm, Dm, 
J37 

C v , molal heat capacity of real gas, 517 
C p , p-fold axis of symmetry, 2i . 

C p , point groups, 5, 119P. 

C p °, molal heat capacity at constant plea- 
sure, 512i., 517 

C { Pt f.i.r., contribution of free internal ro- 
tation to heat capacity, 51 7 
C p h, point groups, 7f., 34, 120i. 

C° Pt mt, molal heat capacity due to inter- 
nal degrees of freedom, 513 
C° t i. r ., contribution of (hindered) inter- 
nal rotation to heat capacity, 518f. 
C° pr , rotational heat capacity, 513 , 514, 
517 

C° pv , vibrational heat capacity, 5135., 517 
C p 8 , C v l , C p u , heat capacities of solid, 
liquid and gas, 523f. 

C pv , point groups, 55., 116 
C a molecules: 

numbers of vibrations of each species, 

184 

rotational selection rules for, 490 
vibrational selection rules for, 252 
C s (= Civ), point group, 7, 11, 443, 508 
species of, 105 

relation to those of other point 
groups, 237 

(7[„], rotational constant for vibrational 
level v\, V2, V3, • • •, 4®0i-i 466, 484 
Ci„(= C a ), point group, sec also C 8 , 7, 11 
Civ molecules: 

intensity alternation in fine structure 
of infrared bands, ^75 f., 4^9 f., 482 
numbers of vibrations of the different 
species, 1325., 349, 361 
ortho and para modifications, 53f., 
468i. 

rotational selection rules, 441f., 468i. 



576 


SUBJECT INDEX 


Civ molecules (Cont.): 
symmetry properties (over-sill species) 
of rotational levels, 52 f., 4 ( >2, 463, 
465 

types of Coriolis perturbations, 466 
types of infrared bands, 469, 470ff., 
475, 477, 480, 481 

vibrational selection rules for (activ- 
ity), 252, 259, 349, 351, 353, 361 
C 2 r, point group, 6f., 11, 508 
species and characters of, 1 06, 114, 126 
relation of species to those of other 
point groups, 234 , 2 36 ft., 329 
Ca v molecules: 

A and E modifications of, 41 & 
difference bands involving degenerate 
vibrations, 268i. 

intensity alternation in infrared bands, 
418, 432f. 

with inversion doubling, 412f., 422, 
423f. 

number of vibrations of each species, 
1351, 139 

rotational partition function, sym- 
metry number, 507i. 
rotational selection rules, 29, 34, 414l-> 
44 444 

statistical weight of rotational levels, 
27 L, 409L 

symmetry properties (over-all species) 
of rotational levels, 406 f., 408f. 
types of Coriolis perturbations, 4H 
types of infrared and Raman bands, 
416ft., 441ft. 

vibrational selection rules for, 252 
Czv, point group, 6f., 11, 406, 508 
relation of species to those of Ta , C 8 , 
236ft. 

rotational subgroup of, 406 
species and characters for, 109ft., 114, 
125ft., 128ff. 

Cav molecules: 

numbers of vibrations of each species, 

136 

selection rules for, 252, 441, 443 
Civ , point group, 7, 11, 112ft., 126f., 129, 
508 

molecules: 

numbers of vibrations of each species, 

137 

selection rules for, 252, 443 
Chv, point group, 7, 111 , 126f., 129 


Cc,» molecules: 

numbers of vibrations of each species, 
137 

selection rules for (activity), 252, 363, 
443 

Ceu, point group, 7, 11, 508 
relation of species to those of Dm, 237, 
363 

species and characters of, 11 4 > 126f., 
129 

C 7o , point group, 111 

C Sv , point group, 116, 126f., 129 

Coo,, molecules: 

internal partition functions, 509 
numbers of vibrations of each species, 
137 

rotational selection rules, 19i., 3791., 
398f. 

symmetry properties of rotational 
levels, 15, 372, 373 

types of infrared and Raman bands, 
380ft., 399 

vibrational selection rules for, 252 
Coo„, point group, 7, 11, 13, 508 
species and characters of, llli., 125ff., 
128f. 

X, angle of internal rotation, 225f. 

X, anharmoriic term in vibrational eigen- 
function, 209 

X, character of species for a given sym- 
metry operation, 108ft., 121f. 

X, Eulerian angle, 26, 406 
Xc ik) , Xd {L) , • • ■> characters of species C, 
D, • • • , for operation k, 130, 236 
cal/molc chem., 538 
Carbon dioxide, see C0 2 
Carbon disulfide, see CS 2 
Carbon suboxide, see C 8 0 2 
Carbon tetrachloride, see CCI 4 
Cartesian coordinates, solution of secular 
equation in, 140 ft . 

C— Br bond: 
force constant, 193 
distance, 439 
frequencies, 195 

CBr 4 , carbon tetrabromide, 167, 182, 322 
C 2 Br 4 , tetrabromoethylene, 336 
C 2 Bre, hexabromoethane, 350 
CBrCls, CBr 2 Cl 2 , CBrCl a , 322 
C 2 Br 2 ClF 8 , (CF 2 Br — CFCIBr), 350 
CBrD 3 , heavy methyl bromide (see also 
CH 3 Br), 314ft . 

CB^D, heavy bromoform, 322 
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CBr 2 F 2 , dibromo-difluoromethane, 322 
C 2 Br 2 F 4 , dibromo-tetrafluoroethane, 350 
CBrN, cyanogen bromide, 174 , 102, 287 
CBr 3 N0 2 , tribromonitromethane, 342 
C — C, C=C, C=C bonds, force con- 
stants, 192a., 324, 341, 357 
C — C distance, 324, 44 0 
C=C distance, 4 39 
C==C distance, 3971., 440 
C — C, C=C, C^=C frequencies, 195 1., 
304, 324ff., 328, 332f. 

C — C radical, 193 

C — C stretching vibration, 198, 343, 345, 
355, 357, 360ff. 

C=C stretching vibration, 8251., 339f., 
355 

C=C stretching vibration, 196 , 199, 288, 
323, 357 

C — Cl bond, force constant, 193 
C — Cl distance, 439 
C — Cl frequencies, 195 , 228, 317, 332 
C— Cl radical, 193, 310 
CC1 2 group, vibrations characteristic of, 
318 

CC1 4 , carbon tetrachloride: 

Fermi resonance in, 310 , 312 
force constants, 157, 167, 182 
fundamentals, 157, 3101 . , 319 
isotope effect, 310 

observed infrared and Raman spec- 
trum, 250f., 261, 3l0ff. 
symmetrical tetrahedral structure, 38, 
310f. 

C 2 C1 4 , tctrachloroethylenc: 

correlation of normal vibrations to 
those of C 2 H 2 C1 2 , 3291., 332 
force constants, 184 , 186, 329 
observed infrared and llaman spectra, 
3281. 

point group is Vh, 328 
CoCln, hexachlorocthane, 350f. 

CeCle, hexachlorobenzene, 157, 368 
CClDa, heavy methylchloride (see also 
CII3CI), SlJfi. 

CCI 3 D, heavy chloroform, 3161., 320 
C 2 C1 2 D 2 , heavy dichloroethylene, 329, 332 
C 2 C1 4 D 2 , heavy tetrachloroethane, 348 
CCIF 3 , CC1 2 F 2 , CCI 3 F, 320, 322 
C 2 C1 2 F 2 , dichloro-difluoromethane, 336 
C 2 C1 2 F 4 , C 2 C1 3 F 3 , C 2 C1 4 F 2 , 350 
CC1N, cyanogen chloride, 174, 192, 287 
form of normal vibrations, 174 
C 2 CI 3 N, trichloromethylcyanidc, 336 


CCl3N0 2 , trichloronitrometliane, 342 
CC1 2 0, phosgene, 179, 302 
C 2 C1 2 0 2 , oxaiylchloridc, 336 
C 2 C1 3 0 2 "“, trichloroacetate ion, 342 
CC1 2 S, thiophosgene, 302 
C — I) distance in Cl) 4 , 456 
C— D vibration, 197, 291, 301, 306, 367 
CD 4 , heavy methane: 

Fermi resonance in, 307 
force constants, 167, 182 
fundu mentals, 3061., 309 
infrared inactive vibration 307 
intei nuclear distance, moment of in- 
e?Va and rotational constant, 456 
isotope effect, 23511. , 307 
observed infrared and Raman spectra, 
30611. 

thermal distribution of rotational 
levels, 40f. 

zero-order frequencies, 307 
C 2 D 2 , heavy acetylene: 
force constants, 180, 189 
fundamentals, 291, 293 
isotope effect, 291 

observed infrared and Raman spectra, 
289, 291, 293 

statistical weights of rotational levels, 
intensity alternation, 16, 18, 382 
C 2 D 4 , heavy ethylene (see also C 2 H 4 ) : 
force constants, 184, 186, 328 
fundamentals, 82511. 
internuclear distances, 439 
isotope effect, 2831., 327 
moments of inertia and rotational con- 
stants, 4371. 

observed infrared and Raman spectra, 
32511. 

statistical weights of rotational levels, 
intensity alternation, 54l> 

C 2 II 6 , heavy ethane (see also C 2 H 6 ), 342 a. 
Fermi resonance in, 345 
fundamentals of, 343a. 
observed infrared and Raman bands, 

3441. 

C 6 D 6 , heavy benzene (see also Celle), 
362a. 

absence of Fermi resonance in, 3661. 
fundamentals, 363a. 
with heavy carbon isotope C 13 , 368f. 
inactive fundamentals, »%‘7f. 
isotope effect, 367 

observed infrared and Raman spectra, 

864a., 368 
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CdBr 4 — , complex ion, 322 
CDN, heavy hydrogen cyanide: 
fundamentals of, 280 
rotational constant Z?[ 0 j and moment of 
inertia /[oj, 396 

CD fi N 3 + , heavy guanidinium ion, 360 
CD 3 NO 2 , heavy nitromethane, 342 
CD 2 O, heavy formaldehyde: 
calculation of frequencies, 301 
Coriolis interaction in, 467f., 481 
observed infrared spectrum, 8001. 
CD 4 O, heavy methanol, 335 
CD 2 O 2 , heavy formic acid, 323 
C 2 O 4 O, heavy acetaldehyde, 342 
CdBr 2 , CdCI 2 , Cdl 2 , cadmium bromide, 
chloride and iodide, 287 
Center of mass, at rest in normal vibra- 
tions, 144f. 

Center of symmetry, 2 

effect on spectrum, 256ft., 288 
Central forces, assumption of, for the 
calculation of vibrational frequencies 
and force constants, 159ft. (Chapter 
II, 4c) 

check on consistency, 160i., 230 
linear triatomic molecules, 161 i. 
plane more-than-triatomic molecules, 
162 

non-linear XY 2 molecules, 1601. 
for pyramidal XY 3 molecules, 162ft. 
tetrahedral X 4 , 1641. 
tetrahedral XY 4 molecules, 165ft. 
Central force coordinates, lfy2i., 149 
Central for<;e system, see Central forces, 
assumption of 
Centrifugal distortion: 

effect on heat capacity, 51 4 
effect on rotational partition function, 
507 

influence: 

for asymmetric top molecules, 491., 
58, 461, 485, 488 
for linear molecules, IJfi., 871 
for spherical top molecules, 38, 447, 
452 

for symmetric top molecules, 26, 31, 
35i., 400 , 418, 434 
Centrifugal force, 8781. 

Centrifugal stretching, see Centrifugal 
distortion 

C — F bond, force constant, 193 
C — F distance, 439 
C — F frequencies, 195 


CF 4 , carbon tetrafluoride, 167, 182 , 322 
C — H bending vibrations, 194ft., 279, 
288, 355, 363 
C— H bond: 

dipole moment of, 239, 265 
force constants of, 1921., 196, 440 
C — H distance, 3971., 489, 4551. 

variation in different molecules, 440 
C — II frequencies, sec C — II stretching 
and bending vibrations 
C— II radical, 193 

C — H stretching vibrations, 194ft., 279, 
288, 291, 306, 315, 317, 319, 321, 
323, 325f., 332f., 337, 340, 343, 345, 
351ff., 355, 3571., 363, 367, 440 
CII 2 bending vibrations, 341, 351f. 

CII 2 deformation vibrations, 1941., 3251., 
340, 351f., 355, 360f. 

CII 2 group: 

force constants of, 161, 170, 1911. 
vibrations characteristic of, 161, 1941., 
197, 3181., 340 

CJI 2 rocking vibrations, 318f., 341, 351f., 
355, 360ff. 

CH 2 twisting vibrations, 341f., 351f., 
360f. 

CII 3 deformation vibrations, 1941., 333, 
339, 343, 345, 3531L, 357, 360f. 

CH 3 group: 

internal vibrations of, 1941., 197, 334, 
343, 355, 3G0f. 
moment of inertia, 512, 525 
CII 3 rooking vibrations, 333, 343, 353ff., 
357f., 360ff. 

CII 3 twisting vibration, 343, 3531T., 357f., 
360f. 

CH 4 , methane: 

absence of rotational infrared and Ra- 
man spectrum, 41 f- 
bands in atmospheres of giant planets, 
3 ° 7f . 

Fermi resonance in, 307 
fine structure of infrared bands, 454f., 
456, 457 

fine structure of Hainan band v$, 489 
force constants, 167, 182 
form of normal vibrations, 100 
fundamentals, 3061., 309, 315, 319, 454, 
456 

change in liquid and solid state, 535 
heat capacity of, 5161. 
internuclear distances, 489, 456 
isotope effect, 285ft., 307, 3091 . 
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C\U (Cont.): 

moment of inertia. and rotational con- 
stant, 437, h f., 450, 512 
numbers of vibrations of each species, 
12 If., J/,0, 30() 

observed infrared and Raman spectra, 

ms ff. 

overtone and combination bands, 3071., 
455i T. 

])artition functions of, £07f. 
perturbations in, 308, ^/7~f., 4'T^ff. 
photographic, infrared bands, #07f., 457 
polarizability ellipsoid, 244, 246, 248 
potential constants, 310 
statistical weights of rotational levels, 

30, Jfil 

structure of bands in liquid state, 531 
sub-bands of overtone and combina- 
tion hands, 3081. 

symmetry properties of rotational 
levels, *39f., 4491'f. 

tetrahedral, Ta, symmetry, 9, 10, 38, 
43, 303 

thermal distribution of rotational 
levels, 40f. 

f, values of v 3 and v\, 455 
zero-order frequencies, 307 
O2II2, acetylene: 

bond-stretching and bending vibra- 
tions, 106L 

fine structure of (photographic.) infra- 
red bands, 385, 387, 388, 390 
force constants, 157, ISO, ISO, 192, 306, 
339 

form of normal vibrations, 181, 292 
fundamentals, 240, 2881T., 388 
change in liquid state, 535 
heat capacity, 517 

influence of anharmonicity for degener- 
ate vibrations, 212, 213 
intensity alternation, 333, 385, 387, 388 
internuclear distances, 3071. 
isotope effect, 330, >01 . 
isotopic exchange reaction with C2D2, 
528 

linear symmetrical structure, 31, 3831., 

384 

Z-t.ype doubling, 379, 390 
observed infrared and Raman spectra, 
38811 . 

overtone and combination bands, 267, 
388H., 385, 390 

perturbations in, 319 , 289, 379 


Cslla (Cont.): 

photographic infrared bands, 288, 
30()L, 385 

rotational constants and moments of 
inertia, 31, 303, 397 
rotational Raman spectrum, 21 
statistical weights of rotational levels, 
16, 18, 372, 383 
Coll 4, ethylene: 

activity of fundamentals, 240, 243, 325 
Coriolis interaction in, JJ17 
equilibrium with 1I 2 and C2IIG, 530 
Fermi resonance, 327 
fine trueture of infrared bands, 435, 
4<Jffi., 474, 479, 4811., 483 
force constants, 157, 18 ^ 186, 191f., 
328 

four non-combining modifications, 55, 
480 

free energy, 530 
f u in la mentals, 32511. 

change in liquid state, 535 
geometrical structure, 8, 325 
heat capacity, 517 
identical potential minima, 220 
intensity alternation, 477, 480, 482 
internuclear distances, 430 
isotope effect, 2331., 326f. 
moments of inertia and rotational con- 
stants, 60, 233, 4371. 
normal vibrations: 

form, numbering, and species of, 
107, 325f. 

correlation to those of G2TI2CI2, 
3201., 333 

observed infrared and Raman spectra, 
325ft. 

over-all species of rotational levels, 4 ( >3 
overtone and combination bands, 328 
potential energy and energy levels for 
torsional oscillation, 2251T. 
correlation to free rotation, 494, 495 
rotational partition function, 507 
rotational Raman spectrum, 80 
statistical weights of rotational levels, 
54 1., 4851. 

stretching and bending vibrations, 107, 
32511. 

torsional frequency, 337, 338, 332, 491 
occurrence in infrared absorption on 
account of Coriolis interaction, 
338, 458, 407 
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C2H6, ethane: 

absence of free internal rotation, 843, 
407, 5181., r,30 

activity of normal vibrations, 348 
entropy, 343 , 52 4, 52 5f. 
equilibrium with C 2 II 4 + II 2 , 530 
Fermi resonance, 345 
force constants, potential function, 
157, 185, 191f., 339, 346 
free energy, 530 
fundamentals, 343K. 

change in liquid and solid state, 535 
geometrical structure, point group, 6, 
8, 3'r2ft., 351 
heat capacity, 343 , 51 Of. 
identical potential minima, 220 
internuclear distances, 440 
moments of inertia and rotational con- 
stants, 437, 512 
normal vibrations: 
designation, species, activity, 343 
form of, 115 

observed infrared and Raman bands, 

3441 

potential barrier opposing free rota- 
tion, 227, 3431. , 5191., 530 
potential energy and energy levels for 
torsional oscillation, 225fT., 343 
correlation to free rotation, 495 
rotational energy levels: 

effect of internal rotation on, 493f., 
495 

symmetry properties and statistical 
weights, 406, 411 

rotational partition function, 5101. 
torsional frequency, 227, 8431., 491 
C 3 H 4 , allene: 

force constants, potential function, 
191, 340 

fundamentals, 3891. 
geometrical structure, point group 
(V d ),6 ,8,339 

observed infrared and Raman spectra, 

3391. 

stretching and bending vibrations, 197, 
304, 340 

C3H4, methyl acetylene: 

Fermi resonance, 339 
fine structure of photographic infrared 
band, 419 , 420f. 

force constants, potential function, 
185, 194, 339 


CJI 4 (Cont.): 
fundamentals, 837K. 

change in liquid state, 535 
geometrical structure, linear arrange- 
ment of C — C=C — H chain, 337 
heat capacity, 51 7 
internuclear distances, 4W 
moments of inertia and rotational con- 
stants, 437 

observed infrared and Raman bands, 
267, 33711. 

C 3 H 6 , cyclo-propane: 
force constants, potential function, 
172, 191, 353 
fundamentals, 35111. 
geometrical structure, 3521., 440 
heat capacity, 517 
internuclear distances, 440 
moments of inertia and rotational con- 
stants, 437 

normal vibrations, designation, species, 
activity, relation to O 2 II 4 O, 8511. 
observed infrared and Raman spectra, 
8521. 

overtone bands, 264, 352 
rotational levels, symmetry properties 
and statistical weights, 406, 41 1 
(^TIg, propylene: 

force constants, potential function, 
191, 354 

fundamentals, 3541. 
observed infrared and Raman spectra, 
354 1. 

potential barrier opposing free rota- 
tion, 355, 520 
C 3 II 8 , propane: 
fundamentals, 36011. 
geometrical structure, 85911. 
normal vibrations, designation, species, 
and activity, 3601. 

observed infrared and Raman spectra, 
8611. 

potential barrier hindering internal ro- 
tation, 359, 520 

rotational partition function, 511 
C 4 H 2 , diacetylene: 

force constants, potential function, 
185, 191f., 324 

form of normal vibrations, 324 
fundamentals and other observed infra- 
red and Raman bands, 32311. 
a linear molecule, 3231. 
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C4II2 (Cont.): 

statistical weights of rotational levels, 
18 

stretching and bending vibrations, 
1961., 199 , 323f. 

C4H4, vinyl acetylene, 350 
C4H6, butadiene, 300 
C4H6, dimethyl acetylene: 

entropy, contribution of internal rota- 
tion, 524, 525f. 

Fermi resonance, 357 
force constants, potential function, 
185, 194, 357 

free internal rotation, 356 , 491f., 494, 
497, 518 , 520 
fundamentals, 3571. 
geometrical structure, 356 
heat capacity, 5171. 
normal vibrations, designation, species, 
and activity, 3561. 

observed infrared and Raman spectra, 
3571. 

rotational partition function, 5101. 
C 4 H 6 , ethyl acetylene, 300 
C 4 H 8 , butene -1 and -2, 368, 520 
C 4 H 8 , cyclobutane, 368 
C 4 H 8 , 2-methyl propene-1, 520 
C4H10, isobutane, 303, 511, 520 
C4H10, n-butane, 520 
C 5 H 6 , cyclopentadiene, 362 
C5H10, cyclo-pentane, 346 
C B II 12, iso-pentane, 520 
C5H12, tetramethyl-methane: 
geometrical structure, 9, 10 
number and activity of vibrations, 140 
potential barrier hindering internal ro- 
tation, 520 

rotational partition function, 511 
valence forces in, 185, 323 
C5H12, n-pentane, 520 
Celifi} benzene, coincidences of infrared 
and Raman frequencies, 366 
Fermi resonance, 3661. 
fine structure of infrared bands, 365, 
433, 532 

force constants, potential function, 
157, 191, 367f. 
fundamentals, 36311. 

change in liquid and solid state, 535 
point group of, geometrical structure, 
5 , 6, 9, 36211., 367 
inactive fundamentals, 3671. 
isotope effect, 367fl. 


C 6 H 6 (Cont.): 

normal vibrations, form, designation, 
species, and activity, 118, 3631. 
observed infrared and Raman spectra, 
36 4H. 

overtone and combination bands, 364f., 
368 

partly deuterated, 369 
species of higher vibrational levels, 130 
statistical weights and species of rota- 
tional levels, 411 
C 6 Hj‘, cyclohexane, 369 
C 7 IC, toluene, 157, 235, 511 
ChHio, o-, m-, p-xylene, 235, 520 
C 8 lf i2> totramethylcthylene, 335 
C9TI12, mcsitylene, 235 
C12II10, biphenyl, 511 
C3II9AI, trimothylaluminum, 303 
Characters, (see also individual point 
groups), 10811. 

of non-degenerate and d 'ubly degener- 
ate species, 10911. 
of triply degenerate species, 1211. 
of resultant species from component 
species, 12411., 236 

for various symmetry operations, 10911. 
Characteristic bond (group) frequencies, 
194K. 

conditions for occurrence, 19511., 1981. 
limitations of concept, 2001., 316 
splitting in molecules with several 
equivalent groups, 1961., 199 
of X 2 CO as function of mass, 200f. 
C3H9AS, trimethylarsine, 303 
CIIBr 3 , bromoform, 320, 322 
CII 2 Br2, dibromomethane, 322 
CH 3 Br, methylbromide: 
fine structure of infrared bands, 429, 
430, 431 f. 
fundamentals, 315 
internuclcar distances, 4&9l. 
moments of inertia and rotational con- 
stants, 436H. 

observed infrared and Raman spectra, 
314, 3l5f. 

C 2 H 2 Br 2 , cis, trans dibromoethylene, 336 
C2ll2Br 4 , tetrabromoethane, 350 
C 2 H 3 Br, bromoethylene, 336 
C2lI 3 Br 3 , C 2 H 4 Br 2 , C 2 H 6 Br, 350 
C 3 H 3 Br, inethyl-bromoacetylene, 342 
C 3 H6Br 2 , C 3 H7Br, and other halopro- 
panes, 362 

C 4 Il5Br, ethyl-bromoacetylene, 360 
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CeHsBrs, Cel^Br*, polybromobenzcncs, 
308 

CfillgBr, bromobcnzoiic, 157, 368 
CII BrCl 2 , bromo-dichloro-mcthanc, 
250f., 820i. 

CIIBr 2 Cl f chloro-dibromomothanc, 8.20 f. 
CIIgBrCl, bromochloroinethane, 322 
CsI^BrCl, broino-chlorocthylenc, 220 
CgHaBriCla, dibromo-dichloroetlianc, 5, 6 
C/sliiBrCl, bromo-chloroethane, 350 
CallxBrCls, broino-dieh loro-benzene and 
nthc ’ 1 trihalobcnzenes, 368 
Cl IBrCIF, bromo-chloro-fiuoromcthanc, 
322 

CiUiBrCIF, bromo-chloro-fluoroctliano, 
360 

C 2 ll 4 BrD, etliyl bromidc-di, 350 
CIIBrF 2 , CIlBr 2 F, bromo-fluorometh- 
ancs, 322 

CIIoBrI, bromo-iodomcthanc, 322 
CgHsBrO, acetyl bromide, 342 
CsHaBrO, propionyl bromide, 360 
CIIC1 group, vibrational frequencies of, 
882 

CHCls, chloroform: 
fundamentals, SUif., 319, 3,20 
change in liquid state, 535 
isotope effect, 23/J. t 317 
observed infrared and Hainan spectra, 
310L 

polarization in Raman spectrum of, 
270, 317 

statistical weights of rotational levels, 
411 

Crr 2 Cl 2 , methylene chloride: 
form of normal vibrations, 318 
fundamentals, 317f., 319f. 

correlation to those of CII 4 , CII 3 CI, 
CHClg, CCI 4 , 319 
geometrical structure, 6 f., 317f. 
observed infrared ami Raman spectra, 

sm. 

statistical weights of rotational levels, 
53 

CII3OI, methyl chloride: 

A and E (ortho and para) modifica- 
tions, 41 S 

|| and _L bands, 812S. 
entropy, 523f. 

Fermi resonance, 31.2, 314 
form of normal vibrations, 314 
fundamentals, 812 f., 315, 319 
change in liquid state, 535 


CU3CI (Cont.): 

geometrical structure, 6 f., 22, 312 
internuclear distances and angles, 433 f. 
isotope effect, 228, 284 f., 312, 8 I 4 I. 
moments of inertia and rotational con- 
stants, 437L 

observed infrared and Raman spectra, 
812ft. 

rotational partition function, 307 
stretching and bending vibrations, 107, 
333 

thermal distribution of rotational 
levels, 30 

C 2 TICI 3 , trichloro-ethylene, 336 
O 2 HCI 5 , pcntachloro-ethane, 350 
CjlMla, cis and trails dichloro-ethylene: 
fundamentals, 8201, 
normal vibrations: 

correlation to those* of V ), (C 2 II 1 and 
C 2 C1 4 ), 320 f., 33.2 
form of, 331 f. 

number, species, and activity, 3 2 ( if. 
observed infrared and Raman s])ectra, 
320ft. 

point group of, 3:201., 346 
statistical weights of rotational levels 
53 

C 2 II 2 C/I 4 , 1 , 1 , 2 , 2 -tetrachloro-ethane: 
electron diffraction, 3501'. 
fundamentals, OJfii. 

Raman spectrum, 348 H. 
rotational isomers of, 3 / f (j if. 
trails form most stable, 83 Of. 

O 2 TI 3 CI, iiionocliloro-ethylene, 336 
C 2 II 3 CI 3 , 1 , 1 , 1 -trichloro-ethane, torsion 
oscillation, 111, 125, 350, 520 
C 2 H 4 CI 2 , 1 , 2 -diehloro-cthane: 
electron diffraction and dipole mo- 
ment, 349 
fundamentals, 849f. 
observed infrared and Hainan spectra, 
348tt. 

liotential energy as a function of angle 
of twist, 347 

rotational isomers of, 220, 84(1, 347 If. 
trails form more stable than C 2 form, 
349, 351 

C 2 H 4 CI 2 , 1,1-dichlorocthane, 350 
C 2 II 5 CI, chloro-ethane, 175, 350 
C 3 II 3 OI, methyl-chloroacetyleiie, 342 
C 3 H 7 CI, propylchloride, 362 
CeHClg, pentachlorobenzene, 157, 3(58 
CfiHaCU, tctrachlorobenzencs, 157, 368 
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CVJI3CI3, 1 ,3,5-trichlorobcnzene, 6, 8, 
157, MS 

GVliCl?, di chlorobenzenes, 157, 201, 271, 
308 

CrJW'l, chlorobenzene, 157, .368 
0 2 IIiClBr, l-(diloro- 2 -bromoethane, 185 
(V.H>( la Hi's, dichloro-dibromobenzene, 
6 f. 

(IflClFs, difhioro-chloromethanc, 322 
01IC1 2 F, dichloro-fluoromc thane, 320, 
322 

0 II 2 C 1 F, ehloro-fluoromcthane, 320, 322 
C2HCIF4, tetrafluoro-chloroethane, 350 
C 2 HCI 2 F 3 , trifluoro-dichloroethanc, 350f. 
C-oIK'liF, tetraehloro-fluoroethaiie, 350 
CfiH^UF, fluorochlorobenzene and other 
dihalogenated benzenes, 308 
CJII2CII, chloro-iodomethane, 322 
O2TI4CIT, chloro-iodoethane, 350 
C2HCJI2N, 0 2 I laClN, di-and mono-chloro- 
aeetonitrile, 330 

CsTIsCHaNOy triehloroacetamide, 350 
C * 2 1 IClgf >2, C2H2CI2O2, tri- and di-chloro 
acetic acid, 350 
C3H3CK), acetyl chloride, 342 
C 2 U 3 CI 3 O 2 , chloral hydrate, 3G0 
CsIIfiCHO, ethylene chloroliydrin, 350 
CaTIfiCIO, propionyl chloride, 300 
CIID3, jnethane-f/ 3 , 238, SOU 1 . 

CII 0 II 2 , methylene deuteride, 53, 238, 
309 f. 

CII3I), methyl deuteride: 
fundamentals, SOI) 1., 320 
internuclear distances, 439 
isoto])C elTect, 238 

moments of inertia and rotational con- 
stants, 4871. 

observed infrared and Hainan spec- 
trum, 309 [. 

0 2 IID, aeetyleinw/i: 

C — II and C — D vibration in, 197, 291, 
292 

fine structure of photographic infrared 
band, 386 

form of normal vibrations, 292 
fundamentals, 289, 39 If. 
isotope effect, 2S9 

observed infrared and Raman spectra, 
289, 291 f., 386 

overtone and combination bands, 289, 
292 

rotational constants and moments of 
inertia, 890 9 397 


C 2 IID 3 , ethylene-ds, 328 
(I 2 II 2 D 2 , ethylene-r/ 2 , 53, 221, 328 
C 2 TT 3 I), ethylene-di, 328 
CU.DsN, methylamine-f/ 2 , 342 
CH 3 l) 3 N + , methylammoniunw /3 ion, 350 
C/IIllOo, deutero formic acid (see also 
ClIo() 2 ), 8211 530 

CHD 3 0 , C 1 I 2 Do(), methanol-da and -r/ 2 , 
335 

(-TI 3 DO, methanol-dj, 334L 
Cheu-ical .analysis, use of infrared and 
f 1 iman spectra for, 501 
Chemical equilibria, calculation from 
spectroscopic data, 3268.. 

Cl IF,, fluoroform, 321' 

(’HiFo, methylene fluoride, 53, 322, 406 
OIIsF, methyl fluoride: 
fine structure of fundamental 419, 
421 

fundamentals, 315, 320, 419 
internuclear distances ar»d angles, 4891. 
moments of Inertia and rotational con- 
stants, 4871. 

observed infrared spectra, 81 4 , 3l5f., 
419 

(y[ 2 F 2 , difluoroctliylene, 53 
C 2 H 3 F 3 , 1 , 1 , 1 -trifluoroethane, 350, 520 
Cell 5 F, fluorobenzene, 308 
C 2 Hg1Ik, dimethyl mercury, 35(5 
Cilia, iodoform, 322 
CII 2 I 2 , methylene iodide, 322 
CII 3 I, methyl iodide: 
fundajnentals, 315 

internuclear distances and angles, 4891. 
moments of inertia and rotational con- 
stants, 4871. 

observed infrared and Raman spectra, 
314, 315f., 430 

C 2 H 2 I 2 , C 2 II 3 I, iodoethylcnes, 336 
C/ 2 II 4 I 2 , di-iodo-ethane, 350 
C 2 TI 5 I, ethyl iodide, 231, 350 
O 3 H 3 I, mcthyl-iodoacetyleiic, 342 
C 3 II 6 T 2 , 2,2-diiodopropane, 302 
C 3 H 7 I, propyl iodide, 302 
O 4 TI 5 I, ethyl-iodoacetylene, 300 
CcIIgl, iodobenzene, 157, 308 
Chloroform, see CHC1 3 and C1)C1 3 
OHN, hydrogen cyanide: 

A 2 F values, 392 

fine structure of infrared bands, 383 , 
387, 388 , 392 
force constants, 174 , 192 
form of normal vibrations, 174, 239, 279 
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CHN (Cont.): 
fundamentals! 270 
change in liquid state, 535 
infrared rotation spectrum, lOf. 
internuelear distances, 308 
linear structure, 279, 384 
l- type doubling, 303 
moments of inertia, 303 , 306 
observed infrared and ltaman spectra, 
27 Of., 383, 388 
partition functions, 504 , 507 
rotational constants, 302 f. 
vibrational constants and zero-order 
frequencies, 280 

CHN, hydrogen isocyanide, 280 
CH 2 N 2 , cyanamide, 18, 322 
CH3N3, methyl azide, 342 
CHfiN, methylamine, 342 
internuelear distances, 440 
moments of inertia and rotational con- 
stants, 437 
potential barrier, 520 
CH 6 N + , methylammonium ion, 350 
CHfiN 3 + , guanidinium ion, 6 , 8 , 185, 360 
C2H3N, methyl cyanide and methyl iso- 
cyanide: 

force constants, potential function, 
191, 194, 323, 334 
fundamentals, 332ff . 
geometrical structure, 220, 332 f., 337 
observed infrared and Raman spectra, 
332ff : 

C 2 H 5 N, ethylene iminc, 350 
C 2 H 6 N 2 , azomethane: 
fundamentals, 35 8i. 
geometrical structure, 3571. 
observed infrared and Raman spectra, 
350 

C2H7N, dimethylamine, 288, 360, 520 
C2H7N, ethylaminc, 360 
C 2 H 8 N 2 , diaminoethane, 368 
C3H5N, ethyl cyanide and isocyanidc, 356 
C3H9N, trimethylamine, 303, 520 
C4H2N2, dicyanoethylene, 350 
C4II3N, cyanoethylene, 342 
C4H4N2, dicyanocthane, 360 
C4H5N, cyclopropylcyanide, 360 
C 4 II 6 N, a- and 0 -methylacrylonitriles, 
360 

C4H5N, pyrrole, 267, 360 
C4H7N, butyronitrile, 368 
(C 4 Hi 2 N) + , tetramethylammonium ion, 
323 


CbTIbN, pyridine, 362 
Oil NO, cyanic acid, 302 
GII 3 NO, formamide, 336 
CH 3 NO 2 , nitromethanc, 342, 520 
CH 3 NO 3 , methyl nitrate, 350 
CH 4 N 2 O, urea, 185, 350 
C 2 H 3 NO, methyl isocyanate, 342 
C 2 H B NO, acetamide, 356 
C 2 II 6 NO 2 , nitroethane, 360 
C 2 IIbN 03 , ethyl nitrate, 362 
C 2 H 7 NO, ethanolamine, 362 
C 3 H 3 NO 2 , cyanoacetic acid, 356 
C 3 H 5 NO, ethyl isocyanate, 360 
C 3 H 5 NO, hydroxyproprionitrile, 360 
C 3 H 7 NO, acetoxime, 368 
CH 4 N 2 S, thio-urea, 350 
C 2 H 5 NS, thioacctamide, 356 
C 3 II 5 NS, etliylthiocyanates, 360 
CIT0 2 “, formate ion, 302 
CH 2 0, formaldehyde: 

Coriolis interaction in, 467, 482 
fine structure of infrared bands, 472, 
474, 478f., 4Slf . 

force constants, potential function, 
17 Of., 191f., 301 
geometrical structure, 300, 428 
intensity alternation, 300, 476, 479f., 
482 

internuelear distances, 440 
moments of inertia and rotational con- 
stants, 437 

normal vibrations, 65, 106, 135 
observed infrared spectrum, SOOf., 474, 
478 

ortho and para modifications, 4681. 
rotational levels: 

statistical weights of, 53, 465 
symmetry properties (over-all spe- 
cies), 51ff., 462 

stretching and bending vibrations, 107 
symmetry of vibrational eigenfunc- 
tions for excited vibrational levels, 
102 , 124 

ultraviolet band spectrum, 301, 437 
CII 2 O 2 , formic acid: 
double molecules in vapor, 321, 535 
geometrical structure, 322 
isotope effect, 321 f. 
moments of inertia and rotational con- 
stants, 437 

observed infrared and Raman spectra, 
321 L 

0 — H vibration in gas and liquid, 535 f. 
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CH 4 O, methyl alcohol: 
association in liquid, 536 
Fermi resonance, 334 
fine structure of photographic infrared 
band, 499f. 
fundamentals, 334 f. 
geometrical structure, 334 f- 
hydrogen bonding in, 335, 536 
influence of internal rotation on rota- 
tion vibration bands, 4081. 
infrared internal rotation spectrum, 
4971. 

moments of inertia and rotational 
constants, 43? 

observed infrared and Raman spectra, 
334i . , 499 

O — H vibration in gas and liquid, 536 
potential barrier hindering internal ro- 
tation, 225ft., 498 , 520, 526 
rotational energy levels, including ef- 
fect of internal rotation, Ifi2, 493, 
495, 496 

torsional oscillation, 225ft., 334, 498 
C 2 H 2 0, ketone, 322 
C 2 II 2 O 2 , glyoxal, 336 
C 2 H 2 O 4 , oxalic acid, 350 
C 2 H 4 O, acetaldehyde, 342, 520 
C 2 H 4 O, ethylene oxide: 
fundamentals, 3401. 
geometrical structure, 340 
observed infrared and Raman spectra, 
840fi. 

as a three particle system, 172 
C 2 II 4 O 2 , acetic acid, 350 
C 2 H 4 O 4 , dimer of formic acid, 536 
C 2 H 6 O, dimethyl ether: 

observed infrared and Raman spectra, 
353f. 

point group of, 353 

potential barrier hindering internal ro- 
tation, 354, 520 

C 2 II 6 O, ethyl alcohol, 157, 356, 520, 536 
C 2 IUQ 2 , ethylene glycol, 360 
C3H2O2, propiolic acid, 342 
C3H4O4, malonic acid, 362 
C 3 H 6 0 , acetone, 357, 360, 520 
CsHgO, propionaldehyde, 323, 360 
C 3 H 6 O, allyl alcohol, 360 
(\3IIfiO2, ethyl formate, 362 
CsIIeOo, methyl acetate, 362 
C 3 II 6 0 2 , propionic acid, 362 
CsIIsO, propyl alcohols ( 11 - and iso-), 368, 
520 


C 4 II 4 O, furan, 356 
O 4 II 4 O 2 , 1,3-cyclobutancdione, 185 
C 4 II 6 O, crotonaldchyde, 362 
C 4 TI 6 O, cyclobutanone, 185, 362 
C 4 H 6 O 2 , cyclopropanecarboxylic acid, 
368 

C 4 H 6 O 2 , diacetyl, 368 
C 2 H 6 OS, j8-mercaptoethanol, 360 
O 3 H 9 P, trimethyl phosphine, 303 
Caiisl’b, U 8 H 2 oPb, tetramethyl- and 
ethyl-lead, 323 

CIT 4 R, methyl mercaj)tan, 336, 520 
C 2 H 4 »‘», ethylene sulfide, 342 
C 2 H 6 S, dimethyl thioetlicr, 356, 520 
C 2 II 6 S, etbylmercaptane, 356 
C 4 H 4 S, thiophene, 356 
CsIIeSe, ethylhydrogenselcnide, 356 
C 4 Hi 2 Si, C 8 H 2 oSi, tetramethyl- and ethyl- 
silicane, 323, 520 
CJT^Sn, tetramethyl tin, 323 
C 2 HeZn, dimethylzinc, 356 
C — I bond, for^e constant, 193 
C — I distance, 439 
O — I frequencies, 195 , 316 
C 2 I 2 , di-iodoacetylene, 302 

CIN, iodine cyanide, 174, 192, 287 
Circular motion in degenerate normal vi- 
brations, 75f., 81, 402, 447 

Circularly polarized incident light in 
Rayleigh and Raman scattering, 
2471., 270 

Cis dichlorocthylcne, see C 2 H 2 CI 2 
Cis isomers of C 2 II 4 CI 2 and C 2 H 2 CI 4 , 
346ft. 

Classical anharmonic motion, 2041. 
Classical motion: 

of asymmetric top, 42> 43f. 
of spherical top, 38 
of symmetric top, 22, 23f. 

Classical rotational partition function, 
5051. 

Classical theory of normal vibrations, 
Gift. (Chapter 11,1) 

Classical treatment of infrared and Ra- 
man spectra, 239ft . (Chapter 111,1) 
Classification of rotational levels, see 
Symmetry properties 
Classes of a group, 109 
Class of symmetry operations, 70.9f., 112 
Cl NO, nitrosyl chloride, 105, 287 
C10 2 , chlorine dioxide, 287 

CIO. C, chlorate ion, 302f. 

C10 4 “, perchlorate ion, 167, 182 , 322, 451 
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CI 2 O, chlorine monoxide: 
force constants, l(it 9 170 
forms and frequencies of normal vibra- 
tions, 161, 171, 287 
cm” 1 , 538 

C=N bond, force constant of, 102 f. 

C — N distance in mcthylamine, 440 
0==N distance in HCN, 308 

frequencies, 195 , 199, 333f. 

C*N radical, 193 

Cl»X 2 , cyanogen: 

force constants, 180 , 192 
fundamentals, 203 
linear symmetrical structure, 203 
observed infrared and Raman spectra, 
2931. 

statistical weights of rotational levels, 
16, 18 

stretching and bending vibrations, 181, 
199, 293f., 333 
C 4 Ni0 4 , see Ni(CO) 4 
CN()“, cyanate ion, 287 
CNS-", CN>$c“, thiocyanate and seleno- 
cyanatc ion, 174 > 287 
C=0, C — O bonds, force constants of, 
1021., 341, 353 
C=0 distance: 
in C0 2 and C0 2 + , 398 
in HoCO, 440 

C=(), C — O frequencies, 195 , 301, 304, 
334 353f. 

CO molecule, 193, 529, 534 
C0 2 , carbon dioxide: 
alternate missing lines and levels, 16, 
18, 3t, 382 , 384 

cubic and quartic potential constants, 
206, 276 

equilibrium with II 2 , 520 
equilibrium with C, CO and O 2 , 530 
A 2 F curve, 394 

Fermi resonance, 215, 217f., 206, 273, 
276 

fine structure of infrared bands, 382, 
384, 394f. 

force constants, potential function, 
153f., 173, 187, 192 
fundamentals, 27 2 ft. 
activity of, 2391., 2421., 2721. 
change in liquid and solid state, 535 
internuclear distances, 21, 396, 308 
isotope effect, 17, 230 
linear symmetrical structure, 21, 272, 

288, 884 


C0 2 (Cont.): 

Z- type doubling, 8941. 
moments of inertia, 21, 3951. 
observed infrared and Raman spectra, 
267, 272, 2731T., 384 
potential surface in electronic ground 
state, 202, 203f. 
rotational constants, 21 , 394(1. 
rotational Raman spectrum, 201., 532, 
533 

thermodynamic functions, 508, 529 
vibrational constants (zero-order fre- 
quencies), 276 

vibrational energy level diagram, 275 
C0 2 + , ionized carbon dioxide: 

rotational constant and moment of in- 
ertia, 806 

internuclear distances, 898 
00 3 , carbonate ion, 178, 271, 302f., 409 

C 2 0 vibrations in C 2 TI 4 O and (ClhO'jO, 
8401., 353f. 

C 2 0 4 , oxalate ion, 336 

C 3 O 2 , carbon suboxide: 

absence of alternate rotational levels, 
16, 18 

force constants, potential function, 
191, 303, 306 

form of normal vibrations, 304 
fundamentals and other infrared and 
Raman bands, 30311. 
geometrical structure, 303 H. 
Combination differences, rotational: 
for asymmetric top molecules, 50, 485, 
487 

for linear molecules, 3001., 392f., 394 
for nearly symmetric top molecules, 
484 

use for accurate evaluation of rota- 
tional constants, 3901., 4$4(»i 4^5, 
4871. 

for symmetric top molecules, $%ff. 
for tetrahedral molecules, 4^5, 439 
Combination differences, vibrational, 272 
Combination relations: 

rotational, between near and far infra- 
red spectrum, 434, ^87 f. 
vibrational, 260, 272, 276 
Combination vibrations, 123f., 125H., 
1201 . 

infrared activity, 239, 241, 26111. 
Raman activity, 2451., 26111. 

Complex normal coordinates, 981., 1101., 
123 
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Configuration, vibrational, 130 
Conjugate elements of a group, 109 
Constancy of bond or group frequencies, 
see Characteristic bond (group) fre- 
quencies 

Contour lines, representation of poten- 
tial surface by, 203f. 

Conversion factors: 
for energy units, 538 
rotational constant to moment of in- 
ertia, 14, 538 

wave numbers to force constants, 100, 
538 

Coordinate transformation, 82 
Coriolis acceleration, 373 
Coriolis coupling (sec also Coriolis inter- 
action), 270, 874 
Coriolis forces, 3781., 401 f. 
in equilateral X 3 , 402 
in linear XY 2 , 374f. 
in non-linear XV 2 , 466 
Coriolis interaction: 
in asymmetric top molecules, 400ft. 
causing {-type doubling, 377 
causing occurrence of forbidden vibra- 
tional transitions, Jfi8 
causing splitting of /, degeneracy, 405, 
407 f. 

contribution to rotational constant a,-, 
373ft. 

in linear molecules, 872ft. 
selection rules for, 370 , 414, 447, 452, 
458, 466f. 

in symmetric top molecules, 401 IT., 
407ft., 435 

in tetrahedral molecules, 447 ft., 452, 

454ft . 

wave mechanical treatment, 3751. 
Coriolis perturbations (see also Coriolis 
interaction, 8781., 413f., 452, 400 
Coriolis splitting: 

of degenerate vibrational levels, 401ft., 

447ft. 

effect on band structure, 4201., 441 , 
4431., 453ft., 4581. 

of rotational levels in tetrahedral mole- 
cules, 451ft., 459 
Correlation: 

between energy levels of free rotation 
and torsional oscillation, 494, 495 
of fundamentals: 

of Cli 4 , CH 3 CI, CII 2 CI 2 , CIICI 3 , 
CC1 4 , 319f, 


Correlation (Cont.) : 
of fundamentals (Cont.): 
of isotopic molecules of XY 4 , 238, 
800 

COS, carbonyl sulfide, 174 , 192, 287f. 
Cr 04 , chromate ion, 322 
Crossing over, non-occurrence of, sec 
Non-crossing rule 
Cross terms: 

in formula for vibrational energy levels, 
205 

in kinetic energy, 143, 155 
in potential energy, 1471., 155, 159, 205 
Crystals, symmetry properties of, 4f., 12 
C=S bond, force constants, 192 
C=“S distance in CS 2 , 3 n 8 
CS molecule, 193 
CS 2 , carbon disulfide: 

Fermi resonance in, 2701. 
force constants, 173, 187, 192 
fundamentals, 2701. 

change in liquid and s lid state, 535 
internuclear distances, 396, 308 
linear symmetrical structure, 270, 288 
observed infrared and Raman spectra, 
2701. 

rotational constant and moment of 
inertia, 300 

Cubic point groups, 0, 10f., 38, 105, 121ft. 
numbers of vibrations of each species, 
140 

polarization of Raman lines, 2701. 
Cubic terms in potential energy, 201, 217, 
282 

Cyanogen, sec C 2 N 2 
Cyclohexane, Cclli 2 , 300 
Cyclopropane, sec C 3 H 6 

D 

(t ia , dnh, dha, (hb, coefficients in trans- 
formation of degenerate normal co- 
ordinates, 801., 99, 108, 121 
d t , degree of degeneracy, 82, 210f., 370f., 
400, 446, 503 

da, kinetic energy coefficients for sym- 
metry coordinates, 1471., 155f. 

D, rotational constant: 
of asymmetric top molecules, f>0, 461 
iff linear molecules, 141., 371, 374, 381, 
3021. 

of spherical topmolcculcs, 38, 447 
Z) 2 molecules, point group, see V mole- 
cules, point group 
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D 3 molecules: 

numbers of vibrations of each species, 
136 

selection rules for, 252 , 444 
statistical weights of rotational levels, 
28 

Z> 3 , point group, 6f, 11, 356, 508 
species and characters of, 1091., 114, 
126f., 129 
D\ molecules: 

numbers of vibrations of each species, 
136 

selection rules for, 252 
Z> 4 , point group, 508 

species and characters of, 11211., 118, 
126f., 129 

Z> 5 , point group, species, selection rules, 
111, 126f., 129, 252 
D% molecules: 

numbers of vibrations of each species, 

136 

selection rules for, 252 
Z> 6 , point group, species and characters 
of, 1U , 118, 12Gf., 129, 508 
i> 7 , point group, 111 
Z) 8 , point group, 116, 12Gf., 129 
D(A), D(B) • • •, atomic heats of forma- 
tion, 528 

D 2 d molecules, point group, see Va mole- 
cules, point group 
D 3 ,i molecules: 

number of vibrations of each species, 

137 

selection rules for (activity), 253 , 343, 
357, 363 

symmetry properties (over-all species) 
of rotational levels, 408f. 
statistical weights of rotational levels, 
28 , 411 

Z> 3( j, point group, 6, 8, 12, 356ff., 508 
species (characters) of, 126f., 

129, 343 

relation to those of other point 
groups, 237 , 358, 363 
Dm molecules: 

numbers of vibrations of each species, 

138 

selection rules for, 253 
Du , point group, species and characters 
of, 8, 12, 116 , 126f., 129, 508 
Dm molecules, point group, see Vh mole- 
cules, point group 


Dzh molecules, (see also XY 3 molecules, 
planar) : 

intensity alternation in infrared bands, 
418, 433 

internal vibrational angular momen- 
tum, 494 

normal vibrations, 84, 91 
numbers of vibrations of each species, 
138 

rotational selection rules, 44 1 , 44$ f- 
statistical weight of rotational levels, 
271., 409, 411 

symmetry properties (over-all species) 
of rotational levels, 408f. 
vibrational selection rules, activity, 
252, 264, 343, 351, 357, 363 
Dzh , point group, 6 , 8, 12, 356ff., 406, 508 
species and characters of, //6*f., 126f., 
129, 343 

relation to those of other point 
groups, 2361., 343, 358, 363 
D 3h , point group for free rotation in di- 
methyl acetylene, 356 
Du molecules: 

normal vibrations of, 92 
numbers of vibrations of each species, 
138 

selection rules for, 253, 441, 443 
Du, point group (species and characters), 
8, 12 ,11611., !2Gf., 129, 508 
Dm molecules: 

normal vibrations of, 92, 93 
numbers of vibrations of each species, 

138 

selection rules for, 253, 256, 443 
Dm, point group (species and characters), 
8, 12, 1161., 126f., 129 
Dm molecules: 

normal vibrations of, 93f., 118 
numbers of vibrations of each species, 
138, 363 

selection rules for (activity), 253, 363, 
443 

Dm, point group, 9, 12, 40(5, 508 
species and characters of, 1161., 125ff., 
129f., 363 

resolution into those of other point 
groups, 2361., 363f. 

D^h molecules (sec also Linear mole- 
cules): 

internal partition functions, 509 
numbers of vibrations of each species, 

139 
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Dnh molecules (Cont.): 
selection rules for, 70f., 253, 3791. 
statistical weights of rotational levels, 
16ft., 372 

symmetry properties of rotational 
levels, 151., 372, 373 
D^h, point group, 9, 12, 13, 508 

species and characters of, 1181., 126f., 
129 

Dj , Djk , Dk rotational constants of 
symmetric top molecules, 26, 31, 30, 
400f. 

D p , point groups, 7, 34, 110 
D v d, point groups, 8 , 34 
D p h , point groups, 81., 34, 116, 236 
D[„], rotational constant for vibrational 
level Vi, V 2 , v 3 •••, 371, 447 
8, separation of unperturbed levels, 216 
8, 8,k, changes of bond angles, 168, 175, 
179ff., 183, 187f. 

Si, S 2 , 8z, • • • , deformation (bond-bend- 
ing) vibrations, 194, 272 
8, h g , 8 Ui species symbols for individual 
vibrations (sec also the correspond- 
ing capital letters), 126 ft., 272 
2 5, 3 5, • • •, doubly, triply, . . . degener- 
ate bending vibrations, 272 
8, r, 8 ff , parallel and perpendicular bending 
vibrations, 272 

8 X , 8y, 8 Z , number of rotations about x, ?/, 
z axes of a given species, 232 
A, defect in relation Ic = I a + Ib for 
planar molecules, 461 , 489 
A, species (characters) of point group 
Co ov, 112, 128, 137, 140, 211, 252 
A a , A„, species (characters) of point 
group Daoh, 119, 139f., 253 
A, A g, A u vibrational states of linear 
molecules, rotational levels in, 3711., 
373 

A — A infrared bands (transitions) of 
linear molecules, 380, 389 
A — II infrared bands (transitions) of 
linear molecules, 380, 384, 387 
A — 2 Raman bands of linear molecules, 
275 399 

DCN, see CDN and CHN 
D 2 CO, see CD 2 0 
Debye function, 524 

Defect in relation Ic — I a + I b for 
planar molecules, 461, 489 
Deformation vibrations (sec also CH 2 
and CH 3 ), 194 , 316 


Degeneracy, accidental, 98, 125, 210 
21 Hi T. (Chapter 1 1, 5c) 

Degeneracy, degree of, 80, 81 f., 104, 503 

Degeneracy: 

of energy levels of torsional oscillations, 
225ff. 

of higher vibrational levels of degener- 
ate vibrations, 80, 81 f., 104, 126 
necessary, for molecules with more 
thm two-fold axes, 98, 125 
produced by identical potential min- 
ing 2 'Oft. 

of relational levels with K > 0, 24 
separable, 99, 119ft., 123 
splitting in un symmetrically substi- 
tuted (isotopic) molecules, 236ft., 
309, 321, 334 

of vibrations, sec Degenerate vibra- 
tions 

Degenerate, with respect to a symmetry 
operation, 89, 1031 . 

Degenerate eigenfunctions, 801., 1031., 

1081. 

Degenerate normal coordinates, 80l. 

851., 881. 

Degenerate normal vibrations, (see also 
Degenerate vibrations), 761., 801. , 
88ft. (Chapter II, 3b) 

Degenerate Raman bands: 

of symmetric top molecules, 4421 ., 445f. 
of tetrahedral molecules, 458 

Degenerate species, 89 ft., 108ft., 147 
characters of, 108ft. 
number of vibrations for, 185ft. 
resolution into those of point groups 
of lower symmetry, 236ft. 

Degenerate symmetry coordinates, 147, 
154f. 

Degenerate symmetry types, see De- 
generate species 

Degenerate vibrational states, rotational 
energy levels in, 372f., 401ft., 404ff., 
447, 448f. 

Degenerate vibrations: 

behavior with respect to symmetry 
operations, 86ft., 941 971. 
classical, 67, 75f., 85 
contribution to partition function, 
5081. 

determination of form of, 87f., 89, 901 ., 

931 ., 961. 

eigenfunctions, 801., 1081. 
energy formula, 80, 2101. 
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Degenerate vibrations (Oont.): 
form of: 

for linear XY 2 molecules, 8$, 84, 80f. 
for planar X4 molecules, 91 , 92 f. 
for planar X5 molecules, 92, 93 
for planar X6 molecules, 93f. 
for tetrahedral XY4 molecules, 9 9, 
lOOf. 

for X 3 , X 3 Y 3 , XY 3 molecules, 84, 
85fT., 89 , 90, 91, 110 
giving depolarized Raman lines, 248, 
271 

higher vibrational levels, 81, 213, 214f. 
influence of anharmonicity, 21 Oi T. 

(Chapter 11,51)) 
isotope effect, 232$. 
non-linear motion in, 75f., 402f. 
normal coordinates for, 80f,, 85 f., 
number of, of each sj)ecies, 135$. 
orthogonal pairs, 85, 87, 95f. 
potential energy, 94, 99 
reason for occurrence, 85, 98 
selection rules for, 252f. 
species (types) of, 89$., 108 ff. 

of higher vibrational levels, 125 ff., 
129L 

transformation law, 80$., 94$. 
vibrational angular momentum, 75 f., 
81, 12(if., 2111, 402$., 447L 
zero-point energy, 80i., 211 
Degree of degeneracy, 80, 8 If., 104, 508 
Degree of depolarization: 

means of distinguishing totally sym- 
metric from non-totally symmetric 
Raman lines, 249, 270i., 491 
of Hainan scattering, 2481., 209$. 
of Rayleigh scattering, 240$., 209 
Degrees of freedom, OIL, 181$., 185$. 
Depolarization of Raman and Rayleigh 
scattering, see Degree of depolariza- 
tion 

Depolarized Raman lines, 248, 270L 
Derived polarizability tensor, 2481. 
Designation of fundamental frequencies, 
103, 27 If. 

Designation of species (symmetry types), 
105$., 112$., 118$., 124 
Determination of normal modes of vibra- 
tions, 131$. (Chapter 11,4) 
Diacetylene, see C4H2 
Diagonal elements of matrix of (induced) 
dipole moment, 252, 254 
Diagonal planes, a a, 8 


Diatomic molecules, point groups and 
species of, 7, 9, 112, 118f. 

Diatomic nomenclature applied to linear 
molecule's, 1 12 
Dichloroetliane, see C2H4CI2 
Dichloroethylene, see C2IT2CI2 
Difference bands, 200$., 312 
fine structure of, for linear molecules, 
889L 

formula for, 209 

involving degenerate vibrations, 268f., 
389f., 433 

of type Vk + Vi — Vi, 207, 268, 312, 390 
Diffuscncss of non-totally symmetric Ra- 
man lines, 444) 445f., 4^1 
Dihedral groups, 7 

Dimensionless normal coordinates, 218, 
377 

Dimethyl acetylene, see CUHr 
D imethyl ether, see C 2 HgO 
Dipole moment, electric: 
of a bond, 205 
change of: 

determines infrared activity of vi- 
brations, 289$., 2491., 200 f., 414 
direction determines type of infra- 
red bands, 272, 414, 4^81. 
expansion in power series of normal co- 
ordinates, 240. 200 

as a function of intern ucloar distance 
(normal coordinate), 241, 201, 205 
matrix elements of, 32, 25 If., 4 14 
several components for a given vibra- 
tional transition, 208 f. 
species of, 25 2i. 

determines infrared activity, 25 2i., 
258$., 202, 205f. 

D ; pole moment, induced, sec Induced 
dipole moment 

Dipole radiation, 19, 55, 239, 380 
Direct product, 130 

Displacement, arbitrary, in terms of nor- 
mal coordinates, 70f. 

Displacement coordinates, 08, 70, 73f , 

141, 165f. 

ratio in normal vibration, 74) 82 
Displacement vectors in degenerate vi- 
brations, 87, 88ff., 95$. 

Dissociation energy, 201f. 

DN0 3 , heavy nitric acid, 322 
D 2 0, heavy water: 
force constants, 101, 170 
fundamentals, 282 
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1)^0 (Cont.)i 

isotope effect, 22811. 
observed infrared and Raman spectra, 
56, 58, 282 

zero-order frequencies and anharmonic 
coefficients, 2291., 282 
D 2 0 2 , deuterium peroxide, 303 
Double degeneracy of states with K > 0, 
24 

Double rotational structure of infrared 
bands of molecules with free internal 
rotation, 4971. 

Doubling of levels due to inversion, see 
Inversion doubling 

Doubly degenerate species, 108H., 121, 
272 

number of vibrations for, 125 ff. 
Doubly degenerate vibrations, see De- 
generate vibrations 
D 2 S, deuterium sulfide: 
force constants, 167, 170 
fundamentals, 283 
isotope effect, 229, 284 
observed infrared and Raman spectra, 
2821 T. 

D 2 Ro, deuterium selenidc, 16 1, 170 , 287 
isotope effect, 229 

£ 

c, electronic charge, 538 
v vibrations, higher vibrational levels of, 

128 

c, c', c", c { „ c u , Cl, e 2 , • ■ •, species symbols 
for individual doubly degenerate vi- 
brations (sec also corresponding cap- 
ital letters), 125 f., 272 
E , degenerate species (characters and 
numbers of vibrations) of point 
groups: 

C :iv and D z , 110 , 112, 128, 1351., 234, 
252 

C 3 , U9f., 136, 252 

C 4 , Ci V9 D\, D 2d == Vd , S.i, 113, 1361., 
252f. 

T /'?<? 130 9 r ^ 

T d ami 0, 100, 1211., 139, 235, 253, 259 
E, doubly degenerate species, 10811. 

E, electric vector of incident radiation, 
242ff., 246 
E, identity, see I 

E modification of C 3o , Cm, Dn, • • • mole- 
cules, 415 

of tetrahedral molecules, 40l. 9 453 


E rotational levels: 

degenerate in any approximation, 409, 
4/8,452 

of molecules with internal rotation, 4921. 
of molecules with a three-fold axis, 

271 r ., 406H. 

of tetrahedral molecules, 301., 443, 
450f., 453 

E vibrational levels of tetrahedral mole- 
cules: 

no Coriolis splitting of, 447 
over-all species of rotational levels, 
4>,9, 450f. 

E, F/, E " vibrational levels of C 3v , C 3 j„ 
Dm, • • • molecules* 

Coriolis splitting of, 4 7 ff. 
over-all species of rotational levels, 
407, 408f. 

E', E", species (characters and numbers 
of vibrations) of point groups: 

Cm 9 120L, 137, 252 
D 3h , 91, 115H , 138, 179, 252, 264 
E°, total internal energy per mole, 512 
Eq°, zero point energy per mole, 5 ±2, 519 
AA 7 o°, zero point energy change in a reac- 
tion, 52611. 

E + , E~~, E*, E** alternative designation 
for species E\ and E 2 , 114 
Ei, E 2 , degenerate species (characters 
and numbers of vibrations) of point 
groups: 

C 6y and D 6 , 1111., 137, 252 
CV,, 1191., 136, 252 
Ce, and Z) fi , 11 4, 136f., 252 
Ei, E 2 , lh, species (characters and num- 
bers of vibrations) of point groups: 
Ct v and Dr, 111 
Du, 116, 138, 253 

Ei, Ei , E 2 , E 2 ", species (characters and 
numbers of vibrations) of point 
group Dm, 92, 117, 138, 253 
E a , E u , species (characters and numbers 
of vibrations) of point groups: 

D u , 1151., 137, 253 
Dm, 92, 117, 138, 253 
Cm, 1201., 137, 253 
O h , 1221., 139, 253 

Ei„, E\u, E 2a , E 2u , species (characters and 
numbers of vibrations) of point 
groups: 

Cm, 1201., 137, 253 
Dm, 93, //7f., 138, 253 
S 6 , 110, 136, 253 
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E n °, E,° unperturbed energies in pertur- 
bation theory, 216 
Nr, rotational energy, 14 
E r , parameter for rotational energy levels 
of asymmetric top, 46$- 
E x , E yf E z , components of E , 243, 254ff. 
E(v i, v 2 , V 3 •••)> vibrational energy [see 
also G(v i, v 2t Vz)\, 77 

€i, € 2 , ••• € n , total energy of state 1, 
2, • • • n, 501, 512 

€int, €tr internal and translational energy, 

501L 

Va, ijb, complex normal coordinates, 98L 
vjif normal coordinates, 78i ., 204 
II, H ff , H u , species of linear molecules, 
127 f f. 

E — A vibrational transition, rotational 
fine structure of (see also perpen- 
dicular bands), 408, 428$., 4431 • 

E — A, Raman transitions of tetrahedral 
molecules, 4^8 
Eclipsed model: 

of ethane (C 2 II 6 ), 84 2$. 
of dichloroethane, 347f. 
ee rotational levels of asymmetric top 
molecules, 52 

E — E vibrational transitions, 269, 488 
Effective moments of inertia, 208, 400, 
4601, 488f. 

Effective rotational constants A[„], B[ v ], 
C[ r ] in a vibrational level, 870, 4°0, 
440, 400 

for inversion sublevels, 41 1 f* 
Eigenfunctions: 

behaviour with respect to symmetry 
operations, 104 
of harmonic oscillator, 78, 79 
for inversion doubling, 221, 222f. 
for perturbed levels, 2161. 
rotational, see Rotational eigenfunc- 
tion 

species of, 104$. (Chapter II, 3d) 
vibrational, (see also Vibrational eigen- 
functions), 76$., 101$., 104$; 123ff. 
Eight-atomic molecules, observed spectra 
of individual molecules, 342$ . (Chap- 
ter 111,30 

Einstein functions, 515 
Elastic bar, vibrations of a mass sus- 
pended by, 62, 63f., 71, 75, 243 
Electrical anharmonicity, 241, 246 
Electric dipole moment, see Dipole mo- 
ment 


Electrolytic dissociation, study by means 
of Raman effect, 501 
Electron, charge and mass of, 538 
Electron diffraction, supplying r 0 not r e 
values, 372 

Electronic band spectra, 131, 380 
Electronic eigenfunctions, 15, 10$, 112, 
123, 252 

Electronic states, 61, 124, 380 

of diatomic molecules, designation, 112 
Electronic structure, 192, 227, 236 
Electron-volt, 538 

Eleven-atomic molecules, observed spec- 
tra of individual molecules, 859$. 
(Chapter III,3i) 

Ellipsoid, energy, momenta!, polariza- 
bility, see under Energy, Momenta), 
Polarizability 
Elliptical motion: 

in degenerate normal vibrations, 75i., 
81 

on account of Coriolis forces, 375, 402 
End atoms, stretching and bending vi- 
brations of, 197f. 

Energy ellipsoid of asymmetric top, 42, 

43 f. 

Energy level diagrams: 

of asymmetric top molecules, 45, 51, 
57, 463, 464 

for a type A band, 470f. 
for a type B band, 475, 477 
for a type C band, 480, 481 
of linear molecules, 15, 373 
for U u — IL g bands, 389f. 
for U u — 2 0 + bands, 884, 387 
for 2 U + — '2>g + bands, 381 
of molecules with internal rotations, 
493, 495, 496 

of spherical top molecules, 448, 450 
of symmetric top molecules, 25, 404, 
408, 412 

for [| and ± bands, 417 
vibrational: 
of C0 2 , 275 

for degenerate vibrations, 81, 213, 
214 

for difference bands, 268 
of II 2 O, showing anharmonicity, 207 
of pyramidal XY 3 molecules (effect 
of inversion doubling), 222 
for three harmonic vibrations, 77, 78 
for torsional oscillations, 225 
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Energy levels: 
rotational: 

of asymmetric; top molecules, 44, 
45f., 49ff., 460ft. (Chapter IV, 4a) 
of linear molecules, 14, 15, 370111. 
(Chapter IV, la) 

of molecules with free or hindered 
internal rotation, 4911., 493f., 495, 
496 

of spherical top molecules, 38ft., 
446ft- (Chapter IV, 3a) 
of symmetric top molecules, 24, 25f., 
400ft. (Chapter IV, 2a) 
vibrational, 76'ff. (Chapter 11,2) 
taking account of anharmonicitv, 
2051 T., 210ft. 

for torsional oscillations, 225ff., 495f. 
Energy units, conversion factors for, 638 
Enforced dipole radiation, 382 
Entropy, 343, 519ft. 

absolute and virtual, 522 
contribution of internal rotation, 52 \, 
525f. 

correction for gas imperfection, 524 
as a function of temperature, 523 
observed values, 5231. 
potential barrier hindering internal ro- 
tation from, 343, 520, 524ft- 
Envelope of unresolved bands, indicating 
band type, 388, 4441; 482ft. 
co rotational levels of asymmetric top 
molecules, 52 
Equilibria, chemical: 

calculated from spectroscopic data, 
526ft. 

potential barriers from, 520, 527, 530 
Equilibrium, of ortho and para modifica- 
tions, 18, 514 

Equilibrium constant of a gas reaction, 
526ft. 

influence of internal rotation on, 527, 
530 

for isotopic exchange reactions, 528 
for the reaction C 2 H 6 ?=* C 2 H 4 + II 2 , 
530 

temperature dependence of, 5291. 
in terms of partition functions, 5261., 
529 

for the water-gas reaction, 529 
Equilibrium values of rotational con- 
stants, internuclear distances, mo- 
ments of inertia, see Rotational con- 
stants, and so on 


Equipartition values of heat content and 
heat capacity, 513 
Equivalent barrier height, 519 
Equivalent nuclei, sets of, 13111., 232f. 
erg/molecule, conversion factors for, 538 
Ethane, see C 2 Il 6 and C 2 D 6 
Ethane-ethylene equilibrium, 530 
Ethane-like molecules, contribution of 
internal rotation to heat capacity 
am l entropy, 518f., 524, 525f. 
Ethylene-ethane equilibrium, 530 
Ethylene, see C 2 II 4 and C 2 D 4 
Ethyh uc-like molecules, calculation of 
frequencies, 150ft. 

Ethylene oxide, see C 2 H«0 
Eulerian angles, 26 

Exchange of identical nuclei, 151., 27, 
52ff., 372, 409f., 451, 4G2f. 

Exchange reactions, isotopic., 528 
Excitation of several vibrations, species, 
123ft. (Chapter Il,3e) 

Exclusion, rule of mutual, 256ft. 
Expanded secular equation, 157 
Expansions, asymptotic for rotational 
partition functions, 5051. 

External energy of gas, 512 
Extra lines in perturbations, 379 

F 

/, fly f%, flay fin, species symbols for in- 
dividual triply degenerate vibrations 
(see also the corresponding capital 
letters), 126ft., 272 

fi, fz, •••//••*, number of vibrations of 
the different species, 145, 148, 232 
ftjk, coefficients of cubic terms in poten- 
tial function, 204 

F modification of tetrahedral molecules, 

401., 453 

F rotational levels of tetrahedral mole- 
cules, 391., 449, 450f., 453 
degenerate in any approximation, 452 
F, triply degenerate species, 1081. 

F triply degenerate species (characters 
and number of vibrations) of point 
group T, 123, 139, 253 
E (+ ), F w , F (-) sublevels of triply de- 
generate vibrational state, 449, 450, 

4531., 458 

F l) , free energy of perfect gas, 519ft., 
526ft. 
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F x , F 2 , species (characters and numbers 
of vibrations) of point groups T,\ 
and 0, 100, 1211., 189, 285, 258, 259 
F], Fi vibrational levels of tetrahedral 
molecules: 

Coriolis splitting of, 447 , 448f. 
over-all species of rotational levels, 
MI). 450f. 

A F f total molar free energy change in a 
reaction, 526 

A i F" , combination differences for asym- 
metric top molecules, 485 
FJ J<r ., contribution of one free internal 
rotation to free energy, 524 
Fiu, F\u , F 2u, F 2u, species (characters and 
numbers of vibrations) of point 
group Oh, 1221., 189, 258 
/'Ynt, internal free energy, 5 1 Oil. 

F(J), F[ V ](J) rotational term values of 
linear and spherical top molecules, 
14, 3701. 

F{J r ), rotational term values of asym- 
metric top, 46, 48H. 

F(J, K), F[ V ](J , K) rotational term val- 
ues of symmetric top molecules, 24, 
26, 400, 408, 421f. 

F(J, K, ki, k 2 ), rotational term values of 
molecules with free internal rota- 
tion, 4021. 

F(J, • • •)> rotational term value, 502, 505 
F(+)(J), F ( 0 ) (J), F ( “>(J), rotational term 
values for sublevels in triply degen- 
erate vibrational state, 447(1* 
A 2 F{.J), combination differences for linear 
molecules, 3901., 392, 394 
A 2 F(J), A 2 k F{J, K ) combination differ- 
ences for symmetric top molecules, 
4841 

Fl\( ), polynomial in eigenfunction of 
degenerate vibrations, 81 
F r °, rotational free energy, 5211. 

F t (k\, k), rotational term value for free 
internal rotation, 40 2d., 510 
Ft T , translational free energy, 5191. 

F 0 °, vibrational free energy, 521 f. 

F 2 — Ai Raman and infrared transitions 
of tetrahedral molecules, 468d., 4581. 
Factoring of secular equation (determi- 
nant), 1471., 151, 153, 155f. 

Far infrared absorption spectra, see In- 
frared rotation spectra 
Fermi perturbations (see also Fermi reso- 
nance), 8781., 405, 413f., 466 


Fermi resonance, 215 ff. (Chapter IT, 5a) 
in CCU , 610, 312 
classical treatment, 218 
in C1I 4 and CD4, 807 
in C 2 IT 4 , 327 
in C 2 II 6 and C 2 D 6 , 345 
in Cfill6, seat. 
in CHa— CsCIl, 339 
in CTI 3 — C=C— CTIa, 357 
in CII 3 OI and otlier methyl halides, 
812, 8141. 

in CH 3 OH and CII 3 OD, 334 
in C0 2 , 215, 2l7f., 266, 278, 27G 
in CS 2 , 2761. 

effective B values in, 378 
effect on vibrational partition function, 
504 

influence on vibration spectrum, 2651. 
in N 2 (), 2771. 

only between levels of the same spe- 
cies, 216(1. 

Fermi statistics, lGff., 28, 372, 409f., 405, 
480 

Figure axis of symmetric top and its 
nutation, 22, 23f. 

Fine structures: 
of infrared bands: 

of asymmetric top molecules, 460, 
470 f., 472, 473, 474f., 476, 477, 
478, 479ff., 482, 483 
of linear molecules, 880, 381, 382, 
383, 384, 385, 386, 387, 388, 38911. 
of liquids and solids, 531(1. 
of molecules with internal rotations, 
4971., 499f. 

of spherical top molecules, 453, 454f., 
456, 457f. 

of symmetric top molecules, 4(61., 
418, 419, 420f., 422, 423, 425f., 
427fT., 430, 431ff. 
of Raman bands: 

of asymmetric top molecules, 4601. 
of linear molecules, 309 
of liquids and solids, 581 ff . 
of spherical top molecules, 458, 459 
of symmetric top molecules, 441 
444 

Five-atomic molecules, observed spectra 
of individual molecules, 80811. 
(Chapter III, 3c) 

F 2 0, fluorine monoxide, 161, 170, 287 
Forbidden vibrational transitions: 
in asymmetric top molecules, 328, 4G9 
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Forbidden vibrational transitions (Cont.) : 
in linear molecules, 380 
in spherical top molecules, 4561. 
in symmetric top molecules, 364, /+15 
Force constants (see also individual mole- 
cules), 140ft. (Chapter II, 4l>-f) 
agreement in isotopic molecules, 159, 
2 27 ft. 

bond-bending and stretching, 192ft. 
in Cartesian coordinates, 68i., 7 Si., 
U+li. 

for central force coordinates, 143, 145, 
149, 159ft. 

intercomparison in different molecules, 
192ft. (Chapter II, 4f) 
from isotopic molecules, 227f. 
for linear XY 2 molecules, 153i., 172i., 
187 

for linear X 2 Y 2 molecules, 180i., 188i. 
for linear XYZ molecules, 1731. 
for non-linear XY 2 molecules, 143ft., 
1601., 168ft., 186L 
for non-linear XYZ, 141 
numerical factor in, 160, 538 
from observed fundamental frequen- 
cies, 159ft. (Chapter II,4c-e) 
for planar XY 3 molecules, 178 f. 
for planar X 2 Y 4 molecules, 150ft., 
183ft., 189ft. 

for pyramidal XY 3 molecules, 154ft; 

162ft., 175ft., 187ft. 
in simple harmonic motion, 62, 72 
from a study of molecular models, 157 
for symmetry coordinates, 147ft. 
for tetrahedral XY 4 molecules, 165ft., 
18 ift. 

for valence force coordinates, 168ft. 
Forced oscillations, 64 
Force fields, more general than central or 
valence force fields, 186ft. (Chapter 

II,- 4c) 

Formaldehyde, see CII 2 0 and CD 2 0 
Formic acid, see CH 2 0 2 and CIID0 2 
Form of degenerate normal vibrations, 
determination of, 87f., 89, 90f., 93f., 
96i. 

Form of normal vibrations (see also Nor- 
mal vibrations and individual mole- 
cules), 69, 74t 145 
determined by symmetry, 133ft. 
when not determined by symmetry, 
140ft. (Chapter II,4b-d) 


Four-atomic molecules, observed spec- 
tra of individual molecules, 288ft. 
(Chapter III, 3b) 

Four-fold axis of symmetry, 2ft. 

Freedom, degrees of, see Degrees of 
freedom 

Free energy, 51 Oft. 

contribution of internal rotation, 524 
determines chemical equilibrium, 526ft. 
effect of anharmonicity on, 5221. 

Free internal rotation: 
contribution to: 

criuiopy and free energy, 524, 525f. 
heat capacity and heat content, 517i. 
partition function, 510ft. 
correlation with torsional oscillation, 
494, 495 

energy levels of molecules with, 4911., 
493f. 

infrared rotation- vibration spectrum of 
molecules with, 406ft. (Chapter 
IV, 5b) 

intensity distribution (alternation), 
5°0 

Raman spectrum of molecules with, 
500 

Free internal rotation spectrum, 497i. 

Free rotation in crystals, 533 

Frequencies: 

for infinitesimal amplitudes, 205ft., 232 
of normal vibrations (see also Normal 
frequencies and individual mole- 
cules), 68 f., 77, 140t 9 144 , 157 
in terms of force constants, see Force 
constants and XY 2 , XY 3 , and so 

Oil 

Frequency shifts of vibrations in liquids, 
solids and solutions, 534ft • 

Fundamental bands, wave numbers of, 
as substitutes for true normal fre- 
quencies, 160, 206 

Fundamental frequencies, sec also Nor- 
mal frequencies and individual mole- 
cules or molecular types: 
comparison in gaseous, liquid and solid 
states, 535 

determination of force constants from, 
159i. 

Fundamentals (see also Normal frequen- 
cies and individual molecules), 206, 
211 

infrared active and inactive, 239ft., 
249ft., 258ft. 
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Fundamentals (Cont.): 
number of, active in infrared and Ra- 
man spectrum, 258 
numbering of, 163, 2711. 

Raman active and inactive, 242ft., 
240ft., 258ft. 

G 

g, subscript of species symmetric with 
respect to inversion, 105, 114, 118, 
121, 124 

selection rule for, 256, 379f. 
g, u rule, 124, 12 6, 262 
g ik , anharmonicity constants for degener- 
ate vibrations, 210ft., 264, 371, 504 
g-jki, coefficients of quartic terms in po- 
tential function, 204 
</int, internal statistical weight, 501i. 
gj, statistical weight of rotational levels 
of linear molecules, 19 
gjK, statistical weight of symmetric top 
levels, 32, 421f. 

( Jn, Qr, Qtr, Qv, total, rotational, transla- 
tional, vibrational statistical weight, 
501L 

G(Q, 0, 0 • • •), zero point vibrational en- 
ergy (term value), 78, 206 
G(v i, v 2 , V3 • • •), vibrational term values, 
771., 80ft., 2051., 208 , 210i. , 3701., 
400, 460 

<7 0 (t>i, *> 2 , *> 3 , • • •), vibrational term values 
referred to lowest state, 78, 206, 208, 
211, 502 

G(vt ), term values for torsional oscilla- 
tions, 226 

AG, magnitude of inversion doubling in 
cm” 1 , 222 

A(7j of diatomic molecules, 160, 194 
y, angle of torsion, 183 
y, perturbation constant, 219, 282 
T, r„, T u , species of linear molecules, 
127ff. 

Gas constant per mole, R, 512, 521, 538 
Gauss error function, 80 
GeBr 4 , GeCU, germanium tetrabromide 
and chloride, 167 , 182, 322 
GeH 4 , germane, 322 
internuclear distance, moment of in- 
ertia and rotational constant, 4^6 
occurrence of inactive fundamental v 2 
in infrared absorption, f+58 
GellBr 3 , GeHCl 3 , tribromo- and tri- 
chloro-germane, 322 


Genuine normal vibrations, 69, 72, 77, 92 
number of, of a given species, 132 ft., 
135 

Geometrical structure: 

from rotation- vibration spectra, 396ft., 
438ft., 489 

from vibration spectra, 157, 258 , 272ft. 
Group frequencies, characteristic, see 
Characteristic bond (group) fre- 
quencies 

Group, mathematical, 4 
Group theory, 5, 1041., 1081., 121ft. , 125, 
130, 210, 236 

H 

h, Planck’s constant, 521, 538 
H, Hamiltonian operator for general 
polyatomic molecule, 2081., 375 
II, heat content of real gas, 517, 529 
H°, Hamiltonian operator for harmonic 
oscillator approximation, 208 
H°, heat content of perfect gas, 5121., 529 
All 0 , heat of reaction, 528ft. 

Ili.i.r.f contribution of free internal rota- 
tion to heat content, 517 
7/grt, heat content due to internal degrees 
of freedom, 513 , 529 

Il r °, rotational contribution to heat con- 
tent, 5131. 

II Vi ( ), Hermite polynomial, 78f., 103 
H v °, vibrational contribution to heat con- 
tent, 513ft. 

II 2 , hydrogen, 529f., 532 
H 3 , II 3 + , triatomic hydrogen, 159 
Hamiltonian operator, for polyatomic 
molecules, 2081., 375 
Harmonic oscillator, 6‘7f. 
eigenfunctions, 78, 79, 101 
energy levels, 77 
kinetic and potential energy, 72 
Harmonic oscillator approximation, 771., 
2081. 

infrared and Raman spectrum, 239, 
249 , 251, 260 

thermodynamic functions, 5031., 515, 
5221. 

Harmonic-oscillator-rigid-rotator ap- 
proximation, 3751. 
for internal partition function, 509 
H 3 B0 3 , boric acid, 342 
HBr, hydrogen bromide, 533 
HC1, hydrogen chloride, 531, 532f., 535f. 
HCIO4, perchloric acid, 336 
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ITCH valence angle, 4391. 

HCN, sec CIIN 
IIoCO, see CH 2 0 
HDO, heavy water, 197, 282 , 489 
IIDS, heavy hydrogen sulfide, 197, 282ft . 
HDSe, heavy hydrogen selenide, 287 
Head formation in infrared bands, 428 
Heat capacity, 343, 512ft. 
calculated and observed values, 5161. 
correction for deviation from perfect 
gas, 517 

effect of anliarmonicity, 515 , 516 
of molecules with free or hindered in- 
ternal rotation, 517ft. 
potential barriers hindering internal 
rotation from, 343, 354ff., 5191. 
from spectroscopic data, 518ft. 

Heat content, 612ft., 529 

correction for deviation from perfect 
gas, 517 

from spectroscopic data, 513ft. 
of molecules with free or hindered rota- 
tion, 617ft . 

Heat of formation, 528 
Heat of reaction, 528i. 

Heavy acetylene, sec C 2 D 2 and C 2 IID 
Heavy ammonia, see ND 3 
Heavy water, see HDO and D 2 0 
Ilermite function, 209 
Hermite polynomial, 78f., 103 
Heterogeneous perturbations, 378 
IIF, hydrogen fluoride, 536 
HF 2 ~ ion in potassium hydrogen fluoride, 
225 287 

IIgBr 2 , IlgBrCl, IlgBrl, HgCl 2 , HgClI, 
Hgl 2 , 287 

HI, hydrogen iodide, 533 
Hindered internal rotation: 

contribution to thermodynamic func- 
tions, 343, 5111., 518f., 524, 8251. 
energy levels of molecules with, 227, 
4911., 4.94, 495 , 496 
infrared rotation-vibration spectrum of 
molecules with, 466 ft. (Chapter 
IV, 5b) 

influence on chemical equilibrium, 627, 
580 

intensity (alternation) in infrared 
bands of molecules with, 500 
Raman spectrum of molecules with, 
500 

Hindering potential for torsion, see Po- 
tential barrier 


HN 3 , see N 3 H 
H 3 N, see NII 3 
1 1 N 0 2 , nitrous acid, 302 
HN0 3 , nitric acid, 322, 520 
1I 2 0, water: 

analysis of infrared bands of, 487 ft. 
bending and stretching vibrations, 
1961., 280 

centrifugal distortion, 50, 485, 488 
combination differences, 467 
Coriolis interaction in, 466 
equilibrium of reaction with CO, 529 
fine structure of infrared bands, 469, 
470ff., 473, 478f., 486ft. 
in inert solvents, 58 1 
fine structure of Raman bands, 490 
force constants, 161, 170, 187, 230 
form of normal vibrations, 171 
fundamentals, 207, 229, 280ft. 

change in solid and liquid state, 534f. 
infrared rotiaton spectrum, 66, 58f. 
intensity alternation, 69, 281, 473, 475 
isotope effect, 228ft., 282 
isotopic exchange reaction with HD, 

528 

moments of inertia, internuclear dis- 
tances and angle, 4881. 
non-linear symmetrical structure (C 2v ), 
2801. 

observed infrared and Raman bands, 
280ft., 473, 478 

ortho and para modifications, 63, 4681. 
potential constants, 159, 205f., 280 , 282 
rotational constants, 4881. 
rotational energy levels: 
diagrams of, 470, 475, 477 
symmetry properties (over-all spe- 
cies), 51ff., 462 
statistical weights, 53, 465 
thermal dissociation, 528, 530 
thermodynamic functions, 508, 514, 

529 

vibrational energy level diagram, 207 
vibrational constants, 282 
vibrational perturbations in, 2181., 
266, 281 

zero-point energy, 282 
zero-order frequencies, 207, 229, 282 
H 2 0 2 , hydrogen peroxide: 

fundamentals and other infrared and 
Raman bands, 301 
geometrical structure, 5, 6, 3011. 
internuclear distance, 489 
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H 2 0 2 (Oont.): 

inversion doubling, 224, 802 
moments of inertia and rotational con- 
stants, /+87 

Homogeneous perturbations, 378 
Homo polar bond, dipole moment of, 241 
Honl-London formulae for line intensi- 
ties ol symmetric top, 4'21f-, 426 
“Horizontal” plane of symmetry, an, 4, 7 
H 2 S, hydrogen sulfide: 

Coriolis interaction in, 466 
force constants, 161 , 170 
fundamentals, 288 
change in liquid and solid state, 535 
isotope effect, 228, 284 
isotopic exchange reaction with 1) 2 , 528 
moments of inertia, internuclear dis- 
tances and angle, 489 
observed infrared and Raman spectra, 
282ft. 

rotational constants, 489 
II 2 Se, hydrogen seienidc, 161 , 170 , 229, 
287 

H 2 Se0 3 , selenious acid, 336 
II 2 Se0 4 , selenic acid, 342 
II 2 S0 4 , sulfuric acid, 342 
Hybrid bands: 

of asymmetric top molecules, Jfi9 
of symmetric top molecules, 334, 4^4, 
416, 427f., 435 

Hydrocyanic acid, see CHN and CDN 
Hydrogen bonding, 335, 532, 536i. 
Hydrogen cyanide, see CHN and CDN 
Hydrogen peroxide, see II 2 0 2 
Hydrogen sulfide, see II 2 S, HDS, D 2 S 

I 

i, center of symmetry, 2, 256ft. 

I, identity, 4, 105 
I., infrared band, 274 
7, moment of inertia, 13, 370 
7, nuclear spin, 16ft., 53 
7 , point group, Ilf., 123, 140 
7,„ Ijj intensity of scattered light polar- 
ized || or ± to xy plane, 2471. 

7[o], moment of inertia of linear molecules 
for lowest vibrational level, 393, 895 if . 
7a (1 \ 7,i (2) , moments of inertia of parts of 
molecule carrying out torsional mo- 
tion or internal rotation, 226, 4921. 
I a, Ifi , moments of inertia of symmetric 
top molecules, 22ft., 31, 37, 226, 438, 
443f. 


I a 0 , In 0 , effective moments of inertia of 
symmetric top molecules in lowest 
state, observed values, 436 1. 

Ia' ! , I n e , moments of inertia of symmetric 
top molecules, in equilibrium posi- 
tion, 490, 436 

I A, In, 7a, principal moments of inertia 
of asymmetric top moleclues, 44 f., 
461, 5091. 

I a 0 , I n°, I c°, effective moments of inertia 
of asymmetric top molecules in low- 
est vibrational level, 4881. 

7.r, hi, Ic e , moments of inertia of asym- 
metric top molecules in equilibrium 
position, 4601., 4881. 

1 1 1 , moment of inertia of linear molecule, 

H 

hi, moment of inertia of tetrahedral 
molecule, 38, 454 f. 

hi 0 , moment of inertia of tetrahedral 
molecule in lowest state, 466 

I e , moment of inertia of linear molecule 
in equilibrium position, 393, 395ft. 

Ih , point group, Ilf., 123, 140 

Im°, hi, moment of inertia and reduced 
moment of inertia of top carrying 
out free internal rotation, 511 

I x, I y , h, moments of inertia about x, y, z 
axes, 232 

hi, I iv, • * • moments and products of 
inertia about axes through center of 
mass, 509 

I, I„, J 14 , species of linear molecules, 12711. 

leosahedral group, Ilf., 140 

Identical potential minima: 

due to identity of atoms, 220, 225ft. 
4ue to inversion, 220ft. 

Identity, 7, 4, 105 

Identity of atoms, cause of identical po- 
tential minima, 2201., 225ft. 

Identity of nuclei: 
effect on rotational energy levels: 
of asymmetric top molecules, 5 2 ft., 
462 , 465 1 . 

of linear molecules, 15i., 372 
of spherical top molecules, 38ft., 461 
of symmetric top molecules, 27ft., 
409ft. 

effect on thermodynamic functions, 
507ft., 514 

Inactive fundamentals (vibrations), 
289ft., 243, 265 
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Inactive fundamentals (Cent.): 
occurring as forbidden transitions, 328, 
364, 458 

from specific heat measurements, 328, 
337, 339f., 848L 

Individual molecules, vibration spectra 
of, 271 ff. (Chapter III, 3) 

Induced dipole moment, determines 
Raman activity, 242$., 254 
Inertia, moment of (see also Moment of 
inertia), 18 

Infinite axis of symmetry, Si . 
Infinitesimal amplitudes, frequencies for, 
sec Zero-order frequencies 
Infrared absorption spectra, 230ft. (Chap- 
ter III), 370ft. (Chapter IV) 
changes in liquid and solid state, 53 1 ft. 
(Chapter V,2) 

Infrared active, inactive fundamentals 
(vibrations), 230 ft. f 240ft., 258ft. 
intensity of, 26 1 
number of, 258i. 

Infrared active, inactive overtones and 
combination bands, 261ft. (Chapter 
III, 2d) 

Infrared activity, alternation of, in a 
progression, 262, 264 
Infrared bands (fine structure): 

of asymmetric top molecules: 488 ft. 
(Chapter IV, 4b) 

dependence of structure on relative 
values of moments of inertia, J t 71, 
472, 476, 477f., 480, 482 
examples, 473, 474, 478, 479, 483, 
486 

method of analysis, 484^* 
series of doublets in, 4?4i>> 484 
of individual molecules, see under the 
specific molecules 

>f linear molecules: 870ft. (Chapter 
IV, lb) 

examples, 382, 383, 384, 385, 386, 
388 

method of analysis, 800ft. 
of molecules with internal rotations, 
406ft., 499f. 

of symmetric top molecules: 4^4^» 
(Chapter IV, 2b) 

examples, 419, 420, 422, 423, 427, 
430, 431 

influence of Coriolis coupling on line 
separation, 4'20i T. 
method of analysis, 4848* 


Infrared bands (Cont.): 
of tetrahedral molecules, 468ft. (Chap- 
ter IV, 3b) 

examples, 454, 456, 457 
influence of Coriolis coupling on line 
separation, ^5^f. 

splitting of higher rotational lines, 
455ft. 

Infrared rotation spectrum: 
of asymmetric top molecules, 55i ., 57, 
58l. 

of linear molecules, lOi. 
of ir. )lecules with free internal rota- 
tion, 4$8 

of symmetric top molecules, 20, 31f., 
33f., 416 

of spherical top molecules, 4 ? 

Infrared rotation-vibration spectra (see 
also Infrared bands): 
of asymmetric top molecules, 488ft. 
(Chapter IV, 4b) 

of linear molecules, 8”0ft. (Chapter 
IV, lb) 

of molecules with free or hindered in- 
ternal rotation, 406ft. (Cliapte* 
IV, 5b) 

of spherical top molecules, 453ft. 
(Chapter IV, 3b) 

of symmetric top molecules, 414ft. 
(Chapter IV, 2b) 

Infrared selection rules, sec Selection 
rules 

Tnfrarcd spectra, see Infrared absorption 
spectra 

Infrared vibration spectra: 

classical, 280ft . (Chapter III la) 
of individual molecules, 271 ft. (Chapter 

nr, 3) 

triatomic, 272ft . (Chapter III, 3a) 
four-atomic, 288ft. (Chapter III, 3b) 
five-atomic, 803ft. (Chap er III, 3c) 
six-atomic, 323ft. (Chapter III, 3d; 
seven-atomic, 386ft. (Chapter III,3e) 
eight-atomic, 343ft. (Chapter III,3f) 
nine-atomic, 852ft. (Chapter lll,3g) 
ten-atomic 356ft. (Chaptci III,3h) 
eleven-atomic, 850ft. (Chapter 
III,3i) 

twelve-atomic, 862ft. (Chapter 

m,3j) 

influence of Fermi resonance, 265 i. 
quantum-theoretical treatment, 240ft. 
(Chapter 111,2) 
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Infrared vibration spectra (Cont.) : 
selection rules, 249, 2521., 2 56 ft., 262 

Instantaneous axis of rotation: 
of asymmetric top, 43 
of spherical top, 38 
of symmetric top, 23f. 

Intensity: 

absolute, of infrared and Raman bands, 
261, 265 

“borrowing” of, in Fermi resonance, 
266* . 

of difference bands, 266ft. 
of fundamentals in infrared and Raman 
spectrum, 240, 251, 254, 259 ft. 
of overtone and summation bands, 241, 
260, 265i. 

Intensity alternation: 

absence for unsymmetric isotope sub- 
stitution, 3821. 
in infrared spectrum: 

of asymmetric top molecules, 69, 
469, 4Uft; 479L, 482 
of linear molecules, 382, 385, 387, 388 
of molecules with free or hindered 
internal rotation, 500 
of symmetric top molecules, 32, 416, 
430, 431, 4321. 

in Raman spectrum of symmetric top 
molecules, 35f., 444 
in rotational Raman spectrum of linear 
molecules, 20 

Intensity distribution: 
in infrared bands: 

of asymmetric top molecules, 471, 
479 

change in liquid state, 532 
of linear molecules, 38111. , 385, 391 
of spherical top molecules, 453f. 
of symmetric top molecules, 418, 

4211., 425f. 

in a progression of overtone bands, 

2641 . 

in Raman spectrum of linear molecules, 
399, 533 

in rotation spectrum: 

of asymmetric top molecules, 50 
of symmetric top molecules, 311., 

361., 41 

Intensity factors, for symmetric top mole- 
cules, 422, 426 

Intensity ratio of Stokes and anti-Stokes 
Raman lines, 251 

Interaction constants, 187, 192 


Interaction of rotation and vibration, 
370ft. (Chapter IV) 
for asymmetric top molecules, 400ft. 
(Chapter IV, 4a) 

cause of occurrence of forbidden transi- 
tions, 40 61. 

due to Coriolis forces, see Coriolis inter- 
action 

for linear molecules, 370ft. (Chapter 
IV, la) 

for molecules with free internal rota- 
tions, 404 

neglect of, in thermodynamic func- 
tions, 503 , 505, 513, 521 
for spherical top molecules, 446ft . 
(Chapter IV, 3a) 

for symmetric top molecules, 400ft. 
(Chapter IV, 2a) 

wave mechanical treatment, 3751. 

Interaction of vibrational and rotational 
angular momentum, 402 

Interaction of vibrations, 201ft. (Chapter 
H,5) 

Intercombinations, prohibition of, see 
Prohibition and Symmetry selection 
rules 

Intercomparison of force constants in 
different molecules, 192ft. (Chapter 
II.4f) 

Intermolecular forces, 334f., 531ft. 

(Chapter V, 2) 

causing violation of selection rules, 
346, 364, 366 

“Internal” coordinates, solution of secu- 
lar equation in, 1 42ft. 

Internal energy, €int, 5011. 

Internal entropy and free energy, 61911. 

Internal partition function, 6021,. 509, 
529 

Internal rotation, free or hindered, mole- 
cules with, 220, 343, 356ff., 401ft* 
(Chapter IV, 5) 

chemical equilibrium, 527, 530 
energy levels, 401ft* (Chapter IV, 5a) 
entropy and free energy of, 524, 525f. 
heat capacity and heat content of, 517, 
518f . 

partition functions for, 510ft. 
rotation vibration spectrum, 406ft. 

(Chapter IV, 5b) 
symmetry number, 51 Of. 

Internal vibrational angular momentum, 

494 
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Internuclear distances: 

in asymmetric top molecules, 480 
in linear molecules, 21, 174, 308 ft. 
in isotopic molecules, 3061., 438 
in symmetric top molecules, 400, 488ft. 
in tetrahedral molecules, 458 
Intersections of curves: vibrational fre- 
quencies versus mass, 200 , 315f. 
Invariable plane of asymmetric top, 4 2, 
43 f. 

Invariance: 

of bond or group frequencies, 104ft. 
of force constants in different mole- 
cules, 102ft. 

of potential energy to symmetry opera- 
tions, Oj.1 ., 104 

of Schrodinger equation to symmetry 
operations, 104 

Invariants of polarizability tensor, 247 
Inversion, 2 , 15. 25, 98, 107 

behaviour of degenerate vibrations 
with respect to, 971., 100 
Inversion doubling, 261., 220ft., 205ft., 
411ft. 

absence for planar molecules, 27, 51, 
220,465 

of asymmetric top molecules, 51, 55, 
465 

effect on thermodynamic functions, 512 
without effect on total statistical 
weight, 413, 451, 466 
eigenfunctions for, 221, 222f. 
influence on infrared and Raman spec- 
trum, 257, 416 , 422, 423f. 
selection rules for, 256ft., 416, 469, 490 
in symmetric top molecules, 26f., 31, 
411, 412f. 

in tetrahedral molecules, 451, 453 
Inversion spectrum, 257, 416 
I 03 ~, iodate ion, 302f. 

I0 4 ”, periodate ion, 322 
Irreducible representations of a point 
group (see also species), 104ft*, 108f., 
130, 236 
Isomers, 2201. 
optical, 26, 220, 2241., 347 
rotational, 346ft. 

Isomorphous point groups, 114, 120, 122 
Isotope effect: 
rotational, 395ft., 438 
vibrational, 227ft. (Chapter 11,6) 
for small mass difference, 231, 2341. 
for axial XYZ 3 , 2341. 


Isotope eflect (Cont.) : 
vibrational (Cont.) : 

influence of anharmonicity, 228ft., 

232 

information about geometric struc- 
ture from, 228 
for planar X 2 Y 4 , 2331. 

Teller-Redlich product rule, 231 ft. 
for tetrahedral XY 4 , 2351. 
for triatomic molecules, 228ft. 
use for correlation of observed vibra- 
tional frequencies, 228, 233f. 
u*o for determining force constants, 
2271. 

Isotopic exchange reactions, 528 

Isotopic molecules, sanu force constants 
(potential function), 159ff., 227, 232 

___ J 

j = aFT, 81 

J, total angular momentum 

of asymmetric top molecules, 44 
of linear molecules, 151. 
of spherical top molecules, 38 
of symmetric top molecules, 22ft., 26 

J, quantum number of total angular mo- 
mentum (and selection rules for) : 
of asymmetric top molecules, 441; 55, 
59, 468 , 400 

of linear molecules, 14, 101., 371, 380ft., 

3081. 

of molecules with free internal rota- 
tion, 492, 498 

of spherical top molecules, 38, 4^; 
453, 458 

of symmetric top molecules, 24ft., %8, 
32, 34, 4H, U1 

J ', «/"(= J), rotational quantum num- 
bers of upper and lower states, 19, 
31, 381 

/'/, J+,, rotational quantum numbers of 
upper and lower states for asym- 
metric top molecules, 485ff. 

Jahn’s rule for Coriolis interaction, 376, 
414, 447, 458, 466 

Jupiter, CH 4 bands in spectrum, 307 

K 

k , Boltzmann constant, 19, 501, 521, 538 

k , quantum number of component of 
angular momentum about figure axis 
of symmetric top (with sign), 24 , 492 
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k, /<*«, valence force constants for tetra- 
hedral XY 4 molecules, 181ft., 189 
fa, fa, quantum numbers of angular mo- 
mentum of parts 1 and 2 of a mole- 
cule with internal rotation about 
figure axis, 402 f., 510 
fa , fa, k', central force constants for tetra- 
hedral XY 4 molecules, 165ft., 189 
fa, fa, valence force constants for non- 
linear and linear XY 2 , 1681., 172, 186 
ki , fa, valence force constants for pyra- 
midal XY 3 , 175ft., 1871. 
k j_ , fa, fa, valence force constants for 
linear XYZ, 1 78i. 

k\y k 2 y fa, valence force constants for 
linear symmetric X 2 Y 2 , 1801. 
fa, fay k^ valence force constants for 
planar XY 3 molecules, 178 f. 
fay fa, fat fa', fa, valence force constants 
for planar XYZ 2 molecules, 170, 
200f. 

fa, fa, fa, fa', fa, potential constants for 
planar X 2 Y 4 molecules, 183ft. 
fa 2 y interaction constant of the two bonds 
in XY 2 , 1861. 

fa', fa', interaction constants for pyra- 
midal XY 3 molecules, 1871. 
fa 2 , fa', interaction constants for linear 
symmetric X 2 Y 2 molecules, 188 f. 
fa, fa', force constants for non-linear XY 2 
with Y — Y bond, 172 
fa, integrated absorption coefficient, 2G1 
fajy force constants, 731., 204, 206 
fa, fa, force constants, 62 
fay, fay, force constants, 681., 731., 1411., 
145 

K, component of total angular momen- 
tum of symmetric top in figure axis, 
231., 26, 403 

K t quantum number of component of 
angular momentum about figure axis 
in symmetric top, 24ft; 400, 403f. 
selection rule for, 20, 32, 60, 4H, 441 
K degeneracy of symmetric top mole- 
cules, 24, 27, 494 

K fine structure of || bands, 424, 4%4, 477 
/C- type doubling, 44I., 49, 56, 4001., 414 
Ki = |&i|, K 2 = I& 2 I, quantum numbers 
of angular momenta of parts 1 and 2 
of a molecule with free internal rota- 
tion, 4&8 

K{, quantum number of internal rotation, 

494 , 497 , 510 


K p , equilibrium constant of a gas reac- 
tion, 526ft. 

calculated and observed values: 
for the water-gas reaction, 529 
for reaction C 2 ll6 C 2 II 4 + II 2 , 530 

k, parameter in energy formulae of asym- 

metric top, 471. 

Kinetic energy of molecule, 731., 204 
in terms of central force coordinates, 
1421. 

in terms of symmetry coordinates, 
1471. 

L 

l, vibrational angular momentum in 

linear molecules, 380 
/-type doubling, in linear molecules, 3771., 
393, 451 

effect on spectrum, 387, 390, 393 
determination of magnitude, 391 
l, number characterizing degenerate vi- 
brations of different species, 80ft., 
05, 126, 128 

/-splitting, 211, 210, 405 
l, h quantum number of vibrational angu- 
lar momentum in linear molecules, 
128, 2 ill., 371, 379f. 

/, li, h, h, equilibrium internuclear dis- 
tances, 141, 143, 154, 166, 169, 173ff., 
180ff. 

+ /, - / levels, 4031., 407L, 413, 429, 441 , 
443 

/„ quantum number of doubly degenerate 
vibrations, 81, 128, 210ft., 264 
/„ not representing vibrational angular 
momentum for non-linear axial mole- 
cules, 215 

degeneracy, splitting of, 211 , 219, 405 
L, quantum number of resultant vibra- 
tional angular momentum of linear 
molecules, 212 

Jjf, L v , heat of fusion and vaporization, 
523 

\i, roots of secular determinant 
(= 4 ttV), 731., 76, 140,204 
A, A, electronic angular momentum of 
linear and diatomic molecules about 
internuclear axis and its quantum 
number, 23f., 112, 380 
A-type doubling, 44, 377 
Laguerre polynomials, 81 
Lattice vibrations in Raman spec! mm, 
537 
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Light, velocity of, 100, 538 
Limitations of concept of bond-stretching 
and -bonding vibrations, 1991 L, 3151. 
Limitations of concept of normal vibra- 
tions, 201 ff. (Chapter 11,5) 

Limiting force fields, 146 
Linear combinations of symmetry co- 
ordinates, lJfi 

Linear combination of mutually degener- 
ate vibrations (normal coordinates, 
eigenfunctions), 75, 81, 861 ., 91, 901., 
104 

Linear molecules: 

bond-bending and stretching vibra- 
tions in, 197 

centrifugal distortion in, 14 f., 871 
Coriolis interaction in, 373ff. 
degrees of freedom, 01 f. 
effect of anharmonicity on vibrational 
levels, 211 1., 213 

forming asymmetric top in displaced 
position of _L vibrations, 877 
infrared rotation spectrum, 191. 
infrared rotation- vibration spectra, 
37911. (Chapter IV, lb) 
analysis of observed bands, 390 ft. 
interaction of vibration and rotation, 
37011. (Chapter IV, la) 

/-type doubling in, 8771., 3901., 898 
moments of inertia and internuclear 
distances, 14, 21, 371f., 393 , 393 IT. 
numbers of vibrations of each species, 
137, 1391 . 

II „ — TI fl bands of, 389f. 

1I M — 2 + bands of, 8SJ h 387f. 
perturbations in, 3781. 
point group of, 7, 9, 13 
proof of linearity from fine structure of 
rotation- vibration bands, 384 , 388 
Raman rotation spectra, 201. 

Raman rotation-vibration spectra, 
3981. (Chapter IV, lc) 
rotational constants a,-, 37211. 
rotational constants B c , #[o], B[r], 14, 
20, 3701., 378f., 390f., 393, 3931. 
rotational energy levels, 14, 15, 37011. 
(Chapter IV, la) 

symmetry properties and statistical 
weights, 1511., 372, 373 
thermal distribution, 181. 
rotational entropy and free energy of, 
5211. 


Linear molecules (Cont.) : 
rotational heat content and heat ca- 
pacity, 513 

rotational partition function of, 505, 
50711. 

rotation and rotation spectra, 1811. 

(Chapter 1,1) 
selection rules: 

fo r rotation spectra, 191. 
foi rotation-vibration spectra, 3791., 
8981. 

2— i bands of, 38011. 

species of higher vibrational levels, 

12511., 128f., 211, 213 

species of normal vibrations and eigen- 
functions, 112, 1181. 

Linear momentum, 133f. 

Linear momentum operator, 208 
Linear transformation, 73, 8011. 

Linear XY 2 , X 2 Y 2 • • • molecules, see 

xy 2 , x 2 y 2 • • • 

Linearly polarized incident light in 
Rayleigh and Raman scattering 

2471., 270 

Line-like Q branch, 387, 417, 419, 4241; 

4281., 442f., 458, 491, 497 

Line strengths for asymmetric top mole- 
cules, 50, 471 

Line strengths for symmetric top mole- 
cules, 82, 37, 421U 420 
Liquid state, 

changes of vibration spectra in, 334f., 
337, 534H. (Chapter V,2) 
nature of, 53 Iff. (Chapter V,2) 
new infrared and Raman bands in, 
53411. 

rotation of molecules in, 446, 531ff. 
Lissajous motion, 02, 63f., 66 
on potential surface, 2031., 209 
Long chain molecules, 199, 526 

M 

m, mass of electron, 538 
m., medium intensity, 274 
m, number of sets of nuclei not on any 
element of symmetry, 13211., 135ff., 
232 

m, running number in formula represent- 
ing P and R branch, 381, 454 
mo, number of sets of nuclei on all ele- 
ments of symmetry, 18211., 139 
mi, ?n 2 , ms, • - • masses of atoms, 141, 232 
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m 2, m2', m3, m 4, • • • number of sets of 
nuclei on two-, three-, four-, • • • fold 
axes, 134, 130 

vidy nihj m v , number of sets of nuclei on 
planes <rd y ah y <r„, 184ft., 130, 232 
m X z, m vzy numbers of sets of nuclei on 
planes <r v (xz), <r v (yz), 182 ff. 
mx, my, • * • masses of atoms X, Y, • • • , 
134 

M , electric dipole moment, 32, 2J+0, 25 1 ff., 
258f. 

M t magnetic quantum number, 26, 400 
My total mass of molecule, 152, 232 
Af°, dipole moment in equilibrium posi- 
tion, 240 

Mi, 1/16 of mass of O 16 atom, 100, 538 
[M]/’ 0 , dipole moment of 1—0 transi- 
tion of vibration Vi f 201 
Mk y normalization constant, 72, 75 
[Af3 nm , [ ~M2 v ' v " y matrix element of di- 
pole moment, 252 

* * * matrix elements 
of components of dipole moment for 
a vibrational transition, 250ft. 

M Xy M V1 M z , components of dipole mo- 
ment, 240, 251tf., 414 
species of, 2521 . 

/x, abbreviation for mx/2my, 152, 154, 190 
H, determinant related to effective mo- 
ments and products of inertia, 208 
jjl xx , H*y y • • * elements of determinant /jl , 
208 

Magnetic dipole moment, 239 
Magnetic quantum number, 26 
Magnitude of total angular momentum 
J and its component K , 26 
Mass of atom of unit atomic weight, Mi, 
160, 538 

Mass of electron, 538 
Matrix: 

of dipole moment, 251 
of induced dipole moment, 254 
Matrix elements: 

of components of polarizability tensor, 
254, 258f., 266, 269f., 44U W0 
of the electric dipole moment, 32, 56, 
252, 266, 414 

of perturbation function, 2151., 2181 . 
Maxwell-Boltzmann distribution law, 
501, 512 

Mechanical anharmonicity, 241, 246 
Mechanical models for solution of vibra- 
tion problem, 


Mecke’s sum rules, 4& f-, 52, 59, 461, 485 
Methane, see Cri 4 and CI) 4 
Methanol, see CII 4 0 and CII 3 DO 
Methyl acetylene, see CaII 4 
Methyl alcohol, see CH 4 0 and CH 3 D() 
Methyl chloride, see CII3CI 
Methyl cyanide, see C2H3N 
Methyl derivatives of benzene as isotopes 
of benzene, 235 

Methylene chloride, see CH2CI2 
Methyl halides, see under CH3F, CII 3 Br, 
CH3CI, CH3I, CD3CI, CD 3 Br 
Methyl isocyanide, see C2H3N 
Minors of secular determinant, determine 
form of normal vibrations, 70, 74, 
142, 145, 150, 153, 157 
Missing lines in II — II and II — 2 bands of 
linear molecules, 387, 390 
Missing lines in sub-bands of || and JL 
bands of symmetric top molecules, 
418, 426 

Mixing of bond-bending and bond- 
stretching vibrations, 201 
Mixing of eigenfunctions in perturbations 
(Fermi resonance), 215ft., 266, 379, 
456 

Mixture of valence and central forces, 187 
Model of potential surface, 202 
Models, mechanical, for study of molecu- 
lar vibrations, 157 it. 

Modes of vibration, determination of, 
7#/ff.(Chapter 11,4) 

Modifications, non-combining: 

of asymmetric top molecules, 53ft., 

4681 

effect on thermodynamic functions, 
5081, 514 y 522 
of linear molecules, 17t. 
of symmetric top molecules, 20, 415 
of tetrahedral molecules, 40t., 458 
Molar heat capacity, 512i. 

Mole, number of molecules in, 538 
Molecular models, study of vibrations by 
means of, 64f., 1571. 

Molecular rotation in liquids and solids, 
531ft. 

Molecular vibrations in liquids and solids, 
534ft . 

Momental ellipsoid, 13, 22, 37, 51, 243f. 
Moments of inertia, 131. 
of asymmetric top molecules, 44f., 
488t., 5001 

change during vibration, 3701., 400, 461 
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Moments of inertia (Cont.) : 
effect on thermodynamic functions, 
505f., 5091., 521, 527 
influence on vibrational isotope effect, 
232ft., 238 

of linear molecules, 14, 21, 393, 395i. 
numerical factor in, 538 
principal, 13 

of symmetric top molecules, 24, 34, 
4361. 

of tetrahedral molecules, 454 ff. 

Moment of momentum, see Angular mo- 
mentum 

M 0 O 4 , molybdate ion, 322 

Multiplication of species and characters, 
124ft; 1291., 407, 449, 462, 466 

Multiple excitation of a degenerate vibra- 
tion, species of resultant states, 
125ft. 

Mutual exclusion, rule of, 256ft. 

Mutually orthogonal, 72 , 85, 95, 99, 108 

N 

n, number of minima for torsional oscilla- 
tions, 2261., 511 

N, 33 N* h, Avogadro number, 512, 519, 
521 , 538 

Ny, N 2 , N 3 , • • • Nk, nuclei in axial mole- 
cules, 85ff. 

Ny, N 2 , • • • N n , number of molecules in 
state 1, 2, - • - n, 501, 512 

Na , number of molecules in a mole, on 
Aston's scale, 538 

Nj, number of molecules in state /, 
18 , 40 

Nj, k, number of molecules in state J, K, 
29f. 

N V{ , normalization constant in oscillator 
eigenfunction, 78f. 

p ± , perpendicular vibration of linear 
molecules, 384 

p 0 , zero lines of bands (band origins) : 
of linear molecules, 381, 384, 391 
of symmetric top molecules, 313, 419, 
424, 426, 4281., 432f., 443 

j/ 0 8ub , origin of sub-band, 4181., 424 f-> 
4291., 433, 44S 

v\ y V 2 , Pz, • • • Vi, fundamental frequencies: 
as distinguished from zero-order fre- 
quencies, 206ft., 211 
use of, for determination of quadratic 
potential constants, 160 , 206 


v\, V 2 , vz, • • • valence (bond-stretching) 
vibrations, 194, 272 

2 v, z p, • • • doubly, triply degenerate 
stretching vibrations, 272 
Pair, ^ vacuum^ wave number in air and 
vacuum, 272 
Av, Raman shift, 251 
p (i) , isotopic frequencies, 229f. 

Vi(b 1 ), • • • non-degenerate vibra- 
tions of species Ay, By, • • •, 272 
Vi(e), Vi( 7r), doubly degenerate vibrations 
of species E, II, 272 

v t {fi), v 1 (^/ 2 ), triply degenerate vibrations 
of species Fy, F 2 , 272 
»«, <^ 20) , i«, *&*>, >&*, vibra- 

tions of equilateral X 3 and their 
transformations, 84ff., 971. 
i\ CH2 , • • -, CH 2 , CH 3 , • • • deforma- 
tion vibrations (see also under CH 2 , 
CII 3 , •••), 272 

vf G , * 0H , •, G—C C— H, ... 

stretching vibrations, (see also under 
C— C, C— II, • • •), 272 
Pit, p<t, parallel and perpendicular stretch- 
ing vibrations, 272 
N 3 “, azide ion, 287f. 

Natural incident light in Rayleigh and 
Raman scattering, 247, 270f. 

Nature of liquid and solid state, 531ft. 

(Chapter V,2) 

ND 3 , heavy ammonia: 

Ay, A 2 , and E modifications, 415 
difference bands involving the levels 
V 2 P 2 , 297 

force constants, 16 4 , 177 
form of normal vibrations, 110f., 177 
fundamentals, 2941 . 
intcrnuclear distances and angles, 439 
inversion doubling, 224, 297 
moments of inertia and rotational con- 
stants, 34, 4371. 

observed infrared and Raman spectra, 
33, 294ft., 437 

rotational levels, symmetry properties 
and statistical weights, 4121 . 

N 2 Dg + , N 2 D 6 ++ , heavy hydrazinium 
ions, 342, 350 

Nearly symmetric top molecules: 
analysis of infrared bands and deter- 
mination of rotational constants, 
434, 484 

|| bands of, 4711; 475 
JL bands of, 428, 478ft. 
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Nearly symmetric top molecules (( -out.) : 
deviations from symmetric top largest 
for small K, 49, 484 
energy levels, 45, 48, 49 
Raman bands of, 44 IH- 
Necessary degeneracy, 98, 125, 210, 401 
Necessary elements of symmetry, 1061., 
118, 116, 124, 131 
Negative rotational levels: 
of asymmetric top molecules, 501., 465, 
469, 490 

of linear molecules, 15 , 191., 872, 380, 
390 

of symmetric top molecules, 26, 29, 
406,/ t 15 

Negative sub-bands of a X band, 434 I. 
Negative vibrational levels in inversion 
doubling, 223, 257, 295, 413, 451 
Neptune, CII 4 bands in spectrum of, 307f. 
NF 3 , nitrogen trifluoride, 302 
N — 11 bond, force constant, 193, 190 
N — H distance, 439 
N — H frequencies (vibrations), 19511. 
Nil radical, 193 
NH», ammonia: 

A and E (ortho and para) modifica- 
tions, 41 6 

combination relations between near 
and far infrared spectrum, 434 
energy levels V 2 V 2 , 297 
form (species) of normal vibrations, 
110 , 139, 177 
fine structure: 

of infrared bands, 422, 423f., 4341. 
of Raman band in aqueous solution, 
531 

force constants, 16 4, 177 
fundamentals, 2941 • 
influence of anharmonicity for de- 
generate vibrations, 214 
infrared rotation spectrum, 33, 294, 
295, 41 6 , 437 

internuclear distances and angles, 223, 
290, 439 

inversion doubling 221&., 2951., 297, 
416, 437, 512 

inversion spectrum (absorption of short 
radio waves), 257, 416 
moments of inertia and rotational con- 
stants, 84, 4371. 

observed infrared and Raman bands, 
29411. 


Nil, (Cont.) : 

proof for pyramidal (C 3l .) structure, 
331., 36, 294 
rotational levels: 

symmetry properties and statistical 
weights, 28, 400, 411, 412f. 
thermal distribution, 30 
rotational Raman spectrum, 85, 36f., 
294 

splitting of l t degeneracy, 219 , 297 
stretching and bending vibrations, 197 
sub-bands of overtone and combina- 
tion bands, 297 

thermodynamic functions, 512, 514 
Nllt + , ammonium ion, 167, 182, 322 
N 2 H 4 , hydrazine, 336 
N 2 H 5 +, N 2 H g ++ , hydrazinium ions, 342, 
350 

N 3 H, hydrazoie acid, 105, 302, 428 
fine structure of photographic infrared 
bands, 427f., 434f. 

internuclear distances and angles, 439 
moments of inertia and rotational con- 
stants, 437 

NII 4 Br, NH 4 CI, ammonium bromide and 
chloride, solid, free rotation of NH 4 + 
in, 5321. 

NIIDo, NHoD, heavy ammonia, inver- 
sion doubling, 224, 297 
Ni(CO) 4 , nickel tetracarbonyl, 356, 451 
Nine-atomic molecules, observed spectra 
of individual molecules, 352ft. (Chap- 
ter llT,3g) 

Nitrogen peroxide, see N0 2 
Nitrous oxide, see N 2 0 
N — N distances in N 3 H, 430 
N0 2 “, nitrite ion, 287f. 

NO*, nitrogen peroxide: 
force constants, 161 , 170 
fundamentals a nd other infrared bands, 

2841. 

non-linear structure, 2841. 
rotational levels, 53, 462 
N() 3 “, nitrate ion, 178, 302f. 

N 2 0, nitrous oxide: 
entropy and free energy, 523, 534 
Fermi resonance, 2771. 
fine structure of infrared fundamental 
v\, 382 

force constants, 174 
fundamentals, 2771., 382 
heat capacity, 515, 516 
identical potential minima, 220f. 
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NoO (Cont.): 

internuolear distances, 308 
linear unsymmetricnl structure, 377, 
288, 384 

observed infrared and Raman spectra, 
2771. 

rotational constant and moment of 
inertia, 300 

vibrational constants (zero-order fre- 
quencies), 278 
N 2 0 4 , nitrogen tetroxide: 
force constants, 184, 186 
fundamentals, 184, 336 
statistical weights of rotational levels, 
SSI L, 462 

two non-combining modifications, 55, 
469 

N 2 0 6 , nitrogen pentoxide, 345 
Non-combining modifications, sec Modi- 
fications 

Non-crossing rule of vibrations of the 
same species, 2001., 238, 310L, 332 
Non-degenerate species, 10511. , 100 
characters of, 108i. 

correlation for different point groups, 
2361. 

number of vibrations for, 13111. 
Non-degenerate vibrational states, rota- 
tional energy levels in, 372f., 4001., 
408, 4461. 

Non-degenerate vibrations: 

behaviour with respect to symmetry 
operations, 821. (Chapter II, 3a), 04 
eigenfunctions, 79, 1011., 200 
energy formulae, 771., 2031., 208 
influence of anharmonicity, 20111. 
(Chapter IT, 5a) 

number of, of each species, 131 ff. 
species (types) of, 10511. 

of higher vibrational levels, 1241* 
zero-point energy, 78, 206 
Non-genuine normal vibrations (see also 
individual point groups), 60, 72, 77, 
105ff., 140, 232 

degenerate, 90f., 92ff., 961., 110f., 122 
number of, 1321., 135 
Non-linear motion: 

in degenerate normal vibrations, 75f., 
402f. 

in normal vibrations on account of 
Coriolis coupling, 375 
Non-linear rigid molecules, thermody- 
namic functions, 500, 513, 5211. 


Non-linear triatomic molecules, vibra- 
tional energy level formula, 77f., 
2051. 

Non-linear XY 2 molecule, see XY 2 
Non-linear XYZ molecule, see XYZ 
Non-planar molecules, inversion doubling 
in (left and right forms of), 261., 31, 
50f., 220H., 256f., 406 
Non-rigidity, sec Centrifugal distortion 
Non-symmctrical deformation and 

stretching vibrations, 353, 355, 360 
Non- totally symmetric Raman bands: 
fine structure of, 300, 4421!-, 4581., 40I 
broadness and low intensify of, 277, 
399, 444, 445f., 532 
depolarization of, 2701. 

Normal coordinates, 62, 701., 731., 204 
antisymmetric, occurring only with 
even powers in potential function, 
205 

complex, 081. 

for degenerate vibrations, 801. . 851., 99 
polar, 801. 

relation to symmetry coordinates, L,6, 
150, 153 

time-dependence of, 70, 7 \, 205 
Normal frequencies (see also individual 
molecules and molecular types XV 2 , 
and so on), 681., 77, I40L, 144, ]57 
are emitted or absorbed frequencies, 
230 

formulae and observed values: 

for linear XY 2 molecules, 1721., 187 
for linear symmetric X 2 Y 2 , 1801., 180 
for linear XYZ molecules, 1731. 
for non-linear XY 2 , 14811., 1601., 160, 
187 

for planar XY3 molecules, 178 
for planar X 2 Y 4 molecules, 1831. 
for planar XYZ 2 , 180 
for pyramidal XY 3 , 1631., 176, 188 
for tetrahedral XY 4 molecules, 1661., 
182 

Normal modes of vibration, see Normal 
vibrations 
Normal vibrations: 
amplitudes, 67, 60, 172 
behaviour with respect to symmetry 
operations, 65, 8211. (Chapter 11,3) 
classical theory, 6111 . (Chapter 11,1) 
definition, 661., 76 

degenerate, sec Degenerate normal 
vibrations 
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Normal vibrations (Cont.) : 
designation of, 124f., 103, 27 i f. 
determination of, 69, 74, 131ft. (Chap- 
ter 11,4) 

effect of anharmonicity on, 204 f. 
form of (see also individual molecules 
or molecular types XY 2 , XY 3 , 

for triatomic molecules, 66f., 84, 85, 
87, 112, 174, 175 

for four-atomic molecules, 65ff., 91, 
92, 110f., 157, 177, 181, 292 
lor live-atomic molecules, 92, 93, 
95ft., 99, 100f., 113, 122, 304, 314, 
318 

for six-atomic molecules, 91, 93 f., 
107f., 324, 331f. 

for more-than-six atomic molecules, 
115f., 118, 122f. 

genuine, 69, 72, 77, 02, 132ft., 135 
limitations of concept, 201ft. (Chapter 

11 , 5 ) 

mathematical representation, 67ft. 
of molecules with free internal rota- 
tions, 494 

nature of, 61ft. (Chapter 11,1) 
non-degenerate, see Non-degenerate 
vibrations 

non-genuinc (null vibrations), see Non- 
genuine normal vibrations 
number of, of a given species, 131ft. 

(Chapter II, 4a), 258 
orthogonality of, 70ft., 95f. 
relative velocities of nuclei in, 67, 69 
representation on potential surface, 204 
small letters as species symbols for, 
124L 

species of, 104ft> (Chapter II, 3d) 
superposition of, 67, 70f., 74 
Normalization: 

of harmonic oscillator eigenfunctions, 
78f. 

of normal vibrations, 72 
Normalized normal vibrations (coordi- 
nates), 72, 95 

Normalized to unity, 75, 204, 377 
Nuclear quintet and singlet levels (modi- 
fications) of tetrahedral molecules 
(see also A and E rotational levels), 
39 

Nuclear spin: 

contribution to entropy and free en- 
ergy, 522 


Nuclear spin (Cont.): 
contribution to partition functions, 
507 ft. 

effect on heat capacity and heat con- 
tent, 514 

influence on chemical equilibrium, 527 
influence on rotational levels: 

of asymmetric top molecules, 53ft., 
462, 4651. 

of linear molecules, 16ft., 372 
of spherical top molecules, 391. , 4491 . 
of symmetric top molecules, 27ft., 
37, 409ft. 

Nuclear spin factor in rotational parti- 
tion function, 509, 522 
Nuclear spin function, 4091., 451, 462, 465 
Nuclear statistics, influence on rotational 
levels: 

of asymmetric top molecules, 531., 462, 
465 

of linear molecules, 16ft., 372 
of symmetric top molecules, 28, 409ft. 
Nuclear triplet levels (modifications) of 
tetrahedral molecules (see also F 
rotational levels), 39 
Null-vibrations (see also non-genuine 
normal vibrations), 69 
Number of non-genuine vibrations, 69, 
1321. 

Number of normal vibrations of a given 
species, 131ft. (Chapter II, 4a) 
Number of nuclei, expressed in terms of 
sets of nuclei, 133ft. 

Numbering of fundamental vibrations, 
163, 2711., 288 
Nutation: 

of figure axis of symmetric top, 23f. 
of symmetry axes (principal axes) for 
asymmetric top, 42, 43 

O 

0 branches in Raman bands of linear and 
symmetric top molecules, 399, 44 21. 
O, point group, 9, 10f., 451 
selection rules for, 253, 256 
species and characters of, 1211., 126f., 
129, 140 

0 + , 0°, Or branches of Raman bands of 
tetrahedral molecules, 4&9 
Oh molecules, numbers of vibrations of 
each species, 139 

Oh point group, 10ff., 38, 451, 508 
selection rules for, 253, 270f. 
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Oh point group (Cont.) : 
species and characters of, 1821., 126f., 
127 

g>, instantaneous angular velocity of 
asymmetric top, 43 

«, angular velocity of rotating coordinate 
system, 374 

«i, W 2 , £ 03 , • • • cot, vibrational frequencies 
for infinitesimal amplitudes (zero- 
order frequencies), 205 ft., 210i T., 
228ff., 2321T., 371 

£ 01 °, £ 02 °, £ 03 °, • • • £0;°, vibrational con- 
stants, 206ft., 211 , 264 
co/, vibrational frequency in cm” 1 , 77 
£o (t) , vibrational frequencies of isotopic 
molecules, 228f., 232ff. 
cot, torsional frequency, 226f. 

£ 0 X , 0)y, £ 0 z, components of angular ve- 
locity 24, 26 
O 3 , ozone: 

force constants, 287 
geometrical structure, 286ft. 
observed infrared spectrum and funda- 
mentals, 285 , 286f. 
thermal dissociation, 530 
Oblate symmetric top, 24 f*, 45, 412 
Observed vibration spectra, of individual 
molecules, 271ft. (Chapter III, 3) 
Octahedral molecules as spherical tops, 38 
Octahedral point groups, 91., 121f. 

OD 2 , 0 2 D 2 , see D 2 O, D 2 0 2 
oe rotational levels of asymmetric top 
molecules, 52 

Off-diagonal matrix elements of (induced) 
dipole moment, 252, 254 
O — IT bond, dipole moment of, 265 
force constant, 103, 196 
O — H distance, 489, 498 
OH radical, 193, 280, 489 
0—11 stretching and bending vibrations, 
195ft., 334 

effect of hydrogen bonding on, 536 
OH 2 , O 2 H 2 see H 2 O, H 2 O 2 
O — O distance in H 2 O 2 , 469 
00 rotational levels of asymmetric top 
molecules, 52 

Operator method of setting up the wave 
equation, 208 

Optical isomers, 26, 220 , 2241; 347 
Origin of bands: 

of linear molecules, 381, 384, 391 
of symmetric top molecules, 419, 424, 
426 , 429, 432f., 443 


Origin of sub-band, 4161; 42 4^ ^ 4291., 
433, 44S 

Orthogonal transformation, 94 f., 99, 104 
Orthogonality of normal vibrations and 
eigenfunctions, 70ft., 95f., 260 
Orthogonal to each other, 72, 85, 95, 99, 
108 

Ortho modifications of symmetric mole- 
1 ules, sec Modifications, non-com- 
bining 

Ortho «+► para rule, 382 
OsciJJ ition frequency, classical (sec also 
Vibrational frequencies), 77 
Oscillations, simple harmonic, 621. 
Over-all species, 51, 55 407ft . 
of the lowest rotational levels for vari- 
ous vibrational levels: 
in C 2v , C 2 h , C 2 , Vh, V, molecules, 50, 
5 If., 402, 463, 464f., 470, 475, 
477, 480, 481 

selection rules for, ^Sft., 4681., 490 
in C 3v molecules, 26f., 407, 408 
selection rules for, 29, 416, 441 
in Du, Du molecules, 26f., 408f. 

selection rules for, 415, 441 
in linear molecules, 15, 372 

selection rules for, 161., 19, 380, 
399 

in Td molecules, 39, 440, 450f. 
selection rules for, 391., 453, 458 
Overtone vibrations (bands): 
infrared activity, 239, 24 I, 261 ft. 
Raman activity, 2451., 261ft. 
sub-bands of, for degenerate vibra- 
tions, 264 
Ozone, see O3 

P 

p-fold axis of symmetry, 21., 83 
p-fold rotation-reflection axis, 4 
p, pressure, 519ff. 

p, vibrational angular momentum, 4031., 

447 

Pa, Pb, • • • Va 9 , Pb'j • • • partial pressures 
of A, B, • • • A B', • • • in a gas 
reaction, 526 
p c , critical pressure, 524 
pk, linear momentum operators corre- 
sponding to £*, 208, 375 
p x , p y , p z , vibrational angular momentum 
operators, 208, 3751., 403f., 468 
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P branches: 

in infrared bands: 

of asymmetric top molecules, 470f., 
473, 475, 478, 480f., 483ff. 
of linear molecules, 3801., 390 
of symmetric top molecules, ^76'1T., 
424, 425f., 429 

of tetrahedral molecules, 453ft. 
intensity of, 421, 424, 442 
in Raman bands: 

of linear molecules, 399 
of symmetric top molecules, 443 f- 
P, Induced dipole moment, 243ft., 246, 
248, 2541. 

P, total angular momentum, 22ft., 26, 38, 
421 

P°, amplitude of induced dipole moment 
P, 254 

P+, P°, P~ branches of Raman bands of 
tetrahedral molecules, 

Pe , component of induced dipole mo- 
ment in direction of applied field, 

243 

[P°]» 1 '°, induced dipole moment of 1 — 0 
transition of vibration Vi , 261 
[P°] nm , [P X °]" M , UVl nm f mjir 

trix elements of induced dipole mo- 
ment, 254 

P P, ( >P, R P branches, 421, 4261T., 435 
P x , Py , Pzy Pxy By, Pzy Components of 
induced dipole moment, 2431. 

P, . P v , P z , total angular momentum oper- 
ators, 208, 375, 403f. 

P z , component of total angular momen- 
tum in figure axis, 23i., 26 
<p, angle of rotation about axis of sym- 
metry, 86f. 

<p, Eulerian angle, 26, 406 
<p n , <pb, angles of deviation from straight 
line in linear XY 2 , 153f. 

Vi, polar normal coordinate, 80f. 

4>, species (characters and numbers of 
vibrations) of point group C wv , 112, 
128, 137, 140, 211 

<I>„, $u, species (characters and numbers 
of vibrations) of point group D*t,, 
119, 139f. 

7r vibrations, 126ft., 197 

higher vibrational levels of, 128 
7 r, 7 T(f, w u , species symbols for individual 
vibrations (see also the correspond- 
ing capital letters), 136ft., 272 


II, species (characters and numbers of vi- 
brations) of point group £»», 113, 
125, 128, 137, 211, 252 
II vibrational levels of C^v molecules: 
/-type doubling of, 3771. 
rotational levels in, 3711., 373 
II vibrations, 197 

II„, 1I„, species (characters and numbers 
of vibrations) of point group £>*,/«, 
119, 139, 181, 253 

II r/ , II M vibrational levels of D 0 oh mole- 
cules, rotational levels in, 372, 373 
II — A infrared bands (transitions) of 
linear molecules, 384, 387 
II — IT infrared bands (transitions) of 
linear molecules, 880, 385, 389f. 

II — T1 Raman bands of linear molecules, 
399 

II— 2 infrared bands (transitions) of 
linear molecules, 380, 384 > ^87, 388, 
391 

II — 2 Raman bands of linear molecules, 
399 

\p, vibrational eigenfunction, 761. 

\p t , electronic eigenfunction, 15, 252, 407, 
449 

\p evr , total eigenfunction apart from nu- 
clear spin, 4^7 

\p' i0r , correction term in total eigenfunc- 
tion. 407 

rf/JlUt), harmonic oscillator eigenfunction, 

781., 101 

ypjn, ypjt,, vibrational eigenfunctions of de- 
generate vibration, 108 
\p n , \p;, \p H °, \p t °, perturbed and zero- 
approximation eigenfunctions, 216 
\p n , \p m , time-independent eigenfunctions, 
252, 254 

\p r , rotational eigenfunction (see also Ro- 
tational eigenfunction), 15, 26, 32, 
51, 252, 4061., 4461- 
ip H , nuclear spin function, 4091., 451 
\p v , vibrational eigenfunction, 15, 252, 
407, 449f. 

\p v ' 9 'Pv", vibrational eigenfunctions of 
upper and lower state, 252IT., 259f. 
4> n , m f time-(lei)ciident eigenfunctions, 
252, 254 
P 4 , phosphorus: 

central force treatment of, 164f., 2991. 
observed Raman spectrum, 2991. 
tetrahedral structure, 2991. 

Paraffins, vibrations of, 199 
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Parallel bands (M s 4= 0): 
of linear molecules (see also 2) — 21 
bands), 273f., 3801. 
of molecules with free or hindered in- 
ternal rotation, 4071 T. 
of symmetric top molecules, 2681., 
312f., 4U, 4161., 418ff. 
analysis of, 4341- 
examples, 419, 420, 422, 423 
intensity alternation in, 4 1 $ 
intensity distribution in, 418, 421f. 
Parallel vibrations, 272, 288f., 202 
Para modifications of symmetric mole- 
cules, see Modifications, non-com- 
bining 

Parity (+, — symmetry), 15, 26 , 501., 
257, 3721, 406, 465 
Partition functions, 501 ft. 

equilibrium constants of chemical reac- 
tions in terms of, 5201, 
internal, 5021. 

harmonic-oscillator-rigid-n >tator ap- 
proximation, 50!) 

for molecules with internal rotations, 
5Wft. 

rotational, 603, 505ft. 
translational, 603 
vibrational, 503ft. 

PbCl 6 , cliloroplumbatc ion, 342 
PBtj, phosphorus tribromidc, 16/], 177, 
207 i. 

PCls, phosphorus trichloride: 
force constants, 16 4, 177 
fundamentals, structure, 16 4, 2071. 
Raman spectrogram, showing broad- 
ness of degenerate Raman lines, 445 
PC1 B , phosphorus pcntaehloride, 336 
PaCleNa, phosphorus dichloride nitride, 
308 

rCl 3 0, PCI3S, phosphorus oxychloride 
and sulfochloride, 322 
PO s , heavy phos])hine, 16j, 177, 302 
Penetration of potential hill, 221 ft. 
Perfect gas, deviations from, 517 
Permanent dipole moment, 19, 29, 32, 
55, 252 

Perpendicular bands: 
of linear molecules, (see also II — 2 
bands), 273f., 380 , 3841. 
of molecules with free or hindered in- 
ternal rotation, 407ft . 
of nearly symmetric top molecules, 
424ff., 428, 470i. 


Perpendicular bands (Cont.) : 
of symmetric top molecules, 268 f., 
312f., 414, 424 , 425ff. f 463 
analysis of, 4301., 434ft • 
appearance depending on moments 
of inertia, 4% 6 

appearance depending on f,-, 431f. 
effect of Coriolis interaction on, 
420ft. 

examples, 425, 427, 430, 431 
intensity alternation in, 432f. 
iid*msity distribution, 425f. 
position of zero line, 426, 420, 432 
resolution of Q branches, 430 
no zero gap in, 425. 420ft. 
Perpendicular vibrations, 272 
Perpendicular vibrations of linear mole- 
cules, 75f., 81, 112, 125ft., 161, 272, 
288 

Perturbation function, 2161., 222 
Perturbations: 

due to Coriolis forces, 3781. 
due to anharmonic terms in potential 
energy, 215ft. 
magnitude of, 215, 216 ff. 
of rotational energy levels . 

in asymmetric top molecules, 466ft. 
in linear molecules, 3781. 
in spherical top molecules, 4621. 
in symmetric top molecules, 4131. 
selection rules for, 376 , 878 , 413, 452, 
466 

of vibrational energy levels, 216ft., 264, 
266, 308, 378 

Perturbation theory, 208, 216 
PF«, phosphorus trifluoride, I64, 177, 
207, 303 

PH 3 , phosphine, #3f., 302 
force constants. 164, HI 
fundamentals, 164 
inversion doubling, 224 
rotation spectrum, 33 
Phase shift in superposition of degenerate 
normal vibrations, 75f. 

Phosphorus, sec P4 

Photographic infrared bands, spectro- 
grams (sec also individual mole- 
cules), 383, 385, 386, 420, 427, 431, 
457, 473, 499 
Physical constants, 538 
P.I., photographic infrared band, 274 
Planck's constant, 521, 538 
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Planar molecules: 

no inversion doubling, 27, 31, 61, 220 
relation between moments of inertia, 

437, m 

Plane doubly degenerate vibrations, 87, 

88ff. 

Plane of symmetry, 2 
Planetary atmospheres, CH4 in, 307f. 
PO4 , phosphate ion, 167, 182, 322 
Point group of a molecule, determination 
from observed vibration spectrum, 
258, 264 

Point groups, 5ft., 104 
axial 5 , 6ft., 140 

C p , D p , • • • , see under C v , D v , • • • 
cubic, see Cubic point groups 
examples of, Hi. 

number of vibrations of each species, 

134ft- 

pol., polarized, 274 
Polarizability, 20, 242ft. 

as a function of normal coordinates, 
240 , 242, 244ft., 260 
species of components determine Ra- 
man activity, 252ft., 258ft., 26 2, 205 
spherical and completely anisotropic 
part of, 246i. 

Polarizability change: 

for antisymmetric vibrations, 248 
determines polarization of Raman 
lines, 248i . 

determines Raman activity of normal 
vibrations, 242i., 244ft*i 351, 260i., 
271 

Polarizability ellipsoid, 20, 34 , 69, 243ft-, 
248 

a sphere for molecules of cubic sym- 
metry, 41, 244, 246, 270f., 458 
Polarizability tensor, 243i., 254 
components of, 243ft., 247, 254ft., 
258ft., 269ft., 441, 490 
derived, 248i. 
invariants of, 247 
Polarization: 

of light wave, direction of, 247 
of Raman scattering (lines), 2481., 
269ft. (Chapter III,2e) 
of Rayleigh scattering, 246ft. 

Polarized Raman line, 248, 268, 270i. 
Polar normal coordinates, 80i. 

Polymers, vibrational frequencies of, 
535i. 


Population of rotational levels, see Ther- 
mal distribution 
Position transformation, 82 
Positive rotational levels: 

of asymmetric top molecules, 50i., 405, 
469, 490 

of linear molecules, 15, 19i., 372, 380, 
399 

of symmetric top molecules, 26, 29, 
406, 415 

Positive sub-bands of a JL band, 424f. 
Positive vibrational levels in inversion 
doubling, 223, 257, 295, 413, 451 
Potential barriers hindering free internal 
rotation (leading to torsional oscilla- 
tions), 2251L, 492, 494 f., 510 
cause of, 346, 519 

dependence of energy levels on height 
494, 495 

determination of height, 227 

from heat capacity, 343, 354, 517, 
519i. 

from entropy, 520, 524ft. 
from equilibrium measurements, 520 , 
527, 530 

influence on thermodynamic functions, 
5 lli., 517 , 51 8f., 52 / h 525ff., 530 
observed values for heights, 520 

dependence on form of assumed po- 
tential function, 227, 519 
Potential barrier opposing inversion in 
non-planar XY 3 molecules, 221 ft. 
height determined from inversion 
doubling, 223i. 

Potential constants, quadratic (see also 
Force constants) : 

for Cartesian coordinates, 73i., 141i - 
for central force coordinates, 143, 149f., 
159ft. 

cubic and quartic, 204ft-, 211f., 219 
number of independent, 143, 143, 159, 
227 

from observed fundamental frequen- 
cies, 159ft., 227i. ' 
for symmetry coordinates, 147i. 
for valence force coordinates, 168, 

mt 

from zero order frequencies, 206i. 
Potential energy: 

contribution of different bonds to, 200f 
cubic, quartic, and higher terms, 201, 
204L, 372 

of doubly degenerate vibrations, 94i- 
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Potential energy (Cont.) : 
invariance to symmetry operations, 82, 
94L, 104 

for molecules with inversion doubling, 
221, 222f. 

represented by hypersurface, 201 1. 
of simple harmonic oscillator, 72 
in terms of Cartesian coordinates, 731., 
204 

in terms of central force coordinates, 
14S, 149, 1501. 

in terms of normal coordinates, 73, 9^, 
204 , 375 

in terms of symmetry coordinates, 
1471 

in terms of valence force coordinates, 
168, 1751. 

for torsional oscillations, 225ff. 
of triply degenerate vibrations, 90 

Potential function: 

most general quadratic, 1 48, 186f., 201, 
2271. 

from observed vibrational frequencies, 
140ff. (Chapter II, 4b) 
the same for isotopic molecules, 159, 
227ft. 

Potential hill, sec Potential barrier 

Potential minima, molecules with several, 
220ft. (Chapter II, 5d) 

Potential surface, 201, 202, 203 f. 
motion of mass point on, 203 f. 

Potential valleys, 203 

PQR branch structure of || bands of sym- 
metric top molecules, 41 ® 

Precession of figure axis of symmetric 
top, see Nutation 

Pressure broadening of fine structure 
lines, 531f. 

Principal axes of inertia, 13, 22, 208 
nutation for asymmetric top, 4 2, 43 
1 elation to symmetry elements, 13, 22 

Principal axes of polarizability ellipsoid. 
2431. 

Principal curvatures of potential surface, 
204 

Principal moments of inertia, 13, 22, 44f., 
209 

Probability distribution: 
for asymmetric top, 51 
for harmonic oscillator, 79 
for vibrations of polyatomic molecule, 
70i. 

Probability of inversion, 22C 


Product of characters, 124ft • 

Product of inertia, 208, 510 
Product ratio of isotopic frequencies, in- 
dependent of potential constants, 
229, 232ft. 

Product rule of Teller and Redlich, for 
isotopic frequencies, 231 ft. 
application : 
to BF 3 , 298 
to CH 4 , 307 
to t; 2 H 2 , 289, 291 
to f .' 2 II 6 and C 2 De, 345 
to f «H 6 , 367 
t< H 2 CO and D 2 CO, 300 
to tetrahedral XY4, 235 f., 238 
to X 2 Y 4 , 2331 
to XYZ 3 , 2341 

extensions and approximations, 235 
rigorous for zero-order frequencies 
only, 2321. 

Progression of bands, 262ft. 

intensity distribution in, 264l» 
Prohibition of inLercombinations between 
levels of different over-all species, 
161., 29, 391., 53ft., 380, 399, 415 
441, 453, 458, 4681., 490 
Prolate symmetric top, 24 I; 4 5 
Propane, see C3H8 
Propylene, see CaTTe 

Proton-attracting power of solvents, 537 
Pyramidal XY 3 molecules, sec XY 3 

Q 

7, constant for Z-type doubling, 378, 391, 
395 

q iy displacement coordinates, 73, 204 
Q branch: 

forming strong unresolved line in cen- 
ter of band, 387, 399, 4171., 442, 454, 
458, 483 

in infrared bands: 

of asymmetric top molecules, 470f., 
473, 475, 478, 480f., 483ff. 
of linear molecules, 380, 384, 3871., 
390f. 

of molecules with free or hindered 
internal rotation, 498f. 
of symmetric top molecules, 418ft , 
421, 424, 425f., 429ft. 
of tetrahedral molecules, 453ft. 
intensity of, 421, 424, 442 
in Raman bands : 

of asymmetric top molecules, 481 
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Q branch (Cont.) : 

in Raman bands (Cont.): 
of linear molecules, SO!) 
of symmetric top molecules, 442ft- 
Q, total partition function, SOIL, 512, 519 
Q+, Q°, Qr branches of Raman bands of 
tetrahedral molecules, 409 
Qa, Qn, • • • Qi', Qh', * • • partition func- 
tions of reactant and produced mole- 
cules in a reaction, 520f. 

Q° a , Q° b , • • • Qa', Q*', * * * partition func- 
tions of reactant and produced mole- 
cules referred to the same zero point 
of energy, 527 

Q f , contribution to partition function of 
symmetric top carrying out free in- 
ternal rotation, 511 

Q t , deviations from equilibrium inter- 
nuclear distances L, 142 ft-, 149, 153, 
159, 168 

Q tk , change of distance between atoms 
% and jfc, 162, 165f., 175, 183 
Qint, internal partition function, 502 f., 
509 , 513, 5191T., 529 

r Q, Q Q, R Q branches, 421, 4261T., 432, 435 
Q r , rotational partition function, 508 , 
505ft., 521 

Q tr , translational partition function, 502 

513, 519 

Q v , vibrational partition function, 602ft., 

514, 521 

Q v , contribution of vibrational level v with 
all its rotational levels to partition 
function, 502 
Quadruple moment, 239 
Quadrupole radiation, 380, 382 
Quantized rotation in liquids, solutions 
and solids, 581 ft. 

Quantum numbers, (see also J, K, A, v ly 
**•••) 

of internal rotation, b9b 
rotational, 14 
vibrational, 77, 205, 21 Of. 

Quartic terms in potential energy, 201, 
282 

Quaternary combination bands, 288 

R 

T{), average internuclear distance in lowest 
vibrational state, 3901., 
observed values, see individual mole- 
cules and bonds 


7 *i, 7 * 2 , 7 * 3 , r* 4 , change of X — Y distances in 
XY 4 molecules, 165f., 181, 189 
r k (a \ rj b) , displacement vectors in 
degenerate vibrations, 84, 88 
77 , internuclear distance for equilibrium 
position, 3901. 

R branches: 

in infrared bands : 

of asymmetric top molecules, 470f., 
473, 475, 478, 480f., 483fT. 
of linear molecules, 3801., 390 
of symmetric top molecules, 41 Oft., 
424, 425f., 4sS9 

of tetrahedral molecules, 408ft. 
intensity of, 421, 424, 442 
in Raman spectrum: 
of linear molecules, 399 
of spherical top molecules, 42 
of symmetric top molecules, 34 If., 

44 * f. 

R , gas constant per mole, 512, 521, 588 
R., Raman band, 274 
R + , R°, R~~ branches of Raman bands of 
tetrahedral molecules, 409 
P R, QR, «R branches, 35, 421, 4261T. 

R x , R y , R z , rotation about x, y, z axes 
(lion-genuine vibrations), (see also 
the individual point groups), 105i., 
122 

R xf} R uJ , Rjf, matrix elements of electric 
dipole moment referred to fixed co- 
ordinate system, 82, 56, 4^4, 422 
p, degree of depolarization, 247ft. 
p (= B/A), dependence of band structure 
on, 471, 472, 476, 477f., 480, 482 
p, magnitude of internal vibrational an- 
gular momentum, 4^4 
p Cf degree of reversal of circularly polar- 
ized light in Rayleigh and Raman 
scattering, 248, 270f. 
p„ polar normal coordinate, 80f. 
pi, degree of depolarization for linearly 
polarized incident light, 247ft., 270f. 
p n , degree of depolarization for natural 
incident light, 247ft., 270L 
Radio waves, absorption by NHs, 267 , 
296, 416 

Raman active, inactive fundamentals (vi- 
brations), 2421., 249ft., 258ft. 
intensity of, 254, 201 
number of, 258L 
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Raman active, inactive overtone and 
combination bands, 2451., 261 ff. 
(Chapter lTI,2d) 

Raman activity, alternation of, in a pro- 
gression, 262, 264 
Raman bands, 251 
fine structure of: 

for asymmetric top molecules, 489 if. 

(Chapter TV, 4c) 
for linear molecules, 30 0 
for spherical top molecules, 458, 
459 (Chapter IV, 3c) 
for symmetric top molecules, 44^ • 
(Chapter IV, 2c), 444 
of individual molecules, see under spe- 
cific molecules 
unresolved, 300 , 444H; 4001. 

Raman fundamentals: 
degree of depolarization, 2701. 
intensity ratio, 261 
Raman lines: 

intensity ratio of Stokes and anti- 
Stokes, 251 

polarization and depolarization of, 
2481., 26011. (Chapter III,2e) 

Raman rotation-vibration spectra: 
of asymmetric top molecules, 4&011. 
(Chapter IV, 4c) 

of linear molecules, 3081. (Chapter 
1V , lc) 

of molecules with free or hindered 
internal rotation, 500 
of spherical top molecules, 4581. (Chap- 
ter IV, 3c) 

of symmetric top molecules, 4411 T. 
(Chapter IV, 2c) 

Raman scattering, 244, 254 
Raman selection rules, see Selection rule's 
Raman shifts, 249, 251 
Raman spectra: 

changes in liquid and solid state, 53111. 

(Chapter V,2) 
rotational: 

of asymmetric top molecules, 501. 
of linear molecules, 201. 
of spherical top molecules, 41 !• 
of symmetric top molecules, 34, 35, 
36f. 

vibrational: 

classical theory, 239, 242H. (Chapter 
II, lb) 


Raman spetra (Cont.) : 
vibrational (Cont.) : 

of individual molecules (see also 
under specific molecules) 271ff. 
(Chapter III, 3) 

triatomic, 27211. (Chapter III, 3a) 

four-atomic, 288fl. (Chapter 
III, 3b) 

five-atomic, 30811. (Chapter 
III, 3c) 

s ; x -atomic, 32311. (Chapter III, 3d) 

seven-atomic, 33611. (Chapter 
Ul,3e) 

:• ght-atomic, 342H. (Chapter 

111,30 

nine-atomic, 35211. (Chapter 

111,3k) 

ten-atomic, 356H. (Chapter 
III,3h) 

eleven-atomic, 35011. (Chapter 

ITT, 30 

twelve-atomic, 362H. (Chapter 

HI,3j) 

influence of Fermi resonance, 2651. 
quantum-theoretical treatment, 

240H. (Chapter III, 2) 
selection rules, 240, 2521., 25 4H., 262 
spectrograms, 250, 270, 445 
Rayleigh scattering, 244, 2461., 254 
degree of depolarization, 246H., 260 
Ray’s equations for energy levels of 
asymmetric top, 4G0 
Reduced mass, 224 
Reflection at a plane, 2, 65 
Reflection at center (inversion), 2, 15, 
25, 98, 107 
R epresentations : 

irreducible (sec also species), I04H; 

108f., 236 
reducible, 236 

Representative nucleus of a set, 1311., 232 
Repulsion of hydrogen atoms as cause of 
potential barriers opposing internal 
rotation, 519 

“Repulsion” of zero approximation en- 
ergy levels, 21511., 376 
Resolution of secular determinant, see 
Factoring 

Resolution of species of a point group 
into those of a point group of lower 
symmetry, 28511. 

Resolution of vibrational motion into 
normal vibrations, 67, 70f. 
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Resolution of vibrational motion into 
normal vibrations (Cont.): 

not rigorous if anharinonicity present, 
204 

Resonance: 

between two C — H oscillators, 1061. 

exact, for identical potential minima, 

220ft. 

Fermi, see Fermi resonance 
Resonance frequencies of molecular mod- 
els, 167 

Restoring forces, in molecule, 67f., 150 , 
168 

in simple harmonic motion, 62, 67 
Resultant nuclear spin T, 39 
Resultant state, species of, when several 
vibrations are singly or multiply ex- 
cited, 123ft. (Chapter II, 3e) 
“Resultant” statistics, 171., 54, 381, 4G5, 
480 

Resultant symmetry type (species), 1231 T. 
(Chapter II, 3e) 

Resultant vibrational angular momen- 
tum in linear molecules, 212 
Rocking vibrations, see CH2 and CH3 
rocking vibrations 
Rotation: 

of asymmetric top molecules, 42ft. 
(Chapter I, 4) 

of dipole moment in degenerate vibra- 
tions, 405, 448 

interaction with vibration, 370ft. 
(Chapter IV) 

of linear molecules, 1311. (Chapter 1,1) 

of molecules in liquids and solids, 446, 
531ft. 

as non-genuine vibration, see N 011 - 
genuine vibrations 

of spherical top molecules, 37ft. (Chap- 
ter 1,3) 

of symmetric top molecules, 22ft. 
(Chapter 1,2) 

Rotation-reflection axis, 4 
Rotation spectra, infrared and Raman, 
13ft. (Chapter I) 

absence for molecules of cubic sym- 
metry, 41 f- 

of asymmetric top molecules, 551., 57, 
58ff. 

of linear molecules, 1 Oft. 

of molecules with free internal rota- 
tion, 4071. 

of spherical top molecules, 411. 


Rotation spectra (Cont.) : 

of symmetric top molecules, 20 , 31 f., 
33f., 35, 36f., 41 6 

Rotation-vibration spectra, 370ft. (Chap- 
ter IV) 

of asymmetric top molecules, 468ft., 
480ft. (Chapter IV, 4b and c) 
of linear molecules, 370 ft., 308 ft. 

(Chapter IV, lb and c) 
of molecules with free or hindered in- 
ternal rotation, 406 ft. (Chapter 
IV, 5b and c) 

of spherical top molecules, 463ft., 4681. 

(Chapter IV, 3b and c) 
of symmetric top molecules, 4^4^; 
441ft. (Chapter IV, 2b and e) 
Rotational analysis, see Analysis of infra- 
red bands 

Rotational constants: 

A e , A[Q], A[ v ], Be, B\{)], B[e j, C'ej C[Q], 
C[o], <* A , olJ*, ot, c , of asymmetric 
top molecules, 44ft; 4601. 
determination from spectrum, 60, 
485, 488 

observed values, 4881. 

A c , A[ 0 ], A [V ], B t , R [( , i, B[c], oti A , a t B , 
ft, D, of symmetric top molecules, 
24, 26, 400ft. 

determination from spectrum, 434ft; 
4431 . 

observed values, 436ft. 

Be, B[ o], B[„ 1 , a„ and D of linear mole- 
cules, 141; 370ft., 376ft. 
determination from spectrum, 20, 
300ft. 

observed values, 21, 302ft. 

B c , B[ m, B[ V ], a, f ; , D of si)herical top 
molecules, 38, 4461; 459 
(observed values, 466 
effect on thermodynamic functions, 
505f., 509, 521 

Rotational eigenfunctions, 15, 104, 123, 
252 

of asymmetric top molecules, 51, 462ft., 
468 

of linear molecules, 151., 372 
of spherical top molecules, 4401- 
of symmetric top molecules, 26, 406ft. 
Rotational energy levels, see Rotational 
levels 

Rotational energy of rigid body (class- 
ical), 24 

Rotational entropy, *S r °, 521 ft. 



SUBJECT INDEX 


617 


Rotational fine structure, see Fine struc- 
ture 

Rotational free energy, F r °, 5211. 

Rotational heat capacity, 5t8, 514, 51Gf. 

Rotational heat content, 51 Si. 

Rotational infrared spectrum, sec Infra- 
red rotation spectrum 

Rotational isomerism, 346 ft. 

Rotational levels: 
of asymmetric top molecules: 

determination of their position from 
spectrum, 59, 485i., 488 
diagrams of, 45, 49, 51, 57, 463, 464, 
470, 475, 481 

effect of interaction with vibration, 
460ft. (Chapter IV, 4a) 
formulae, 44ft; JfiOi. 
influence of nuclear spin and sta- 
tistical weights, 53ft., 462, 465 f- 
perturbations, 466 f- 
sum rules, 49f., 52, 59, 461, 465 
symmetry properties (over-all spe- 
cies), 50, 51ff., 462, 463, 464ff. 
of linear molecules: 

diagrams, 15, 373, 381, 387, 389 
effect of interaction with vibration, 
370 ft. (Chapter IV, la) 
formulae, //,f., 3701, 376ft. 
influence of nuclear spin and sta- 
tistics, statistical weights, 16ft., 
372 

perturbations, 37Si. 
symmetry properties (over-all spe- 
cies), 15i., 872, 373 
thermal distribution, 18f. 
of molecules with free or hindered in- 
ternal rotation: 
diagrams, 493, 495, 496 
formulae, dis- 
symmetry properties (over-all spe- 
cies), 492 ft. 

of spherical top molecules: 
diagrams, 448, 450 
effect of interaction with vibration, 
446ft. (Chapter IV, 3a) 
formulae, 38, 440ft. 
perturbations, 461ft. 
influence of nuclear spin and statis- 
tical weights, 3#ff., 449, 461 
symmetry properties (over-all spe- 
cies), 3Sft., 449, 450f. 
thermal distribution, 40f. 


Rotational levels (Cont.) : 
of symmetric top molecules: 

diagrams of, 25, 28, 404, 408, 412, 
417 

effect of interaction with vibration, 
400ft . (Chapter IV, 2a) 
formulae, 24i., 4001., 403i. 
influence of inversion doubling, 4H, 
412f. 

influence of nuclear spin and sta- 
tistical weights, 27ft., 37, 409ft . 
perturbations, 413 f- 
symmetry properties (over-all spe- 
t les), 26ft., 406ft., 408ff., 416 
thermal distribution, 29, 30 
of tetrahedral molecules, see spherical 
top molecules 

Rotational partition function, 503, 505ft., 
527 

evaluation by direct summation, 505, 
5°9 

effect of centrifugal distortion on, 507 
examples, 507 

influence of identity of nuclei and nu- 
clear spin, 507ft. 

for molecules with free or hindered in- 
ternal rotation, 510i. 

Rotational perturbations, 378i., d^f ., 
452i., 466ft. 

Rotational quantum number, (sec also J, 
K, Jfci, k>2, Ki), 14 

Rotational Raman spectrum: 

of asymmetric top molecules, 50i. 
change of intensity distribution with 
increasing pressure and in liquid 
state, 532, 533 
of linear molecules, 20i. 
of symmetric top molecules, 34, 35, 36f. 

Rotational selection rules, see Selection 
rules 

Rotational statistical weight, 5 r >2f. 

Rotational subgroup, 406 f., 449, 462 

Rotator, asymmetric, see Asymmetric 
top 

Rotator, simple, 14 

Rotator, symmetric, see Symmetric top 

Rule of mutual exclusion, 256ft., 288, 303, 
306, 323, 325, 328, 330, 340, 366, 458 

S 

s., strong, 274 

s, symmetric rotational levels, 15f., 51f., 
‘ 373, 380, 399 
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s, symmetric vibrational levels, 10 1 
s x , &y, • • • displacements of atoms X, Y 
• • • , 1331T. 

S branches in Raman bands of linear and 
symmetric top molecules, 399, 4421. 
S branches in rotational ltaman spectra, 
20, 34ff., 42, 60 
S , entropy of real gas, 524 
8°, entropy of perfect gas, 510 
S+, S°, S~ branches of Raman bands of 
tetrahedral molecules, 450 

51, S 2 , • • S», S k , • • •, symmetry coordi- 

nates, 147ft. 

S>2, point group, see C» 

5 2 , two-fold rotation-reflection axis (= i), 

4 

Sj, three-fold rotation-reflection axis, 4, 
H6 

5 4 , four-fold rotation-reflection axis, ,4 
S 4 molecules: 

numbers of vibrations of each specie's, 
136 

selection rules for, 253 
Si, point group, 5, 6, 120, 120f., 129 

5 5 , S B 2 , equivalent to GgX ah and 

CV X <FA f 116 

S 6 molecules: 

numbers of vibrations of each species, 
136 

selection rules for, 253 

5 6 , point group, 5, 6, 1 1, 508 

species and characters of HOl., I20f., 
129 

Ss, eight-fold rotation-reflection axis, 12, 
116 

Soo, infinite rotation-reflection axis, 119 
S?.i.r. contribution of free internal rota- 
tion to entropy, 524, 525 
S ia , S lh , mutually degenerate symmetry 
coordinates, 147 

ASj 0 nt , internal entropy of perfect gas, 
510ft. 

contribution of (hindered) internal 
rotation to entropy, 524, 525f. 

°S, S S branches in Raman spectrum of 
symmetric top, 35 
S Pt p-fold rotation-reflection axis, 4 
S P y point groups, 5 
Sip, (= D p ,i), point groups, 8 
Sr\ rotational entropy, 521 ff. 

*Sy r , translational entropy, 510 ft. 

Si „ , point group, see Du 
Stvy point group, see Du 


Sxv, point group, see Du 
Sr 0 , vibrational entropy, 521 ff. 
a , plane of symmetry, 2 
a, symmetry number, 508ft., 521 
cr vibrations, 197 

a+, a~, a+ 9 a u + , a<r, a,r, species sym- 
bols for individual vibrations (sec 
also corresponding capital letters), 
126ft., 272 

a,i f diagonal planes, 8, 112 

ah, “horizontal” plane of symmetry (1. 

to axis of symmetry), 4, 7 
<r„, “vertical” plane of symmetry (through 
axis of symmetry), 5, 7, 1 12 
equivalent to G y 2 X an, 116 
2 + electronic states, 20 
2 + vibrations, 197 

2 + , 2“, species (characters and numbers 
of vibrations) of point group C^v, 
112, 128, 137, 140, 211, 252 
2 2‘“ vibrational levels, symmetry 

])roperties of rotational levels in, 372, 
373, 381 

2 (/ + (electronic states, 16, 18 
2„+, 2„-, 2* + , species (characters 

and numbers of vibrations) of point 
group D« h . 110, 139f., 181, 253 
2 f/ + , 2, t + , Z.r, w,r vibrational levels, 
symmetry properties of rotational 
levels it i, 372, 373, 381 
2 — II infiarcd bands (transitions) of 
linear molecules, 384 
2 — 2 infrared bands (transitions) of 
linear molecules, 380, 3811f. 
examples, 382, 383. 384, 385, 386 
2) — 2 Raman bands (transitions) of linear 
molecules, 300 
Hi, sulfur, 8, 12, 191, 350 
sa, symmetry of vibrational levels of C 2w 
molecules, 102, 106 

Saturn, CH 4 bands in spectrum of, 307 
SbCls, antimony trichloride, I64, 177, 
2071. 

tSbClfi, antimony pcntachloride, 336 
SbCl 6 ~ chloroantimonate ion, 342 
►Scattering of light, see Rayleigh and 
Raman scattering 

Sehrodinger equation, 76*f., 104, 208 
S2CI0, sulfur chloride, 302 
SCI2O, thionyl chloride, 302 
SC1 2 0 2 , sulfuryl chloride, 322 
SU 2 , see D 2 S 
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Secular determinant, H3 

form if expressed in symmetry coordi- 
nates, 147 

Secular equation, 74, 82 
expansion of, 157 

methods for general solution, 1401 T. 
(Chapter II, 4l>) 

solution in Cartesian coordinates, i ^Ab- 
solution in “internal” coordinates, 

142S. 

solution by the use of mechanical 
models, 157i T. 

solution bv the use of symmetry co- 
ordinates, 145ft. 

SeD 2 , see D* 8 o 

SeF 6 , selenium hexafluoride, 342 

ScH 2 , see H 2 So 

Selection rule: 

for Coriolis interaction, 37 h 
for infrared rotation spectrum, 10, 20, 
551. 

for infrared vibration spectrum, 251ft., 
258ft., 261ft. (Chapter IIT,2b,c,d) 
for inversion doubling components, 
256ft. 

for J, K, •••, see under J, K, • • • 
for over-all species, see Over-all species 
for perturbations, 216ft., 8781., 4131., 
452, 4661. 

for positive and negative rotational 
levels, ID, 29, 34, 380, 399, 415, 409, 
490 

for rotational Raman spectra, 20, 34, 
501. 

for rotation-vibration spectra: 

of asymmetric top molecules, 4081., 

4801. 

limit of validity, 415, 450f. 
of linear molecules, 8701., 3081. 
of molecules with free or hindered 
internal rotation, 4071. 
of spherical top molecules, 453, 458 
of symmetric top molecules, 4 ^ 41 -, 

441 

for symmetric and antisymmetric rota- 
tional levels, 161., 380, 382, 399 
for vibrational quantum numbers, 
2401., 202 

for vibrational Raman spectrum, 25 1 IT., 
258ft., 261ft. (Chapter IIl,2b,c,d) 
violation in liquid state, 270, 323, 325, 
300 


SeOi — , selcnatc ion, 322 
Separably degenerate, 00, 119ff., 123 
Sequence of difference bands, 267, 268, 
358, 389f., 420 

Scries of lines (doublets) in spectra of 
asymmetric top molecules, 58f., 

4741-, 484 

Sets of equivalent nuclei, 131ft., 232f. 
Seven-atomic molecules, observed spectra 
of individual molecules, 386ft . (Chap- 
tei III,3e) 

SFe, sul* ur hexafluoride: 

form of normal vibrations, 122f., 337 
bind .mentals and other infrared and 
Raman bands, 3361. 
point group of, 11, 38, 3361. 
potential function, 19 i 
SF 2 0, thionyl fluoride, 302 
S — H distance, 480 
S — H frequencies, 1 05 
S1I radical, 489 
Sll 2 , see II 2 S 

Sharpness of inf ared and Raman bands 
in liquids, 440, 532 

Sharpness of totally symmetric Iranian 
lines, 399, 444ft-, 458, 491 
SIIOIO 3 , chlorosulfonic acid, 336 
SiRi‘ 4 , silicon tetrabromide, 167, 182, 322 
SiRrCU, bromotrichlorosilicanc, 322 
SiCb, silicon tetrachloride, 167, 182, 322 
SioCU, silicon liexachloride, 350f. 

SiKi, silicon tetrafluoride, 167, 182, 322 
SiF 6 — , fluosilicate ion, 342 
Si -H distance in SiH 4 , 456 
Si I h, silane, 210, 322, 454 
force constants, 167, 182 
fundamentals, 167 

internuclear distance, moment of in- 
ertia and rotational constant, 456 
occurrence of inactive fundamental vi 
in infrared absorption, 458 
statistical weights of rotational levels, 
39, 451 

SioHc, disilicane, 350f. 

SiHBr 3 , SiHCls, silico-bromo- and chloro- 
form, 322 

Si (>4 , silicate ion, 322 

Simple harmonic oscillations (motion), 
621., 67 

Simple harmonic oscillator, see Harmonic 
oscillator 

Simple rotator, 14 
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Six-atomic molecules, observed spectra of 
individual molecules, 323ff. (Chapter 
III, 3d) 

Skeletal vibrations, 288, 323, 335 
Slightly asymmetric molecules with free 
or hindered internal rotation, 402 ft., 
407ft. 

Slightly asymmetric top molecules, sec 
Nearly symmetric top molecules 
SnBr 4 , tin tetrabromide, 167, 182 , 322 
SnBr 6 — , bromostannate ion, 342 
S 11 CI 4 , tin tetrachloride, 167, 182, 322 
SnCle — , chlorostannate ion, 342 
SnIIBr 3 , SnHCla, stanno-bromo- and 
chloroform, 322 

50 2 , sulfur dioxide: 

force constants, 161, 170 
form of normal vibrations, 171 
fundamentals and other infrared and 
Raman bands, 285 
change in liquid state, 535 
non-linear structure, 285 , 288 

503, sulfur trioxide, 178 , 302, 409 

S0 4 , sulfate ion, 167, 182, 322, 451 

Solar spectrum, H 2 O bands in, 473, 487 
Solid state: 

changes of spectra in, 531 ff. (Chapter 
V,2) 

nature of 531ft. (Chapter V, 2 ) 
rotation of molecules in, 532i. 
Solutions, change of spectra in, 534ff. 
Species, 104ft. 

of anharmonic vibrational levels, 200 
of components of dipole moment, 252i. 
of components of polarizability, 2521 . 
degenerate, 108fi. 
of degenerate vibrations, 89ft. 
designations, 105, 108 
of higher vibrational levels, 123ft. 
(Chapter II, 3e) 

binary combinations of degenerate 
vibrations, 120t. 

binary combinations of a non-degen- 
erate and a degenerate vibration, 
125t. 

excitation of several non-degenerate 
vibrations, 124, 126 
multiple excitation of a degenerate 
vibration, 125ft., 128 
multiple excitation of several vibra- 
tions, 130t. 


Species (Cont.): 

of normal vibrations and eigenfunc- 
tions (see also the individual point 
groups) 104ft. (Chapter 1 1, 3d) 
number of normal vibrations of a given, 
131ft. (Chapter II, 4a), 258 
resolution into those of a point group 
of lower symmetry, 235ft. 
of rotational levels, see Rotational 
levels 

of total eigenfunction, see Over-all 
species 

of total eigenfunction including nuclear 
spin, 4 tOt., 451, 462, 4G& 

Species symbols: 

for individual vibrations (fundamen- 
tals), 124, 272 
for resultant states, 124 
Specific heat (see also Heat capacity): 
inactive (torsional) vibrations from, 
328, 337, 339f., 3/ f 3t 354, 356 
Spectrograms: 
of CC1 4 , 250 
of CIIi, 454, 456, 457 
of CoH 2 and C 2 HD, 385, 386, 388 
of C2H4, 474, 479, 483 
of CTTs— C^CH, 420 
of CH 3 Br, 430, 431 
of CHOI 3 , 270 
of CHClsBr, 250 
of CIIaF, 419 
of CH 3 OH, 499 
of C0 2 , 273, 384 
of HCN, 383, 388 
of II 2 CO, 474, 478 
of II 2 0, 58, 473, 478 
of NH 3 , 33, 36, 422, 423 
of N 3 II, 427 
of N 2 0, 382 
of 0 3 , 286 
of PTI 3 , 33 
of PC1 3 , 445 

Spherical part of polarizability, 246t. 
Spherical top, definition and classical mo- 
tion, 13, 37 1. 

Spherical top molecules: 

analysis of observed bands, 454^, 459 
centrifugal distortion in, 38, 447, 452 
Coriolis interaction in, 447t., 45 Iff. 
infrared rotation-vibration spectra of, 
453ft. (Chapter IV, 3b) 
interaction of vibration and rotation, 
446ft. (Chapter IV, 3a) 



SUBJECT INDEX 


621 


Spherical top molecules (Cont.) : 
intern uclear distances, 45(J 
moments of inertia and rotational con- 
stants, 440$., 4641- 
perturbations in, 4^2 f- 
Raman rotation-vibration spectra, 
4581. (Chapter IV, 3c) 
rotation and rotation spectra, 37$. 
(Chapter 1,3) 

rotational eigenfunctions, 4491. 
rotational energy levels, #Sff., 440 ff- 
diagrams, 448, 450 
effect of interaction with vibration, 
440$. (Chapter IV, 3a) 
influence of nuclear spin and sta- I 
tistical weights, 391., 449 f- 
over-all species (symmetry proper- 
ties) 38$., 449 , 450f. 
thermal distribution of, 40f. 
rotational infrared and Hainan spectra, 

m. 

rotational partition function of, 506 
selectkm rules for, 41, 493, 4B8 
types of Raman bands, /,58l. 

Spin function, see Nuclear spin function 
Spin orientations of three identical nuclei 
of spin 410 
Splitting: 

of characteristic frequencies in mole- 
cules with several equivalent groups, 
1961, 199 

of degeneracy produced by identical 
potential minima, 2201., 222ff., 347 
of degeneracy for torsional oscillations, 
225, 2261., 494, 495, 496 
of degenerate rotational levels of sym- 
metric top, in asymmetric top mole- 
cules, 44, 45, 49, 56 
of degenerate vibrations (vibrational 
levels) : 

on account of Coriolis interaction: 
for spherical top molecules, 44 7$., 
454f. 

for symmetric top molecules, 
401$., 407$., 4$9$. 
for unsynunctric (isotope) substitu- 
tion, 236$., 309, 321, 334 
of higher rotational levels: 

in II, A, • • • states of linear mole- 
cules (/-type doubling), 3771. 
of spherical top molecules, 4521., 
455$. 


Splitting (Cont.): 

of spherical top molecules (Cont.) : 
of symmetric top molecules (A-type 
doubling), 4091., 414 

of higher vibrational levels of degener- 
ate vibrations on account of an- 
harmonicity, 80f., 104, 1251., 128f., 
210 $. 

of U degeneracy, 2111., 219 
ss, symmetry of vibrational levels of Civ 
molecules, 102, 106 

“Staggering” of lines in II — II bands, 390 
^tatc o! polarization, see Polarization 
Stab' f .in (see also partition function), 
501$. 

Statistics of nuclei, see Nuclear statistics 
Statistical weights: 

effect of inversion doubling on, 413 t 
46 5f. 

internal and total, 501 f. 

of rotational levels: 

of asymmetric top molecules, 531., 
465 

of linear molecules, 16$., 372 
of spherical top molecules, 38$., 440, 
4491., 454 

of symmetric top molecules, 26$., 

4101. 

total, including nuclear spin, for un- 
symmctric molecules, 16f 27, 509 
Stokes Raman lines, 20f., 35f., 250f., 261 
Stretching force constants, 168, 170, 173, 
183, 192$. 

Stretching vibrations, see Bond-stretch- 
ing vibrations 

Structure, geometrical, see Geometrical 
structure 
Sub-bands: 

of || bands of symmetric top molecules, 
4161., 418ff. 

of ± bands of nearly symmetric top 
molecules, 479, 481 

of _L bands of symmetric top mole- 
cules, 424, 425ff. 

corresponding to different components 
of dipole moment or polarizability, 
269 

of overtone and combination bands in- 
volving degenerate vibrations, 264$ , 
297, 308 

of Raman bands of symmetric top 
molecules, 44 Iff- 
Subgroup, rotational, 4061. 
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Substates (levels) of higher vibrational 
levels of degenerate vibrations, 125, 
127 , 128ff., 210 , 217, 219, 2641T. 
Coriolis splitting of, 4051 ., 448I. 
Sub-sub-bands of infrared bands of mole- 
cules with free or hindered internal 
rotation, 407ft. 

Sulfur dioxide, see S0 2 
Sulfur hexafluoride, see SFe 
Summation bands, 265 
Sum rules for f 404 f., 436, 438, 448, 4541* 
Sum rules for rotational levels of asym- 
metric top molecules, ^9f., 52, 59, 
461, 485 
Superposition: 

of normal vibrations, 67, 70f., 7^f. 
of simple harmonic motions, 77 
of symmetry coordinates, I40I., 157, 
171 

of two mutually degenerate vibrations, 
75f., 81, 402 

Symmetrical stretching and deformation 
vibrations, 353, 355, 360 
Symmetric in the nuclei, rotational levels, 
15ft., 20, 51ff., 3721., 382 
Symmetric top (rotator) : 

definition and classical motion, 13, 22, 
23 f. 

as limiting case of asymmetric top, 
45f., 48 

prolate and oblate, 24I. 

Symmetric top molecules: 

|| bands of, 388, 414, 410 f., 418ff. 

JL bands of, 424 , 425ff. 
centrifugal distortion in, 26, 31, 351., 
400, 418, 434 

Coriolis interaction in, 401ft. 
with free or hindered internal rotation, 
see Free internal rotation or Hin- 
dered internal rotation 
hybrid bands of, 414 * 416, 427f. 
infrared rotation spectrum, 29, 3 If., 
33f., 416 

infrared rotation-vibration spectra, 
414fi* (Chapter IV, 2b) 
analysis of observed bands, 434ft- 
interaction of vibration and rotation, 
40011. (Chapter IV, 2a) 
intensities: 

in infrared spectra, 32, 431 f., 426 
in Raman spectra, 36f., 442 
internuclear distances, 400, 438ft. 


Symmetric top molecules (Cont.) : 

moments of inertia and rotational con- 
stants, 24, 26, 34, 400ft., 434ft., 
4431 . 

observed values, 436ft. 
perturbations in, 4131. 

Raman rotation-vibration spectra, 
441ft* (Chapter IV, 2c) 
rotation and rotation spectra, 22ft. 
(Chapter 1,2) 

rotational eigenfunctions, 26, 32, 4061. 
rotational energy levels, 24, 25f., 28, 
400ft., 404, 408 

influence of inversion doubling, 4H, 
412f. 

influence of nuclear spin and sta- 
tistical weights, 27ft., 37, 409ft. 
symmetry properties (over-all spe- 
cies), 261., 406ft., 4081T., 415 
thermal distribution of, 4O, 30 
rotational partition function of, 505 f. 
rotational Raman spectrum, 34, 35, 
36f. 

selection rules: 

for rotation spectra, 29, 34 

for rotation-vibration spectra, 4141-, 

441 

types of infrared bands, 4l f t, 416ft. 
types of Raman bands, 44 1 f. 
Symmetric vibrational eigenfunctions, 
1011 . 

Symmetric vibrations, 83, 1011’., 112 
Symmetry of molecule, importance for 
spectrum, 1, 821. 

Symmetry coordinates, 145ft. 

form of secular determinant in terms 
of, 147 

potential and kinetic energy in terms 
of, 1471. 

superposition of, 1401., 157 
of XY 2 , X 2 Y 4 , • • -, see XY 2 , X 2 Y 4 , • ■ • 
Symmetry elements, 11., 3f. 

Symmetry number, 508ft., 521 

for molecules with free internal rota- 
tions, 510f. 

Symmetry operations, lft. 

effect on degenerate normal vibrations, 
83ft. (Chapter II, 3b) 
effect on non-degenerate normal vibra- 
tions, 821. (Chapter II, 3a) 
effect on rotational, electronic, total 
eigenfunctions, 104 
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Symmetry operations (Cont.) : 

effect on vibrational eigenfunctions, 
101 ff. (Chapter II, 3c) 
invariance of potential energy to, 82, 

94 f., 104 

invariance of Schrodinger eejuation to, 
104 

possible combinations of (point 
groups), 5ff. 

Symmetry properties: 

of normal vibrations and eigen- 
functions, 82ff., lOlff. (Chapter 
Il,3a,b,c) 

only certain combinations possible: 

species (symmetry types), 1()4ff- 
independent of assumption of har- 
monic oscillations, 104 
of polyatomic molecules, /ff. 
of rotational energy levels and eigen- 
functions, sec Rotational levels and 
Over-all species 
Symmetry selection rules: 

for asymmetric top molecules, 59 f., 
4681, 490 

for linear molecules, 19f., 380, 399 
for spherical top molecules, 40, 4»J 9 458 
for symmetric top molecules, 29, 32, 
34 ',415, 417, 441 
Symmetry types, sec Species. 

T 

i, number of translations of a given spe- 
cies, 232 

T, kinetic energy of molecule, 73i., 143f., 
1471, 204 

T molecules: numbers of vibrations of 
each species, 139 
selection rules for, 253 
T, point group, 9, 12, 400, 508 
species and characters of 123, 120f., 129 
T, resultant nuclear spin, 39 
T, total energy (term value) of vibration 
and rotation, 371, 400, 400 
T, triply degenerate species (see also F), 
108 

T e , critical temperature, 524 
Ta molecules (see also spherical top mole- 
cules) : 

A, E and F modifications of, ^/>f., 453 
activity of fundamentals, 259 
combination differences in, 455 
Coriolis splitting of triply degenerate 
vibrational levels, 4Wi 448f. 


Ta molecules (Cont.) : 
interaction of vibration and rotation* 
44G&* (Chapter IV, 3a) 
numbers of vibrations of each species, 
139 

over-all species of rotational levels, 
391, 449 

polarization of Raman lines, 270f. 
rotational partition function and sym- 
moJ v y number, 508 
rotational selection rules, 483 , 488 
a: 1 spherical top molecules, 38 
state i < al weights of rotational levels, 
38: , 446, 449i. 

type's of Coriolis perturbations, 451L 
types of infrared and Raman bands, 
453, 456f., 4581 

vibrational selection rules for, 253 
Ta , point group, 9, 12, 38, 406, 449, 508 
resolution of species into those of C 3v , 
C^y Vdy C„ 236 ff. 

species and characters of, i 21ff., 126f., 
129 

T h , point group, 9, 123, 140 
T x , T u , T s, translations in x, y, z directions 
(lion-genuine vibrations) (see also 
the individual point groups), 105i., 
122, 253, 355 

r, index of levels of asymmetric top mole- 
cules, M, 460, 478, 485 
n, r 2 , t 3 , • • • torsional vibrations, 194 , 
272 

d, Eulerian angle, 26 
QjK.\r(9)y purt of symmetric top eigen- 
function, 26, 406 
TcF 6 , tellurium hexafluoride, 342 
Teller-Redlich product rule, see Product 
rule 

Ten-atomic molecules, observed spectra 
of individual molecules, 356 ff . (Chap- 
ter III,3h) 

Term values, rotational, 14 9 %4 
Term values, vibrational, 77f., 205 
Ternary combination bands, 262 
Terrestrial bands in solar spectrum, 280, 
473 

Tetrachloroethane, sec C2H2CI4 
Tetrachloroethylenc, see C2CI4 
T(*traheclral point groups, 8 
Tetrahedral molecules, see Td molecules 
and Spherical top molecules 
Tetrahedral XY4 molecules, sec XY4 
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Thermal distribution of rotational levels: 
of linear molecules, 18f. 
of spherical top molecules, 40f. 
of symmetric top molecules, 29, 30, 37 
Thermodynamic quantities, calculation 
from spectroscopic data, 501 ft. 
(Chapter V,l) 

Third-law values of entropy, 5231., 533f. 
Three-fold axis of symmetry, 2 
TiCU, titanium tetrachloride, 167, 182 , 
322 

Time-dependence of normal coordinates, 
70, 74, 205 

Time-dependent eigenfunctions, 252 
Top, see Asymmetric, Spherical and 
Symmetric top 
Torsional force constant, 183 
Torsional frequency, 2261. 

Torsional oscillations, 111, 194, 22511. , 
272, 

contribution to thermodynamic; func- 
tions, 5 10H., 5181. 
energy levels for, 225fT. 

correlation with free internal rota- 
tion, 226, 334, 494, 495 
of individual molecules: 

C 2 H 4 , 328, 458, 467 
C 2 H 6 , 3481. 

CH 2 ==C=C1I 2 , 340 
CH 2 Cl 2 , 318f. 

CH3OH, 334 
C 2 II 4 0, 341 

planar X 2 Y 4 molecules, 183, 259, 265 
tetrahedral X 2 YZ 2 , 240, 259 
potential energy for, 225 IT. 
from thermodynamic data, 328, 339f., 
3431., 354, 356, 361 
Total angular momentum: 

J, of linear molecules, 151. 

J, of spherical top molecules, 38 
J, of symmetric top molecule, 2211. 

P, J, of asymmetric top molecules, 4'2H. 
Total angular momentum operator P , 
208, 375, 403f. 

Total eigenfunction: 

behaviour with respect to symmetry 
operations, 10 4 

including nuclear spin, 4101., 4R1, 462, 
465 

resolution into product of electronic, 
vibrational and rotational eigenfunc- 
tions, 15, 252 


Total eigenfunction (Cont.): 

species of (see also over-all species), 15, 
123, 40711., 440, 46211. 

Total energy e n , including translation, 
501 

Total energy (term value) of vibration 
and rotation: 

of asymmetric top molecules, 460 
of linear molecules, 371 
of spherical top molecules, 446 
of symmetric top molecules, 400 
Total heat capacity, calculated and ob- 
served values, 5161. 

Total internal energy, E°, per mole, 512 
Totally symmetric Raman lines (bands) : 
of asymmetric top molecules, 4901. 
polarization of 249, 2701., 341 
sharpness of 444 ff-, 401 
of symmetric top molecules, 44^-1 444 
of tetrahedral molecules, 468 
Totally symmetric rotational levels, 409, 
451, 462 

Totally symmetric species, vibrations, 
eigenfunctions, 105, 108 
Total partition function, 501 1., 512, 519 
Total rotational energy of molecules with 
free internal rotation, 4921. 

Total statistical weight (see also Sta- 
tistical weight), 501 
including nuclear spin for unsymmetric 
molecules, 1 Of., 27, 509 
independent of inversion doubling, 413, 
465f. 

Total vibrational angular momentum, 
376 

Total vibrational eigenfunction, 76, 791. 
symmetry properties, species, 10211., 
1241. 

Total vibrational energy: 

in harmonic oscillator approximation, 
74, 771. 

including anharmonic terms, 20 4^., 

2101. 

Transdichloroethylene, see C 2 H 2 C1 2 
Transformation : 

of coordinates or position, 82 
orthogonal, .9^f., 99 
Transformation law: 

of degenerate normal coordinates, 881., 
94a., 99 

for mutually degenerate eigenfunc- 
tions, 104 



SUBJECT INDEX 


625 


Transformation properties (see also 
diameters): of a xx , a xy , • • • , 255L 
Trans isomers of O2II4CI2 and C2H3CI1, 
346ft. 

Transition moment, 32, 252, 4Hy 422 
Transition probability, 56, 249, 252f. 
Transition points, thermal, correspond- 
ing to free rotation in crystals, 533 
Translational energy, et T , 501f. 
Translational partition function, 502 
Translations, as lion-genuine vibrations, 
see Non-genuine vibrations. 
Triatomic molecules (see also XY 2 and 
XYZ molecules): 
isotope effect in, 228ft. 
observed spectra of individual mole- 
cules, 272ft. (Chapter III, 3a) 
structure of vibration spectrum, 26 i, 
263f. 

vibrational energy level diagram, 77, 

78 

Trihalides of phosphorus, arsenic, an- 
timony and bismuth, 164, 177, 2071. 
Triply degenerate normal coordinates, 99 
Triply degenerate species (symmetry 
types), 108L, 121ft., 140, 272 
Triply degenerate vibrational levels, 
splitting of, due to Coriolis interac- 
tion, 447\i. 

Triply degenerate vibrations (eigenfunc- 
tions), 81, 86, .9.9, 100f., 103, 122 
characters for, 108ft. 
necessary occurrence for molecules 
with more than one three-fold axis, 
101 

potential energy of, 99 
splitting in isotope effect, 236ft. 
Tunnel effect, 220ft. 

Twelve-atomic molecules, observed spec- 
tra of individual molecules, 362ft. 
(Chapter III,3j) 

Twisting vibrations, sec Torsional oscilla- 
tions 

Two-fold axis of symmetry, 2 
Type A infrared bands of asymmetric top 
molecules, 4^9ff., 484 
energy level diagram for rotational 
structure of, 470 

intensities of band lines and intensity 
alternation, 469, 471, 47 4$* 
strong central maximum, 471 f., 483 
structure for various values of p = B I A, 

472 


Type h infrared bands of asymmetric top 
molecules, 4?7ff. 

energy level diagram for rotational 
structure of, 475ff. 
envelope of, 483 
intensity alternation in, 479i. 
no central branch of, 4^8f., 483 
structure for various values of p = BlA, 
476, 477f. 

Type C infrared bands of asymmetric top 
moh « ules, 4$0ft. 

energy level diagram for rotational 
str j' fure of, 4&0, 481 
‘ntejv .ty alternation in, 482 
strong central maximum for, 4$0f., 483 
structure for various values of p = B!A, 
480, 482 

Types of infrared bands: 

of asymmetric top molecules, ^9ff- 
of linear molecules, 380ft. 
of molecules with free or hindered in- 
ternal rotation, 4^7f. 
of symmetric top molecules, 4H> 4^i 
424, 428 

Types of Raman bands: 

of asymmetric top molecules, ^.90f. 
of linear molecules, 399 
of spherical top molecules, 4&$ 
of symmetric top molecules, 441 ff. 

Types of rotational levels see Rotational 
levels 

U 

u, subscript of species antisymmetric 
with respect to inversion, 105, 114, 
118, 121, 124 

selection rule for, 256, 379f. 

Unresolved infrared bands: 

of asymmetric top molecules, 4^2ft. 
of linear molecules, 388, 391 
of symmetric top molecules, 426, 432 

Unresolved Raman bands: 
of asymmetric top molecules, >{00f. 
of linear molecules, 399 
of symmetric top molecules, 444 

Upper stage bands, 267f. 

Unpolarized incident light in Rayleigh 
and Raman scattering, 247i. 

Unsymmctrical molecules, all normal vi- 
brations active, 239, 242 

U0 2 ++ , uranyl ion, 287 

Uranus, CH 4 bands in spectrum of, 307f. 
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V 

v', Vi, y", Vi", t> 2 ", ••• vibra- 

tional quantum numbers of upper 
and lower state respectively, 252, 
260 

v„, apparent velocity in rotating coordi- 
nate system, 374 

Vi , vibrational quantum number, 77, 

21 Of. 

selection rule for, 2491., 260 

Vt , quantum number of torsional oscilla- 
tions, 2261., 495f. 

V , potential energy of molecule (sec also 
Potential energy), 781., 94, 2041. 

V molecules: 

numbers of vibrations of each species, 
134 

over-all species of rotational levels, 
468, 464f. 

rotational selection rules, 441, 4681. 
types of infrared bands, 469H. 
vibrational selection rules, 252 

V (= D 2 ), point group, 6f., 11, 508 
relation of species to those of 7,/, C 2 , 

237 

species and characters of 106 , 114, 120 

Vo, height of potential barrier for internal 
rotation, torsional oscillation (see 
also Potential barrier), 2251T., 492, 
4941, 510 

7(X), potential energy for torsional os- 
cillations, 2251T. 

Vd molecules: 

numbers of vibrations of each species, 
137 

selection rules for, 253 

Va (= D 2 d ) 9 point group, 6, 8, 11, 508 
relation of species to those of V , C 2v , 
C 2 , C 8 , T d} 237 

species and characters of, 1 I iff., 120f., 
129 

Vh molecules: 

activity of fundamentals in infrared 
and Raman spectrum, 259 
intensity alternation in fine structure 
of infrared bands, 476 f., 460, 482 
non-combining modifications, 54 f., 469 
numbers of vibrations of each species, 
134 

rotational partition function and sym- 
metry number, 5071 . 
rotational selection rules, 4681. 


Vh Molecules (Cont.): 
species of higher vibrational levels, 124 
statistical weights of rotational levels, 
541., 465 

symmetry properties (over-all species) 
of rotational levels, 541; 462, 464f. 
types of Coriolis perturbations, 467 
types of infrared bands, 469, 470ff., 
475, 480, 481 

vibrational selection rules, 252, 256, 
44 Iff. 

types of Raman bands, 441 H; 490 

Vn D 2 h), point group, 8, 12, 508 
relation of species to those of other 
point groups, 284, 286H., 329 
species and characters of, 10611. , 126 

Vacuum correction of infrared wave num- 
bers, 272 

Valence angles, observed values, see in- 
dividual molecules and molecular 
types 

Valence force coordinates, 149, 154, 168 

Valence force field, superior to central 
force field, 171 

Valence forces, assumption of, for the 
calculation of vibrational frequencies 
and force constants, 158, 16811. 
(Chapter II, 4d), 198 
check on consistency, 170, 182 
introduction of interaction constants, 
1861 

for linear XY 2 molecules, 1721 
for linear X2V2 molecules, 1801. 
for linear and non-linear XYZ mole- 
cules, 17311. 

mixed with central forces, 187 
for non-linear XY2 molecules, 16811., 
for planar X2Y4 molecules, 18811. 
for planar XYZ 2 molecules, 1791. 
for pyramidal and planar XY3 mole- 
cules, 1751., 17711. 
table of molecules treated, 185 
for tetrahedral XY4 molecules, 181 IT. 

Valence force system, see Valence forces, 
assumption of 

Valence type symmetry coordinates, 
146f. 

Valence vibrations, 10 4 

Vector diagram of symmetric top, 22f 

Velocity of light, 160, 538 

Velocities of nuclei in normal vibrations, 
67, 69, 134 

Venus bands of CO2, 274f. 
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“Vortical” plane of symmetry, <r r> 5, 7 
Vibrational analysis, check by isotope 
relations, 2281. 

Vibrational angular momentum (see also 

S', f,) = 

for degenerate vibrations, 75f., 81 , 
126f., 215, 402H., U7L 
interaction with rotational angular mo- 
mentum, 402 
internal, 404 

in linear molecules, 126, 128, 311 f., 371, 

3751., 380 

magnitude of, 402i I- 
for 11011 -degenerate vibrations, 208f., 
3751. 

in spherical top molecules, 447^ 
in symmetric top molecules, 40211. 
Vibrational assignments, check by iso- 
tope relations, 3381. 

Vibrational constants coj and 2051 T., 

21011., 228ff., 232ff., 371 
Vibrational degrees of freedom, Oil., 07, 

00 

Vibrational eigenfunctions, 15, 7tfff. 
(Chapter 11,2), 252 
effect of anharmonicity on, 200 
effect of symmetry operations on, 82, 
101 ff. (Chapter II, 3c) 
even or odd function of 80 
species of, 104H. (Chapter 1 1, 3d), 300 
for multiple excitation of one or more 
vibrations, 12311. (Chapter II, 3c) 
total, 76, 701. 

Vibrational energy (term value): 
cubic terms in, 279f. 
referred to lowest state, 78, 206, 208, 
2H 

referred to potential minimum, 77f., 
205, 208, 2101. 

Vibrational energy level diagrams, see 
Energy level diagrams 
Vibrational energy levels, 61, 7011, 

(Chapter 11,2) 

limitations of formulae for, 210 
species for multiple excitation of one 
or more vibrations, 123H. (Chapter 
II, 3c) 

symmetry properties, 101 ff. (Chapter 

n,3c) 

taking account of anharmonicity, 

20511., 21011. 

for torsional oscillations, 225ff., 495f. 


Vibrational entropy and free energy, 
52111. 

Vibrational frequencies (sec also Normal 
frequencies), 681., 77, 1401., 144 
comparison in gaseous, liquid, and solid 
state, 5341 . 

from force constants, 140H. (Chapter 

n,4b) 

influence on chemical equilibria, 527 
of isotopic molecules, 228U. 

Vibrational heat capacity and heat con- 
tent, 51311. 

VibratioT cl infrared spectra, see Infrared 
vib'ation spectra 

Vibrational isotope effect, 227 ff. (Chapter 
H,6) 

Vibrational levels, see Vibrational energy 
levels 

Vibrational motion, classical, 61 ff. (Chap- 
ter II, 1), 2041. 

Vibrational partition function, 503i 1., 
514, 527 

Vibrational perturoations (see also Fermi 
resonance), 215H., 3781., 466 
for 1I 2 0, 2181. 

Vibrational quantum number, 77, 101f., 
205, 21 Of. 

Vibrational Raman spectra, see Raman 
spectra, vibrational 

Vibrational selection rules, 251H., 25811., 
26111. (Chapter III,2b,c,d), 379, 
398f., 414f., 441, 453 
only for symmetrical molecules, 253 
violation of, 328, 343, 346, 364, 380, 
415, 4561., 467, 469 

Vibrational spectra, see Vibration spectra 

Vibrational statistical weight, g v , 502f. 

Vibrational term values see Vibrational 
energy 

Vibrational transition probability, 2521. 

Vibrationless ground state, totally sym- 
metric, 101f., 258 

Vibration-rotation spectra see Rotation- 
vibration spectra 

Vibrations, 61 H. (Chapter II) 
anharmonicity and interactions of (see 
also Anharmonicity), 201 ff. (Chapter 
IT, 5) 

bond-bending and bond-stretching, 
10211. (Chapter II, 4f), 272 
degenerate, see Degenerate vibrations 
designation of, 163, 2711. 
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Vibrations (Cont.): 
interaction with rotation (see also In- 
teraction of rotation and vibration) 
370ft. (Chapter IV) 
of a mass suspended by an elastic bar, 
62, 63 f. 

of molecular models, 64 f. 9 157i. 
of molecules in liquids and solids, 534ft. 
normal, see Normal vibrations 
number of, of a given species, 131ft. 

(Chapter II, 4a), 258 
species symbols for, 124 
symmetry properties and species of, 
82ft. (Chapter 11,3) 

Vibration spectra (see also Infrared vi- 
bration spectra and Raman spectra, 
vibrational) : 

analysis, with the help of character- 
istic group frequencies, 199 
of individual molecules, 271ft. (Chap- 
ter III, 3) 

methyl halides, 315 
triatomic, 272ft. (Chapter III, 3a) 
four-atomic, 288ft. (Chapter III, 3b) 
five-atomic, 303ft. (Chapter I II, 3c) 
six-atomic, 323ft. (Chapter III, 3d) 
seven-atomic, 336 ft. (Chapter ill,3e) 
eight-atomic, 342ft. (Chapter III,3f) 
nine-atomic, 362ff. (Chapter III,3g) 
ten-atomic, 356 ff. (Chapter lll,3h) 
eleven-atomic, 359ff. (Chapter 
III,3i) 

twelve-atomic, 362ff. (Chapter 

III,3j) 

object of their study, 140 
“Vierergruppe”, 7 
Violation of selection rules: 

due to Coriolis perturbation, 328 , 380, 
415, 4*>6t ., 467, 469 
in the liquid state, 343, 346, 364 
Virtual entropy, 522 
v.s., very strong, 274 

v. w., very weak, 274 

W 

w. , weak, 274 

W, perturbation function, 215t. 

IFioo, 02 °o, matrix element (interaction 
constant) for Fermi resonance in 
linear symmetrix XY 2 , 218 
W ni , matrix element of perturbation 
function, 215f., 218f ., 222 


W T , parameter for rotational energy 
levels of asymmetric top, 40ft-, 460 
W T lv] , parameter for rotational levels of 
vibrating asymmetric top, 400 
Wang's equation for energy levels of 
asymmetric top, 40, 460f., 466 
Water-gas equilibrium, 529 
Water, see JI 2 O, D 2 O, HDO 
Wave equation, see Schrodinger equation 
Weakness of non-to tally symmetric Ra- 
man lines, 444 

Wholc-molecule-bending vibrations, 318, 
327 

Width of Raman lines, as criterion for 
type of transition, 444t-, 401 
WO 4 , tungstate ion, 322 
WXYZ molecules, linear, on the assump- 
tion of valence forces, 185 
WXYZ molecule, non-planar, optical 
isomers of, 220 

X 

x x , Xk displacement coordinates, 61, 68, 73 
Xtic, anharmonicity constants, 205i T., 
210ft., 217, 371, 504 

xj*, anharmonicity constants, 206ft., 211, 
264 

anharmonicity constants for isotopic 
molecules, 229t. 

Xi , vibrational constants (= ou, or = w t 0 ), 
205f. 

Xik, anharmonicity constants (^ x l u), 
205 

£ t -, &&, normal coordinates, 70i., 85f., 

94f., 208 

X3 molecules, equilateral: 

Coriolis forces in, 401, 402 

form of normal vibrations, 84, 85, 87, 
90 , 97, 116 

formulae for frequencies, assuming val- 
ence forces, 172 

vibrational angular momentum, 75f., 

402t. 

fi value, 405 
X 4 molecules: 

plane (Vh) or square (2>4fc), on the as- 
sumption of valence forces, 185 

square, normal vibrations of, 91, 92, 
118 

tetrahedral, 164, 185 
X 6 molecules, planar symmetrical, 92, 93, 
95ft., 116, 185 
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X6 molecules, planar hexagonal (Z> 6 ^), 
93f., 97, 118, 185 

X« molecules of point group D\d , as- 
sumption of more general quadratic 
potential function, 191 

Xs molecules of point group Oh, lOf. 

X 2 CO, plane vibrations of, as functions 
of mass of X, 190 , 200f. 

X-ray diffraction, supplying r 0 not r e 
values, 372 

XY 2 molecules, linear symmetric: 
Coriolis interaction in, 374, 375f. 
effect of anharmonocity on vibrational 
levels, 21 If. 

Fermi resonance (perturbations), 217 f. 
form of normal vibrations, 66f., 83, 84, 
861, 272 

formulae for normal frequencies and 
force constants, 153i. 
on the assumption of valence forces, 
1721 

on the assumption of more general 
force fields, 187 

formulae for rotational constants ol x , 
3761. 

infrared activity of fundamentals and 
overtones, 230 f., 251, 262 
internuclear distances in, 306, 398 
isotope effect in, 2301. 
potential and kinetic energy, 153f., 
2171. 

potential surface, 202, 203f. 

Raman activity of fundamentals and 
overtones, 21+21., 21+51., 251 , 262 
rotational constant D, 11+ 
symmetry coordinates, 1531. 
vibrational angular momentum, 75f., 
375f. 

XY 2 molecules, linear unsymmctric: 
activity of fundamentals, 251 
effect of anharmonicity on vibrational 
levels, 2 Ilf. 

identical potential minima, 220 
statistical weights of rotational levels, 
17 

X Y 2 molecules, non-linear symmetric (see 
also Asymmetric top molecules) : 
activity of fundamentals, 240, 243, 
21+5, 251, 258 

activity and intensity of overtone 
bands, 2621. 

arbitrary displacement in terms of 
normal coordinates, 70 


XY 2 molecules (Cont.): 

Coriolis forces in, 466f. 
determination of angle from vibration 
spectrum, 170, 228ff. 
form of normal vibrations, 66f., 13311., 
150, 171f., 187 

formulae for normal frequencies and 
force constants, 145, ll+8fi. 
on the assumption of central forces, 
161 f. 

on the assumption of valence forces, 
168tf. 

on th * assumption of more general 
foice fields, 186f. 

Isotope effect of, 228ff. 
observed fundamentals, 161 
polarizability ellipsoid, 244 
potential and kinetic energy, ll+8f., 
160, 1681. , 186, 189 
rotational constants a-, 461 
symmetry coordinates, 146, 1481., 

108f., 171 

symmetry elements of, 2, 3 
with Y— Y bond, 172 
XY 3 molecules, planar (see also Sym- 
metric top molecules) : 
form of normal vibrations, 179 
formulae for normal frequencies and 
force constants, 177ff., 191 
influence of anharmonicity on vibra- 
tional levels, 2121. 

intensity alternation in infrared bands, 
1+18 

moment of inertia, 438 
potential energy, 178 
rotational energy levels in different vi- 
brational states, 1+001., 403fl. 
symmetry properties and statistical 
weights, 28, 408f. 
symmetry coordinates, 178 
symmetry elements of 2, 3f., 8 
vibrational angular momentum, 402ff. 
f i values and sum, 401 + 1 . 

XY 3 molecules, pyramidal (see also Sym- 
metric top molecules) : 
angle ft between X — Y bond and axis 
from vibration spectrum, 155f., 1631. 
form of normal vibrations, 110f., 139, 
157, 177 

formulae for normal frequencies and 
force constants, 16 4&. 
on the assumption of central forces, 
162ff. 
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XYa molecules (Cont.): 
formulae for normal frequencies and 
force constants (Cont.) : 
on the assumption of valence forces, 
175ft. 

on the assumption of more general 
force fields, 1871. 

influence of anharmonicity on vibra- 
tional levels, 212, 214f. 
inversion doubling, 220ft. , 411, 41 2f. 
moments of inertia, formulae, 488 
potential and kinetic energies, 1551., 
162, 1751., 1871, 2221. 
rotational energy levels in non-degen- 
erate and degenerate vibrational 
states, 400f., 402ft. 
symmetry properties and statistical 
weights, 408ff., 412f. 
splitting of U degeneracy, 219 
symmetry coordinates, 154, 155ff., 162, 
175 

vibrational angular momentum, 402IT. 
fi values and sum, 402, 404 
XY 4 molecules planar, 3f., 8, 185 
XY 4 molecules pyramidal, normal vibra- 
tions of, 113 

XY 4 molecules, tetrahedral (see also T,i 
molecules and Spherical top mole- 
cules) : 

activity of fundamentals, 250 
Coriolis interaction in, 44H-, 451ft . 
displacement coordinates in, 165f. 
form of normal vibrations, 99, 100f., 
1 

formulae for normal frequencies and 
force constants: 

on the assumption of central forces, 
165ft. 

on the assumption of valence forces, 
181ft. 

on the assumption of more general 
force fields, 189 

number of vibrations of each species, 
140, 166 

isotope effect, 231, 235i., 307 

correlation of normal vibrations for 
unsymmetric substitution, 288, 
809 

polarizability ellipsoid, 244, 246, 248 
potential energy, 165i., 181, 189 
species of higher vibrational levels, 130 
f i sum rule, 44$ 


XYb molecules, octahedral (see also 
Spherical top molecules), 10, 122f., 
191 

X 2 Y 2 molecules, linear symmetric (see 
also Linear molecules) : 
activity of fundamentals and over- 
tones, 240, 243, 262 
Coriolis interaction in, 376, 379 
effect of anharmonicity on vibrational 
levels, 212, 213 

form of normal vibrations, 119, 181 
formulae for normal frequencies and 
force constants, 1801., 1881. 
potential energy, 180, 188 
rotational constant D, 1 4 
symmetry coordinates, 180, 181 
X 2 Y 2 molecules, non-linear, 185, 191 
X 2 Y 4 molecules, planar symmetrical (sec 
also Vh molecules): 

activity of fundamentals, 240, 243, 259 
activity of overtone and combination 
bands, 262, 265 

calculation of normal frequencies and 
force constants (potential con- 
stants), 150ft. 

on the assumption of valence forces, 
183ft. 

on the assumption of more general 
forces, 189ft. 

Coriolis forces and types of interaction 
in, 467 

form of normal vibrations, 107f. 
isotope effect, 2331. 
moments of inertia, 233 
number of vibrations of each species, 
150 

potential energy and energy levels for 
torsional oscillations, 220f., 225ff. 
potential and kinetic energy, 1511., 
183, 1891. 

symmetry coordinates, 150, 151ff., 190 
symmetry elements, 2, 3 
X 2 Y 6 molecules, eclipsed or staggered, of 
point groups Dzh and Dza (see also 
Dzh and Dza molecules) : 
calculation of normal frequencies and 
force constants, 185, 191 
form normal vibrations, 114, 115f. 
potential energy and energy levels for 
torsional oscillation, 220, 225ff. 
symmetry elements, 2, 3 
f i sum, 405 

X 2 Y 6 molecules, of point group Vh, 185 
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X3Y3 molecules, planar symmetrical, 
normal vibrations, 91, 97 , 116 
X 3 Y 6 molecules of point group Dzh, 191 
X 4 Y 4 molecules, non-planar tub form 
(point group Si), 5, 6 
X 5 Y 10 , planar symmetrical, 3f., 9 
XeY 2 molecules, planar of point group Vh, 
185 

X3Y3 molecules, planar of point group 
Dm, 185 

X 6 Y 6 molecules, planar symmetrical of 
point group Du, 3f., 118, 191 
XYY (<) molecules, isotopes of XY 2 , 2301., 
244 

XY Y 3 (,) , XY 2 Y 2 <'\ and XYsY^, isotopes 
of XY 4 , 2351., 238 

X 2 Y 2 Y 2 (<) isotopic molecules of X 2 Y 4 , 234 
XYZ molecules, linear (sec also Linear 
molecules) : 

effect of anharmonicity on vibrational 
levels, 2111. 

form of normal vibrations, 112, 174 
formulae for normal frequencies and 
force constants, 1731., 191 
fundamentals, 174, 272 
isotope effect, 2.31 

rotational constants D and ot„ 14 , 376 
symmetry elements of, 3f., 7 
XYZ molecules, non-linear: 
displacement coordinates, 141 
form of normal vibrations, 142 
formulae for normal frequencies and 
force constants, 144, 1741* 
isotope effect, 231 

solution of secular equation for, I4H T. 
XYZ 2 molecules, planar (see also Asym- 
metric top molecules) : 

Coriolis forces and types of interaction 
in, 467 

formulae for normal frequencies and 
force constants, 17 9i., 191 
model of, 64 

normal vibrations of, 65ff., 83, 106 
potential energy, 179 
symmetry of vibrational eigenfunc- 
tions, 102 

XYZ 3 molecules, axial (see also Czv and 
Symmetric top molecules) : 
activity of overtone and combination 
bands, 265 

formulae for normal frequencies and 
force constants, 185, 191 
inversion doubling, 230i T. 


XYZ 3 molecules (Cont.): 
isotope effect, 234l> 
moment of inertia, 235 
rotational energy levels for different 
vibrational levels, 4001., 4081. 
influence of nuclear spin, statistical 
weights, 27f., 4101. 

K% values and f * sum, 404L 
XY Z 3 molecules, planar, of point group 
C 2u , 185 

XY 2 Z 2 molecules, linear (D^h), 185, 191 
XY 2 Z 2 molecules, planar, of point group 
V h , 2 3, 185 

XY 2 Z 2 j/ olecules of point groups C 2v and 
C 2 A, 185, 191, 248f. 

X(YZi)r, molecules of point group O, 9, 
lOf. 

X 2 YZ 2 molecules of point group C 2v (see 
also XY-Zo), 240, 259 
X 2 Y 2 Z 2 molecules, planar, of point group 
C 2 ;., 2, 3f. 

X 2 Y 2 Z 2 molecules, planar, of point group 
V h , 184 

Y 

ij,, ijk, displacement coordinates, 61, 68, 
73 

Y 4 molecules, tetrahedral (see also X 4 ), 
100 

Z 

z,, Zk, displacement coordinates, 61, 68, 73 
f, f„ magnitude of vibrational angular 
momentum (sec also Vibrational 
angular momentum), 215, 313, 

40311., 4471., 494 

dependence on potential constants and 
geometric data, 403, 436, 448 
dependence on Vi, 406 
determination of, 436, 4431. 
effect on band structure, 4^0 ff., 443f., 

4541 . , 459 

effect on determination of rotational 
constants, 4351., 45 41 • 
observed values, 438, 455 
for overtone and combination levels, 

4051., 448I. 
sign of, 405, 448 

sum rules for, 404I., 486, 438, 448, 454I. 
f t [rl , f / c , constants of vibrational angular 
momentum, 406, 436 
fa, fa, fa, constants of vibrational 
angular momentum, 375, 404 
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Zero gap: 

absence for JL bands of symmetric top 
molecules, 425f. 

in infrared bands of linear molecules, 
381 

in Raman bands with A K = =fc 2, 443 
Zero lines of bands, see vo and vo Buh 
Zero-order frequencies, 194, #0Jff., 211, 
307 

of CII 4 and CD 4 , 807 
of C0 2 , 276 
of HCN, 280 

of II 2 C and D 2 0, 207 , 229, 282 
in isotope effect calculations, 228ft. , 
232f. 

of N 2 0, 278 


Zero-point energy, 78, 206 

for degenerate vibrations, 80f., 211 
of H 2 O and D 2 O, 282 
in thermodynamic calculations, 512, 
519, 528 

for torsional oscillation, vanishing for 
Vo = 0, 495 

Zero-point energy change in a reaction, 
526 ft. 

Zero-point vibration, 80f., 103, 372, 396f. 

Zero-point vibrational energy, see Zero- 
point energy 

Zero roots of secular equation, 140ft. 

ZnBr 2 , Z 11 CI 2 , zinc bromide and chloride, 
287 

ZXY 3 molecules, axial (see also XYZ* 
molecules), inversion doubling, 220ft 









